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PREFACE 


This volume of Quarterly Transactions is Part III of Volume 60, issued 
in September 1931. It contains the papers and discussions prei^nted at the 
Middle Eastern District Meeting of the A. I, E. E. Pittsburgh, Pa., March 
11-13, 1931 and at the North Eastern District Meeting, Rochester, N. Y. 
April 29-May 2,1931, and in addition, two contributions, "An Electric Analog 
of Friction” by H. H. SldlUng and “Effects of El^tric Shock—11” by W. B. 
Kouwenhoven and 0. R. Langworthy. 

An index of authors appears in the back of the volume. The complete 
subject and authors’ annual indexes of Volume 60 will appear in the December 
Quarterly. 



Bum-OfF Characteristics of A-G. Low-Voltage 

Network Gables 


By GI^OIIGE S1JTHERLAND‘ 

Follow* A. I. K. 10. 


ami D. S. MacGORKLE^ 

AHfiociaho* A. 1. K. E. 


Synopnia*^ ^ThiH paper deftcrthvs te.ds made to determine the 
rhitraefi ristira of the clearance of faults in several types of a--c, low^ 
eattaye network copper-caudactor cahles iustaUed in accordance with 
pres* at standards of nnderyroand construction, and indades a dis-* 
enssion o/ test results toyether with other relative data studied. 
The inresiifjation included the hurniny clear of various types of 
faults in buried non-maynelic sheath cables, and non-metallk 
sheath and lead-covered cahles for duel installation. A com-- 
parttwn is made of the Uurn-off characteristics of the several cable 
construef/ttns and their instnllalums. 

The amount of short-circuit current and leuyth of lime reriuircd la 


clear the diJfererU types of faults in No. 4/0, So0,0n()- and 500,000- 
cir. nnl cables have btuui dvlerniined by lest and by catculalions in 
so7ne instances. Conclusive data ivere not obtained to clear up all 
present coujlicling opinions related to the hiirn-off characteristics 
of a-c, loiu-voUagc 'network cahks. However, a study of the subject 
matter would seem In establish at least a partial basis in regard to 
burn-off characteristics for determining the conductor size of low- 
voltage network mains and the spacing of ntiwork transformers. 
Desirable devdopments for a-c. network cahleH indicated by the 
results of this investigation are emphasized. 

4t Hi )|( * 


, 1. Introduction 

PHRAVION of underground, low-voltage network 
systems, designed to supply continuous electric 
service, has proved t he value of data derived from 
a thorough investigation into the inherent characteris¬ 
tics of a given design to clear faults. The maximum 
redui'-tion of .service outages, prevention of manhole 
fires, explosions and other sy.stem disturbances due to 
th(* occurrence of faults are therefore receiving increased 
consideration of operating and dc.sign engineers. 

The clearing (if faults in the cables of a network 
depends upon; (1) (he relative rates of genera1.ion and 
dissipation of heat in Uie fault and in the cable conduc¬ 
tors joining the fault; (2) physical conditions at the 
fault IfK’ation; and (3) the effect of gases generated if an 
arcing (rondition is established. 

The heat generated in the fault is a function of the 
contact resistance and the square of the short-esircuit 
current flowing into the fault. The heat is dissipated 
principally by conduction and radiation, previous to the 
existence of an arc. The clearance of the fault at its 
initial location will depend usually upon its inability to 
dissipate the heat generated, provided that the relative 
amounts of heat generated and dissipated in the conduc¬ 
tors joining the fault are such that the latter conductors 
will not fail first. The thermal capacity of the fault, 
relative to the heat generated, is in this case less than 
that of the cable conductors. In this class, a high fault 
resistance is associated with a low rate of heat dissipa¬ 
tion. As will be seen from the discussion in this paper, 
particular consideration has been given to this class of 
faults, because most faults occurring in practise first 
exist as a fault of this class. 

If the relative rates of generation and dissipation of 
heat in the cable conductors joining the fault are such 
tha t the fusing temperature is attained in the conduc- 

1. Botli of the New York and Queens Electric Light and 
Power r\)nipany. 

Presented at the Middle Eastern District Meeting of the 
A. I. E. E., Pilishurgh, Pa., March il-lS, WSt. 
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tors before the fault itself burns clear, clearing will take 
place at a location other than the initial location of the 
fault. Relative to the amounts of heat generated in the 
fault and in the conductors, the thermal capacity of the 
fault is greater than that of the cable conductors. 

The cables used generally in the past for low-voltage 
underground network systems have been rubber or 
paper insulated and lead covered. Operating experience 
with low-voltage (115/199,120/208 and 115/230 volts) 
underground systems of standard construction, and 
previous tests, prove that faults between the lead sheath 
and a conductor have cleared instantly or within a few 
seconds with little injury to the faculty cable and gen¬ 
erally no serious injury, if any, to adjacent cables. 
Previous testa have shown also that a copper-to-copper 
fault, in network systems of phase-to-phase voltages of 
the order of 208 volts, formed by loosely wrapping the 
conductors with binding wire, or by a spike as large as 
% of an inch in diameter, being driven into stranded 
500,000-cir. mil conductors will usually clear in a short 
interval of time (less than 30 .seconds) with a total 
minimum value of current of approximately 2,600 am¬ 
peres or gi’eater (within certain current limits depending 
on cable construction). The quick clearance of the 
faults depends to a great extent on the relative positions 
of the cables in the duct at the fault location. It seems 
questionable at present as to whether the greater num¬ 
ber of explosions and manhole fires occurring in network 
systems have been due to ignition of sewer and escaped 
illuminating ga.ses or gases generated from cable mate¬ 
rials subjected to short-circuit conditions. One prelimi¬ 
nary study'-* has indicated that most explosions occurring 
during a five-month period of careful observation were 
probably due to the volatilization of cable or joint insu¬ 
lation and rapid combustion due to the intense heat 
of the electric arc. 

The use of cables suitable for burying in the ground 

2. “Study on Failures in Low-VoUago Network Cables/' 

by J, M* Comly, Brooklyn Kdison Company, Ine., and f. A. 
IsioHugh, The New York Edison Company,. 
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without conduit for low-voltage network distribution is 
a new field of distribution engineering in this country. 
The bum-off characteristics of this cable, made up in 
several tjrpes of constraction and installed under several 
proposed conditions, were unknown previous to the 
making of tests described herein. Before the installa¬ 
tion of any buried cables in a network system, even as an 
experimental investigation, it was desirable that tests 
be made to determine the clearing of faults which might 
occur at rare intervals in such a system. 

II. Scope 

An attempt has been made to determine the bum-off 
characteristics of cables installed under actual service 
conditions. A total of 86 tests was made to check 
some of the results of previous investigations, and in 
addition, to determine the advantages or disadvan¬ 
tages of new cable constmctions installed under several 
conditions. 

Copper conductor cables with various insulations and 
coverings were used for test. It is recognized that other 
pure metals or metal alloys may have better bum-off 
characteristics than copper. Cables with conductors of 
metal other than copper constitute a field for a separate 
investigation, and are not further discussed in tTiig 
paper. 

It has been the purpose of this paper to study the 
bum-off characteristics of the several types of copper- 
conductor cable under consideration with special 
emphasis on the following: 

1. The amount of current and length of time re^ 
quired to bum clear copper-to-copper and ground faults 
representative of those occurring in practise in the types 



and sizes of cables proposed and commonly used for a-c. 
underground low-voltage network distribution. 

2. A comparison of the self-clearing of three-phase, 
phase-to-phase, phase-to-neutral, and ground faults in 
the several types of cables tested. 

3. The relative bum-off characteristics of multiple- 
conductor and single-conductor buried cables. 

^ 4. The effect on bum-off characteristics of the spac¬ 
ing of buried cables. 

5. The amount of flame, smoke and gas due to the 
cable i^ation and covering burned under short-circuit 
conditions 


6. The advantages, if any, of paper insulat iini com¬ 
pared with mbber insulation. 

7. The bum-off characteristics of non-nictallic 
sheath cables for duct installation compared with Iisad- 
covered cables. 

8. The burn-off characteristics of lead-imverei 1 cables 
in fibre duct, tile duct, and iron pipe. 

9. A comparison of the explosibility of gases gen¬ 
erated in the duct line under the conditions of Item <S. 

III. Test Equipment 

Provision was made for isolating a 13,200-vo]i fts-der 
connected to an isolated sub.station bus secti{»n t(j which 
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a-c. 60-cycle power was .supplied. The voltage was 
reduced to 4,000 voll«, phase-to-phase, through a 4,800- 
kva. oil-insulated, self-cooled transformer. Between 
the 4,000-volt bus and the 4,000 2:«)-volt network 
transformers, the .secondary terminals of wliicdi were 
connected to the low-ten.sion test circuit, were connected 
three single-phase ten per cent voltage regulators* 'I’he 
distance from the 4,00()-volt substation bus to the tu!!- 
work transformers was approximately .‘500 circuit-feet . 
The network transformers, consisting of t wo :!0t)-kvu. 
and eight l.'iO-kva. Iramsformers, were connected fijr 
some of the te.sts, as shown in Fig. 1, .so that 000 kva. 
capacity supplied power to each side of th(! fault, in t he 
test cable. This test .set-up is nearly equivalent to a 
network layout for city blocks, 200 by 1,000 ft., having a 
300-kva. transformer installed at each intei’seclion and 
a fault at the center of the long side of the block. 

Cable reel reactors, water-cooled wire resistors, tFig.2; 
and spaced lengths of cable were used in stweral com¬ 
binations to limit the short-circuit current to the desired 
values. High-speed graphic ammeters, mounted on a 
temporary wooden panel, were used for recording 
current values. The secondary bus voltage of the 
transformers was determined by means of indicating 
voltmeters. 

Each test length of buried cable was located approxi¬ 
mately 18 in. beneath the surface of the ground. When 
the cables were spaced, the neutral weatherproof, 
braided conductor was placed at one side of the trench 
and the three cables for buried installation were laid in 
parallel positions. The length of buried cables subject 
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to burn-off was approximately 17 ft. Various joints 
and service taps, simulating field conditions were made 
in the lengths of cable under test. 

The cables for duct installation were pulled into four- 
inch ducts between distribution boxes, made for test 
purposes and located approximately 75 ft. apart. These 
boxes were approximately 24 in. wide and 28 in. in 
depth and length. They were equipped with standard 
reinforced concrete covers. Standard three-way joints 
were made in the boxes at one end of the test length. 
At the other end the cables were not spliced, but were 
pulled directly through the boxes (Fig. 10). 

The various types of faults and cable constructions 
tested will be described under the heading, Discussion 
and Analysis of Test Results. 

IV. Test Procedure 

All signals for control operations were given by the 
blowing of a whistle, a code having been agreed upon for 
each operation. 


tor cables constructed as indicated in Pig. 3a. Three 
teste were made on five-conductor cables constructed 
^ indicated in Kg. 3b. As shown in both figures, the 
insulating material was a rubber compound. In both 
constructions, the maximum separation of phase con¬ 
ductors was 0.3 in., the minimum separation, 0.2 in. 

A heavy iron clamp, squeezing the conductors (No. 
4/0 phase conductors. No. 2/0 neutral) together, the 
insulation and covering having been removed through¬ 
out a length of approximately six inches, was used in 
maldng the faults in four teste. This produced a fault 
^ving a thermal capacity, relative to the amount of 
heat generated, greater than that of the cable conduc¬ 
tors. Consequently, at values of total initial short- 
cirmt current of approximately 4,000 amperes these 
faults did not clear; but the insulation was charred 
throughout the test length between the joints, and 
failure tended to take place at the joints where two or 
more conductors joined the one at fault. 


The graphic meto charts were placed in operation 
before the oil circuit breakers in the test feeder were 
closed so that a complete record of current values was 
obtained. The secondary bus voltage of the network 
transformers was read from the indicating meters in 
order to detect any trouble that may have developed in 
the test equipment, and to provide comparative data 
for an analysis of results. The bus voltage in the sub¬ 
station was also noted throughout each test. 

Careful observation was made of the flames, smoke 
and explosion, if such occurred. 

Each test length of cable was carefully inspected after 
the tests were completed to determine the condition of 
the insulation and coverings, and the location where 
clearing took place. ' 

Samples of gas, generated in representative tests on 
cables in ducts, were collected by means of high per- 
centege rubber tubing and inverted bottles of water 
during the arcing conditions. Analyses of these samples 
were made for comparative purposes. 

The short circuit was energized in all teste, except 
two, until the fault was cleared. 

V. Discussion and Analysis op Test Results 
After making several teste in which cable reel reactors 
Were used to limit the short-circuit current, it was sug- 
g^ed that the highly inductive circuit might possibly 
Sid the ^tenance of the arc. Accordingly, tests were 
Hiade using long cable leads to limit the current. Re¬ 
sets indicated that the high inductance of the test 
Circuit first used did not affect the are at the low test 
Woltage, 133/230 volts, and .with those values of current 
^Jsed. The ratio of calculated resistance to the calcu¬ 
lated reactance of the test circuit varied between the 
^.pprofflmate limits of 0.20 and 0.70. This question was 
^ot given any further consideration in the remaining 
tests conducted. 

Tests on Multiple-Conductor Buried Non-Magnelic 
'Sheath Cables. Eleven tests were made on five-conduc¬ 


At values of total current, approximately 11,000 


Pig. 



3—Two Types of Consteuction op Five-Conductob 
Btjbied Non-Maonbtic Sheath Cables 


Note: 


1— No. 4/0 copper conductor, 19 strands 

2— No. 2/0 copper conductor, 19 strands 

3— ^No. 6 copper conductor, 7 strands 

4— Special rubber compound 
6—Rubber-filled cotton tape 

6— ^Weatherproof cotton braid 

7— Impregnated jute filler 


8— Saturated asbestos braid 

9— ^Paper separator 

10— Sii^l braid 

11— Helically applied jute wrap 

12— Impregnated fabric tape 

13— ^Lapped bronze tape 

14— ^Impregnated fibre tape 


amperBs flowing into the fault, there was such concen¬ 
tration of heat at the edge of the clamp that fusing of 
the conductors took place, causing failure before the 
insulation between conductors in the adjacent lengths 
of cable was destroyed enough to allow a progression of 
the fault. Clearing of the fault took place at this value 
of current in approximately 36 seconds. 

In one test, a pneumatic cable stabber was used to 
produce a fault in an energized test length of five-con¬ 
ductor cable. Fig. 3a. The blade of the stabber severed 
the cable except for a small section of the covering on 
one side. The total values of initial short-circuit 
current in the three-phase conductors and neutral were 
2,000,1,280,1,600 and 800 amperes, respectively. The 
fault cleared instantly, approximately an inch of the 
blade being destroyed by the are. 

A fault w^ also produced in the test length of cable 
mentioned in the foregoing paragraph by driving a 
bullpoint into it. Clearance took place instantly, the 
total initial values of short-circuit current in the phase 
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conductors being 1,900,2,200 and 2,500 amperes. It is 
reasonable to assume that a fault produced by driving a 
pick axe into the cable would clear in a similar manner. 

Another fault was made in a test length of cable of the 
construction indicated in Fig. 8a by baring the conduc¬ 
tors and arranging a 2 by 4-in. plank so as to force the 
conductors together when the plank was struck with 
a sledge hammer. The insulation between conductors 
to be short-circuited was removed throughout a length 
of approximately two inches. This method produced a 
contact between conductors and a phase-to-phase fault 
of this type cleared in 20 seconds with a total value of 
current varsnng from 0 to 2,480 amperes. A second 
test on the same cable with a two-phase-to-neutral 
fault, made in the same manner, failed to clear at the 
point of fault with a total value of current of about 
3,800 amperes. It seems that a point contact was 
formed in the first ease, which was cleared easily with 
the low value of current. But, in the second case, a 
fault of greater contact surface than that of a point 
contact must have been formed; and the current ob¬ 
tained was not sufficient for clearing. Also, it was 
posable that the collection of molten copper established 
a metallie path between conductors, which resulted in 
burning the insulation throughout the length of the test 
cable, making subsequent dielectric breakdown easy. 
In the latter test, an arcing condition was produced 
which existed approximately 36 minutes until nearly the 
entire length of the test cable was destroyed. 

Two tests on multiple-conductor cables were made 
with the conductors grounded to a water pipe which was 
connected to the city mains. A fault made by groxmd- 
ing one of the phase conductors and the neutral on the 
water pipe cleared in approximately two minutes at the 
location of the fault with a total value of current, 
remaining nearly constant, of 3,760 amperes. There 
was considerable arcing and emission of steam due to 
water, from the hole burned in the pipe, coming in 
contact with the are. The fault was entirely submerged 
in water before clearing took place. The other phase 
conductors wa:^ not involved in the fatilt. In the 
second test in which one phase conductor was grounded 
to the water pipe, the maximmn current obtained during 
the test had a total value of 2,900 amperes. This fault 
did not dear due to the low value of current (approxi¬ 
mately 400 amperes) that resulted during the first 9.6 
^nutes of the eleven-minute period that the circuit 
breaker of the test feeder was left dosed. 

In the majority of the tests, the fault was made up by 
baring the conductors for a length of about six inches, 
foremg them together, and taping tightly overall with 
friction tape to hold the conductors in contact and 
Mmpletely covering the bared portion of the conductors. 
This method gave a contact length between conductors 
of approximately three inches. This is probably the 
worst t 3 q)e of fault that woidd occur initially in the 
ow-voltage mains of a network system, except when a 


fault is produced by mistake in making connections to 
the network switch (or similar operations), or when the 
insulation and covering may be charred throughout a 
considerable length of cable by low values of short- 
circuit current, allowing the conductors to come in 
contact. Unless otherwise stated, faults mentioned in 
the discussion which follows will be assumed to be of 
this type (three-inch contact fault). 

A three-phase-to-neutral fault in five-conductor cable 
of the construction indicated in Fig. 3a burned for 42.5 
minutes with a total initial value of current of 3,200 
amperes. Another burned for 36 minutes with a total 
initial value of current of approximately 3,900 amperes. 

Five bum-off tests were made on foTir-conduetor 
buried cable containing three No. 4/0 phase con¬ 
ductors and one No. 2/0 neutral; and two bum-off 
tests were made on three-conductor buried cable con¬ 
taining three No. 4/0 phase conductors, with a single¬ 
conductor, No. 2/0 weatherproof braided cable as a 
neutral. Test results obtained with these two latter 
t 3 rpes indicate that the bum-off characteristics are the 
same as for the five-conductor buried cables tested 
under the same conditions. The latter statement is 
supported by the following data. A test length of 
four-conductor, paper-insulated cable with a three- 
phase-to-neutral fault burned for 36 minutes with an 
initial value of total short-circuit current of 6,200 
amperes; and cleared in the splice box at one end of the 
test length, and at the point where the test leads were 
connected at the other end. Similarly, a test length of 
the three-conductor cable burned for 23 minutes with an 
initial value of total short-circuit current of 4,800 
amperes. 

The four-conductor cable was insulated with sulfi- 
nated oiled paper. The three-conductor cable was insu¬ 
lated with a rubber compound of the same composition 
as that of the insulation of the five-conductor cable, 
Fig. 3a. The separation of conductors in both con- 
stractions was the same as that of the five-conductor 
cable. 

From the tests made on the multiple-conductor 
cables, &e data obtained indicate that, with values of 
total initial short-circuit current of 6,200 amperes and 
less flowing into the fault, self-clearing of the fault is 
very unsatirfactory; and when an arcing condition has 
been established, the fault tends to progress from its 
initi^ location, completely destroying the cable and 
lea-^g molten metal in the earth where the cable was 
buried. The detraction of the cable produced by such 
an arcing condition is indicated in Kg. 4. 

For values of total initial short-circuit current be- 
tw^n 4,000 and 6,500 amperes clearance under such 
arting conditions usually takes place at joints where two 
or more conductora join the one at fault. Without 
actual test data available, it is difficult to predict what 
mimmum value of current is required to dear an arcing 
fault in the multiple-conductor cable; but, it is evident 
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from the data obtained that such value of current is 
higher than the corresponding value for single-conduc¬ 
tor buried cable, as shown from information which 
follows. 

With the cables buried approximately 18 in. beneath 
the ground surface and with no protective covering, 
arcing faults produced flames of a maximum height of 
nearly 5 ft. above the ground. Smoke and volatilized 
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materials were blown from the holes in the soil formed 
by escaping gases. 

Single-Cmdmlor Buried Non-Magnetk Sheath Cables. 
Following are the constructions of single-conductor 
buned non-magnetic sheath cables tested for bum-off 
characteristics and the number of tests made on each. 

No. of 

C!ous(ru(il.ion 1'oHts 

I. No. 4/1)ooppor <?omlu<4.or, 10 strands 
80 mils of 30 pnr riibbor (Hmipoutid 
Ono wrap of doublo-facdtl rul»bordiUod cot- 
ton tajm 

Two wraps of larrod Juki appHod in rovorsc^ 
dirootioris sorvcsl with asphalt compound 
Ono troatod burlap wrap, in iY?vurso direction 
to last jiitn wrap 

Two wraps of baavy aspbalksl jiilt* 

Soapstoiio finish. 

2. No. 4/0 copper con(luct(»r, 19 strands 
80 mils ol 30 per cent rubber conipcnind 
One wrap of singln-faced rubber-filled notion 
tape 


network carles , 

c 

No. of 

Construe tiou Tests 

3. No. 4/0 copper conductor, 19 strands 
110 mils of special rul>ber c<mipound 

One wraj) of sinjrle-faeed rublHT-lilled cotton 
taj)o 

5 mils of bronze tape 

Servo of tar pitcli 

Two wraps of liber tape 

Serv(^ of t.ar pitcli 

One wrapof jnte 

Special Uaini^-proof (n^mpound 

Soap.stone finisli. 5 

4. No. 4 /0 copper conductor, 19 si rauds 
80 mils of 30 per cent riililior compound 
125 mils of (U) per ciuit ruliiitu' compound 

fi. No. 4/0 copjmrconductor, 19 sirauds 

80 mils of special inti'rmmliato rubhm* com¬ 
pound 

Oiu) wra() of sinfj:le-fm*ed rubber-filled cotton 
tape 

Serve of aslu^stos base caulk 

Imfirt^ffiiated asbestos braid 

Servti of asbestos base caulk 

Two wraps of non-bydroscopje kraft armor 

Serve of asbestos base caulk 

One wrh]) of aspluilkul jute 

Serve of special finishing compound 

Soapstone finish. 5 

0. No. 4/0 copper conductor, 19 strands 

20 mils of vulcanized sullinai ud oiled paper 
One wrap of single-faced rubber-filled cotton 
1 ap(^ 

limuaiiuh^r of coverln^jf, same as Nj). 5 . 12 

7. No. 4/0 copper conductor, 19 strands 
SO mils <»f 30 per cent rubb(‘r com pound 

Om wrap of single-faced rubber-filled cotton 
tape 

Oo mils of 40 per cent rubber compound 

< )ue wrap of irnpre^rnated burlap tape 

Serve of special asplialt (*.ompound 

Ono wrap of impregnated burlap 1 ape 

Soi*ve of special asphalt compound 

One wrar> of impregriaU^d duck tape 

Servo of special finishing com f>ou ml 

Soapstone flnisii. 3 

8 , No. 4/0 copp( 5 r condmdor, 19 .strands 
80 mils of 30 per cent rubbe^r compound 
One wrap of single-fiwied rubber-filled cotton 

tape 

Sorvfi of special asphalt compound 
Om? wrap of tar paper tape 
Serve of special asphalt compound 
One impregnaled liurlap tape 
Servo of special asphalt comimuud 
One imrjregnated burlap taixi 
Serve of special asphalt compound 
One impregnated duck tape 
Serve of special finishing compound 
Soapstone finish. 


Serve of luiavy a.sj)halttirn compound 
Om^ wrap of asphalted jute 
Two ruhher-fillod fiber armoring tapes 
Serve of Jieavy asphaLtum compound 
One wrap of jute .saturated with asphalt com¬ 
pound 

Soapstone finisli. 


The greater number of these tests were made with the 
thr^ No. 4/0 phase cables and a No. 2/0 weatherproof 
braided neutral cable placed at random in the trench 
and buried. These tests were made in both wet and 
relatively dry soils. The fault was not submerged in 
water in any of these tests. 
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The results indicate that, with the No. 4/0 single- 
conductor buried cables spaced approximately 1.5 to 2 
in., cover to cover, a total minimum initial value of 
current of approximately 6,000 amperes, in the test 
circuit used, is required to clear satisfactorily the three- 
inch contact fault. (Fig. 6). The clearing time re¬ 
quired with this value of current may generally be 
expected to be in the order of one minute. 

With total values of initial short-circuit current 



PtG. S- SiNGLE-CoNDUCTOH BdRIED CaBLES SHOWING PaTTI,T 

Clbabed at Initial Location 

Total value of current of 5,800 amperes cleared fault In 40 seconds 

somewhat less than 6,000 amperes and with the cables 
buried together at random, it was found that long time 
arcing conditions were generally produced. The clear¬ 
ing action under such conditions was usually found to be 
the same as that experienced with the multiple-conduc¬ 
tor buned cables. When no protective covering was 
used with the lower values of current, flames broke 
through the ground to various heights, the maximum of 
which was ten feet. These flames were burning gases 
from the cable coverings and insulation and continued 
to bum as long as the arc produced such gases. 

In order to obtain some indication as to the flampg 
and smoke due to burning of the insulation and cover¬ 
ings and the effect ■ of the 'gases, so produced, on the 
clearing action of the fault, two tests were made on 
No. 4/0 bare conductors buried in the ground. In one 
te^, the conductors were buried in a relatively dry 
mixture of clay and sand with a spacing between con¬ 
ductors of 1 to 1.6 in. A three-phase-to-neutral fault 
cleared in 6 min. and 20 sec., approximately one foot 
on each side of the location of the initial fault, with a 
total initial value of current of 5,000 amperes. A 
second test was made with the conductors spaced and 
buried. in relatively dry loam soil containing some 
cinder and waste material. A three-phase-to-neutral 
fault cleared in six and one-half minutes, at points 
approximately 18 in. on each side of the location of the 
initial fault, with a total initial value of current of 
6,000 amperes. No smoke or flame broke through the 
ground during either of these tests. 

It seems that the conductors at the fault location, 
in these two tests, must have been heated to a fused 


state and an arc was formed which must have aided in 
clearing away the metallic path between conductors. 
In the case of insulated conductors under the same 
conditions, the insulation would probably be carbonized 
at this value of current which would aid the existence 
of the fault. Therefore, because of the carbonization 
of the insulation and covering of a completed cable 
under the same test conditions, gases are not generated 
in any appreciable quantity in the presence of the arc. 
Hence, it seems that the gases are not present in suf¬ 
ficient quantity to aid in extinguishing the arc by their 
deionizing® effect. 

When an arcing condition exists, causing a progres¬ 
sion of the fault, clearing •will usually take place at the 
point where two or more cables join the one at fault. 
If the joints of all conductors are enclosed in one 
junction box filled with an asphaltic compound, the 
compound is ignited when exposed to the arc and aids 
in sustaining it. When each joint is enclosed in a 
separate junction box as indicated in Fig. 6, clearing 
may be expected to take place at such a location. 

Spacing the cables in the trench will reduce the period 
of burning considerably, since this condition makes it 
more difficult for the arc to subsist; and also, it aids in 
preventing the spread of single-phase faults to the other 



Pig. 6—^Method of Making Service Connections to Buried 

Cables 

phases. It was found that the separation between 
cable coverings must be at least 1.6 to 2 in. to improve 
appreciably bum-off characteristics. 

A 2 by 10-inch creosoted yellow pine plank located 
and buried about two inches above the cables pre¬ 
vented flames from bursting through the surface of the 

3. Arcs in Low-VoUage A-C, Networks, by J. Slepian and A. P* 
Strom, see page 847. 
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^ ® covering in a network system has the 

additioi^l advantage of protecting the buried cables 
against injury from the tools of workmen. 

Some tests were made with the cables buried in rela¬ 
tively dry soil, and other tests were made under the 
same ^nditions except that the soil was water-soaked. 
No difference in bum-off characteristics under these 
two conditions was observed. 

As accurately as could be determined from the test 
r^ults, the amount of current and time required for 

clearing was the same for the several constructions 
tested. 

s^ples of constructions, 3, 5, and 6 show 
mat these three buried non-magnetic sheath cables 
contained less inflammable material than that in the 



Fig. 7 Typical Ghauts Showing Variation op Current 
During Part op Short-Circuit Period 

other makes tested, and therefore produced less smoke 
and flame under short-circuit conditions. 

As accurately as could be observed, tests made on 
constructions 5 and 6 indicated that the vulcanized 
sulfinated oiled paper insulation of the latter cable 
possessed no advantage in bum-off characteristics over 
the rubber insulation of the former, the coverings being 
the same in the two cables. 

There are not sufficient test data on constmction 3 to 
determine whether or not the bronze tape has any effect 
upon the bum-off characteristics. It seems probable 
that the bronze tape in the covering would help to pre¬ 
vent the spreading of single-phase faults into other 
phases, if the heat of the burning conditions is not too 
intense. The melting point of bronze is approximately 
900 deg. cent. 

Representative test data supporting the foregoing 
discussion on burn-off characteristics of single-conduc¬ 
tor buried cables are included in Table I. 

^ In Mg. 7 are shown two sections of meter charts, 
indicating typical current variations during the short- 
circuit period. 

Single-Conductor Cables for Duct Installation. Fol¬ 
lowing are the cable constmctions for duct installation 
which were tested for bum-off characteristics and the 
number of tests made on each. 
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No. of 

Construction Tests 

A. Non-Metallie Sheath Cables 

1. No. 4/0 copper conductor 19 strands 
80 mils, 30 per cent A. S. T. M. rubber 
compound 

One single-faced rubber-filled cotton 
tape 

Weatherproof cotton braid. 4 

2 , No. 4/0 copper conductor, 259 strands 

15 mils of felted asbestos 
Three varnished cambric tapes 
30 mils of felted asbestos 
45-mil asbestos braid. 2 

3, No 4/0 copper conductor, 19 strands 
80 mils of intermediate rubber com¬ 
pound 

One double-faced rubber-filled cotton 
tape 

Serve of asbestos base caulk compound 
60-mil, saturated asbestos braid 
Serve of asbestos base caulk compound 
70-mil, saturated sisal braid 
Flameproof moisture resistance com¬ 
pound. 2 

4. No. 4/0 copper conductor, 19 strands 
5 mils of vulcanized sulfinated oiled 

paper 

One double-faced rubber-filled cotton 
tape 

(Remaining construction same as con¬ 
struction 3). I 

B, Lead-Covered Cables 

1. No. 4/0 copper conductor, 19 strands 
80 mils, 30 per cent A. S. T. M. rubber 

compound 

One single-faced rubber-filled cotton 
tape 

80 mils of lead. 0 

2 . 350,000 cir. mils, copper conductor, 37 
strands 

95 mils of oiled paper 

95 mils of lead. 4 

3. 500,000 cir. mils, copper conductor, 37 
strands 

95 mils of oiled paper 

95 mils of lead. 7 

In each of these tests, three single-conductor phase 
cables of the construction under test and the bare 
neutral conductor were pulled into the 75-ft. duct 
length installed approximately two and one-half ft. 
beneath the surface of the ground. No. 4/0 neutral 
conductors were used with the 350,000- and 500,000- 
cir. mil phase conductors, and a No. 2/0 neutral with 
the No. 4/0 phase conductors. In none of these tests 
was the fault submerged in water. 

The results obtained from tests on the non-metallic 
sheath cables do not disclose any particular advantage 
^ any one of these t 3 rpes, as compared to the others. 
The amount of smoke, flame and disturbance produced 
in each case indicated the same relation to the clearing 
value of current required. The tests were insufficient 
in number to supply conclusive data on which to base 
a thorough comparison with lead-covered cables 
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TABLE I—REPRESENTATIVE DATA PROM BXJRN-OPP 


Duration of 





Ourrent flowing into fault-amperes 





. current 

One side of fault from bus No 

• ^ 

Other side of fault from bus No, 2 


Total 


Min.—sec. 

A 

B 

C 

Neutral 

A 

B 

O 

Neutral 

A 

B 

O 

Neutral 

5—24... 
27—36,.. 

.. 2,120. 

. .0-1,300. 

.. 2,290., 

. .0-1,850.. 

.. 2,130... 

..0-1,980_ 

. 0 . . . 
.0-670... 

. 2,060., 
.0-1,270.. 

.. 2,240, 

..0-1,170. 

. . . 2,060. . 
. .0-1,200.. 

. . 0 .. 
...0-600.. 

.. 4,170.. 

. .0-2,670.. 

.. 4,530. 

..0-3,020. 

.. 4,190.. 

. .0-2,680.. 

,. 0 
. .0-1,270 

3—0... 

., 0 . 

0 .. 

,. 0 _ 

. 0 . . . 

. 0 .. 

.. 0 , 

. , 0 .. 

... 0 .. 

0 .. 

.. 0 

.. 0 .. 

0 

36— 0 













Momentary.., 
10— 0... 

.. 2,680. 
..0-1,000, 

. . 2,440.. 

. .0-1,050.. 

, 2,500.,.. 

., 0-800..., 

0 . . . 

0 . , . 

. 2,560.. 

. 0-800.. 

.. 2,440. 

.. 0-800. 

.. 2,640.. 

.. 0-800.. 

... 0 .. 

. . 0 

. . 6,140.. 

. .0-1,800.. 

. 4,880. 

..0-1,850. 

. . 5,140... 

. .0-1,600,., 

0 

.. 0 

10—30.... 

.0-1,000. 

. .0-1,060,.. 

.. 0-800.... 

0 . . , 

0 .. 

.. 0 . 

.. 0 .. 

. . 0 .. 

. .0-1,000.. 

. .0-1,050. 

. . 0-800.., 

0 

3— 0.... 

.. 0 , 

.. 0 .. 

.. 0 _ 

0 . . , 

. 0 ., 

.. 0 . 

. . 0 ... 

... 0 .. 

.. 0 .. 

.. 0 . 

.. 0 .., 

.. 0 

23^0 













0—40_ 

. 2,520. 

.. 3,060.. 

.. 2,930_ 

400. . . 

. 2,980., 

.. 3,120. 

.. 2,760... 

.. 0 

.. 5,500.. 

.. 6,180. 

. . 5,690... 

. 400 

5—20.... 

0 

., 0 ... 

,. 0 _ 

0 ... 

. 0 .. 

0 . 

.. 0 

.. 0 ... 

. 0 

.. 0 

0 ... 

0 


6 — 0 _ 

1—See Pig. 1 


However, in addition to valuable data obtained, the 
proper lines of development in such cable constructions 
are indicated. 

A four-inch fiber duct was used in all of the tests 
involving No. 4/0 phase conductors. 

The results obtained from the tests made on No. 4/0 



PiQ. 8 SlNQIiB-OoNDUOTOE CABLES IN DuCT SHOWING PaVLT 
Clbabbd at Initial Location 

Total value of current of 6,000 amperos cleared fault inetautly 

rubber insulated, lead covered cables were essentially 
the same as those obtained on the No. 4/0, non- 
metallic sheath types. A total minimum initial value 
of current of approximately 6,000 amperes is required 
to clear the three-incb contact fault at its initial location 
in any of those types of No. 4/0 cables when tested 
under the conditions described, Fig, 8. Results indi¬ 
cate that the clearing time would rarely exceed one 
minute for this value of current. When the fault 
failed to clear at the initial location, the cables between 
the distribution boxes were for the most part destroyed, 
Fig. 9. The greato separation of cables in the dis¬ 
tribution boxes, and the tension at the duct edge due 
to the short length of suspended cable must have aided 


clearing which generally took place at these points with 
values of total initial current of approximately 4,000 
amperes. 

The four tests made on construction B, 2, 350,000- 



Fig. 9—Remains of SiNGLB-CoNDtrcTOB Cables and Ducts 
After Test 

Left—Total value of current varied between 0 and 5,000 amperes for a 
period of 11.5 minutes 

Right—Total value of current varied between 0 and 3,000 amperes for 
a period of 21.5 minutes 


dr. mil paper insulated, lead-covered cable, indicate 
that the three-inch contact fault in cables of this con¬ 
ductor size and t 3 rpe requires a total miniTunni iTiitial 
value of current of approximately 8,000 amperes at 
133/230 volts for dearing at the initial location; and 
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Duration of 
short-circuit ■ 
current 


Bus voltage 


Bus No. 1 ■ 


Bus No. 2 


Min.—sec. A-B B-O 0-A A-B B-0 O-A 


Test remarks 


Description of cables and 
fault (See page 5 for 
cable construction) 


Results 


5—24.., 
27—36.., 


3— 0... 

36— 0 

Momentary 
10 — 0 ... 
10—30... 

3—0... 


23—30 


’ m'' Ml ■ ■ 2M " 2 «■ ■ ■ ■ o?! ■ constaat.Construction No. 6.Fault 

. iuu.. 201 .. 200.. 215.. 212.. 214. Min. . Period, of arcing. —————— 


Time allowed for fault to re¬ 
establish. 


Phase conductors and neutral 
short-circuited. Taped fault. 


was cleared at point one 
foot ft*om joints at one end and 
just beyond joints at other end 
of test length. Cables destroy, 
ed and flames broke through 
ground to height of 3 feet be- 
tween points of clearance. 


:fll: fao; °°°^ettonNo.5. clearance took Place at pointone 

F^t WM cleared on side fed Phase conductors and neutral one side and*at^*^tat*tluw 

. short-drculted. Taped fault... .feetfrom the initial fault on the 

broke 

through ground to a height of 3 
feet. 


0—40... .214. .214. .214. .214. .212. .212.Max. Current nearly constant. 

5— 20....172..172..172..194..192..192.Min. Time aUowed for fault 
_ establish. 

6 — 0 


*.Construction No, 6.Fault was cleared at 

--—~ location. 

to re- Phase conductors and neutral 
short-circiilted. Taped fault. 


thRt the clearing time is in the order of one minute or 
less. These tests were also made with the cables in¬ 
stalled in four-inch fiber duct. 

Test results show no difference in bum-off charac¬ 
teristics of 600,000-cir. mil rubber-insulated, lead- 
covered cables in fiber and tile ducts; and the data 



Pig. 10—^DisTRiBtmoN Boxes at One End op Dtrcr Section 

Asbestos board partitions removed. Cables were subjected to values 
of current below the clearing values of 3-lnch contact fault 


satisfactorily clear the three-inch contact fault in 
SOOjOOO-^ir. mil cables in approximately 1.26 min. or 
less. Figs. 10 and 11 show tiie condition of cables 
subjected to short-circuit currents less than the mini¬ 
mum clearing value of the three-inch contact fault, 
except Test 83, Pig. 11, in which test the total short- 
circuit current was approximately 10,000 amperes. 

No attempt was made in these tests to determine the 



1 iG. 11 ^5W,000-CiH. Mil Papbb-Insulatbd Lbad-Covbbed 
Cables Bemoveo pbom Ducts Apter Test 

1 “bles of Test No. 88—total value of current of 10,400 amperes 
cleared Uiree-mch contact fault in 1.26 minutes. Kem^ning cables shown 
^ Initial values of current between 7.300 and 9,000 


obtained indicate no difference in burn-off characteris¬ 
tics of 600,0()0-cir. mil cable in fiber duet and iron pipe. 
However, there are not enough data to state conclu¬ 
sively the difference in bum-off characteristics between 
the two latter constractions. These test results indi¬ 
cate that a total minimum initial value of current of 
approximately 10,000 amperes at 133/230 volts will 


maxunum values of current at which arcing faults in 
the several <^ble constractions might be extinguished. 

The dearing of only one ground fault in lead-covered 
cable, conductor-to-sheath, was tested. This fault 
was made by driving a screw into the cable and was 
cleared instantly. A study of available operating and 
test data shows that ground faults between the conduc- 
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tor and sheath of lead-covered cables have cleared in all 
instances. The extensive tests made by the Siemens- 
Schuckert Company^ show that such faults will clear in 
a 243/420-volt network system. 

The moving of cables, installed in ducts, due to 
magnetic forces under short-circuit conditions depends 
upon the relative sizes of the cables and duct. In a 
smaller duct the cables have less chance to separate and 
therefore the arc may take longer to be started and the 
fault may progress throughout a greater distance. 


what less than the minimum clearing values, it was noted 
that the lead sheaths of the lead-covered cables in many 
cases were mostly melted otf the phase conductors. 
This was due to heat, produced partly by induced cur¬ 
rents in the sheath and also by the wattage loss in the 
conductor. 

Sanjples of gases were collected from the duct line 
during two of the tests in fiber duct, and one in tile 
duct. An analysis was made of these gases, the results 
of which are shown in the following table: 


TABLE II—ANALYSIS OP GASES COLLECTED PROM DUCTS AND DISTRIBUTION BOXES DURING TESTS 


Beiatlve Percentage of Each Gas 


Constituent gases evolved 

Test No. 81 
east end D. 

Test No. 84 
east end D. B.^ 

Test No. 84 
center of duct line 

Test No. 85 
east end D. B.’ 

Test No. 85 
west end D. B.^ 

Kind of duct. 

Carbon dioxide. 

Unsaturated hydrocarbons.. 
Oxygen. 

. 1.0. 

. 0.4. 

..20.3. 

.• 0,8. 

lA A 

. 7.7. 

. 1.8. 

. 7.7_ 

. 1.9_; 

. 2 1 

Carbon monoxide.... 

Nitrogen. 

1. D. B. » distribution box 

. 0.7. 

.77.6. 


.11.8. 

. 3.3. 

.75.4. 

.13.0. 

.74.1 _ 

.74.1 


As the duct size for a given group of cables is deceased, 
a condition is reached finally where the construction 
simulates multiple-conductor cables. 

Rust, grease, and foreign material on the inside sur¬ 
face of an iron pipe, being an insulator, might in many 
cases prevent grounding of a phase conductor, the 
insulation and coverings being burned away, if the are 
has not previously burned this coating on the duct 
wall. However, no data have been obtained which 
prove the practical aspect of this statement. 

It has been suggested that the resistance of the cupric 
oxide form^ on the bare conductors, after the insulation 
and coverings have been burned away, may aid in 
keeping the initial fault localized. Tests have been 
made on a copper conductor, producing a coating of the 
oxide varying in thickness throughout as wide a range 
as can be obtained by heating the conductor in air. 
The breakdown voltage of the oxide film varied from a 
miramum of 15 volts to a maximum of 38 volts. It is 
probable that the bare conductors under short-circuit 
conditions do not establish continuous electrical con¬ 
tact throughout the duct, but that the conductors may 
be forced togethm* either by gravity, magnetic forces or 
both so as to establish a new fault. 

The effect of molten metal in the bottom of the duct 
upon tme of bum-off depends upon the relative posi¬ 
tions of the cables. In a fiber duct this may establish 
a conducting path between two or more of the drcuit 
conductors. In a,n iron pipe, the same conditions might 
result, or, in addition, a ground might be established to 
one or more of the phase conductors, irrespective of the 
neutral cable construction. At values of current some- 


“ the Operation of Polyphase Lo 
Network Systems.” by Hans Besold and Otto Muell 
EleUrotech. Zeitsch., July 3,1930. p. 953. 


It is evident that the principal source of the oxygen 
and nitrogen shown in the above results was the air. 
The results therefore show that an amount of the order 
of 50 per cent of the gases generated from the cable 
materials was combustible. There is very little differ¬ 
ence in the content of the gaseous mixture given off 
under short circuit conditions in tile and fiber ducts. 
The fiber duct itself contains considerable volatile 
matter, but this does not alter to any marked extent the 
gaseous products under short-circuit conditions. The 
results also show that the gas at the center of the duct 
line was nearly the same as that in the distribution 
boxes. 

Since the samples of gases collected during these 
teste were from paper-insulated cables, it was desirable 
to obtain an analysis of the gases given off from rubber- 
insulated cables. This was done in the laboratory by 
wrapping a resistance wire about a 500,000-cir. mil 
mbber-insulated cable, from which the lead sheath had 
b^n removed, and collecting the gases given off when 
the mstaation was heated in this manner in open air. 
An anaJy^ of the gases given off from paper-insulated 
cable under the same conditions was also The 

results of these analyses are shown in the following table 


TABLE III—. 


ANALYSIS OF GASBS OOLLEOTBD IN LABORATORY 


Relative percentage of each gas 


Oonstituent gases evolved Rubber insulation Oiled-] 


-paper Insulation 


Carbon diojdde. 

Unsaturated hydrocarbons, 

Carbon Monoxide. 

Oxygen.’ 

Nitrogen.’ ’ 


,10.9 
, 6.4 
9.2 
10.9. 
62.6, 


10.3 

6.9 

9.5 

10.6 

62.7 


- , tuese results, it should be 

borne in mind that the principal source of the oxygen 
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and nitrogen was the air. Approximately 60 per cent 
of the remaining gases was combustible. It seems 
probable that some of the unsaturated hydrocarbons 
burned, forming carbon dioxide and water. The results 
indicate tha,t there is no appreciable difference in the 
inflammability or explosibility of the gases given off 
from rubber and oiled paper-insulated cables under 
simulated short-circuit conditions. 

The unsaturated hydrocarbons and the carbon mon¬ 
oxide are the constituents in the gaseous mixture which 
produce burning and explosion when they unite with 
oxygen. The force of explosion depends upon the 
amount of these gases which collects in the duct linA 
before ignition. Should there be air currents in the 
duct line so tha,t the gases may escape as they are 
generated, the violence of the explosions may be con¬ 
siderably reduced with probable elimination of explo¬ 
sions altogether. 

The occurrence of explosions during the tests did not 
prove conclusively the relative characteristics of the 
different sizes and types of cables as regards explosions 
occurring during short-circuit conditions, due to vary¬ 
ing test conditions. However, these results do support 
the indications of one preliminary study on under¬ 
ground cable failures, namely, that explosions were 
mostly due to the volatilization of cable or joint insu¬ 
lating materials. The covers were in place during all 
the teste on the different types of No. 4/0 cables; but 
the wind condition varied producing stronger air 
currente through the ducts in some teste than in others. 
The distribution box covers were partly broken in 
some teste, leaving holes through which gas may have 
escaped. Also, the covers were left ajar during some 
of the tests because of hazards introduced. In those 
teste in which it is known that gases had not collected 
in the duct line diuing previous teste, explosions oc¬ 
curred from 6.5 to 15 minutes after the initial short 
circuit. 

From observation of the teste on cables installed 
in fiber ducts, there was more smoke produced during 
the teste on the non-metallic sheath types than dming 
the teste on the lead-covered cable. Under the same 
conditions, there seemed to be little difference in the 
amount of smoke produced from the four non-metallic 
sheath constructions. Inspection of the fiber ducts 
after some of the teste on the non-metallic sheath types, 
however, showed that a considerable amount of the 
duct material had been burned. 

In several of the tests on 600,000-cir. mil cables, the 
lead sheaths were bonded together in the distribution 
box^ at one end of the test cables, 76 ft., in length. 
Omission of the bonds at the other distribution box did 
not produce pitting of the sheath under short-circuit 
conditions. No voltage due to sheath currente was 
indicated by voltmeters connected between the lead 
sheaths, and between the lead sheaths and neutral. 
However, the distance from the point of bonding to a 
possible fault location in the usual s 3 ?Btem layout 


would be considerably greater, should bonding be done 
only in manholes at street intersections. It was not 
possible to obtain conclusive data regarding this 
question. 

Representative data obtained from teste on cables 
for duct installation are included in Table IV. 

CdkvMted Clearing Time of Faults in Cables. As 
stated in the foregoing, a fault in cables may be one 
of the two general classes: 

1. A fault ha^ng a thermal capacity, relative to the 
heat genei^ted, less than that of the cable conductors. 

2. A fault having a thermal capacity, relative to 
the heat generated, greater than that of the cable 
conductors. 

Because of the extremely variable character of faults 
of the first class, it is impracticable to attempt to cal¬ 
culate the clearing time unless the available short- 
circuit current and the fault resistance are known. The 
three-inch contact fault, previously described, belongs 
to this class. Calculations based upon approximate 
voltege and current readings indicate that its resistance 
varied in those No. 4/0 conductor cables tested between 
the limits of 0.004 and 0.02 ohm. The wide variation 
was due in part to the change of the fault between the 
time of making it and the time it was tested, and in 
part to the difficulty of producing the same contact 
surface between conductors in each test. 

In connection with faults of the second class, it is 
possible to make calculations,' within certain current 
limits, ba^ upon the physical, thermal, and electrical 
chameteristics of the cable, to determine the time re- 
quired for fusing the conductors joining the fault. In 
these calculations, it is assumed that the cable insulation 
and covering remain practically intact so that then- 
heat dissipating characteristics are not altered during 
the fi^ng period, and that the fault does not progress 
from its initial location. 


As seen from the representative test data included 
herem, the short-circuit current remained nearly con- 
^t as long as an arcing condition was not established. 
Taking a constant value of ciurent and aggiiTnir.g the 
temperature coefficient of resistance to remjun constant 
between the cold temperature of the conductor (in the 
order of 20 deg. cent.) to the fusing temperature of the 
conductor, fusing curves can be determined as shown 
m Fig. 12. Fusing curves may be obtained by similar 
CMcxilations, assuming a constant voltage applied to a 
given length of cable. As neither a constant-voltage 
nor a constant-current condition results when a fault 
occurs m a network, average values of watte per foot 
per thoiMand dreular mils have been plotted against 
fusing time. For a given circuit condition, approxi¬ 
mate relations between initial watte, average watte and 
fusing current may be established. 


- -\^aioies,' oy ueorge Jfi 

Lulce, Elearie Journal, Vol. 20, p. 127. Underground Altemaling 
Current Network Distribution for Central Station Systems, by 
A. H. Keboe, A. I. E. B. Tbans., Vol. 43, p. 853, Kg. 27. 
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TABLE IV—REPRESENTATIVE DATA PROM BURN-OPF TESTS MADE 


Duration of 
short-circuit 
current 





Ciurrent flowing Into fault-amperes 





One side of fault from bus No. 1 

Other side of fault from bus No. 2 


Total 


Min.—sec. 

A 

B 

O 

Neutral 

A 

B 

O 

Neutral 

A 

B 

O 

Neutral 

0— 6... 

.. 2,200, 

. . 2,660. 

.. 2,440 

0 

.. 2,320.. 

. 2,440.. 

2,540. 

. . 0 

.. 4,520. 

. . 6,000.. 

. 4.980. 

0 

8— 5... 

..0-2,080. 

. .0-2,080.. 

. .0-2,080 

. .0-1,190. 

..0-1,940.. 

.0-1,980.. 

..0-2,080. 

. .0-1,060. 

,.0-4,020, 

. .0-4,060. . 

.0-4,160.. 

. .0-2,250 

d 

I 

0 . 

. . 0 .. 

.. 0 

,. 0 

..0-1,940. . 

.0-1,980.. 

. .0-2,080. 

, .0-1,060. 

. .0-1,940. 

. .0-1,980.. 

.0-2,080. 

. .0-1,060 

3—^20... 

.. 0 

. . 0 .. 

.. 0 

.. 0 .. 

,. 0 . . 

. 0 .. 

.. 0 . 

.. 0 . 

.. 0 

. . 0 

. 0 . 

.. 0 

15— 0 













Momentary.. 

. 2,520. 

. 2,760.. 

. 1 3,260. 

.. 2,400.. 

.. 2,880.. 

. 3,220.. 

.. 3,120. 

. . 2,440.. 

.. 6,400. 

. . 5,980... 

. 6,380. 

. 4.840 

5— 0... 

, 0 . 

. 0 .. 

.. 0 

. . 0 .. 

.. 0 .. 

. 0 .. 

.. 0 

. . 0 .. 

.. 0 . 

.. 0 ... 

0 

. 0 

5— 0 













2—0.... 

. 2,120.. 

. 2,260.. 

.. 2,200. 

. . 0’ .. 

.. 2,040. . 

. 2,160.. 

. 2,010. 

0 

.. 4,160. 

. 4,420... 

. 4,210. 

0 

13— 0_ 

,0-2,080. . 

.0-2,080.. 

..0-2,080. 

. .0-1,200.. 

..0-1,680. , 

.0-2,080.. 

.0-1,960, 

.0-1,180.. 

. .0-3,760. 

.0-4,160... 

.0-4.040. 

.0-2,380 

3— 0.... 

0 . 

. 0 .. 

.. 0 . 

. . 0 .. 

.. 0 .. 

. 0 .. 

. 0 

0 .. 

0 

. 0 ... 

. 0 

0 

18— 0 













2—30_ 

. *2,110., 

. 2,280.. 

.. 2,190. 

. . 0 .. 

.. 2,040.. 

2,150.. 

. 1,980. 

. 0 ,. 

.. 4,150.. 

. 4,430... 

. 4,170.. 

. 0 

16— 0_ 

.0-1,720. . 

.0-2,080.. 

.0-2,080. 

.0-1,120.. 

..0-1,940,. 

.0-2,280... 

.0-1,880. 

.0-1,140.. 

..0-3,660. . 

.0-4,360... 

.0-3,960. . 

.0-2,260 

3—0.... 

. 0 

. 0 ... 

. 0 . 

.. 0 .. 

.. 0 

. 0 ... 

. 0 . . 

. 0 .. 

,. 0 . , 

. 0 ... 

. 0 . . 

. 0 

20—30 













0—32_ 

. 4,080.. 

. 4,100... 

. 3,800. 

.. 0 .. 

.. 4.160... 

. 4,080... 

. 3,540,. 

. 0 .. 

.. 8.230.. 

. 8,100... 

. 7,340.. 

. 0 

5—28.... 

0 .. 

. 0 ... 

0 . . 

.. 0 ... 

.. 0 

. 0 ... 

. o’.. 

. 0 

0 

. 0 ... 

0 . . 

0 

6— 0 













4—16..., 

, 4,320., 

. 4,320... 

. 4,360. . 

.. 0 .. 

.. 4,500.. 

. 4,500... 

. 4,200.. 

. 0 

.. 8,820,. 

. 8,820... 

. 8,550.. 

0 

2-58.... 

. 4,320. . 

. 3,000... 

. 4,360. . 

. .0-1,700.. 

.,0-4,200.. 

. 1,800... 

. 3,600.. 

.0-3,200 





2— 8.... 

. 4,320.. 

. 4,300... 

. 0 . . 

.. 0 ... 

..0-4,200. . 

. 4,200... 

. 0 . . 

.0-3,200 





9—18_ 

0 

. 0 ... 

. 0 .. 

.. 0 ... 

..0-1,200. . , 

.0-1,200... 

. 0 . . 

.0-1,000.. 

..0-1,200. . 

.0-1,200... 

. 0 .. 

. 0 

9—20. 

0 .. 

. 0 ... 

. 0 . . 

. 0 ... 

. 0 

0 ... 

. 0 . . 

. p .. 

., 0 , . 

0 

0 .. 

0 

28— 0 













1—16. 

, 5,100,. 

. 6,000... 

. 6,100. . 

. 0 ... 

. 6,300... 

6,470... 

. 6,100.. 

. 0 ... 

. 10,400. . 

. 10,470.... 

10,200.. 

. 0 

0—11. 

0 .. 

. 0 ... 

. 0 . . 

. 0 ... 

. 0 ... 

0 ... 

. 6,100.. 

. 0 ... 

. 0 . . 

. 0 .... 

6,100.. 

0 

10—33. 

0 

. 0 ... 

0 . . 

. 0 ... 

. 0 ... 

0 ... 

. 0 

. 0 

. 0 

. 0 .... 

0 .. 

» 0 


12 — 0 __ 

Note: Tests were made with dry ducts only. 


CaleulatioDs show the fusing times of paper and 
rubber-insulated cables of the same conductor size, 
covering and thickness of insulation to be so nearly the 
same that the difference may be neglected. 

In the few tests in which an ardng fault was not pro¬ 
duced and in which the fault was of the second class, 
the calculated fusing time checked with time deter¬ 
mined by test within a maxjmuTn error of ten per cent. 
Sufficient test data were not obtained to famine 
thoroughly the accuracy of the three curves and their 
applicable portions. It se€ans probable that the por¬ 
tions of the curves shown in solid line might be appli¬ 


cable for checks against test results. The curves at 
least show an interesting theoretical comparison. 

yi. Conclusions 

A stady of test results and other data leads to the 
following conclusions: 

1. Faults included in the class of point contacts 
and occurring in single-conductor a-c. low-voltage 
network cables, operating at voltage values of the order 
of 120/208 volts, will usually clear within a period of 
several seconds if a minimum value of current of ap¬ 
proximately 3,000 amperes is available, irrespective of 
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Duration of 
short-circuit - 
current 


Bus voltage 


Bus No. 1 


Bus No. 2 


Min.—sec, A-B B-O 0-A A-B B-O O-A 


Test remarks 


Description of cables and 
fault (see page 7 for 
cable construction) 


Results 


0— 5.... 232.. 232.. 234. .232.. 234.. 232. Mar. .Current nearly constant. No 4/0 non-metaUlc shenth 

8- 5 .. . .230. .232. .230. .224. . 226 . .222.Min.. .Period of arc4..!. «.wiln“^f™t. S 

constinicUon, A, 2 

3—30... 

3—20.. . 


15— 0 


Cleared on side fed ftrom bus Phase conductors and neutral 
1 short-circuited. Taped fault. 

Time allowed for fault to re¬ 
establish. 


Fault was cleared in boxes at each 
end. Cables between boxes 
destroyed. Fiber duct burned. 

Explosion blew covers of boxes at 
one end of duct 20' above 
ground. Heavy smoke and 
flames from boxes at each end. 


Momentary .214. .214. .214. .214 .212 212 Mnv -----— 

0.. . .170. .176. 176 190 ^00 190 Min TimA aiinwln V u •••••• sheath Fault was cleared instantly at 

. 1 /o.. 1 /o.. 190.. -00.. 190. Min... Time aUowed for fault to re- cables in 4" fiber duct. Cable initial location. 

establish. construction, A, 1. 


5— 0... 


Phase conductors and neutral 
short-circuited. Taped fault. 


3— 0 


18— 0 


Fiber duct burned. Fault was 
cleared in boxes at each end. 
Heavy black smoke from hexes. 
Flames from one box. 


2 “ 

1 ^ n om oAri ' onT'' * * Z""' ‘ uoiuriy cuusi/anL.jNo. 4/0 non-motalllc Sheath 

13- 0... .201. .204. .201. .216. .216. .216.Mln.. .Period of arcing. cables in 4* fiber duct. cTble 

construction, A, 1. 


Time allowed for fault to re-.Phase conductors and neutral 
establish. short-circuited. Taped fault. 


2—30. 
15— 0. 


• -o??- ““'*7<=°“s*ant.No. 4/0 lead covered cables in Cables between boxes destroyed. 


. .228..228. .2 

. .200. .203. .200. .216. .214..214.Min...Period of ar.^^-;:::.:;;;; 

struction, B*1. cleared in boxes at each end. 

Heavy black smoke from boxes. 


20—30 


Time allowed for fault to re- Phase conductors and neutral No flames, 
establish. short-circuited. Taped fault. 


- oo-218. .2X9. ,218. .218. .217. .230. Max. Current nearly constant . 350,000-cir. mil. lead^overed Fault wtua 

- 168.. 166.. 163.. 204.. 208.. 208 . Min... Time allowed for fault to re-. cables in 4 '^ fiber duct. Cable location. 

_ establish. construction, B, 2. 


cleared at initial 


6 — 0 .., 


Phase conductors and neutral 


4—16. 

2—58. 


500,000-clr. mil. lead-covered 

Fault was cleared in box at one 

2—8... 

9—18... 

C phase conductor was cleared. 
Side of fault fed from bus No, 1- 

cables In 4^ tile duct. Cable 
construction, B, 3. 

end of duct length and at point 
between initial fault and box at 
other end of duct. Conductors 
welded together at initial fault. 
Heavy black smoke from boxes. 
Explosions at both ends, covers 
of boxes at one end blown 20 
feet above ground. 

9—20... 

28— 0 

was cleared. 

Time allowed for fault to re¬ 
establish. 

Phase conductoi*s and neutral 
short-circuited. Taped fault. 

1—16. 

0—11. 

.198..200. .200*Min_ 

600,000-clr. mil, lead-covered 

Fault was cleared at 

10—,33... 

. ill iron pipe, uabie 

Time allowed for fault to re- construction, B, 3. 
establish. 

location. 

12— . 0 ... 


Phase conductors and neutral 
short-circuited. Taped fault. 



the conductor size. Tests and operating data show 
that ground faults between the copper conductor and 
the sheath of lead-covered cables have been cleared in 
all cases with voltage values of 115/199 to 243/420 
volts, inclusive. 

2. Copper-rto-copper faults, in single-conductor a-c. 
low-voltege (120/208 volts) network cables, made by 
the teping the bared conductors overall and thereby 
obtaining a contact length of approximately three 
inches between conductors will clear at the location of 
the fault within a period of the order of one minute 
(usually less) provided the following minimum values 


of short-circuit current flowing into the fault are main¬ 
tained during the period of short circuit: 

TABLE V 


Constant values of short-circuit current, amps. 


Per conductor In 

Conductor size test circuit Total 


No. 4/0. 

350,000 clr. mils 
500,000 cir. mils 


3,000. 6,000 

4,000. 8.000 

5,000.10,000 


8. The amount of current andJength of time re- 
quired to bum clear a given type of fault in the buried 
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non-magnetic Sheath cables, dropped into the trench at 
mndom, are the same as those for that type of fault in 
the s^e sizes and general types of cables installed in 
four-inch non-metalhc ducts. A spacing of approxi¬ 
mately two inches between adjacent coverings of 
single-conductor non-magnetic sheath cables buried 
in relatively compact soil improves the bum-off char¬ 
acteristics. 

4. The time required to fuse a-c. low-voltage net¬ 
work cables with nearly constant values of current can 
be calcidated accurately enough for practical purposes 
provided that the total time does not exceed eight 
minutes. 


far made to determine whether or not single-conductor 
non-metallic sheath cables, insulated with materials 
now used and installed in one duct, have better burn-off 
characteristics than lead-covered cables under the same 
conditions. 

8. Sufficient data have not been obtained to deter¬ 
mine conclusively the difference in the effect on bum-off 
characteristics of single-conductor cables in iron pipe 
and the same cables in fiber or tile duct, 

9, Analyses of gases produced under short-circuit 
conditions show that the materials of fiber duct in 
standard use do not increase the inflammability or 
combustibility of the gases. 



Fig. 12 ^Fusing Ctoves foh Low-VoiiTagb Cables 


A No. 4/0 conductor, 80 rails of papei* insulation, 80 mils of lead 
S 360,000-clr. mil conductor, 9.5 mils of paper insulation, 95 mils of lead 
C 600,000-cir. mil conductor, 9.5 mils of paper insulation, 95 mils of lead 


6. The bum-off characteristics of multiple-conduc¬ 
tor buried non-magnetic sheath cables make this con- 
stru^on undesirable for low-voltage a-c. network 
^tribution. The better burn-off characteristics of tiie 
single-conductor buried cables are attributed to the 
wder separation of conductors and to the coverings 
impregnated with flameproof compound. 

6. As accurately as could be observed in tests on 
bxiried cables, vulcanized sulfinated oiled paper com- 

ared to rabber insulation improves burn-off chaxacter- 
ics very little. Analyses show no appreciable 
ference between oiled paper and rubber insolations 
the explosibility and inflammability of gases produced 
.rom lead-covered cables. With either insulation, ex¬ 
plosions due to gases evolved from the cable materials 
by short circuits in present standard cables installed in 
st^dard four-inch duct systems may occur if the fault 
exists longer than five minutes, provided explosive gases 
do not already exist in the duct line. 

7. Suflicient data are not available from tests thus 


The foregoing conclusions are based upon operating 
data and results of tests made on cables buried in 
relatively dry and wet soil and installed in relatively dry 
duets. The resulte of these tests indicate the desirable 
bum-off characteristics of low-voltage cables for under- 
p'ound network systems. The development of new 
insulating materials for cables having these characteris¬ 
tics will require further research. 


Acknowledgment 

The writers wish to acknowledge their indebtedness 
to those persons who made several helpful suggestions in 
connection with this study, and also, to the several 
manufacturing companies for their advice and coopera¬ 
tion in the supply of cable for some of the tests made. 


Bibliography 

A. I. E. E. Trans. 

Underffround Allemaltnff-Currmi Network DislribuHon for 
Central Station Systems, by A. H. Keboe, Vol. 43, p. 844. 

Recent Progress in Distribution Practise of Brooklyn Edison 
Company, by J. P. Painnan and R. C. Rifenburg, Vol. 45, p 1187 
OpertUing Experience with the Low-Voltage Alternaling-CurrerU 
Networks tn Cincinnati, by P. E. Pinokard, Vol. 42, p. 896. 
Developments in Network Systems and Equipment by T J 

Brosnan and Ralph Kelly, Vol. 48, p. 966. ' ' ' 

Standard Voltage Alternating-Current Networks, by John 
Oram, Vol. 48, p. 977. 

An AUemaling-Current Low-VoUage Network without Network 
Protectors, by Lester R. Gamble and Earl Baughn, Vol. 49, p. 82 
Lo^Vol^e AUemating-Current Networks of the Standard Gas 
and Electric Company’s Properties, by R. M. Stanley and C T 
Sinclair, Vol. 49, p. 265. ' ' 

Electbicai- World 

“Alternating-Current Network Investigation,” by John 
Oram, Vol. 95, No. 16. 

Electric Journal 

“Ci^nt Capacity of Wires and Cables,” by Georce E. Luke 
vol. 20, p. 127. * 


. JL^. XJ. 


AJMU X'UBUCATIONS 


“The Wichita Underground System and the Results of Cable 
Burn-up Tests,»» by H. A. Hoffman, 1928-1929 Report of Middle 
West Division. 

Elbktrotbchnische Zbitschript 
“New Developments in . the Operation of Polyphase Low- 
Voltage Network Systems,*’ by Hans Besold and Otto Mueller 
Issue of July 3,1930, p. 953. 




September 1931 


A-C. LOW-VOLTAGE NETWORK CABLES 


845 


Discussion 

^wilards I believe the most important conclusion 
which has been drawn in this paper, is that single-conductor 
buned cable of the non-metallie armored type has appreciably 
better burn-off characteristics than the other types of construc¬ 
tion tested. However, a very important feature of such con¬ 
struction is that with such cable the necessity for good burn- 
off characteristics nught be expected to be very largely 
eliminated. That is, with single-conductor, non-metallio sheathed 
cable buried with a separation of one or more inches, the 
possibility of the occurrence of short circuits would be very 
remote. An insulation failure would, of course, result in the 
flow of some leakage current to ground, but it would be very 
unusual for such leakage current to reach sufficient magnitude 
to constitute a short circuit. 

This type of construction, therefore, offers excellent possi¬ 
bilities for increased reliability of service for a-c. network systems. 
Unfortunately, one important factor connected with such con¬ 
struction is unknown. This is the useful life of the non-metalHo 
sheathed cable. It is to be hoped that this feature will be 
diligently investigated and that the development will progress 
to the point where it will be known with certainty just what 
may be expected from the different types now on the market 
under various local installation conditions. 

There are now in service or being installed several low-voltage 
distribution systems employing this type of construction, 
notably Mr. Sutlierland’s system and one in Santiago, Chile, 
The latter has a nominal service voltage of 220/380 volts, three- 
phase, four-wire. The experience gained from the operation of 
such systems will, of course, be very helpful in obtaining the 
necessary information for the further development of a-c. 
networks in general. 

One further point which should be noted in connection with 
paper is that the conditions of test were, in general, more 
severe than conditions ordinarily encountered in practise. 
That is, the tying together of the conductors produces con¬ 
siderably lower fault resistance than is ordinarily encountered 
under actual operating conditions. Numerous tests made 
under actual service conditions have shown considerably better 
burn-off characteristics than those listed in the paper, even in 
the ease of systems utilizing voltages of the 220/380 class, 

Wm. A. Del Mar: The non-metallic type of trench cable 
has undoubtedly come to stay in connection with the secondary 
network system. Every time that a new type of cable has 
appeared, the question of its permanence has been raised, and 
has usually stayed with us, in one form or another. It is, there¬ 
fore, natural that it should be raised in connection with this type; 
—all the more so, since the essential peculiarity of the type is 
the omission of the very covering which has been relied upon to 
protect the insulation from disintegrating agencies, namely, the 
lead sheath. There are about as many types as there are manu¬ 
facturers, so that experience with one type is no criterion of the 
performance of any other. Some of these types undoubtedly 
possess the characteristics that make for permanence, while 
others may not. 

Some of this cable is purchased on speciflcations which merely 
describe one type or another to the exclusion of all others, while 
some is purchased on the basis of performance tests without 
obvious reference to the type. Unfortunately there are nearly 
as many opinions about such tests as there are performance type 
speciflcations. It is about time that some coordination be 
effected in this field. 

Looking over these performance tests, we find tests to assure 
adequate resistance to the following agencies of deterioration: 

(a) Water, with special reference to prevention of waters 
logging of rubber insulation. 

(b) Acids, with special reference to installations in marshy 
land. 


(c) Alkali, with special reference to installations in alkaline 

soil. ^ 

(d) Abrasion, with special reference to handling. 

(e) Impact, with special reference to damage by excavators. 

(f) Shear, witli special reference to handling. 

(s) Dielectric stress, with special reference to corona-forma¬ 
tion, a matter of no interest in connection with secondary net¬ 
works, but important for series lighting cables. 

Bending, with special reference to terminal and splicing 
conditions. 

(i) Burning, with special reference to entering houses, and 
arc extinction. 

Some of these agencies of deterioration obviously are of little 
significance, but too much stress cannot be laid on protection 
from water as rubber will not last in contact with soil water. 

The protective materials used in the various types of cable are 
cellulose (in the form of paper, jute, cotton, sisal, asbestos 
reinforcement, etc.) asbestos, semi-solid hydrocarbons (such as 
asphalt, oxidized and vulcanized oils, pitch, etc.), rubber, 
waxes, and oils. 

The protective structures used are tapes, braids, wrappings, 
and extruded sheaths. 

The problem of the operating engineer is to give proper weight 
to the various requirements, the devising of tests should be a joint 
effort of the operating and manufacturing engineers, and the 
designs of cables to meet these tests should be left to the cable 
maker. 

B. M. Jones: A large part of the test data in this paper bears 
out conclusions that the Duquesne Light Company arrived at as a 
result of tests made early in 1928. It was interesting to us 
that these tests by Messrs. Sutherland and MacCorkle showed 
no material difference in the time or currents required to burn 
clear of fault in fiber, clay, or iron ducts. 

I would like to call attention to one particular feature which 
should not be overlooked in planning and designing a low-voltage 
a-c. network, and that is the providing of capacity to burn clear 
a fault in a weak spot on the network under three extreme emer¬ 
gency conditions, which are—(1) the short circuit being of the 
most severe type of copper-to-copper contact; (2) the fault 
occurring when one particular high-tension supply feeder is out 
of service thus reducing the short-circuit capacity available at 
the weak spot in the network; (3) the fault occurring at this 
weakest spot. 

Assuming 6,000 amperes required to bum clear a fault of 
various sizes of cables, and with a transformer bank out of 
service thus leaving a weak spot in the network, to which spot 
6,000 ampOTes flows from one direction and 3,500 amperes from 
another, direction, the fault would burn clear from the end 
supplied with 6,000 amperes and would not burn clear from the 
end supplied with 3,500 amperes. 

Obviously, it would be necessary to increase the short-circuit 
current flowing from the weak side by increasing the transformer 
capacity in that direction, which would cost a considerable 
amount of money in some cases and this additional capacity 
would be required solely and only for the purpose of increasing 
the short-circuit amperes to burn clear a fault upon the simul¬ 
taneous happenings of three extremely remote contingencies. 

While the demands are for better and better service partic¬ 
ularly in the business areas that are suitable for low-voltage a-o. 
networks; costs must be recognized and the day has arrived when 
the engineer must justify his expenditures as weU as his design. 

Most of the engineers and operators realize that electrical 
equipment in general is supplied with a “back-up unit,*' and there 
is a generator ready for service in case the largest one fails, a 
spare transformer banlc or unit, an automatic circuit breaker to 
back up another one and relay schemes to back each other up, 
but ^ere is not another back-up for the first back-up; so 
providing for three extremely remote happenings, if it costs any 
money, is very questionable. 
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The engineers and operators considering a low-voltage a-o. 
network must make recommendations as to how much of a 
gamble they shall take on having these three extremely remote 
contingencies happen at the same time, or how much money they 
are willing to spend to be ready to handle these rare simultaneous 
occurrences, and of course the management’s sanction should be 
obtained on either of these two schemes. 

J. M* Comly and J. A. McHughs During a six months’ 
period 29 cases of fires and explosions caused by faults on a-c. 
low-voltage network mains cables were reported and of these 
none were found to give evidence of the presence of sewer or 
illuminating gases. Five eases involved explosions, nineteen 
cases involved sustained fires, and five cases involved only brief 
fires. 

Four of the five brief fire cases showed negligible burning of 


insulation. One ease resulted in considerable damage to insu¬ 
lation of No. 6 B &S cable used as main. 

Seventeen cases of sustained fire showed from 3 to 3,400 ft. of 
cable insulation damaged for an average of approximately 420 
ft. Most of these faults developed under dry coiulitioiis. In 
the two cases where 2 ft. or less of insulation was dainuged tJic! 
faults were submerged. The five failures involving e.vpUisioiis 
showed from 180 ft. to 560 ft. of cable insulation damaged for an 
average also of approximately 420 ft. In four of the iivo easos 
the underground system was dry in the vicinity of llio explosion. 

A comparison of the reported clearing conditions and tho 
calculated available short-circuit cun^ents indicates a cmiisitler- 
able variation in fault resistance and this appears to be supported 
by the observed physical effects. Fourteen of tlio twenty-uino 
oases involved failure of network switches or fuses to clear. 
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Sifnopaia, —The exHneUon of a-c. arcs al current zero is re¬ 
viewed, and arc reignition characteristic and circuit reignition 
characteristic are defined. From a study of are reignition charao- 
teristies of short arcs remote from insulation it is concluded that 
such arcs are incapable of interrupting practical low-voltage a-c. 
mtwork circuits. The extinction of arcs in practical network cables 
is then ascribed to the deionizing action of gas blasts coming from 
decomposing adjacent insulation. Experiments mth ares in 


cables, and arcs between parallel plates remote from insulation, and 
closely bounded by insulation, confirm this view. 

Inorganic insulating materials may also assist in arc extinction 
by generating gas blasts by their decomposition. Of the various 
inorganic materials tried, boric add was the most effective. 

Charring of organic insulation may be expected to cause it to 
lose its arc extinction aiding characteristic. 

• ♦ * ♦ • 


I. Introduction 

T he great success of the low-voltage a-c. cable 
network described by Kehoe,‘ which is finding 
increasing application as a system of distribution 
in metropolitan areas is dependent fundamentally 
upon the capacity for self clearing of faults on the net¬ 
work which this system enjoys. The tying together of 
the secondaries of many transformers into a network 
ensures that at any point of fault there will be a suf¬ 
ficiently large current to melt apart any contacting 
metallic conductors and to start an arc. The low 
a-c. voltege of the network ensures that the arc will be 
extinguished quickly at a normal zero of current. Thus 
the success of the system depends upon the properties 
of the arc which occurs at a cable fault. A close 
study of these ares and how they are extinguished would 
seem to be worth while, particularly as the extension 
of this system to higher voltages which seems neces¬ 
sary for economy and proper voltage, regulation where 
loa^ are very heavy', leads to conditions in which the 
extinction of the arc is far less certain than in lower 
voltage systems. 

II. The Extinction of A-C. Arcs 
Arc Reignition and Circuit Reignition Characteristics. 

Very considerable advance has been made in recent 
years in the theory of extinction of a-c. arcs. The 
continuance of the a-c. arc is believed to depend on the 
repeated reignition of the arc for each new half cycle, 
after a current zero. Just after a current zero the arc 
space is losing ionization and recovering the ability to 
withstand voltage. On the other hand voltage tending 
to break down the arc space again is building up across 
the arc space terminals, following some natural tran¬ 
sient of the external circuit. If the dielectric strength 
of the deionizing arc space, as measured in volts which 
the space can withstand, grows faster than the voltage 
which the external circuit impresses upon the terminals, 
then the arc will be extinguished. If the voltage sup- 
plied by th e external circuit builds up faster than the 
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dielectric strength of the arc space, then the arc will 
be reignited. 

Prom the standpoint of are extinction, therefore, the 
arc is best described in terms of a curve between the 
recovered dielectric strength of the arc space measured 
in^ volts, and the time after current zero measured in 
microseconds. Such a curve may be called the "arc 
reignition characteristic.” Likewise, from the stand¬ 
point of arc extinction, the external circuit is best 
described in terms of a curve between the voltage which 
would appear across the arc terminals if the current 
remmned zero after the particular current zero under 
consideration, and the time after that current zero 
measured in microseconds. Such a curve may be 
called the “circuit reignition characteristic.” The 
arc is extinguished at a current zero if the arc reignition 
Aaracteristic lies completely above the circuit reigni- 
The arc is reignited if the circuit 
^isnition characteristic is anywhere above the arc 
reignition characteristic. 

The circuit reignition characteristic may be calcu¬ 
lated^ according to well-known electrical engineering 
princijples. It depends upon circuit constants, i. e., 
inagnitudes and interconnection of reactances, re¬ 
sistance, capacitances, etc., and upon circuit conditions 
existing at the current zero, i. e., excitation and phase 
position of synchronous machines, momentary currents 
in ^ndings, momentary charges upon conductors, etc. 
It is independent of the arc itself except in so far as the 
^c voltage previous to the current zero may have 
influenced circuit conditions. Circuit reignition charac¬ 
teristics, for various simple cases have been published.*-* 
The arc relation characteristic cannot be calculated 
even approximately except in a few special simple 
cases^ in the present state of the science. It depends on 
conditio^ internal to the arc space, such as nature and 
geometrical arrangement of electrodes, the nature of 
the gas, presence of magnetic fields, and gas blasts. 
It does not depend upon the external circuit except 
in so far as the current previous to the current zero may 
be infiuenced and thus cause the conditions internal 
to the arc space to be altered. 

The are reignition characteristic is determined 
fund^entally by the manner of disappearance of the 
ions in the arc space immediately after current zero. 
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Ions disappear from the space, (1) by direct recom¬ 
bination in the arc space itself, (2) by discharge to the 
electrodes, (3) by recombination on surrounding walls 
or in surrounding cooler gases, (4) by recombination 
in cooler gases mixed turbulently into the are space by 
gas blasts. (2) appears to be most important in short 
arcs, and (3) in longer arcs. The importance of (4) in 
practical devices such as fuses and oil circuit breakers 
where intense gas blasts are generated by the decompo¬ 
sition of material under the heat of the arc has only 
recently begun to be appreciated.^* 

III. The Short Arc Without Gas Blast 
The arc reignition characteristic for a short arc in 
the absence of gases coming from decomposing neigh¬ 
boring materials, and with what were believed to be 
relatively cool, non-vaporizing copper electrodes has 
been given by Slepian,* and is reproduced as curve A 
in Fig. 1. Noteworthy in this curve is the extremely 
rapid, almost instantaneous recovery by the arc space 
of a dielectric strength of 240 volts, and the slower 
further recovery of dielectric strength. The theory 



Curve D, Fig. 1 gives unpublished results of a limited 
number of tests made by Browne for a heavier current 
stationary arc with copper electrodes. Here is noted 
the extremely low value of the immediately recovered 
dielectric strength, about 160 volts, and the extremely 
small slope of the characteristic for the first few hun¬ 
dred microseconds. 

IV. Extinction op Arcs in A-C. Networks 

According to the tests of Kehoe^ the arc following a 
fault in an a-c. network cable will always be extin¬ 
guished at 220 volts, r. m. s. At 1,000 volts r. m. s. 
currents up to 500 amperes and at 2,000 volts r. m. s. 
up to 100 amperes were also successfully interrupted 
by the arc. In the tests at higher voltages, however, 
the currents were limited by resistances so that it may 
not be concluded that extinction of the arc would have 
taken place in a reactive circuit of like current. At 
220 volts, however, we may conclude that the arc would 
be extingimhed under all circuit conditions. 

Similar results have been obtained by Besold and 
Mueller* although here again, the currents were ap¬ 
parently limited by resistance so that it is not certain 
that the results will apply also for reactive circuits. 

These results are entirely compatible with the earlier 
data on arc reignition characteristics such as curves 
A, B, and C of Fig. 1. For example, on curve C, the 
immediately recovered dielectric strength of the arc 
space is 230 volts r. m. s. However, on curve C, 
dielectric strength of 311 volts is recovered in 60 micro- 
^onds, and since, in practical a-c. network circuits 
it will take longer than this for maximum open-circuit 
voltage to build up from arc voltage after current zero, 
the arc will not reignite after current zero. 


Pic. 1 Abc Reiqnition Chahactebistics 

offered by Slepian also predicted that the inamediately 
recovered dielectric strength would be independent of 
the arc length and arc current, but would depend on 
the nature of the (incoming) cathode, and the gas at 
e cathode. The slope of the arc reignition charac- 
t^tic would depend on are length and current if ions 
Asappeared from the arc space by means other than 
direct combination in the arc path, and if these means 
were affected by current and are length. 

Browne and Todd’f have found similar arc reignition 
charactermtics for short arcs with metal electrodes 
but with the metal at the arc terminals hot, and prob¬ 
ably vigoroiMy boiling. Their results for brass elec- 
ttoees are given in curves B and C, in Fig 1 The 
i^e^ately recovered dielectric strength was 230 volts, 
and the slope of the characteristic for the 1/16-in. 
SOO-Mipere are was nearly the same as that of the cold 

Slepian. The slope was 
found to decrease with increase of arc length, however, 

^ to decrease with 
of C current, although complete arc reignition 
characteristics were not given for larger currents. ^ 


The more recent results of Browne, however, indi¬ 
cated in curve D, and relating to heavier current arcs 
. between copper electrodes, and which should be more 
dir^tly applicable to cable fault arcs, are not com¬ 
patible with these results. According to curve D, 
arcs vdth currents exceeding 1,200 amperes should not 
be extinguished with more than 126 or 130 volts r. m. s. 
in a low power-factor circuit. We are then driven to 
the conclusion that in a-c. cable fault arcs additional 
deionizing agents must exist which are not active in 
ordinary short arcs between metal electrodes. 

These additional deionizing agents must come from 
the imulation used in cables, and the authors believe 
that It comes from the intense blasts of gas directed 
t^ugh the arc from the decomposing insulation 
adjacent to the arc. That gas blasts through an are 
are strongly deionizing has been long known, and gas 
blads coming from decomposing insulation are believed 
to be responsible for the effectiveness in circuit inter- 
n^tion of the expulsion fuses and the oil circuit breaker 
The cable fault arc is in the insulation in the same wav 
and sense as the oil circuit breaker arc is in the oil 
to both cases the are is in a gas pocket or bubble but 
this gas and the arc in it are not in a quiescent kate 



September 1931 


ARCS IN LOW-VOLTAGE A-C. NETWORKS 


but are being most violently stirred by the turbulent 
mixing into it of large volumes of fresh, relatively cool, 
unionized gas coming from the decomposing insulation 
or oil. This turbulent inpouring of fresh gas causes 
the extinction of the arc in circuits of higher voltage 
than would otherwise be possible. 

The gases coming from the thermal decomposition 
of the insulation in cables would generally be regarded 
as a nuisance. Since they are inflammable, under 
certain circumstances, they may even constitute an 
explosion hazard. Nevertheless they are probably 
necessary in the functioning of present day low-voltage 
a-c. networks. 

V. Tests on Arcs in Cables 

While the ideas expressed in the preceeding sections 
were developing, it seemed worthwhile to get some 
first hand knowledge of the characteristics of arcs in 
cables. Accordingly copper-to-copper short circuits 
were made in short lengths of oil impregnated paper 
insulated cable. The cable used was 600-volt, three- 
conductor, 500,000-cm. lead-covered cable, manufac¬ 
tured by the Habirshaw Cable Co. The arcs were 
started in sevea^ different ways, namely, (1) by twisting 
together two strands of the conductors to be short- 
circuited; (2) by driiung a nail through the stranded 
conductors; (3) by tying the conductors together with 
No. 20 bare copper wire. The tests were made in a 
550-volt r. m. s., 60-cycle circuit in which the current 
was limited only by the reactive impedance of the 
transformers and cables. Currents varied from 3,000 
to 10,000 amperes. In some of these tests the short 
circuit was made near one end of the cable, power being 
supplied from the opposite end. In others, the short 
circuit was made near the center of the cable section, 
power being supplied from both ends of the cable, in 
order to eliminate the strong magnetic blowout effect 
that is present with the first method of short-circuiting. 
In most of these tests the cable was drawn into a 
354"in. fibre duct, the ends of which were closed by 
packing with rags. 

It was found that in general the arcs would be ex¬ 
tinguished in one to fifteen half cycles. Occasionally, 
however, the arc would not be extinguished, and in 
such a case provision had been made to throw in various 
values of resistance in shunt with the arc to see what 
influence would be exerted on the extinction of the arc. 
When the arc persisted it was found that resistance in 
shunt with even as low a value as one ohm had no 
influence on the continuance of the arc. 

The arc voltage was found to be usually of the order 
of 100 volts when the short circuit was made 5 or 6 in. 
away from the insulation, and about 350 volts when the 
are occwed near the insulation. The first of these 
figures is approximately what would be expected for 
arcs of corresponding length in air between copper 
electrodes, but the second is very much too high for 
an arc drawn in air and unexposed to any gas blasts. 


This arc voltage was high enough to raise the power 
factor of the circuit considerably, which favored the arc 
extinction. A study of the oscillograms shows that in 
some cases power factors of from 0.3 to 0.6 were reached. 

In general it was found that when the arc was closely 
bounded by insulation, the arc would be promptly 
extingmshed, but in those tests where the insulation had 
been carefully cleaned away about six or more inches 
from the arc, then the arc would persist. As pre¬ 
viously mentioned, it was also found that the arc volt¬ 
age was about three to four times as large when the 
arc was closely bounded by insulation, as when remote 
from insulation. 

These results speak eloquently of the large part the 
insulation plays in the extinction of the arcs, and show 
how persistent the arcs are when not subjected to the 
influence of the insulation. 

VI. Tests on Short Arcs Free from Insulation 

It seemed worth while to obtain some data on the 
extinction of short arcs between copper electrodes free 
from insulation, for currents larger than those used 



Pig. 2—Cirotiit Reionition Chakactbbistics on Tests 
WITH Hot Coppeb Blbotbodbs 

by Browne. Accordingly, a pair of copper plates 
in. thick and 4 in. by 27 in. were used, spaced apart 
H in. To k^p the gas pressure between the plates 
low, J^-in. diameter holes, spaced 1.41 in. between 
centers were punched in the plates. 

The arc was started by a No. 20 copper fuse wire 
drawm through one pair of holes. The current was 
obtained from transformers and was limited only by 
air-cored reactors where it was not the short-circuit 
current of the transformers. 

Tests were made at various voltages and currents, 
and values of resistance which when in shunt to the arc 
would just cause it to go out were determined. With 
these values of resistance the circuit reignition charac¬ 
teristic should just be tangent to the arc reignition 
characteristic. Numerous circuit reignition charac¬ 
teristics were calculated, and several are shown in 
Mg. 2. In this figure, the curve of Browne from Fig. 1 
is redrawn. Also, probable arc reignition characteris¬ 
tics for the larger cmrents and spacing are indicated 
by drawing tangents from the 160-^volt point on the 
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voltage axis to the various circuit reignition charac¬ 
teristics. 

Arc voltages in these tests were found to vary from 
40 to 100 volts. 

These tests show decisively that the simple short 
arc between copper electrodes free from insulation is 
inadequate to meet the fault clearing requirements of 
low-voltage a-c. networks. 

VII. Tests with Short Arcs Bounded by Organic 
Insulation 

Further tests were made with the electrode arrange¬ 
ment of the preceding section, but with oil soaked paper 
clamped between the copper plates. A hole 

was cut in the paper through which the fuse was passed 
for starting the arc. 

At 550 volts the arc was extinguished for all values 
of current tried, up to 11,000 amperes. Similar re¬ 
sults were obtained as the voltage was increased up to 
750 volts. At 1,150 volts, the arc persisted. The arc 
voltage was found to vary from 300 volts at low cur¬ 
rents to 600 volts for high currents. 

As the size of the hole in the paper through which the 
are initiating fuse passed was increased, the influence 
of the oiled paper became less intense, and when the 
hole had a diameter of % in., the arc persisted at 550 
volts, and the arc voltage was only about 200 volts. 

Tests were also made in which the paper was im¬ 
pregnated with vaseline, and with glycerine. The 
results were practically the same as for the oiled paper. 

The above tests again affirm the important part 
played by the insulation in the extinction of cable arcs. 

VIII. Tests with Short Arcs Bounded by 
Inorganic Insulations 

As has been mentioned before, the gases resulting 
from the decomposition of organic insulation, and which 
are effective in extinguishing the arc, are in themselves 
combustible, and therefore under certain circumstance 
may constitute an explorion hazard. It seemed worth 
while, therefore, to make some preliminary tests 
using materials which would give off incombustible 
gases such as water or carbon dioxide. 

The following materials were tried: 


Decompositioii products 

Material Oases Solid 

Boric Add, H| BOj.•.HjO .. BsOj 

Gypsum, OaSO« 2HjO.HjO, SOj, Ot .. OaO 

Borax Ha:B 407 IOH 2 O_ 1 .HjO .. NasB 407 

Sodium Bicarbonate. NaHOOj.HjO, OO* .. NaOH 

Magnesium Carbonate MiOOj 3H2O.H2O, OO2 .. MgO 

Basic Magnesium Carbonate 

3MgCO»Mg(OH)23H20.HeO, OOt .. SigO 

Magnesium Oxide, MgO.MgO 

Ammonium Carbonate (NH4 ),OOiH20.H 2 O, OO 2 . NHa. 

Aluminum Ammonia Sulfat. 

Al 2 (S 04 ) 2 CNH 4)2 SO 424 H 2 O.HaO. SO 2 , IsrHa-.AlaOi 


The various materials in the form of powder were 
packed between the copper plates described in sections 
VI and VII, and a fuse wire pulled through a pair of 
holes in the two plates. Tests were then made, as in 
preceding sections. The arc was permitted to make 
as large a hole as it would in the closely packed 
powdered material. 

Before comparing the results obtained with the 
various materials, it will be well to consider the charac¬ 
teristics which are found for arcs subjected to deioniza¬ 
tion from decomposing bounding walls. Pig. 3, which 
gives results for basic magnesium carbonate, is tsqiical 
for the relation between the volts which can be inter¬ 
rupted by a given length of arc, and the current. As 
the current is increased from small values, the volts 
which can be interrupted decrease, reach a minimum 
and then increase again. This relation is rather to be 
expected if it is reflected that for very large currents 
the gas blast will be very intense, and that for very 
small currents the arc will be particularly sensitive to 
deionizing influences. 



Fio. 3 —^Basic Maonbsittm Carbonatb as Arc Extinquishbr 

Used between parallel copper plates spaced In. apart, without arc 
shunting, resistance 

Hence starting with low voltages, all currents can 
be interrupted by the arc. Above a certain voltage, 
however, (the minimum voltage on the curve of Pig. 3) 
thfflre will be two limits of current, such that between 
these limits the arc will not be extinguished. For 
values of current less than the Iowct limit and for 
values of current greater than the larger limit, the arc 
will intorupt the circuit, but for intermediate values 
of current, the arc will persist. Such relations as these 
are found generally in expulsion fuses, and oil circuit 
breakers. 

If now, the voltage of the circuit is kept constant and 
only the circuit reignition characteristic is altered, 
similar results are obtained.. Below a certain “speed” 
of circuit all currents are interrupted, whereas for 
higher “speeds” there will be an intermediate range of 
current for which the arc will persist. 

This is illustrated in Fig. 4, which shows the results 
of tests using gypsum powder. All these tests were 
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at 550 volts, with varying values of resistance shunting 
the arc giving different circuit reignition characteristics. 
For shunting resistances less than 16 ohms, the arc 
interrupted all values of current, but for resistance 
greater than 16 ohms th^e would be an intermediate 
range of current for which the arc would persist. When 
the arc wm unshunted the arc would persist for currents 
from 2,800 amperes down to 400 amperes, the smallest 
tried, although undoubtedly for a sufficiently small 
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Fig. 4—Gypsum as an Arc Extinguisher 
Used between parallel copper plates spaced K In. apart 


current the arc would have been extinguished. For 
currents larger than 4,100 amperes the are always 
interrupted the circuit. 

As it so happens that most of the data for the differ¬ 
ent powders were obtained at 660 volts with varying 
resistance shunts, we may compare their efficacy by 
plotting in one figure curves similar to that of Fig. 4. 
This has been done in Fig. 6. No curve is given for 
boric acid, as the are interrupted all values of current 
even when unshunted, except for one test which did not 
repeat itself. The curve for gs^psum is taken from 
Fig. 4, and as is seen consists of the boundary of the 
region of arc persistency. Because of the amflllTiPfii a of 
the number of test points in Fig. 4, the location of this 
boundary is ra^er vague, so that although a definite 
curve is shown in Fig. 5, no accurate quantitative value 
should be attached to it. Similar remarks apply to the 
curves for the other powdered materials, which were 
obtained from test data similar to that shown in Fig. 4. 
For the other materials only the lower branch of the 
curve is shown, as the other branch if it existed, occurred 
at values of current greater than those available for 
these tests. For comparison, the curve for air is also 
included in Fig. 6. 

From all these data we conclude that boric acid made 
the best arc extinguishing powder being as good as oiled 
paper over the range of these tests. Next, although 
considerably inferior, is gypsum. Then far inferior, 
though better' than plain air, are the rest of the materials 
tried. 


IX. Requirements of Gas-Generating 
Arc-Extinguishing Substances 

In considering the various substances which may be 
placed adjacent to an a-c. are to cause its extinction by 
the generated gas blast, one would expect that that 
substance would be best which generated the largest 
amount of gas in a given volume, or which generated the 
largest amount of gas for a given energy input from the 
arc. However, the results of the preceding sections 
show that some other factor must also be taken into 
account. For example, boric acid and oiled paper, 
which proved to. be the best among the substances 
tried, are certainly inferior to ammonium carbonate, 
(NH 4 ) (COsHsO), one of the worst of the substances 
tried from the standpoint of gas generation per unit 
volume or per unit energy. 

This other factor probably relates to the state of the 
surface of the bounding material just after the moment 
of arc extinction. The gases generated from the sub¬ 
stance, may ensure that the arc will not reignite in the 
arc space itself, but that with the arc not reigniting, the 
substance itself must be able to stand the voltage with¬ 
out breaking down. Organic insulation, in general, 
seems to meet this requirement. Some of the insulation 
close to the ^c is decomposed into gases, but the surface 
of the material which is left remains clean, and has good 
insulating quality. 

In the case of the ammonium carbonate, however, 
because this substance melts below the temperature 
at which rapid decomposition takes place, the surface 



Fia. 5—PowDBa Fillers as Arc ExTiNatnsHEBs 
Used between parallel copper plates spaced In. apart r. m. s. volts 560 

of the material which is left after a half cycle of arcing 
undoubtedly consists of a molten film of the ammonium 
carbonate. Furthermore, molten ammonium carbon¬ 
ate is highly conducting. Just after current zero, the 
^c is undoubtedly extinguished momentarily, and open- 
circuit voltage momentarily appears across the elec¬ 
trodes. This voltage causes a considerable current to 
flow in the molten surface film, which is brought im¬ 
mediately to a violent boil and gas evolution, and the 
resulting tearing of this film while canying current will 
restart the arc. 
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Boric acid also has its melting point below that at 
which rapid decomposition takes place, hut the elec¬ 
trical resistivity of the molten boric acid is very high. 
Hence, just after the arc extinction at current zero, 
when open-circuit voltage is restored, the current sent 
through the molten surface film will be small, even for 
voltage gradients as high as those used in the tests, 
namely 550 volts r. m. s. across in. The current 
will be so small, that the power will be hisufl&cient to 
keep the boric acid film hot, and it will recongeal, thus 
I)ermanently opening the circuit. 

While organic insulation in general has the property 
of being left with a surface of good dielectric quality 
after exposure to an arc, there is a circumstance impor¬ 
tant in practical a-c. network operation imder which the 
insulation may be expected not to have this property. 
This is when the insulation has been subjected to a 
moderately high temperature so that it is more or less 
completely charred before the are begins to act upon 
it. 

Such a circumstance may arise for example when a 
very low-resistance fault forms at a point in a network 
where there is available only a small short-circuit cur¬ 
rent, which may take a very long time to melt apart the 
low-resistance fault. Because of this long time, the 
whole cable leading to the fault may be heated and the 
insulation charred. By the time the are forms, the 
organic insulation is no longer in condition to cause its 
extinction and the arc bums along the cable until it 
reaches some point where the insulation, due to lower 
temperatures, is still in condition to be effective in 
causing extinction of the arc. 

The charred insulation is ineffective in causing the 
extinction of the arc first because it has lost its more 
volatile constituents so that it produces much less gas 
per unit volume than before, and second, because now 
after exposure to the arc, the surface which is left is 
almost entirely free carbon and a good conductor while 
hot. With normal organic insulation, the rapid evolu¬ 
tion of gas seems to scour away the surface and keep it 
clean of carbonaceous residues, but the charred insula¬ 
tion has lost this property. 

X. Summary and Conclusions 

1. Short arcs between copper electrodes and not 
adjacent to insulation are inadequate to meet the fault 
clearing requirements of low-voltage a-c. networks of 
more than 130 volts. 

2. Actual low-voltage networks of higher voltage 
than 130 volts depend for the extinction of arcs formed 
at faults upon the strongly deionizing action of gas 
blasts coming from decomposing adjacent insulation. 

3. The extinction of arcs in cables is strongly 
affected by the degree of remoteness of the insulation 
from the arc. In a }4r^Tx, hole in oiled paper insulation, a 
M-in. long are will interrupt current at 750 volts, 
whereas in a ^in. hole it will fail to intermpt current at 
550 volts. 


4. Inorganic insulating materials giving off non¬ 
combustible gases are also effective in aiding are extinc¬ 
tion. Of the various materials tried, boric acid was the 
best. 

5. Charring of organic insulation may be expected 
to cause it to lose its arc extinction aiding properties. 
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Discussion 

W. R. Bullard: The statement at the end of the ]>apep is 
interesting in that the arc extinguishing features of network 
cables would be destroyed by the pre-carbonization of the cable 
insulation. This fact was discovered about four years ago during 
some tests made by the Cia Cubana de Blectricidad in Havana, 
Cuba under the direction of the writer and was subsequently 
published in the Electrical World, I feel that most of the few sus¬ 
tained ares which have occurred in actual operation of a-c. net¬ 
works have probably been due to this particular phenomenon. 

The portion of this paper dealing with the arc extinguishhxg 
properties of non-inflammable gases is very interesting and it 
is appropriate to inquire whether practical application may not bo 
found for the knowledge thus gained. Intensive study in this 
direction would seem to, be iu order since the elimination of 
inflammable gas production during short-circuit conditions would 
be highly desirable, whereas our present knowledge based on th© 
work outlined in this paper would indicate that the production 
of gases of some kind is necessary for proper arc extinguishing 
characteristics. 

Vfm G. Dow: Three of the arc reignition characteristics shown 
in Fig. 1 of the paper converge to a reignition voltage of 230 
at the extreme left. In contrast with this, the tests described in 
our paper see page 854 indicate convergence to a value between 
340 and 380 volts. The regularity with which the short-time 
reignition voltage repeated itself in our work was in fact very 
striking. There are several possible explanations for th© dif¬ 
ference between th© 230-volt figure in one paper and the 340- to 
380-volt values in the other. 

1. Slepian and Strom’s arc reignition characteristics should 
correspond, from the method used in their determinations, to the 
lower envelope curves of Figs. 16 and 16 in our paper. Thus 
while their work makes no distinction between various individual 
restriking voltages, it does give rise to curves which mark the 
boundary between the region on the graph in which reignition 
cannot occur (below our bottom envelope) and that in which it 
may occur (above our bottom envelope). 
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Our work gives rise to a lower envelope curving upward toward 
its left end; their arc reignition characteristics show no such be¬ 
havior. It seems to us that their method of test would not 
pei^t discovery of such an upward curvature. Their arc reig- 
nition characteristic is drawn tangent to aU of a family of circuit 
reigfnition characteristics having voltage and resistance values 
such as to just fall short of producing reignition. The resistance 
shunt type of circuit which they used produces a circuit reigni¬ 
tion curve which is always rising. No such curve could ever be 
tangent to that part of an arc reignition characteristic which 
might lie to the left of a minimum such as our lower envelope 
has at about 25 microseconds. 

Tests of the type used by Slepian, Strom, and Browne^ in 
locating the extreme left end of their arc reigpiition characteristics 
would be made with relatively low-circuit voltages (below 300 
volts peak) and high-shunt resistances. Now if the true curve 
actually has such a minimum point as our lower envelope ex¬ 
hibits, the peak voltage of the test circuit might be considerably 
lower than the short-time reignition voltage, and yet be suf¬ 
ficient to cause reignition at from 20 to 30 microseconds after the 
current zero. If the shunt resistance is adjusted until reignition 
just does occur, it will still be occurring at or near the minimum 
point on the curve. The results of the test would in that case 
have little or no relation to the true value of reignition voltage 
required at one or two microseconds after the current zero. 

^In brief, if the true arc reignition characteristic does have a’ 
minimum value at a time later than zero: 

(a) The method of test used by Slepian and Strom may 
not discover such a minimum. 

(b) The value of short-time reignition voltage derived 
from their tests (230 volts) will be considerably too low. 

2. In determining the family of circuit reignition curves to 
which their arc reignition curve is tangent, no account was talcen 
of the distributed capacity, nor of the possibility that the current 
might stop p rior to reaching its zero value. In order to operate 

1. See discussion by T. E. Browne, Jr. page 868. 


on moderate voltage circuits with the large currents used in their 
tests, the series inductance must have been rather small. This 
would tend to minimize the effect of the arc-failure current being 
greater than zero. A very small value of distributed capacity, 
however, increased the probability of a dip to a negative glow 
before voltage recovery. 

In general, both of the effects just mentioned, if considered, 
would tend to shift all of the arc reignition characteristics deter¬ 
mined by Messrs. Slepian, Strom, and Browne- toward the right. 

3. All of the arc reignition characteristics appearing in the 
paper by Messrs. Slepian and Strom result from tests using cur¬ 
rents of 300 amperes or more. In many eases the arcs were in 
rapid motion. In our work the currents were between 25 and 30 
amperes, and the arc relatively stationary. These rather striking 
differences may of course provide the true explanation for the 
differences between the two sets of arc reignition characteristics. 
In fact, it seems rather surprising that the two sets of tests do not 
give more divergent results than they do. 

Perhaps the most interesting part of their work is that relating 
to the effects of the presence of impregnated paper and of boric 
acid in accelerating deionization. I would like to point out in this 
connection something that is very commonly lost sight of; 
namely, that the presence of any surface whatever, liquid or 
solid, ^ conducting or non-conducting, is a great aid to recom¬ 
bination of electrons and positive ions wherever the ion concen¬ 
tration is at all great. Recombination in the volume of a gas not 
adjacent to a surface is always much less important than that 
at any surface. Ions disappear at the walls of an ionized region 
much as water flows over the edge of a dam; that is, practically 
every ion or electron that reaches the walls in the course of its 
random motions at once ceases to play any further role as a cur¬ 
rent carrier. « 

The existence of turbulent motion due to evolved gases will of 
course freshly expose various parts of the ionized region to sur¬ 
faces, as well as exerting a cooling action which makes more dif- 
ficult the production of new ions to replace those that recombine. 


2. Loc. cit. 
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Synopsis,—Developments made in circuit breakers in the last 
two years have emphasized the necessity for obtaining experimental 
evidence of the currenUvoliage^iime relationships that exist during 
the period when the a^c, arc between metallic electrodes passes 
through its cyclic current zero. Twenty-nine cathode-ray osdllch 
grams of these relaiionships are presented. 

During the current zero period the arc electrode voltage is deter’- 
mined by the circuit constants and rises until the electrode voltage 
reaches the breakdown or reignition valuCy which is determined by the 
deionizing influences at work while the arc is extinguished. Altera¬ 


tion of the circuit constants permits a variation in the rate of voltage 
rise with a consequent change in the reignition voltage. 

Permanent extinguishment of the arc occurs when the gap break¬ 
down voUage has risen, due to deionizing influences, to a value that 
cannot be reached by the electrode voUage controlled by circuit 
constants. 

The action of a circuit breaker in extinguishing an arc is greatly 
influenced by the presence of adjacent load circuits and by the 
presence of distributed inductance and capacity in the connecting 
lines. 


Introduction 


R ecent work on the general subject of arc extinc¬ 
tion as related to switch and circuit breaker action 
has emphasized the need for more accurate infor¬ 
mation concerning the conditions existing in an a-c. arc 
during the peiod of current zero. In particular, experi¬ 
mental evidence has been needed to show the rate at 
which the arc voltage rises toward a reignition value 
in the new circuit direction. This paper presents a 
study of the voltage and current relationships near the 
cyclic current zero in arcs between metallic electrodes, 
at moderate values of current and voltage, based on 
some two hundred cathode-ray oscillogtams. The 
cathode-ray oscillograph is necessary inasmuch as the 
voltage may change at the rate of several hundred 
millions per second. 

Records were taken with various circuit conditions, 
and with different electrode materials, shapes, and 
pacings. The electron beam in the oscillograph was 
initiated by a surge circuit controlled by a rotating 
contact s3mchronously driven from the same voltage 
source as that which supplied the are. The most 
consistent results were obtained with an arc between 
copper plates 8 in. sq. and of an in. apart. This 
arr^gement gives an are of constant length and one 
which reaches its current zero at nearly the same part 
of each half cycle. For most of the work the power 
source was a transformer suppl 3 dng 440 volts at 60 
cyclM. However, for certain circuit arrangements 
requiring high reignition voltages a 660-volt supply 
was used. The currents used wore 26 amperes or less. 

This investigation shows that when a small value of 
arc curr^t is reached tiie current breaks sharply to 
substantially zero, where it remains until the discharge 
starts again with the opposite polarity. During this 
period^ the voltage across the- arc electrodes rises 
according t o the usual circuit equations until breakdown 

*Asst. Prof, of Elec. Ei^., University of MicMgan, Ann 
-Arbor, Mieb. 

tProfessor of Eleo. Engg., Ohio Northern University, Ada, 
Ohio. 

Presented at the Middle Eastern District Meeting of the A. I.E.E., 
Pittsburgh, Pa., March li-lS, 19S1. 


occurs, 3 ddding first a glow discharge in the arc gap and 
later an arc with the new polarity. Variation of the 
circuit constants offers the opportunity to alter the 
rate of the voltage rise. It is found that a voltage 
rising slowly must rise to a relatively large value 
before breakdown occurs. The curve of breakdown 
voltage against time has been discussed by Dr. Slepian 
from a theoretical basis.^ This study presents the 
experimental evidence that permits this curve to be 
found and shows the modifications that must be made 
in it. 

Moreover these oscillograms show the influence that 
nearby loads exert upon arc extinction in circuit 
breakers and emphasize the necessity for further study 



of ddonizing agents in the arc gap and of the influence 
of long lines with distributed constants upon arc 
extinction. 

Arc Ciirrent—Voltage Relations 
I. UNSHUNTEa) Arc 

^ The arc c^ent in the tests made was limited by an 
air core series reactor of sufficient size to the 
cTOTent lag nearly 90 deg. behind the supply voltage. 
Fig, 1 shows the circuit composed of the transformer of 
voltage e, copnected through the reactor L, with its 
small (but not negligible) distributed capacitance Cu 
to the arc. The arc voltage e. was measured by the 
oscillograph. The time relationships existing between 
the supply voltage e„ the arc voltage e. and the are 
current ia are shown qualitatively in Fig. 2. Except 

1. Extinction cf a Long A-C. Are, J. Slepian, A, I E E 
Tbans., Vol, 49,1930, p. 421. 
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at instants near the current zero the current is practi¬ 
cally a sine wave nearly 90 deg. behind the supply 
voltage. Throughout this part of the cycle the are 
current to is practically tiie same as the current in the 
inductance, tL. 

Eventually the are current reduces sinusoidally to a 
small value (order of 0.1 ampere) Ii at which it suddenly 
fails, falling very sharply to practically zero, where it 
remains until the arc again is made with current in the 
opposite sense. In some cases this transition period to 
the arc in the new direction has lasted for 600 micro¬ 
seconds, which is 7 per cent of one-half cycle at 60 
cycles. Throughout this period the supply voltage is 
practically constant (e, = E). 

The current it in the inductance cannot drop instan¬ 
taneously and therefore surges into its own distributed 
capacitance. From < = 0 to t — h the voltage Co 
may be computed by the usual circuit equations, inas¬ 
much as the arc current is practically zero. See 
Appendix A. 

6a — E — Em COS (cO i -(- 0) (1) 

where 


1 

VLCl 



E => the maximum of the supply voltage. 

El = the arc voltage when the arc fails. 
h = the are current when the arc fails. 

Ba = the arc voltage during the period of i = 0 to« = 


d 


= tan“^ 


Ji/w Cl 
E- El 


angle from arc failure to nega¬ 
tive maximxim. 


Particular note should be made of the fact that both 
the magnitude and the phase positipn of the negative 
voltage maximum are determined largely by the magni¬ 
tude of the arc current when the arc fails. The fre¬ 
quency of the oscillation represented by this equation 
was of the order of 30,000 cycles per sec. in the circuits 
used. During this period from ^ = 0 to t = h the 
current has changed from an extremely small negative 
value (much less than the 0.1 ampere arc-failm*e cur-, 
rent) through zero at the zero of voltage to a small 
positive value. The current appears to change at 
approximately a imiform rate throughout this interval. 

At time )5i the voltage across the electrodes no longer 
rises. In fact it drops quickly to a voltage where it 
remains practically constant for a period of from zero 
to as long as 500 microseconds. The steady voltage eg 
is indicative of the existence of a glow state (high-volt¬ 
age small current arc). The glow voltage is of the 
order of 350 volts. During the glow the current though 
still very small rises at a considerably greater rate than 
during the preceding period. Eventually the glow 
current rises to a value sufficient to maintain an arc 
proper (low-voltage, relatively high-current phenom¬ 
enon). This change occurs at i = h. At this moment 


the electrode voltage drops with great rapidity from 
the glow value of about 360 to the arc value of about 
76, the latter depending on the length of the are. 
Throughout the remainder of the half cycle the arc 
voltage remains constant, but the arc current exhibits 
its sine character. 

Typical oscillograms illustrating this circuit condition 
for arcs between iron, aluminum, and copper electrodes 
respectively are shown in Figs. 3 a, b, and c. In these 
three figures the starting glow voltages are 360, 310, ^d 
340. The breakdown voltages preceding the glows are 
380, 320, and 380 occurring in 24, 27, and 20 micro¬ 
seconds respectively. There appears to be far less 
difference between these kinds of electrodes, at least, 
than between various circmt conditions for only one 
electrode material. 

It has been shown that the negative electrode voltage 
dip is due to the sharp break in the negative are current 
and depends for its magnitude upon the value of the 
current at the moment it fails. It is possible for the 



Fig. 2 —Unshttnted Arc Current and Voltage 

current to fail earlier in the cycle at a larger negative 
value. In this case the negative electrode voltage may 
drop very sharply, in practically linear manner with 
time, to a sufficient value to produce a negative glow 
which lasts for a few microseconds and dies out. After 
this the electrode voltage follows the usual cosine curve 
givmi by equation (1). Fig. 3d illustrates the two 
t 3 q)es of negative voltege dip that may occur. This 
particular oscillogram is on^ of an 0.0096 fd. capacity 
shunted across the arc, but similar negative dips with 
the unshunted arc have been observed frequently. 

The sudden changes of the volt-ampere relationships 
in the electrical discharge that is passing at low-current 
values are best understood in terms of the volt-ampere 
characteristics of the arc and glow discharge in air at 
atmospheric pressure. Compton® gives the type of 
characteristic shown in Fig. 4 a, based on the use of 
direct CTirrent over long time inteivals. The oscillo- 

2. The Physical Nature of the Electric Arc^ Comptoa, 
A. I. E. E, Trans., 1927, p. 868. 
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grams presented in this paper clearly show the existence 
of both the arc and glow states at low arc current values, 
but they indicate that the shape of the volt-ampere 
charaetCTistic is appreciably different from that shown 
in Fig. 4a. 

In the a-c. arc, with conditions changing with great 
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Fig. 3—Voltagb OsciI/Logbams for Fe, Al and Cu, 
Unshontbd Arcs. 3d Iddusthatbs Negative Dip (Round 
Curve), and Negative Glow (Peaked Curve) 

rapidity, the are current may fail at larger or smaller 
values, the larger values producing a negative glow, the 
smaller values failing to do so. A positive arc voltage 
produces a very small current growing with the voltage 
until the glow voltage is reached, when the cu^nt 
rises at practically constant voltage. This condition 


continues until the arc current has reached a value 
sufficient to maintain an arc proper, whereupon the 
voltage drops sharply (about 400 to 75) and the current 
returns to its sinusoidal variation at constant arc 
voltage. Fig. 4b is a cyclogram of arc voltage against 
arc current illustrating this point. This cyclogram WM 
taken with a 4,000 ohms shunt across the arc, but it is 
representative of the unshunted arc case. It should 
be noted in the cyclogram that the curve has a different 
shape for the two polarities in the alternating-current 
case, while an extension of Fig. 4a to include negative 



A 



B 

Fig, 4—^Voltage Citiirent Cyclogeams 

A. Direct current and long time (Oompton) 

B. A-c. short-time oscillogram 


currents for the direct-current situation would be a 
perfect reflection of the curve as shown but with 
reversed polarity. 

II. Resistance Shunted Arc 
The circuit used for the resistance shunted arc is 
shown in Fig. 7a. The electrode voltage during the 
arc current zero for a resistance shunted arc must be 
written in two forms, depending upon whether the 
resistance R is greater or less than the critical resistance 


1 

Rc, which is equal to' 



See Appendix B. 
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For resistances larger than the critical resistance the 
electrode voltage becomes 


1 

Sa = E — e (£7 — Fi) cos co t 


+ 




, E — El 
+ — 2 ^— sin CO t 


] 


CO 




LCt 


4R^Cl^ 


( 2 ) 





See Appendix B-I. 

Figs. 5a, b and C illustrate this condition. For the 
first two of these cases with an infinite resistance 
equation (2) reduces to the simpler form of equation 
(1). Equation (2) holds for Pig. 5o inasmuch as the 
10,000-ohm arc shunt is greater than the critical re¬ 
sistance of 6,125 ohms. 

The circuit conditions back of all of the oscillograms 
of Pig. 5 were identical except for the shunt resistence, 
and the maximum value of the line voltage varied only 
slightly from 975. The series reactor possessed an 
inductance L of 0.066 hemys and a distributed capacity 
(7 l of 440 fifd. This distributed capacity may easily be 
calculated by applying equation (1) to one of the curves 
of Pig. 5b. Prom the magnitude and phase position 
of the negative dip maximum co may be computed and 
hence Cl found. The arc was struck between the cen¬ 
ters of two 8 in. by 8 in. parallel copper plates spaced 
of an in. apart. The arc was semi-enclosed to 
prevent effects from stray air currents. 

For resistances smaller than^the critical resistance the 
electrode voltage takes the fonn 

= E — e 1^ (P — Pi) cosh t 


A 


E 



p 




See Appendix B-II. 

Pigs. 5d, b, p, g and H for shunts of 4,000, 2,000, 
1,200, 800 and 500 ohms respectively may be repre¬ 
sented by equation (3). 

For purposes of computation equation (4) may be 
used in place of equation (3) from which it has been 
reformed. 
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Pig, 5—Voltaob Oscilloobams foe Rbsistanois Shunted 
Arc. 25-Ampere, 660-Volt, M-in. Abo Between Plat 
Copper Electrodes 




































ATTWOOD, DOW AND KRATJSNICK 


Transactions A. I. E. £. 


858 


e„=E- 


1- Ax 


Jff 

+a3) 




r / Ax \ ~| integration from the electrode voltage curve, provided 

|^(£?—Sx)^l— 2 /~-^i i-ii© reactor distributed capacity is relatively small. 

di 

E — ea = L » so that 


(4) 


where 


a = 


4E‘Cl 


Ax=l-2fiJCi,^=l-Vi=^=4-+'$ 
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+ + + 


2 Ax 

A3^-— _ 1 = 
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As i increases the second term in the large bracket 
becomes very small, and when t ^the error 


introduced by its omission is less than one per cent. 

The 600-ohm shunt of Pig. 5h is the lowest resistance 
at which it was possible to operate the arc. At and near 
this border line resistance the electrode voltage shows a 
peculi^ hump at approximately the glow voltage. 
Sometimes the electrode space breaks into the glow at 


i = J' {E- ea)dt + K 

Subtracting the current through the shunt resistance 
gives the arc current. 

itt — i in = C (E — fio) d t K — —(5) 
The effect of the arbitrary constant may be eliminated 
.jnmorL _ L 





Fig, 6 Y oltage and Current for Resistance Shunted Cu 
Arc with Negative Glow 

tWs stage and at other times the voltage rises to a 
higher breakdown point, then drops to glow or arc value. 

The arc current curve takes the general form shown 
in Fig. 2 if the electrode voltage goes through its round 
negative dip. However, if the sharp voltage drop 
leading to a n^ative glow occurs (Fig. 6), the current 
drops to zero simultan^busly but at once rises to a 
value sufficient to sustain a negative glow, after which 
it drops gradually throughout the eristence of the nega¬ 
tive glow, reaching zero at the end of the glow period. 
JVom this time on until the positive breakdown voltage 
is reached the current is extremely small and the 
voltage eqxiations given hold. 

The reactor current can be obtained by mechanical 


7—Circuits por Rksistancb and Capacity Shunted 
Arcs 

A Arc shmited by resistance 
B Arc shunted by capacity 

by choosing the arc current as being zero when the arc 
voltage is zero. 

III. Capacity Shuntejd Arc 
The circuit used for the capacity shimted arc is shown 
in Fig. 7 b. The small distributed capacity of the series 
reactor Cl may be neglected in comparison with the 
capacity across the arc C, inasmuch as the. latter is far 
the greater. 

The electrode voltage is given by equation (6), for 


+ 


If* 

4 L*' 

/JL 

\ LC' 

See Appendix C. 
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(7) 


The studies presented in this papa* involved a series 
^istance so low that it might be neglected. Making 
it = 0 equation (6) reduces to the form shown in 
equation (7), which is identical with equation (1) 
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PiQ. 8 Voltage OsciiiLogbams bob Capacity Shunted 

Cm ABC 

providing the capacity of the coil is now replaced with 
that placed across the are. 

Co = E — Em cos (o)t + 8) 

_ 1 
“ VI^ 



The electrode voltage, with capacity shunt, may exhibit 
the rounding negative dip or the sharp drop that leads 
to the n^ative glow, as shown in Figs. 8a and B. In 
these figures is shown also the possibility of having 
either a glow or an arc state immediately following the 
^p^ breakdown. The general character of these curves 
is similar to those for resistance shunted arcs. In the 
latter howeva* the positive glow state almost uni¬ 
versally appeam. 

All four electrode voltages shown in Fig. 8 were 
obtained by using a capacity of 0.0125 pi. Figs. 8c 
and D illustrate a state that exists only with a relatively 
large capacity. In these figures it is seen that the 
voltage following the initial breakdown may break to 
a negative value or may develop into a sawtooth wave. • 
Since the electrode and the capacity are shunted, the 
extremely rapid drop in voltage indicates a short time 
discharge of the condenser, or spark through the arc 
space. The negative voltage overshoot may be due 
to the small inductance of the condenser arc path or 
to some internal arc ionic condition. In the case of 
Fig. 12d, where the timing is stretched out sufficiently 
to permit measurement, the average arc current was 
foimd to be 13 amperes during the first spark and 
approximately 8 amperes during each of the succeeding 
sparks. 

Following the spark the electrode voltage, starting 
from approximately zero, rises again according to 
equation (7) but at a steeper slope because the initial 
ciurent 7i in the series reactor path has grown consider¬ 
ably since the first breakdown. Spark after spark may 
follow until the series reactor current has grown to a 
point where a glow or an arc may be maintained in the 
S&P* A. sharp crackling and hissing noise accompanies 
the operation of this type of arc. 

The oscillograms shown in Figs. 9a and B give the arc 
current and voltage for identical conditions, except that 
it was necessary to introduce a small coil into the are 
path in order to measure the current. The capacity 
was 0.0125 pt. The oscillograms were taken only a 
few s^onds apart. The current pictme shows clearly 
the initial break in the current, the prolonged current 
zero period and the spark that occurs whenever the 
electrode voltage drops suddenly. The current curve 
has been offset fixim the zero line. The are current 
curve has approximately the sUme slope as the series 
rector cun-ent for the condition of the arc short-cir¬ 
cuited, as it should. 

Figs. 10a and B are oscillograms of a cyclogram and 
an arc voltage taken a few seconds apart under the 
same conditions as those of the preceding figure. The 
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new point to be observed is the loop on the cyclogram 
which represents the current-voltage relation during 
the transition from the glow to the arc. Probably the 
loop should be pointed in the current direction; the 
rounding may be partially due to the inductance of the 
gyngll coil inserted in the arc path for measurement 
purposes. The records on Pig. lU, taken at intervals 
of a few seconds, show the current and voltage with 
the same capacity (0.0125 /if.) when a sawtooth occum. 
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the arc-failure current for any pmticular record. 
Practically the slope is changing with considerable 
rapidity at this moment, so that it is impossible to 
obtain an accurate measure of the current by this 
means. 

The trace ordinarily continues downward to a nega¬ 
tive maximum which provides a good measure of the 
arc-failure current. Equation (9), obtained by equat¬ 
ing the derivative of equation (4) to zero and rearrang¬ 
ing, shows the relation between Ii and the extoeme 
of the negative dip, for the logarithmic case with a 
resistance shunt. 



. 1 

A/^C 

i/OLTAc5e 



Cu 

nr; __ 

30 KC 


Pig. 


9—CURBBNT AND VoLTAGE OsCILLOGRAMS FOB 0.0125 fif 
Shunt 



. OIZS /V/: S/HyNT 


Fig. llB is the complex tsqie of cyclogram that may be 
expected in this case. 

The effects of varying the capacity shunted across 
the arc are shown in Fig. 12. Below 0.01 /tf. the gap 
goes through the glow to reach the arc stage, but for 
larger capacities the sawtooth replaces the glow interval 
and the voltage changes require longer and longer 
periods. For the larger capacities the negative voltage 
dip is -missing , not because the current continues until 

1 1 is zero but because the term —^ in equation (7) be- 

CO O 

comes negligibly small compared to E — Ei. 

Aec-FailDbe Ctjerent Valxjbs 
A knowledge of the numerical values of arc-failure where 
currents is desirable. Now as soon as the arc stops 
momentarily at the end of a half-cycle the voltage 
recovwy curve starts sharply downwards (increasing 
negative values) -with a slope given by 

\ dt ),.o“ C 
as shown in the appendixes. 

Theoretically this provides a measure of h, which is 



Pig. 10—Ctclogram anv Voltage for 0.0125 itf Shunt 
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tm - time at which it occurs. 
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A 1,0 and a have the meanings previously assigned. 


For the harmonic case with a resistance shunt equa¬ 
tion (12), obtained in a manner similar to equation (9), 
provides the best approach to h. 
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Equation (10) can readily be put into a form giving a . 
direct solution for h in terms of C, but in the records 


E — El 
2R 


( 12 ) 



A 



B 

Fig. 11—Cyclogram, Current and Voltage for 0.0125 fjf 

Shunt 


obtained tm could not be accurately measured. It is 
easy, however, to measure em closely. Ii is then obtain¬ 
able by a trial and error solution of equation (9), in 

which T ^ is only slightly sensitive to changes in h. 

Ag 

The greatest value of T ^ for all of the records studied 
was about 1.2, obtained in one of the 4,000-ohm eases; 
its minimum was of course unity. 

For very small values of a, such as occur in the 
present study when R is 600 ohms, Ai and A* can be 
neglected entirely, giving the still simpler form of 
equation (11). 
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Fig. 12 —^Voltage Oscillograms for Capacity Shunted 
Arc. 25-Ampere, 660-Volt, 5^-in. Arc Between Flat 
Copper Electrodes 
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As in the preceding case, a trial solution is required if 
t,n cannot be accurately measured. 

For the capacity shunted arc, E - becomes E,„ 
in equation (1), which is very readily solved for 1 1 . 

Of course if the arc-failure current is large enough so 
that the negative maximum that it would naturally 
reach exceeds the reignition voltage, a negative glow 
forms, and the normal extreme indicated by the circuit 
equations is never reached. This makes impossible 
an accurate determination of the arc-failure currents 
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large values. A low resistance is favorable toward arc 
failure at a relatively high value of arc current. A large 
capacity seems to have a similar tendency. 

The maximum arc-failure current evaluated, con¬ 
sidering all the observations with resistance and with 
capacitance in parallel with the arc, was less than 0.6 
ampere. Some that resulted in a negative glow may 
have been slightly greater. The minimum determined 
was about 0.03 ampere. Values less than 0.05 ampere 
were very unusual. 



Fig. 13 Ahc-Failtjsb Curebnts for Resistance Shunts 

for such cases; all that can be said is that they exceed a 
certain value. 

Complete calculations have been made of the arc- 
failure currents from those traces that did not indicate 
a negative glow, the determinations being based on the 
extreme negative dip of the voltage recovery curve. 
The values obtained vary widely, but nevertheless 
exhibit a consistent trend in relation to shunt resistance 
values used._ This is illustrated in Fig. 13, in which 
a heavy vertical line extends from the extreme lower to 
the upper value of arc-failure current observed with 
each resistance condition studied. The solid curve 
marking the upper ends of these lines merely indicates 
the boundary between currents that will and those 
that will not produce a negative glow. 

Dotted lines join points that have been plotted to 
indicate the average of those arc-failure currents that 
did not produce a negative glow. Of course the omis¬ 
sion of the glow cases prevents the averages from being 
of great significance, since every omission indicates an 
are failure at a current near to or above the maximum 
of those contributing to the average. There is never¬ 
theless a sufficiently definite trend to make the plot of 
interest. The figure adjacent to each point is the num¬ 
ber of records contributing to the average, and at the 
top of each heavy vertical line is another figure which 
stands for the number of records made indicating a 
negative glow. 

Fig. 13 indicates that the resistance acts in some way 
to affect the most likely value of arc-failure current, 
and to change the likelihood of very small or very 


Arc Leakage with Resistance Shunts 
A peculiar behavior of considerable interest is ex¬ 
hibited most clearly in Fig. 5g. There is a sudden 
change in the slope of the voltage rise curve just before 
it rea,ches zero on the return from the negative peak. 
This is quite pronounced in the 1,200-ohm and 800-ohm 
records, and actually exists to a greater or less extent 
in all of the logarithmic cases except that for 4,000 ohms. 
In order to analyze it carefully the extreme left record 
of Fig. 5e has been reproduced as the solid line in 
Fig. 14. The lower dotted line represents the theo¬ 
retical curve resulting from equation (3) that should 
be expected from an arc-failure current sufficient to 
give the negative voltage peak that does occur. The 
oscillographic record follows the theoretical curve very 
closely until shortly after the negative peak is reached, 
then for a short time the potential between the elec¬ 
trodes decreases much more rapidly than it would 
according to circuit theory. This is indicated by the 
departure of the voltage trace from the lower line. 
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Fig. 14—Analysis of Voltage Curve from Fig. 5e to Show 
Effect op the Arc-Leakage Current 

As soon as zero voltage is reached it again follows a 
theoretical curve closely until reignition. The new 
curve has the same decrement and final asymptote as 
the original one, but differs in reference to initial 
conditions. 

This indicates that for a few microseconds after the 
negative peak an appreciable ^fieak^^ of current takes 
place between the. electrodes, without, however, 
resulting in a negative glow at its characteristic voltage. 
No such behavior as is illustrated in Fig. 14 appeared to 
take place in the capacity shunt observations. 
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Reignition Voltage as Related to Cbrcoit 
Constants 

One of the primary objectives of this investigation 
has been the determination of the nature of the rela¬ 
tionship that exists between the value of voltage 
required for reignition and the time taken to reach that 
voltage. A program to meet this requirement neces-' 
sitated modif 3 nng the circuit constants in such a way as 
to cause the voltage to rise at widely different rates. 
This was done by the use, first of resistance, then 
capacity, in parallel with the arc. The results of the 
resistance tests appear in Fig. 5, and those with the 
capacity in Fig. 12. 

In making the tests for Figs. 6 and 12 considerable 
pains were taken to maintain the arc length, current, 
and power consumption constant. In spite of this 
quite a variation in reignition voltage appeared, es¬ 
pecially in the case of slowly rising voltages. The 
results of all the tests that were made on the 
25-ampere 660-volt circuit arc are combined in Figs. 15 
and 16. Each point on these graphs represents a 
reignition voltage, plotted against time measured from 
the instant at which the arc current failed. 

Referring back to Fig. 14, it is seen that after zero’ 
voltage the recovery curve with a resistance shunt 
follows a theoretical trace dependent on the logarithmic 
decrement determined by circuit constants, on the 
asymptote determined by line voltage, and on the time 
at which zero voltage occurs. The dotted lines in 
Fig. 15 are such curves calculated from equation (4). 



Pig. 15—RaioNmoN VotTAGE—^T ime Valves foe 
Resistance Shvnts 

ES-ampere. 660-wlt, 8/4-in. arc between flat copper electrodes 


In placing them the zero voltage time was selected so 
to make the curve lie as close as possible to all of the 
observed reignition points. 

In Fig. 16, representing the capacity shunt condition, 
the dotted lines that appear for each value of capacity 
used are theoretical voltage rise curves calculated from 
equation (7). The values of are failure currents used 
in the calculations were chosen to produce curves best 
fitting the observed reignition points. These currents 
may be regarded as representative arc-failure currents 


for each set of circuit conditions. The occasional points 
at some distance from the curves merely indicate are- 
current failure at some value considerably different from 
the representative value chosen for the curve. For 
the 0.05, 0.2, 0.33 and 0.5 /if. capacity conditions the 
most representative are-failure currents were so small, 
relative to other terms in the equation, that they 
had a negligible effect on the positions of the curves. 

A small group of points to the extreme left of both 
figures, between 330 and 380 volts, and between one 



Shvnts 

26-ainpere, 660-volt, 3/4-ln. arc between flat copper electrodes 

and two microseconds, is taken from ignition points 
of the negative glow. These fit very well into the 
general appearance of the rest of the diagram; this 
tends to discount any supposition that would make the 
change in polarity of importance in determining the 
short-time re-strildng voltage. 

Closely related to the requirement of a generally 
higher re-striking voltage for smallerresistances or larger 
capacities there developed a consistently increasing 
difficulty in maintaining the arc for any great length 
of time. After only a few seconds of operation with 
small resistances or large capacities, and at some 
apparently accidentally determined half-cycle, the 
required re-striking voltage continued indefinitely to 
exceed the recovering voltage, hence the arc ceased. 

The upper and lower envelope curves that appear 
on Figs. 15 and 16 provide a demarcation of the zone 
within which reignition occurred. It is int^esting 
to note that the reignition locus obtained by Slepian 
using an indirect method is in general similar in shape 
to the upper envelope, but starts at a short-time value 
of 235 volts and is correspondingly low in value through¬ 
out its length. This locus is plotted on Figs. 15 and 16 
for comparison. 

The general features of these locus figures noiay be 
summed up as follows: 

(1) For a very short time delay, the reig^ition 
voltage is quite definite in value, and is about the same 
as the glow voltage, but perhaps a trifle higher. 
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(2) As the voltage rise is delayed, the reignition 
voltage value varies between wide limits, the maximum 
rising considerably above the glow voltage, the mini¬ 
mum not changing greatly. 

(3) There is no very marked difference between the 
reignition voltage required for a given time delay 
produced by resistance and that produced by capacity. 
The envelope curves in the two diagrams are identical. 

It seems difficult to account for the great variation 
in late reignition voltages in terms of the varioiis de¬ 
ionization processes that have been supposed to exist; 
especially is this true for the occasional very low re¬ 
striking voltages. In the experiments leading to 
. Figs. 15 and 16 the ends of the arc were not stationary; 
they traveled, relatively slowly, on the surfaces of the 
copper plates that served as electrodes. The motion, 
while not rapid, was certainly sufldcient to expose the 
arc to operation on surfaces differing from one moment 
to the next due to local irregularities. It may be that 
the variations observed resulted from these surface 
irregularities. 

In a glow discharge the electron stream from the 
cathode leaves the body of the metal as a result of a 
combination of several causes, among them being bom¬ 
bardment by positive ions and the existence of a po¬ 
tential gradient due to a space-charge adjacent to the 
metal surface. The severity of the ion bombardment 
is of course closely related to the potential gradient at 
the cathode and to the space-charge. It seems reason¬ 
able to suppose that when some critical gradient at 
the surface is reached, electrons are suddenly released 
freely enough to support a glow discharge. In this 
case the reignition voltage might be expected to depend 
somewhat on surface irregularities, surface tempera¬ 
ture, and space-charge distribution in the arc path, 
all of these being variable elements. 

Application to Power Systems 
The facts that have been presented are of interest in 
a consideration of conditions imder which circuit 
breakers on electric power systems must operate. 
Manufacturers have observed that circuit breaker 
test installations in which reactance coils are used 
to limit , short-circuit current impose an actual circuit 
breaker duty more severe than that resulting from the 
same current interruption requirement in normal 
service on a power system. The difference is attributed 
to the introduction of a considerable capacity in paral¬ 
lel with the arc by the lines and apparatus that limit 
the short-circuit current, and to the production of a 
condition roughly equivalent to a parallel resistance by 
the presence of load circuits. Both situations delay 
the voltage rise toward reignition, thereby permitting 
a longer time for recovery of dielectric strength in the 
arc region. This of course favors an early extinguish¬ 
ing of the arc. 

A single-phase short circuit is usually interrupted by 
an oil switch in which there are two breaks in series in 
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e a c h of the two line wires involved. There will then 
be four arcs in series in which reignition must occur if 
the arc is to persist after the end of any given half¬ 
cycle. Due to the variability of the reignition voltage, 
it is not to be supposed that all four m*cs will reach 
re-striking voltage at exactly the same instant, but as 
soon as one breaks down the others will follow im¬ 
mediately due to the increased voltage imposed on 
them. If the electrostatic fields in the circuit breaker 
are such as to produce an approximately even distribu¬ 
tion of the total voltage between the four breaks, the 
over-all reignition voltage will be approximately four 
times that for any one arc. 

In oil circuit breakers the arc is drawn in oil. After 
a very short time it is playing in a bubble of gas formed 
by the decomposition of oil. The reignition and glow 
voltages cannot be expected to be the same in these 
gases as in air, but they should be of the same order of 
magnitude. The total reignition voltage can then be 
represented in the manner of Figs. 15 and 16 except 
with voltages in general about four times as great. 

The calculation of the voltage rise curves for a trans¬ 
mission circuit is complicated by the necessity of con¬ 
sidering distributed capacity and inductance in their 
relation to the time required for the propagation of an 
electrical impulse along a line. Thus it requires about 
50 microseconds for an ’mpulse to traverse 10 miles of 
line; therefore it would seem that only the capacity of 
that part of the line less than 10 miles from the circuit 
breaker can effect the voltage across the arc during the 
first 50 microseconds of voltage rise. Furthermore, the 
effect of the distributed capacity of a given section of 
lirifi will depend on the inductance to be traversed by 
the charge in reaching it. The authors plan to present 
an analysis of this situation in the near future. For 
the present, however, a few general observations can 
be made as to what is likely to occur. 

In general, flower system voltages are much higher 
tbari those used in securing the results that have been 
described. Equations (1), (2), (3) and (4) all show 
that these higher voltages result in a tendency toward 
a correspondingly greater rate of voltage rise toward 
reignition. However, the values of inductance and 
capacity that apply to transmission circuits are also 
much larger than those used here. Rough estimates 
using characteristic values of circuit constants make it 
seem probable that the net result is a delay of re¬ 
ignition by periods of time of the order of magnitude of 
those illustrated in the oscillograms. 

There will of course be great differences in the rates 
of voltage recovery according to the location of a cir¬ 
cuit breaker in a transmission system. There seems 
no doubt, for example, but that the voltage rise in a 
circuit breaker just off a generating station bus will 
take place very much more rapidly than in one located 
at the load end of a 100-kv. line qf considerable length. 

The current density in an arc is usually approximately 
constant. Changes in total current result in an in- 
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crease or decrease in the cross sectional area of the arc 
stream and in the area of the cathode spot from which 
the electron stream emerges. As yet no reason is 
apparent for believing that the decreasing current in 
an arc of 1,000 amperes r. m. s. value will cease at a 


prior to reignition. This acceleration appears as an 
increase of slope in the reignition locus. Thus the 
reignition locus for each half-cycle should be steeper 
than the previous one as well as starting at a higher 
value. 


minimum value any higher than the 0.05 to 0.6 ampere 
found here to apply in the case of a 26-ampere arc. 
The larger arc current will produce a higher electrode 
temperature, and this might easily favor a lower 
arc-failure current. In an application to practical 
problems the arc-failure current' is of much less im¬ 
portance on high voltage than on moderate voltage 
circuits so far as its effect on the rate of voltage recovery 
is concerned. 

The arc studied in this investigation was M in- long. 
When interrupting a short circuit of any considerable 
magnitude a circuit breaker arc will be maintained to a 
considerably greater length than this, and while it 
lasts each half-cycle will end with a considerably 
greater electrode spacing than did the preceding one. 

The voltage required for reignition in the case of 
extremely rapid voltage recovery is approximately 
the glow voltage. With a moderately short electrode 
spacing this is much higher than the normal arc volt¬ 
age that exists during the greater part of each half¬ 
cycle. Most of the potential difference Ijetween 
electrodes in the glow occurs in the cathode drop 
associated with the positive ion space-charge adjacent 
to the cathode. This cathode drop is of course not 
affected by increased electrode spacing. As the elec¬ 
trodes separate the glow voltage increases, but not 
nearly in proportion to the change in spacing, as the 
increase takes place entirely in the region between the 
cathode drop and the anode. 

As the cathode drop in the normal arc is a much 
smaller fraction of the total than is that in the glow, 
the arc voltage may be expected to increase much more 
rapidly than the glow voltage as the electrodes spread. 
By the time the separation is several inches the two may 
be approximately equal. It is very unlikely, however, 


In Fig. 17 an illustrative set of expected reignition 
loci for three successive half-cycles during a circuit 
breaker operation has been sketched qualitatively. 
Each one of these represents what must inevitably be 
true, that at every instant of time following each cur¬ 
rent zero there is some definite voltage that would 
cause reignition, and that this voltage increases with 
the passage of time. The reignition zones for a %-in. 
arc in air, bounded by envelope curves of Figs. 15 and 
16, indicate the limits within which a reignition locus, 
representing the behavior at the end of that particular 
half-cycle corresponding to a M-in. separation must lie. 
It will be observed that the reignition curves have been 


Pig. 17—Rbignition Voltage—^Time Values for Capacity 
Shunts with Increasing Electrode Spacing 



that the short-time reignition voltage will ever be less 
than the normal arc voltage. If it were to be so, a 
complete half-cycle of glow, at low current and glow 
voltage, would immediately precede final arc extinc¬ 
tion. Such behavior in a circuit breaker would be 
readily observable in the voltage and current traces 
of an ordinary oscillographic record, and no tests 
indicating it have come to the authors' attention. 
Low-voltage arcs between copper rods have, however, 
been observed to extinguish immediately following a 
half-cycle at glow rather than at arc voltage, the ex¬ 
tinction resulting from gradual electrode separation. 

In any case, the short-time reignition voltage will 
be greater for each successive half-cycle as the elec¬ 
trodes separate. In addition to ptoducing this change, 
the greater spacing permits readier access of relatively 
cold oil vapors and in this and other ways accelerates 
the deionization that is taking place in the arc region 


represented in Fig. 17 as increasing both in short-time 
value and in steepness for successive half-cycles in 
accordance with the preceding discussion. 

The lower family of curves of Fig. 17 represents 
typical voltage recovery curves, of the capacity shunt 
t 3 rpe, for successive half-cycles, numbered to corre¬ 
spond with the proper reignition locus. Each curve 
starts at a lower point on the graph than its predecessor 
because of the greater are length and consequent 
greater normal are voltage. The shapes of these curves 
are all alike, however, as they depend only on circuit 
constants external to the active breaker. 

As soon as the electrode separation results in a 
reignition locus not intersected by the corresponding 
voltage rise curve, as illustrated by the No. 3 pair of 
Fig. 17, the circuit breaker duty is completed; the 
arc will not re-strike. It is evident that in any situ¬ 
ation where the circuit constants result in a veiy rapid 
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voltage recovery, there must be compensation for this 
by a correspondingly rapid deionization in the region 
between the electrodes if the arc is not to be drawn out 
to an extreme length. Also, on the whole, a parallel 
resistance condition should be more favorable than a 
parallel capacity, as it would not demand ultimately 
so steep a slope of the reignition locus to result m a 
failure of the curves to intersect. 

Summary 

A series of oscillographic records of voltage and cur¬ 
rent in an a-c. arc between copper electrodes, taken 
near the moment of current reversal, has indicated the 

following points: j # 

1. For a brief but measurable period at the end ot 
each half-cycle the current between the electrodes is 
essentially zero. 

2. The values of electrode potential difference 
during this time can be accurately predicted if the 
electrical constants of the circuit and the values of arc 
voltage and current at the moment the arc stops are 
known; or conversely, if the voltage trace is known, 
the arc-failure current can be obtained. 

3. Before current can pass in the new direction 
the voltage between the electrodes must rise to a 
definite minimum value. For copper electrodes in 
air at atmospheric pressure this is about 300 volts, and 
is very little affected by electrode shape or placement 
up to spacings of at least one inch. 

(4) Under certain conditions the electric current 
flow between the electrodes just before or after the 
current zero, or both, may take the form recognized m 
a glow discharge, the glow voltage being about the 
same as the minimum reignition potential. 

(5) If either resistance, or capacity, or both, are 
connected in parallel with the arc, the rate of voltage 
rise in the new direction is materially decreased. As^ 
dated with this time delay in the approach to reignrtion 
potential an increase in the voltage required for reigni- 
tion usually occurs. The change, however, is not 
conastent from one half-cycle to the next, due to van- 
able factors whose nature is not yet definitely 
determined. 

(6) As applied to circuit breakers on powOT trans¬ 
mission and distribution systems the equations for 
electrode voltage during the period of zero arc current 
involve consideration of distributed inductance and 
capacity, and perhaps more important, the time of 
propagation of the electrical impulses between points 

concerned on the circuit. ... 

(7) The rate of voltage rise toward reigmtion m 
power system circuits may be expected to be greatly 
affected by the position of the circuit breaker and fault 
relative to the inductance and distributed capacity 

of the system. , 

(8) The presence of load circuits paralleled with the 

arc adjacent to its input side may b^e expected to ^t 
in the same general manner as a resi^nce in paralM 
with the arc, tending to cause a delay in the rise toward 


reignition, with a consequent lessening of the expected 

severity of circuit breaker duty. 

(9) Increasing length of arc due to progressive elec- 
trode separation may reasonably be expected to r^^t 
in a greater initial value, and greater steepn^, of the 
reignition locus, and in a simultaneous lowering of the 
voltage available for reignition at any specified moment 
following the current zero. The arc extinguishes when 
at the end of some half cycle the voltage curve fails to 
cross the reignition locus. 
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Appendix A 

(See Fig. 1) 

Arc Voltage During Arc Current Zero. (No Arc Shunt) 
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1 1 = the arc current when the arc fails. 

= the arc voltage during the period i = 0 to < = 
(Fig. 2) 
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Discussion 

T. E. Browne, Jr.i The investigation described in this paper 
18 of extreme mterest to those of us -who are -working on the prob¬ 
lem of m e^motion, and a very welcome contribution to our 
knowledge of this subject. These oscillograms are, so far as I 
toow, the first to be obtained showing directly on a tiinn axis 
just what occurs to the current and voltage of a short a-c. arc 
during the elusive current zero period. Theories have, in the 
past, been only rough and approximate because of our lack of 
means for accurately checking them experimentally. The paper 
^ves a coinmendably thorough interpretation and analysis of 
hese mporttot oscillograms, and of their relation to the prob- 
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/ . R \ -1 important oscillograms, and of their relai 

^ " A +-j^B ) sin cof ““s of circuit interruption at moderate voltages. 

presented had previously been 
earned by less direct methods, there are several distinctly new 
Mntnbutions. Some of these are in confirmation of previous 

Stvei fnt tw tliat there does 

* u- practical circuits, a measurable period 

entirelv bvth^T ® terminals is oontroDed almost 

entirely by the transient characteristics of the circuit in which the 

lire 18 playmg. It is also shown, however, that durinrtMs ptfod 
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there may be a small “leakage** current of suMcient magnitude to 
measurably alter the circuit transient. The existence of such a 
current has already been postulated in connection with the theory 
of the formation of a space charge sheath at the cathode.^ It is 
also revealed that the circuit transient depends to some extent on 
the are failure current, which is largely a random quantity, but 
is in turn partially determined by the circuit constants. The 
occurrence of a “negative glow’* preceding reversal of arc voltage 
is also recorded for the first time. 

It may be of interest to call attention to the points of agree¬ 
ment and also of apparent disagreement between the results 
of these experiments and the results of an earlier but somewhat 
similar investigation* using a cathode-ray oscilloscope. In the 
former case, photographic records of individual arc reignitions 
could not be obtained, but by photographing the figures produced 
on the fluorescent screen by a large number (900) of retracings of 
the dynamic volt-ampere characteristic (or “cyclogram”) of a 
steadily running arc, records of the average type of voltage and 
current variation near current zero were obtained for short arcs 
under a variety of conditions. With plane copper electrodes, 
three distinct types of arcs having different restriking charac¬ 
teristics were observed. They are as follows: (1) the stationary 
arc, with terminals remaining in one position on the electrodes 
long enough to produce melting and boiling of the electrode sur¬ 
faces, with resulting burring and pitting; (2) the “wandering” 
are, which moves more or less discontinuously from one adjacent 
spot to the next, leaving a marked trail but not causing appre¬ 
ciable burning away of the electrode surfaces; and (3) the so- 
called “cold-cathode”® or Stolt^ arc in which the arc terminals are 
moved over the electrodes with such velocity that no burning 
occurs, even with very large currents. 

The first type of arc was very difficult to obtain with clean 
electrodes and currents less than 100 amperes. It is believed, 
however, that this is the normal type of copper-electrode are for 
currents of several hundred amperes or more, where considerable 
melting and burning away of the electrodes is generally observed. 
Such an arc is therefore of primary practical interest since it is 
the most likely to occur in the operation of ordinary contactors 
and circuit breakers. In the earlier investigation referred to, 
its reignition voltages appeared to vary mdely between values 
slightly in excess of the glow voltage and values very much less 
than this. No indication of the existence of an actual glow was 
observed. 

The third type of are can be obtained only by very rapidly 
rotating the electrodes mechanically or the arc magnetically. 
This is a special case. It has been shown* to possess the desirable 
characteristics of requiring comparatively high reignition voltages 
(more than three times glow voltage observed), even in the fastest 
circuits obtainable, and of normally breaking down to an un¬ 
usually long-lived glow at constant voltage before transition to 
the arc. 

It is clearly the second type, or wandering arc, which the 
authors of this paper have used in their experiments. The 
peculiar tendency of the voltage of the intermediate glow dis¬ 
charge to increase substantially with current immediately follow¬ 
ing its initial formation, as shown by the oscillograms and cyclo- 
l^ams of Pigs. 3,5, and 10, produce a repeated volt-ampere charac¬ 
teristic, which appeared to Mr. Todd and myself to defy any 
reasonable explanation at the time of the previous investigation. 
It is gratifying to see this puzzling case completely analyzed here, 
but the peculiar variation of the glow voltage still lacks explana¬ 
tion. The fact that the reignition and glow voltages measured 
by the authors are somewhat higher than those found in the earlier 
bests is probably due to the additional voltage required by the 

1. Bxiinction of an A-C. Arc, J. Slepian, Trans. A. I. B. B.. Vol. 47, 
1928, p. 1398. 

2. “Restriking of Short A-O. Arcs,” F. O. Todd and T. E. Browne, Jr., 
Phys. Ran,, Aug. 15, 1930, p. 732. 

3. J. Slepian, Phys, Reo,, 27,1926, p. 407. 

4. H. Stolt, Ann. d. Physik, 74,1924, pp. 80-104. 


. 34-inch positive column, which cannot be neglected for the longer 
electrode separation. The non-occurrence of a “negative glow” 
in the former experiments with the wandering arc may be due to 
different circuit characteristics, which did not produce quite as 
high “negative dip” voltages, or to the higher arc current (92 
amperes), which may have the same effect. 

Perhaps the most interesting feature of the paper from a prac¬ 
tical standpoint is the evidence presented in regard to the varia¬ 
tion with time after current zero of the voltage required to 
rei^te the arc. The most noticeable feature of Pigs. 15 and 16, 
which show this relation, is the extreme variability of this voltage 
from one-half cycle to the next under the same arc and circuit 
conditions. This fact agrees with past experienbe and observa¬ 
tion* though it is still not fully understood. On the basis of 
present theory,^ it would seem to represent variation in the mini¬ 
mum thickness of the space charge sheath at the incoming 
cathode, which can be caused by varying contour and condition 
of the electrode surfaces, as suggested by the authors, and per¬ 
haps also by varying density of ionization next to the cathode due 
to turbulence of the arc gases. In consequence of this variation, 
the are space obviously cannot be said to have, in general, a 
definite breakdown voltage at a given instant of time. Therefore, 
we can only say that there is a certain probability that a given 
voltage will cause reignition of the arc when applied after a given 
interval following a current zero. This probability may be ex¬ 
pected to be a function, not only of the voltage and time coor¬ 
dinates of the graphs, but also of the length of time during which 
a voltage in excess of the minimum breakdown value is applied. 
Thus, a rapidly rising transient may be expected to reach a higher 
voltage before breakdown than will a transient passing through 
the region of high breakdown probability (bounded by the 
envelopes in the figures) at the same time but rising at a slower 
rate. Probability of breakdown with a given voltage applied 
after a given interval and for a given length of time may also be 
expected to vary somewhat with the area of the space charge 
sheath, and therefore with the arc current, since the likelihood 
of the random occurrence of a “thin spot,” having a breakdown 
voltage near to the possible minimum, increases with the area of 
the sheath. From this it follows that lower and more consistent 
breakdown voltages are to be expected when using larger currents 
than the 25 amperes employed in these experiments; and this is 
borne out by experience in the laboratory. 

In the “indirect” method by which the so-called “Slepian’s 
focus,” shown in the figures, was obtained, the rate of rise of cir¬ 
cuit voltage to different peak values was also controlled by resis¬ 
tance shunts, (as in Fig. 16), but the final adjustment of these was 
such that at each circuit voltage the arc would just fail to. re¬ 
ignite after one-half cycle. The transients corresponding to 
these critical circuit constants were plotted by means of an ap¬ 
proximate equation, and the curve shown was drawn as their 
envelope. These applied voltage curves were probably quite 
flat as they approached the region of high probability of break¬ 
down, and so would not be likely to rise much above the lower 
boundary of the region without causing restriking of the arc. 
Also, the currents used were of the order of hundreds of amperes. 
Consequently, their envelope might be expected to correspond 
very closely to the lower branch of the envelope determined by the 
authors of this paper. It is believed that such a curve gives the 
most accurate practical measure of the dielectric strength, or the 
minimum breakdown voltage, of an arc space obtainable, pro¬ 
vided that the critical voltage recovery curves are accurately 
plotted. Unfortunately, the particular locus shown was ob¬ 
tained for an are of the third type mentioned above (high-speed 
cold-cathode arc as used in the deion-air circuit breaker)® and so 
cannot be directly compared with the results given here. The 
above method applied to a 1/16-in., 300-ampere arc of the first, 
or stationary type (normal for large currents) yields a curve, 

6. Theory of the Deion Circuit Breaker^ J. Slepian, Jottrnal op the 
A. l.B.B.,Feb. 1929. 
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which, though also not directly comparable, is very similar in 
shape'to tlie lower envelope of these figures, but lies about 150 
volts below it. 

Part of tliis discrepancy is very probably due to the distinctly 
different reignition characteristics already described and also to 
the difference in arc lengths in the two eases. However, it also 
seems from this work that our curves are too low, since in plotting 
the individual voltage rise curves of which it is the envelope, no 
account was taken of either the negative dip, due to finite arc 
failure current and arc voltage at current failure or of the re¬ 
actor distributed capacity, both of wliich tend (as shown by the 
exact equations given) to cause the maximum value of the re¬ 
covered voltage to exceed that given by the simple equation which 
was actually used. We may conclude, then, that the actual 
values of voltage which may be successfully withstood by a very 
short arc space between hot copper electrodes following the zero 
of a large current lie on a curve that probably falls somewhere 
between our curve, shown in Mr, Strom’s paper, and the lower 
envelope of the region determined by Attwood, Dow, and 
Krausnick. 

Before concluding, I wish to emphasize the need of caution in 
attempting to generalize about the behavior of short arcs from 
the results of these limited experiments. In our work in the lab¬ 
oratory, it has been found that the characteristics of short a-c. 
arcs, particularly with regard to extinction, may depend to a very 
large extent upon such conditions as current magnitude, are 
length, electrode material, and gas medium,® as well as upon the 
conditions of motion or lack of motion mentioned above. 

With regard to the attempt of the authors of this paper to 
apply their results to the action of circuit breakers in high-voltage 
power circuits, I believe a further work of caution is needed. 
It is undoubtedly true that the curves of their Fig. 17 do give a 
rough qualitative picture of the race between recovered voltage 
and recovered ability to withstand voltage, which, as Dr. 
Slepian^ and others have already pointed out, determines the 
■extinction or reignition of an a-c. arc in any practical circuit. 
However, it must be kept in mind that the few hundred volts 
which can be withstood by the space adjacent to the cathode in 
the length of time usually available is inadequate to account for 
the interruption of power circuits involving thousands of volts, 
even when four breaks in series are considered, and electrostatic 
unbalance' is neglected. It is clear, then, that a very large part 
of the high dielectric strength recovered by long a-e. ares at 
current zero must reside in the main body of the arc path, where 

6. “Extinction of Short A-C. Arcs Between Brass Electrodes,” T. E. 
Browne, Jr. and P. C. Todd, Phys. Rev., Aug. 15,1930, p. 726. 

7. Exiinciion of a Long A-C. Arc, J. Slepiau, Jouhnal op the A I. E. E. 
April 1930, p. 310. 
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the mechanism of deionizatin, and therefore both the luaiimT of 
recovery with time and the effect on this recovery of possible in¬ 
fluencing factors may be entirely different from tliosc^ rcdat-iiig 
to the region next to the cathode. This is, of course, esi)tieialiy 
true of oil circuit breaker arcs where both arc and interrupted 
gradients are many times those for an are in air. Although in 
recent years much progress has been made in determining the 
factors that improve the interrupting ability of long a-c. arcs anti 
in applying this knowledge to practical circuit-breaktu’s, tlu'n^ is 
stiU no experimental information or exact theory with rt'gartl ttj 
the variation of dielectric strength of a long a-c. arc with time 
during the first few microseconds of the ciirnuit. zero period. 
Consequently, we should be careful to keep our minds optm on 
this point until information is obtained that can bi^ dirtudly 
applied. 

S. S. Attwood: The “leakage” current occurring during 
the interval which we described as the “current ztu’o period” 
was only a simple fraction of an ampere. Had this (uirreiit 
disturbed the circuit transient, our equal ions would hardly have 
held true. On the contrary the voltage equations proved to l>t‘ 
correct to a surprising degree of accuracy. The slight sloiX! of 
the current (so called current-zero) in Fig. 9;V shows this l('akag(‘. 

The arcs discussed in this paper were piiri^ly of (In^ l.ypt^ whicdi 
Mr. Browne describes as “wandering,” inasmuch as tluy w(‘re 
moving slowly over the electrodes and Ihn os<ullograins wtu'o 
taken at any convenient current-zero porhxi. However, tin* 
authors have since taken further oscillograms of arcs a1 tlu* (uid 
of the first half cycle, when the arc life was perhaps only one- 
quarter cycle. The oscillograms are practically idmitlc-al with 
those shown in the paper. In this short arc-lib^ Hie wandering 
was very small. 

Cathode-ray oscillograms recently tak(ui of a UO-amptu’o 
“cold-cathode” arc moving at a oonsidcu'ablo spc^ul iridicaltul a 
reignition voltage of about 1,000 volts and the (‘xisUiiun^ of a 
prolonged glow at this voltage, which is about Hirec^ Ihm'.s the 
glow values given in the paper, and is in entire agretutieiit wiHi 
Mr. Browne’s observations. This liigh ixugnition and glow 
voltage value certainly distinguishes th(^ cold (nithod<‘ from the 
wandering are. 

It is suggested tliaf roigiiiiion variability is due to variability 
of cathode space-charge sheath. Alternately, Hie authors 
would like to suggest the presence of electrode impurities as a 
likely cause of variability. It has beem bi'onglil t.o our aticuition 
that the presence of certain foreign elem(‘ntH, jiurposely incor¬ 
porated in the electrodes, tends to insurer restriking of tln^ arf 5 . 
The wandering arc should be peculiarly sensitive to this in¬ 
fluence. Impurities alouo may be enough t.o account, for the 
irregularity. 
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Synopsis.—The primary network is similar to the low-voltage 
nehoork tn so far as the interconnection of the secondary mains is 
concerned. Two transformation steps are required in the primary 
Tielwork described here, and only one in the lovHioUage network. 
Nevertheless, the primary network has economic possibilities which 
should be cormderedfor areas of medium load density. • 

A ^eliminary study of the so-called primary network indicated 
that the prind^ had possibilities worthy of exploitation. It was, 
therefore, decided that such a network would be installed if at all 
feasible to obtain operating experience with the system. 


and C. T. SINCLAIR* 

Member, A. L E. E. 

The d^ign toork for this initial installation is complete and 
consirudion work has started* 

It is recognized that there is a number of problems to be worked out 
more thoroughly* As experience in operation is obtained, and with 
intensive study of the requirements it is expected that improvemenis 
will be made and the designs materially simplified* 

Even with the limitations existing at the time of writing it appears 
that the primary network offers important advantages ovet' the radial 
system for certain types of load, 

* « « « Xt 


Introduction 

HIS paper is presented to describe a system of 
electric distribution which offers great possibilities 
in the effort of the engineers of the power industry 
toward rendering better sCTvice to the consumer at a 
lower cost. 

A network may be said to exist when the secondaries 
of two or more transformers not at the same location 
are connected in parallel to supply a load. This 
definition may be applied tq low-voltage or high-voltage 
networks. 

Low-voltage or secondary a-c. networks have been 
applied to areas of high-load density (10,000 kva^ per 
sq. mi. and above) and the principles of design have 
been described in previous papers. The elimination of 
the substation is a major source of economy in this ■ 
system. In the radial system two conversion steps 
were necessary, first, from the generator voltage (11-13 
ky.) to distribution voltage (4 kv.) and second, from 
distribution voltage to a utilization value (110-120 
volts). The secondary network permits this conversion 
to be made in one step (from 11-13 kv. to 110-120 volts) 
thus eliminating the substation. 

The secondary network as applied to areas with load 
densities of 10,000 kva. per sq. mi. and above, are 
generally underground ^sterns. Residential and com¬ 
mercial areas (6,000 kva. per sq. mi. and below) are 
usually fed by the overhead radial systems. 

In 1927 there was suggested a method of distribution 
utilizing the general principles of the high-tension 
network. This scheme utilized a number of substations 
of moderate size (5,000 kva.) interconnected on the 
4-kv. side forming a primary network.' 

This principle of interconnecting 4-kv. mains, and 
certain principles used in the design of secondary 
networks have been combined in a new design of 
primary network fed at transmission voltage. This 
design is described below, together with an outline of 
the advantages of the system. 

♦Byllesby Engineering & Management Corp., Chicago, III. 

1 . “Serving a Medium Voltage Network,” by D. K. Blake, 
Electrical World, March 6,1927. 

Presented at the Middle Eastern District Meeting of. the 
A. J.E. E., Pittsburgh, Pa., March 11 -lS, 1931 , 


The Peimaby Network Compared with the Radial 

System 

A ty^iical radial distribution syrstem is shown in Mg. 1. 
There are four elements in this system (a) the transmis¬ 
sion feed^ from the somce of supply to the substation, 
(b) the su^tation, (c) the distribution feedMs, and 
(d) the mains. The feeders in Mg. 1 are shown ter¬ 
minating at feeder points, and mains are shown radiating 
from one feeder point. 

The substation is located as nearly as possible to the 
load center of the area served, and each feedeT termi¬ 
nates at the approximate load center of its own area, 
the mains radiating from these load centers. 

Mg. 2 shows diagrammatically a primary network. 
The transformers are distributed over the area to be 



Eiq. 1 Typical Distbibtjtion Systiiu Sbowino Higb- 
VoLTAGB Supply Ebbubbs and Mains with a Distrlbution 
Tbanspobmbr Connbctbd 


served, each transfonner being located at an intersection 
of primary mains with the transformer' intersection 
con^tuting a unit. If regulators are required they will 
be installed between the transformer breaker and the 
breakers controlling the mains. 

The area to be served is supplied from a number of 
these small and simple transformer and switching units 
rather than from a large substation. The transmission 
supply should preferably be by three or more feeders to 
reduce the spare capacity required when one transmis¬ 
sion feeder is out of service. This is similar to the 
principle of design used in low-voltage networks. 

There are, therefore, three elements in the primary 
network scheme, (a) the transmission feeders from the 
source of supply, ^) the transformers and switches, 
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and (c) the primary mains. Compared with the radial 
scheme the elements are the same except that the 
primary feeders have been eliminated. This feature, 
however, is only one of the items which permit a saving 
in initial cost over the radial system. 

Cost Estimates op the Squirrel Hill Area 
The initial study of a primary network was made for a 
section of Kttsburgh known as Squirrel Hill. This 
section embraces residences principally. There are a 



Fig. 2—Schematic Diagram op the Primary Network 

small number of apartment houses, a small business 
district, but no manufacturing load. The area com¬ 
prises about 2.0 sq. mi. with a winter peak of 4,200 kva., 
the load density being 2,100 kva. per sq. mi. The area 
is shown in Fig. 3. This area is at present fed by cir¬ 
cuits from two adjacent distribution areas, Schenley 
Substation and East End Substation, and was chosen 
for the initial economic study; first, because the area had 
relatively definite boundaries, with no existing substa¬ 
tion within its limits, and second, the growth of load 
indicated extension of existing radial system or adoption 
of a new system. 

Three transhaission feeders are available within the 
area. (See Fig. 4). 

The estimates for the scheme of extension of a radial 
system are based on the standard practise for the 
Kttsburgh district. The substation location was chosen 
after an economic study of a number of available sites 
permitted by zoning ordinances and is reasonably near 
the load center of the area. 

The substation proposed is a semi-outdoor type 22/4 
kv. full automatic similar to those used on the Duquesne 
Light Company system. 

The irii tial installation would consist of two 4,000- 
kva. transformer banks, a 22-kv. tie breaker, three 


300-ampere 4-kv. regulated feeders and other neces¬ 
sary equipment. The building would provide space 
for an ultimate of two 6,000-kva. transformer banks 
and five 300-ampere regulated feeders. 

The primary feeders would be run as shown in Fig. 3 
in existing duct lines to their feeding points with 
sectionalizing switches as indicated. 

The primary network includes the same area as 
covered by the radial system and is shown in Fig. 5. 

The transformer and switching units of submersible 
t 3 rpe are to be in underground vaults located in the 
street. 

Transformers are 1,500-kva. 22/4-kv. subway type 
with four 2J^ per cent taps below and two 2J4 per cent 
taps above on the high-voltage side, and a three-position 
oil immersed disconnecting and groimding switch on 
the 22-kv. side. The transformer oil circuit breaker is 
integral with the transformer. Lead-covered cable is 
used for all 4-kv. work in the vault. 

The oil circuit breakers are 7,500 volt 600 amperes 
having a rupturing capacity of 14,000 amperes 20CO 



Pig. 3—Squirrel Hill Area 

Badial primary distribution system which ordinarily would bo used to 
supply area 

at 4,000 volts. They will be arranged to reclose once 
on a fault, the breakers at each end closing at different 
times , so that the equivalent of two redosings is ob¬ 
tained. The breaker with its control mechanism and 
relays will be mounted in a submersible type box 
equipped with wiping sleeves for lead cable. 

Duct connections are provided between existing 
manholes and the transformer vault. Cable is run in 
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pip© froni the vault to the several poles at the intersec- 
' tion terminating in disconnecting potheads. 

Table I shows comparative costs of radial and 
primary network schemes. The operating capacity of 
each scheme is 7,600 kva. If the cost units per kva. 
of capacity available for the radial scheme with substa¬ 
tion are represented as 100 per cent, a corresponding 



Transmission feeders available 


cost of the primary network is 56 per cent, or as ex¬ 
pressed in the table the radial system is 78 per cent 
more costly than the network. If system voltage varia¬ 
tion permits, regulators will, of course, be omitted in 
the network scheme because of the better inherent 
regulation due to the network. 

Primary feeder and duet costs being common to both 
schemes they are omitted from the comparison. 

Since cost data applying to one locality may not 
apply in other areas because of difference in labor 
costs, construction conditions and limitations, account¬ 
ing procedure, etc. costs submitted are comparative and 
b^d upon experience in substation, transmission, and 
distribution construction in this territory. 

The distribution capacity in the Squirrel Hill area is 
sufficient to carry the load for the present but since the 
study showed important savings, it was decided to 
make a similar study of the Verona-Oakmont district as 
immediate relief is needed for this district. Up to the 
present time this area has had adequate distribution and 
substation capacity. A brief description and compara¬ 
tive estimates for the. two types of systems is given in 
the following section. 
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Cost Estimates op the Verona-Oakmont Area 

The Verona-Oakmont district shown in Pig. 6 is 
located about ten miles northeast of Pittsburgh. The 
area covered is 4.7 sq. mi. with a load of 2,000-kva. 
The load density is 426 kva. per sq. mi. The area is 
residential and light commercial load is supplied at 
present at 2,300 volts. The load in this area has only 
recently grown to an amount to justify a changeover to 
4,000 volts. The present substation is to be abandoned 
for distribution purposes and the area converted to 
4kv. 

For a radial system a new substation was proposed 
having two 3,000-kva. transformer banks. The station 
would be rated at 3,750 kva.* Two 4,000-volt regu¬ 
lated feeders are planned. Fig. 7 shows the proposed 
feeder runs. 

In the primary network three 1,500-kva. transformer 
points are planned, located as shown in Fig. 8. With 


TABLE 1—SQUIRREL HILL COST COMPARISON 
INITIAL STEP 

Load Density 2,100 kva, per s<i. ml. 



Radial 

Network 

Load . 

J. onn 


Transf. capacity Installed. 

Transf. capacity with spare capacity out of 
service. 

. 8,000 kva .: 

.. 4,200 kva. 

.. 9,000 kva. 


Costs in per cent 

Real estate. 

18 


Substations. 

21 


Rlectrical eoulnment. 

67 


Transmission. 

1 2 


Distribution . 

18 4 


Ducts. 

4 7 


Changes in 4-kv. feeders & mains .. 


1 1 




Total initial step . 

130 

100 

SECOND STEP 



Load . 



Transformer capacity Installed . 

Transformer capacity with spare capacity out of 
service . 

12.000 kva .. 

*7 ttnn 

» #««jOO kvit4 

. 9,000 kva. 

•7 


Costs in per cent 

Substation increase . 

.. . 28 • 

XTrtr.^ 

Distribution Increase. 

20 tt 

•NT ^ 



Total second step.*.X78 


Note: Radial system (Initial step) will have two4.000 kva., three-phase, 
transformers. With one out of service, the other will carry 26 per cent 
overload through peak or 5,000 kva,, which is satisfactory for initial step 
and allowing for growth. 

Network will have sik 1,500-kva., three-phase banks and when one 
transmission line goes out, two 1,500 kva., banlcs go out also, leaving 
6,000 kva. in service which, with 25 per cent overload capacity, gives 
7,500 kva. capacity to carry 4,200 kva, initial load. 

one feeder out .of service the capacity is 3,750 kva. 
based upon 26 per cent overload on the remaining 
transformers. 

The cost estimates are shown in Table II. 

The network scheme has been estimated in three 
wajre: (a) all equipment in underground vaults, (b) 
equipment in small buildings above ground, (c) outdoor 

2. 125 per cent load on remaining: bank with one bank out. 
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installation (equipment above ground on concrete pads). 
Calling method (c) 100 per cent, we find that the radial 
scheme is 36 per cent more costly, with the building 
type installation, and the underground vault at 7 and 
18 per cent more costly respectively than the outdoor 
transformer installation. In areas of this type vaults 
will not ordinarily be necessary. 

It was decided that one of each of the above t 3 ^s of 



PiQ. 6—SQtriBRBL Hill Area 
D iagram of mains for primary network showing transformer points 


installation be used in this initial primary network to 
form the three transformerpoints proposed for this area. 

General Description of Transformer and 
Switching Unit 

The transformer switching unit, consists of (a) the 
transformer and (b) the oil circuit breakers and acces¬ 
sories. If system regulation is such as to make it 
necessary, a third element (c) the regulators, may be 
added. 

These elements may be placed: 

(a) In underground vault 

(b) In small buildings 

(c) On concrete pads surroimded by a fence. 

Underground vaults may be used in congested areas 

where space above ground is expensive or cannot be 
obtained, or where zoning ordinances prohibit. 

Slnall buildings may be used in the less congested 
and medium grade residential areas. 

In lower grade areas the equipment may be placed 
-on concrete pads and surrounded by a fence. 

In the underground vault, it is essential that the 


equipment be subway type. Subway type transform¬ 
ers are now available, and regulators can readily be 
converted to subway type. Since there are no oil 
circuit breakers of the type desired that are submersible, 
it is proposed to mount standard breakers in welded 
steel submersible cubicles. Equipment used in build¬ 
ings or on concrete pads may be standard for that type 
of service. 

A proposed general arrangement of the equipment 
for a street vault is shown in Fig. 9. Regulators are 
shown, but will be installed only where necessary, 
thus reducing space required and the cost of the 
installation. 

In one compartment will be installed the trans¬ 
former and integral oil circuit breaker. A 22-kv. 
cable is brought in from ducts in the street to the pot- 
head on the transformer. From the oil circuit breaker 
connected directly to the 4-kv. transformer leads, 
single-conductor 4-kv. lead cable connects to the regu¬ 
lators. From these regulators 4-kv. cables are carried 
to oil circuit breakers in the other compartment, and 
from these breakers the cable is carried to potheads 
on poles where connections are made to street mains. 



Transmission feeders available 

It will be noted that the principle of barrier construc¬ 
tion is used here whereby the transformer and switching 
equipment are separated. This principle was described 
in a paper by the authors as applied to the low-voltage 
network.® 

3. Low-VoUage A-C. Networks, by Stanley and Sinolair, 
A. I. E. E. Trans., January 1930, p. 266. • 
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A r6in.ovabIe hatch, is provided over each compart¬ 
ment for installation and removal of equipment. 
Manhole covers are placed in each hatch for normai 
access. 

A small power transformer bank (three kva.) 
is located in the transformer compartment for circuit 
breaker operation and for relay potential. 


of protection used on this breaker will be identical to 
that of the low-voltage network protector. In addi¬ 
tion to thfe protection, consideration is being given to 
tripping this breaker by means of a contact-making 

TABLE U—VERONA-OAKMONT COST COMPARISON 
Load Density 425 kv-a. per sq. t^I . 



Fio. 7—Verona—Oakmont Area 

'^'s'^ributton system which oi-«narUy would be used to 

Such a vault (1,500 kva.) capacity requires a floor 
space approximately 12 ft. by 30 ft., and a depth of 
13 ft. 


Relay Peotection 

When the primary network was first considered no 
scheme for protection had been studied, and it was felt 
that it would require a complicated combination of 
relays or the possible development of a new relay. 
However, when the matter was investigated it was 
found that a very simple protection scheme corild be 
used and lend itself to ready expansion without the 
necessity of changing relay settings. 

Transformer Protection. A network relay .uiTYiilai. 
to the one used on the low-voltage a-c. network will 
be used to protect the transformer bank breakers. 
This relay would open the breaker on any ts^pe of 
high-tension fault, and also if the supply line is de- 
ener^ed the magnetizing current for the bank in 
combination with the charging current of the line will 
be sufficient to open the breaker. It is also possible 
with this relay to have the breaker close when the 
high-tonsion liii6 is rBensrgized. Therefore, the type 


Radial Network 


IT, G. Vault Bldg, typo Outdoor 


. 2,000 kv-a. 

Proposed inst, capacity 6,000 kv-a. 
Operating capacity*... 3.760 kv-a. 


2,000 kv-a. 2.000 kv-a. 2,000 kv-a. 
4,500 kv-a. 4,600 kv-a. 4,500 kv-a. 
3,760 kv-a. 3,750 kv-a. 3,760 kv-a. 


Costs in per cent 


Real estate. 

17.0... 



Substation bldg, or vault.. 

4.2... 

.. 24.6,. .. 

... 13.0 

Equipment. 

96.0... 

.. 71.0_ 

. .. 66-3 

Transmission. 

2.5,,. 

3.3_ 

. .. 4.4. 

Distribution. 

1.6... 

.. 13.2_ 

.. . 13.2. 

Duct connections. 

14.5,., 

.. 5.7.... 

... 7.6. 


2.8 

5.8 

66,3 

4,4 

13.2 

7.6 


.185.118.107. 100. 

*Basod on 126 per cent load on transformers for dve hoiu-s in case of 
feeder or transformer failure. 

Note. Cost of regulators included in above estimates. 


thermometer placed on the transformer. In case of 
excessive overload which would be likely to damage the 
transforaer, the thermometer when it reaches a pre¬ 
determined value would energize the trip circuit, thus 



Pig. 8— Y krona—Oakmont Area 
D iagram of mains for primary network showing transformer points 

disconnecting the transformer from its load. This 
might be advisable in the event that two high-tension 
feeders should be out of service during a peak-load 
period, but would permit the one remaming bank to 
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carry the load for as long a period as possible without 
damaging the transformer. In the majority of cases 
relief could probably be given this one unit before the 
temperature would reach the tripping value. Under 
this scheme, no other overload protection would be 
used for the transformer breaker. 

Bus Protection. Bus differential will be used at 
each transformer installation to protect the bus within 
the intersection so that any type of fault will open all 
the breakers and lock them open. The overload relay 
for this protection will be installed in the transformer 
breaker cubicle. 

Tie Main Protection. A detailed study has been 
made to determine the type of protection best suited to 


sec. and on the other end in 1.1 sec. This scheme has 
one disadvantage that breakers other than those con¬ 
nected to the faulty main open, although there is no 
interruption to service on other mains since none of the 
breakers set at 1.1 sec. have sufficient current after the 
0.6 sec. breakers open to operate except the one directly 
connected to the fault. 

Overload with Inverse Time Characteristic. This 
scheme employs a relay with a greater inverse time 
characteristic than is normally used. With a 400/6 
current transformer and the 4-ampere relay setting, the 
relay will operate at 480 amperes in 9 seconds and will 
operate on a current as low as 320 amperes although the 
time would not be accurate. In this scheme only the 



Fig. 9—^Transpobmees, Rbqtilators, and Oil Cibcdit Bbbakbb Cubicles in an Undbbgbound Vault 
N ote the barrier wall construction. The same general arrangement will be used in building jobs 


protect all tie mains. All breakers are arranged for 
automatic reclosing with the breakers on each end of a 
main set to close at different intervals, so that the 
main is reenergized two times. If a breaker on the 
faulty main closes and again opens, it is locked out 
and no further operations are possible. 

Two schemes have bfeen worked out which will give 
adequate protection, namely: (1) overload with defi¬ 
nite time setting and (2) overload with inverse time 
characteristic. 

1. Overload with Definite Time Seating. In this 
scheme the relays are set to operate at 150 to 200 per 
cent of the transformers full load current, namely 300 
to 400 amperes. The time settings are staggered so 
that a breaker on one end of a main will open in 0.6 


two breakers connected to the faulty line operate. 
However, if corner transformers are installed in which 
tie mains are run in only two directions, proper selection 
cannot be made when this particular transformer is out 
of service. In general, it may not be advisable to use 
this design but rather run a third main to some adjacent 
intersection. This scheme appeared to have certain 
advantages over scheme (1) and was adopted. 

Application 

Short-circuit studies were made of the network layout 
for three-phase and phase-to-ground faults at all loca¬ 
tions along the tie mains, with all transmission feeders 
in service and with each one out to determine the defi¬ 
nite requirements of a relay. 
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Fig. 10 shovra a typical example of the fault currents 
with a fault on one of the mains adjacent to the College 
Avenue and 6th St. intersection. In this case oil cir¬ 
cuit breakers Nos. 1 and 5 must open to clear the fault. 
No. 5 has 3,960 amperes which from the curve will open 
in 0.5 sec. No. 1 has only 600 amperes and it would 
take 7.3 sec. for it to open while Nos. 6 and 8 are 



■ 

TIME'CURRENT CURVE 

INVERSE TIME OVER-CURRENT REIAY 
SPECIAL DESIGN 

6 Ampere Tap will 2S0/$ Amp.C.T, 

Tune Lever Set on 3 

Curve of Standard Relay 
.Showa for Comparison 

iii 



qLIuxu 11 n rrrTTin i mii ttm nrft iTrfm 
0 500 1000 1500 2000 2500 3000 3500 4000 

CURRENT IN AMPERES 


NOTE 

Current Vaiues Siwwn are for a Phaie to Qtootul Fault at V 
RaAY OPERATION 

Oy Circuit Breahers No’s. l&S Must Open to Clear Fault 
O.C.B. Na 5 Opens in 0,5 Second whicti Is 1 Second ()uiciier 
Thao ai 9 Other OilB, CooU Open. 

After 0 OB No. 5 Opens, the New Distritmtion of Fault Current 
Shown in Brackets will ExisI ant 0.00. Na 1 wHI Open in 
27 Second with no Other O.C.B. Carrying Enough Current to Operate 


Pig. 10 Typical Analysis op Relay Operation on Tib 
Main Fault 


carrying 1,100 amperes ^d would open in 1.6 sec. 
However, after No. 5 opens in 0.5 sec. which is 1.0 sec. 
sooner than Nos. 6 and 8 can open, a redistribution of 
current exists as is shown by the blocked figures. No. 1 
is the only one now carrying enough current (780 
amperes) to open and it will open in 2.7 sec. thus clearing 
the fault. Therefore, the fault is cleared without inter¬ 
ruption to tie mains other than the one in fault, and the 
fault is cleared entirely in 3.2 sec. Faults at other loca¬ 
tions show the same general conditions and in all cases 
only service on the faulty tie main is interrupted. 

Similar studies have been made on layouts using 
various numbers of transformers, and with various 
length mains, and in all cases the results are comparable 
to the Verona-Oakmont study, so it is believed that no 
trouble should be experienced in relaying the primary 
network particularly if two-way feed transformer 
installations can be eliminated. 

Transform^ Details 

The transformer will be 1,500-kva. three-phase sub¬ 
way type 22,000/4,000-volt Y with four 2H per cent 
taps below and two 2}^ per cent taps above 22,000 
volts, and to have an inherent impedance of ten per 
cent. The 22,000-volt cable suppl 3 dng the transformer 
will terminate in an oil tight pothead with a three-posi¬ 
tion switch so that the cable may be either disconnected 
from the transformer, connected or grounded, and is 
protected by an interlocking mechanism so if the trans¬ 
former is energized from either side it will not be possible 
to operate the switch. This pothead or oil tight 
chamber is mounted on the transformer as an integral 
part of the case. On the 4,000-volt side the leads will 


be brought out through oil tight bushings so constructed 
that an oil circuit breaker cubicle can be bolted to the 
transformer case making a water-tight coimeetion. 

Oil Circuit Breaker Details 
The oil circuit bresikers are 600 amperes 7,600 volt 
and will rupture 14,000 amperes with the standard duty 
cycle. They are mounted on a small truck and placed 
in a small subway type cubicle in which all relay¬ 
ing equipment, current transformers, motor-operated 
mechanism, etc., are mounted. Space is not allowed for 
inspection of the breakers while in the cubicle but they 
are easily disconnected and rolled out. Each unit is 
self-contained, and at the time of installation it is only 
necessary to connect the cables to the wiping sleeves. 
A number of arrangements for the cubicle design has 
been worked out. Figs. 11 and 12 show the simplest 
design which requires cable connections on both sides, 
and this design will be used in the Verona-Oakmont 
installation. Fig. 13 shows the dutline of this cubicle. 
Another design considered is shown in Fig. 14 using bus 



Figs. 11 and 12—On, Circuit Breaker Cubicle 

Submersible type showing door removed, truck pulled out, relay panel 
swung Open and barriers removed. 

Only one current transformer is shown in place 

connections between cubicles. A vertical truck type 
connection is shown in Fig. 16 in which the leads are 
disconnected when the oil switch is lowered. 

Regulation 

The percentage regulation for the network is very low 
so that in general it does not appear necessary to use 
regulators unless there is considerable variation in the 
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supply voltage of the transmission lines. To prevent 
the problems which arise with normal parallel regulator 
operation, it will be necessary to control each intersec¬ 
tion by a contact-making voltmeter set so that each 
intersection will maintain the same constant voltage. 



Fig. 13—Oil Circuit Brbamr Cubicle 

Outline of cubicle BiTniin-r to Figs. 11 and 12 except airajiged for different 
oil circuit breaker 

Regulation Details. The regulators will be the 
standard sin^e-phase oil immersed t 3 rpe, 200 amperes 
2,800 volt, 6 p«: cent buck or boost and equipped with 
wiping sleeves. The motor, control, and transformer 
for the motor circuit will be mounted in a box on the 
side of the regulator, so that the unit is complete in 
itself, with all connections gasketed to make it subway 
type. 

Conclusions 

The primary network offers the following advantages 
over the usual radial system: 



Pig. 14—Oil Circuit Breaker Cubicle 


Outline shoTTlng bus connections between cubicles 

1. Material Reduction in Investment. Table I. 
indicates that the radial S 3 ?stem is- 78 per cent more 
costly than the network. Or, expressing it in the 
reverse order, thenetworkcostsabout 56 per cent of the 
radial system now in use. Even imder adverse condi¬ 
tions such as in areas of load densities as low as 425 
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kva. per sq, mi., the cost runs as much as 35 per cent 
higher for the radial system. 

2. Greater Copper Economy. Reduced copper sizes 
are possible on the mains because of the smaller currents 
and shorter distances of feed, the results of the network 
principle. 

3. Reduced Duty on Oil Circuit Breakers. Short- 
circuit studies of the two areas studied and of theoretical 
S 3 rstems indicate that the oil circuit breakers can be 
materially smaller than for the corresponding radial 
system. 

4. Better Regulation. The network principle results 
in better regulation than on the radial sirstem. Any 
radial system inherently has considerable voltage varia¬ 
tion which regulators cannot compensate. It is be¬ 
lieved from a theoretical voltage analysis made that a 
very uniform voltage will be obtained on the network. 



Pio. 16 —Oil Circuit Breaker Cubicle 
Outline showing verticsal lift type trunk breaker 


5. SmaU and SUmdardized Transformer Units. 
Transformer units (transformers, switches, regulators, if 
used, and auxili^ equipment), can be manufactured in 
units, stocked if necessary, an<f installed when required. 

6. Capacity may be Installed in Small Increments. 
The radial system requires a substation and distribution 
system to be built well in advance of the load growth.. 
Long range estimates are necessary for load growth, in 
both direction and magnitude. In the primary net¬ 
work transformer units are installed where and when 
needed. Only as the load appears is the system 
expanded. Long range predictions are unnecessary. 

7. Investment for Load Growth in SmaU Increments. 
The investment is not made in large steps far in advance 
of the load growth. (See 6). 

8. Reduced System Losses. Calculations indicate 
that the total losses in the primary network are less 
than for the radial system. One item of saving for 
example, is the complete elimination of feeder losses 
as there are no feeders. 
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^ 9. Area of Outage Reduced. With the designs con¬ 
sidered each section will have a capacity of 600-700 
kva.^ The radial circuit has a capacity of 2,100 kva. 
A failure in the case of the primary network therefore, 
involves less than one-third the load of the radial 
system. 

10. No 22-kv. breakers. The high-tension cables 
run directly to the network transformers and hence no 
breakers are needed. 


Discussion 

£• Hendrickson: Altkougli the atrea drffected by & failure 
on the type of system described by Mr. Stanley is somewhat 
reduced, still the length of interruption to any individual or 
group of individual customers would not be materially different 
from ^at of the usual rtadial system wiMi proper emergency 
switching centers. 

^ Because of the increasing dependence being placed upon con¬ 
tinuity of service by the average medium class residential cus¬ 
tomer who is now using electrically operated oil burners, clocks, 
etc., it is becoming of very much more importance to give him 
continuous service. 

In order to provide this type of service, it appears that some 
form of low-voltage secondary network must eventually be 
used for at least the better class of residential and apartment 
house loads. I would therefore like to ask whether or not, in 
general, it is considered that the primary network as described 
would represent the correct solution for service to a territory 
of low or medium load density, where because of the importance 
of continuity of service or future growth in load, a secondary 
network would be required in the future, and if so, how would 
the secondary network be superimposed on the primary network 
system? 

In many cases in high-class residential territory it is not 
possible to install overhead transmission feeders to the various 
transformer stations. Have any studies been made which 
would indicate that the primary network is the most economical 
solution if underground transmission feeders are to be installed 
to each transformer station instead of only extending them to 
a central substation? 

H. Richter: The primary network system that is described 
in the 1927 BUctncal World article mentioned in this paper has 
been publicly recommended to the industry on several occasions. 
That system utilizes substations each of about 5,000 kva. capac¬ 
ity. Westinghouse engineers worked on such a scheme for 
two mid-western cities in 1924 and 1925, and again in 1927 and 
1928 for two cities in the east. The 1924, 1925, and 1927projr 
ects were broached primarily to improve service in medium 
load density and high-class residential areas, but the 1927 study 
had in view mainly a possible saving due to eliminating the usual 
type of steiHiown substation. 

In every case the method of relaying using the inverse time 
limit overload relays thus far available, and advocated in the 
Electrical World article, was dismissed as not likely to give 
sufficient continuity of semqe from’ a 4-kv. network. It was 
early realized that this particular type of system would certainly 
not be less expensive than the radial system and might become 
quite complicated to operate. For these reasons publicity did 
not seem warranted. ’Up to the present time there has been 
no known application of the scheme. 

The primary network system evolved here in Pittsburgh, on 
the other hand, reduces the transformer installations to relatively 
smaller sizes. This permits the equipment to be installed in 
manholes, where there is no real-estate item, or on a-mfl.11 lots 
away from the more expensive locations and less likely to be 
affected by zoning ordinances. A considerable reduction in 
rupturing capacity of the oil-circuit breakers is another important 
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result, and a fault on a 4-kv. tie. line shuts down sei'vice to a 
much smaller number of consumers. The Pittsburgh type 
primary network is thus practical, and the comparisons in the 
paper show distinct savings over the radial system for two 
specific installations. 

With regard to the method of relaying, it will be observed 
from Fig. 10 that the characteristic curve of the standard inverse 
time over-current relay becomes quite flat beyond 1,000 amperes 
and that the selectivity therefore is impaired beyond that point. 
It was only when the improved characteristic shown in Fig. 10 
was suggested for the Pittsburgh primary network that satis¬ 
factory relaying appeared likely. Even this curve flattens 
beyond 1,500 amperes, and the useful part, which is the inverse- 
portion, is still fairly restricted. Calculations on an average 
system of this type indicate that short-circuit currents falling 
outside of the useful portion of this curve may be encountered. 
This is especially true when the system is enlarged or the unit 
transformer capacity increased. To furnish the better selectivity 
at these Mgher currents the relay should have the inverse time 
characteristic over a greater range. 

This more ideal relay characteristic, however, will give no 
better performance at corner transformers where tie mains 
branch in only two directions than the relay of Fig. 10. The 
method using over-current relays with definite time setting was 
devised to avoid the need of bringing in a third tie at such corners 
and of depending on the inverse time characteristic for proper 
selectivity throughout the system. 

The two 1,500‘kva. three-phase transformers manufactured 
in Sharon for the Verona application are the largest subway 
transformers thus far produced. The regulators are likewise 
of special interest in that they constitute the first subway 
type in this country as far as is known. Stable operation of 
the regulators at different transformer installations can be 
assured by the simple method of using a bucking characteristic 
with increase of load. 

Prior to the work on the Pittsburgh type primary network the 
only fom of oil circuit breaker of relatively high rupture capacity 
in use in manholes was a strictly subway type breaker. Several 
years ago, in conjunction with proposed underground loop 
feeders to supply low-voltage networks in four cities, standard 
indoor type B-16 and B-20 oil circuit breakers in submersible 
welded steel cubicles were offered. This appeared to be the 
best way to combine accessibility, safety against water penetra¬ 
tion, and interchangeability of parts, with reasonable cost. The 
B-13 breakers with type CFO motor-operated mechanism, in 
subway type cubicles as shown in Fig. 12, comprise the first 
application of this idea: 

If no regulators are required all of the oil circuit breakers 
associated with a transformer might be mounted on the trans¬ 
former tank. This would make a complete factory-built set, 
conserve space and cable connections, and permit the handling 
and installation of the apparatus as a single unit. This con¬ 
struction would be particularly applicable to outdoor or indoor 
installations, but might also be feasible for manholes under some 
circumstances. 

W. R* Bullard: The paper by Messrs. Stanley and Sinclair 
emphasizes certain economies and advantages of a particular 
type of overhead distribution system. This type of system has 
a place in the art for particular conditions, such for instance, 
as those encountered in the particular situation described in the 
paper. One of the particular conditions referred to is the pres¬ 
ence, in the area considered, of a main supply operating at 22 kv. 
Another is the requirement for an unusually high grade of service. 

I feel, however, that the picture is incomplete without further 
mention of another much simpler type of system which I believe 
to be basically more economical than the one described. TMs is 
the -type utilizing generating station or transmission terminal 
substation voltage (6.6 kv., 11 kv., 13.2 kv. and even higher) 
as the primary voltage for supplying the distribution transformers 
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directly. TMs system avoids entirely the use of the inter¬ 
mediate transformation and thus usually effects a very con¬ 
siderable saving in investment and energy losses over any 
system using an intermediate voltage for the distribution pri¬ 
mary. Indeed, it has been shown repeatedly that the elimi¬ 
nation of the intermediate transformation usually provides 
considerably greater possibilities of economy than any of the 
other plans for reducing investment in distribution systems which 
have recently been studied. 

To date, systems of this type serving overhead districts have 
had radial primary and secondary circuits. Reasonable reli¬ 
ability of service can be provided by other means than the 
duplication of supply units. One method is the use of higher 
grades of construction in order to reduce the number of system 
faults. The use of the higher primary distribution voltages 
usually carries with it, for other reasons, the use of higher safety 
factors and better quality of construction. Therefore, radial 
systems of the type mentioned, while possibly not having quite 
the high grade of service reliability of the 4-kv. network, are 
in successful operation and are giving entirely satisfactory service 
under average conditions encountered in certain urban, subur¬ 
ban, and rural districts where overhead service is normally 
required. 

Under conditions where greater service reliability may be 
required, it appears that the network principle could be applied 
to the higher voltage primaries in much the same manner as 
described in this paper, except for the absence of the inter¬ 
mediate transformation. However, the cost and complexity of 
sectionalizing devices would be greater in the case of the higher 
voltages, and a much simpler solution presents itself. This is 
the probability of the development in the near future of an over¬ 
head type of low-voltage a-c. network. Thus the installation 
of radial systems utilizing the higher voltage primaries is a 
natural step toward the development of the most economical type 
of system giving highest quality of service, viz., the low-voltage 
a-c. network with radial primaries utilizing generating station 
or transmission terminal substation voltage. 

There are certain difficulties encountered in connection with 
the installation of overhead, open-wire primaries utilizing the 
higher voltages, such as governmental objections to overhead 
high-voltage lines in the streets, clearance required from shady 
trees, etc., but these difficulties are being in many CEtses entirely 
overcome, and since such systems are in line with the present 
positive drift to higher primary voltages, I confidently expect 
that they will find a large use in the future. I also am confident 
that such systems offer appreciably greater possibilities for 
economy than those involved in the system described by Messrs. 
Stanley and Sinclair. 

A. H* Sweetnam: In 1930, The Edison Electric Illuminating 
Company of Boston was faced with the problem of relieving its 
a-c. substation in AUston of approximately 3,400 kva. of load 
before the fall of 1931, as the capacity of this station with the 
largest transformer bank out of service, was only 13,600 kva., 
and it was estimated that the 1931 peak load would be about 
17,000 kva. 

A preliminary study indicated that by building a new sub¬ 
station in Brookline, it would be possible to pick up about 4,500 
kva. of load in an area of approximately 4.4 sq. mi. (load density 
1,020 kva. per sq. mi.) by installing short 4,000-volt radial feeders 
out to the load centers of several of the existing circuits in that 
inunediate vicinity. 

It was proposed, therefore, to install initially two 7,600-kva. 
transformer banks in the new station and supply them by taps 
from two existing transmission lines in the vicinity. 

A location for the new substation was chosen, and a careful 
study was made for the purpose of obtaining the cost of this 
station and of the necessary conduit and cable work in the street 
to bring the transmission lines into the station and to take the 
new 4,000-volt feeders out to their respective load centers. 


About the time that the preliminary plans for the new sub¬ 
station was completed, attention was directed to the possibility 
of serving this same area by means of a 4,000-volt a-c. network, 
and, accordingly, with the assistance of Mr. D. K. Blake of the 
General Electric Company, a preliminary study of the existing 
conditions was made which indicated such an appreciable 
saving in initial and ultimate investment, by the installation of 
an a-c. network in this territory, not to mention the other inher¬ 
ent advantages offered by this system of distribution, that it 
was decided to obtain a detailed estimate of cost for such an 
installation. 

Very careful estimates were made of the relative costs of 
supplying the area in Brookhne by means of the 4,000-volt 
network and by a new substation. This economic study was 
extended to cover the ultimate load requirements of the terri¬ 
tory to be served, and it was very clearly indicated that the 
capital investment showed a reduction of at least 20 per cent 
through the installation of the network system. Corresponding 
figures for the initial installation showed even greater savings. 

The reduction in the ultimate investment did not include 
savings in favor of the network obtained through being able to 
add relatively small increments of capacity, thus closely follow¬ 
ing the requirements of the load, as against large increment 
additions inherent in the development of a substation. 

In general, the principle of the 4,000-volt a-c. network is to 
distribute the transformer capacity in relatively small uniks over 
the area to be supplied, rather than to concentrate it in one 
central location, as in the case of a substation. 

With this general idea of the network as a guide, the particular 
problem consisted of creating this new system of distribution 
from the existing 4,000-volt radial circuits. 

The problem resolved itself into three major parts: 

1. The location and equipment of the vaults. 

2. The transmission line extensions to the vaults. 

3. The cutting over of the existing radial circuits to form a 
4-wire network between vaults. 

After careful consideration of this immediate problem and 
of the larger problem of the more general application of this 
network system, it was decided to proceed with the network 
installation and to standardize on the 1,500-kva. unit and its 
equipment installed in underground vaults approximately 30 ft. 
long, 10 ft. wide, and 10 ft. deep. Each vault will contain one 
1,500-kva., three-phase, self-cooled transformer rated 13,800 
volts primary and 4,330 volts secondary, with one full capacity 
tap for 5 per cent above normal brought out to a ratio adjuster. 
The transformer will also have the necessary equipment for load 
ratio control, designed to automatically change the ratio in 
eight equal steps over a 10 per cent range, two steps being above 
the tap in use and six steps below. Provision wiU also be made 
so that blower equipment may be added to increase the rating of 
these transformers to 2,000 kva. 

All apparatus will be entirely metal clad making it impervious 
to moisture and permitting actual fiooding of the vault without 
damage. 

The primary and secondary windings of the transformer will 
both be Y-connected with the neutral of the 4-kv. winding 
solidly grounded, and the neutral of the 13.8-kv. winding 
arranged so that it may be operated either solidly grounded or 
isolated. 

The transformer and submersible metal-clad switching equip¬ 
ment will be designed for assembly and operation as a unit, 
thereby standardizing the vault construction and simplifying 
and hastening the installation of new equipment when needed. 

It was not necessary to do much rephasing on the network 
because the single-phase loads on the existing radial circuits 
were already balanced between the three phases. 

Lightning arresters are to be installed on all standpipe poles 
where the 4-wire mains change from overhead to underground, 
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and on all overhead taps of any considerable length which connect 
directly into an under^onnd main. 

Voltage regulation will be ideal due to the fact that vaults 
wiU be located at load centers and will be relatively close together. 

All circuit breakers being used in the network vaults are of 
ample rating (36,000 amperes at 4,000 volts) to handle any 
short-circuit currents which may be developed by the network, 
up to an installation of capacity sufficient to supply load of a 
maximum density of 20,000 kva. per square mile. 

To those who are faced with the problem of keeping pace with 
tlie ever increasing short-circuit duties on substation circuit 
breakers, this feature of the network will have a particularly 
strong appeal. 

A study of the above factors shows quite definitely such a 
decided superiority of the network over the radial system of 
distribution with regard to economy, simplicity, continuity of 
service, voltage regulation, standardization of equipment, pro¬ 
vision for load growth, et cetera, and as it is so readily adaptable 
to areas of any load density, that whenever it becomes necessary 
to make any extensive changes in the existing distribution sys¬ 
tem, or plan a new system, careful consideration should be given 
to the possibility of installing a 4,(X)0-volt network. 

L* G. Smith: I desire to stress one point'of economic con¬ 
sideration, of which I am sure the authors are aware, but which, in 
my opinion, is not sufficiently emphasized in the paper by virtue 
of the fact that the relative economics of a conventional radial 
system as compared with a primary network system may depend 
upon this one point. 

In making an economic comparison of a primary network 
with a conventional design of radial system undoubtedly the cost 
of transmission to the substations will be somewhat higher in 
the primary network system. Of course, this depends to a 
considerable extent upon local conditions including the capacity 
per transmission circuit and the general layout of the system. 
The substation costs, moreover, will probably be somewhat 
higher for the primary network system due to the fact that 
submemble equipment for manhole installations will be more 
expensive and since the transformer capacities are smaller, a 
higher cost per Ipra. of transformer capacity should result. 
Naturally, there is one feature of saving in the substations 
with the primary network systems, namely, the saving in feeder 
regulators. In the primary network system, the distribution 
costs from the substation to the feeder point are entirely elimi¬ 
nated because the substations are placed at the feeder points. 
Other items of cost, such as primary mains, distribution trans¬ 
formers, secondaries, and customers’ services, will be the same 
in either type of system. With the conventional radial type of 
system, assuming the cost of transmission, substation and distri¬ 
bution to the feeder points at 100 per cent, this cost will be divided 
approximately as follows: 

Transmission (underground system).. .. 33 per cent 


Substations.40 per cent 

Distribution feeders.27 per cent 


The savings obtained by eliminating the distribution feeders may 
be sufficient to overbalance the increased cost of transmission 
and substations. From this it can be seen that the balance of 
economy may not be very great in either direction and as a 
matter of fact, local conditions may have a very material effect 
upon any economic studies. 

In addition to the above points the primary network system 
presents another distinct economic advantage over the conven¬ 
tional radial system, that is, in the cost of spare capacity. With 
a primary network due to the fact that substation units are 
added in very small capacity steps, it is possible to follow the 
load growth very closely and maintain a reasonably small per¬ 
centage of spare capacity. With a radial system this is not true. 
If, for example, a 20,000-kva. substation is shown by study to 
be of economical ultimate size, the initial step may consist of 
two 10,000-kva. transformer banks and four 13.2-kv. cables 


giving a sustained capacity of 10,CK)0 kva. In view of the fact 
that the initial load may be well under 10,000 kva. the spare 
capacity during the initial life of the substation may be well 
over 50 per cent. This materially increases the cost per kva. of 
transmission and substations during the early stages of the sub¬ 
station development- As a matter of fact the costs do not 
decrease to the ideal values until the ultimate development is 
reached, at which time a new substation has to be started. 
Therefore, the cost per kva. for substations and transmission 
capacity cannot be determined for the ideal basis in an economic 
study but an average cost must be used which covers the average 
cost of sustained peak capacity per kva. over the period of the 
growth of the substation from its initial construction to its 
ultimate development. 

In view of the fact that the cost per kva. of substation and 
transmission capacity may be 4 or 5 times the cost per kva. for 
the ultimate development, it can be seen that the characteristic 
of the primary network system of being able to closely follow 
the load with installed capacity may be the feature which 
determines its economic advantage. As I see it, one of the most 
important features in the design of a power system is the main¬ 
taining of adequate reliability to service by means of spare 
capacity at a minimum cost. 

R. T. Henry: Some of the claims made in this paper for the 
primary network scheme are very optimistic. There is danger 
in attempting to draw general conclusions from comparisons in 
specific cases which involve such unusual conditions as the two 
cases described. It should be noted that both of these cases 
involve very small areas where transmission circuits already 
existed and that practically no expense, is included for real 
estate for the network scheme. In such comparisons the 
investment already made in transmission circuits should be 
recopiized as a part of the total investment if not of the im¬ 
mediate investment required. 

In considering the primary network for a larger area, it should 
be noted that the ideal scheme would provide a different trans¬ 
mission circuit for each network unit. Obviously, this cannot 
be realized in any orffinary case and it becomes necessary to con¬ 
nect two or more units to each transmission circuit. Two units 
connected to the same transmission circuit must not be adjacent 
nor even alternate units if satisfactory diversity is to be obtained. 
They must be separated m every direction by at lea^t two units 
connected to different transmission circuits. It can readily be 
seen that, when this idea is applied to a large area, it results in a 
perfect maze of transmission circuits and becomes very difficult 
and costly. 

In addition to the difficulty involved in the transmission cir¬ 
cuits, as described above, the problem of relaying an extensive 
primary network is rather difficult. The inverse time re la ys 
may operate satisfactorily on feeder faults if each unit has four 
feeders connected and all transformers are in service. However, 
with a transformer out of service there is very real danger of 
undesired operations, particularly if less than four feeders are. 
connected to the unit whose transformer is out of service. This 
is still further complicated by inequalities in the length of 
different feeders which cannot be avoided in practical cases. 

About two years ago the^ Buffalo General Electric Company 
was faced with the problem of designing and building a distri¬ 
bution system covering a territory of about 65 square miles. 
The load involved was in excess of 100,000 kw. In this case 
it was necess^ to provide transmission circuits to serve the 
new distribution system. The primary nelwork scheme was 
very carefully and thoroughly studied at that time in compari¬ 
son with several other schemes. These studies resulted in the 
adoption of a radial scheme, a description of which will probably 
be published in the near future. This scheme has practically 
aU of the advantages of the primary network scheme without its 
ffisadvantages and careful comparative estimates indicated that 
it would cost at least 10 per cent less than the primary network 
scheme for the territory involved. 





882 


STANLEY AND SINCLAIK: THE PRIMARY NETWORK 


Transactions A. I. E. E. 


Referring to the conclusions in the paper in the same order in 
which they are presented, we have the following discussion to 
offer: 

1. Material Reduction in JnveBtment. It is very doubtful if 
network substation locations can be secured in every case, nor 
even in most cases, without any cost for real estate. Certainly 
this is too miich to expect in cities. 

The figures presented indicated a considerable saving in the 
cost of electrical equipment in favor of the primary network 
scheme. This should not and need not be the case in a properly 
designed radial substation. In many oases, if not in most cases, 
the cost of transmission is a considerable portion of the total 
cost and should certainly be recognized in making such com¬ 
parisons. 

The studies made in Buffalo covering a larger territory and 
including transmission indicate that the total cost of the primary 
network scheme would be greater by at least 10 per cent than 
the cost of the radial scheme adopted. 

2, Greater Copper Economy. For the conditions encountered 
in Buffalo, there would have been practically no reduction in 
the cost of distribution feeders in the network scheme over the 
cost for the radial scheme adopted. This is largely due to the 
irregularities encountered and to the fact that a l^e proportion 
of the investment in feeders is in the branches which are the 
same in either case. 

5. Reduced Duty on Oil Circuit Breakers. It is easily possible 
in a properly designed radial system to keep the duty on oil- 
circuit breakers as low or even considerably lower than in the 
primary network scheme. In the radial scheme adopted in 
Buffalo the maximum short-circuit current at the 4-kv. bus is 
66,000 kva. This value will not be exceeded even with the 
ultimate development of the scheme. 

4 . Better Regulation. While the voltage level in the network 
scheme may be more uniform than in a radial scheme with long 
feeders, it should be noted that in the primary network scheme, 
it is practica.lly impossible to apply load compensation without 
involving instability between regulators. Since the voltage 
drop in distribution transformers is as great or greater than the 
total voltage drop in the primary circuits, this is a very serious 
objection. In the radial system adopted in Buffalo the feeders 
are very short and load compensation is provided to overcome 
the voltage drop in the distribution transformers as well as 
in the primary circuits. 

6. Small and Standardized Transformer Units. A properly 
designed radial system permits of standardization at least as 
readily as the primary network scheme or any other scheme. 
The initial installation in the new distribution system in Buffalo 
consists of, 24 standard substations, each containing three 
standardized units making a total of 72 standardized units. 
This entire installation is covered by one set of drawings. 

6. Capacity May he Installed in Small Increments. The radial 
system adopted in Buffalo provides for the addition of capacity 
in small hunrements “where and when needed.“ Long range 
predictions of load growth are quite as unnecessary in this 
scheme as in the primary network scheme. 

7. Investment for Load Growth in Small Increments. Same 
as No. 6. 

8. Reduced System Losses. The claim of “complete elimi¬ 
nation of feeder losses as there are no feeders” is hardly justified 
as the feeders are not eliminated but simply called “tie lines.” 
Here, too, the principal losses are in the branches rather tTin-n 
in the main part of the feeder. Studies indicated that there was 


connected direct to the substation transformers without high- 
tension breakers in the radial system adopted in Buffalo as well 
as in the network system described in the paper. 

H. L- Wallau: The relative cost submitted by tlie authoi^s of 
this paper is the reverse of that obtained by me some six years 
ago when I had occasion to make a study along similar lines. 

The comparison made by me was between a 12,000-kva. 
radial substation and four 3,000-kva. substations with 4,600-volt 
lines networked. The equipment estimate was, of course, based 
on the types available at that date. The study, however, 
included the total transmission required from the generating 
plant to the stations to be served, land, buildings, substation, 
and distribution equipment for a load of 9,000 kva., 3,000 kva. 
of spare transformer capacity being available in each case. 
Transmission was at H kv. underground and regulation was 
by means of feeder, not bus regulators. Under these conditions 
the relative investments arrived at were 100 per cent for the 
radial type vs. 106 to 118 per cent for the networked type. 

The figures obtained by the authors are considerably lower for 
the primary network. This is accounted for in part by the use 
of existing facilities, and in part by the use of bus regulation. 
The installation now being made seems entirely justified for tlie 
conditions existing. Whether or not it can be laid down as a 
general principle that this type of distribution for territories of 
the load densities under consideraton will always be justified 
is open to question. 

In Table II there appears a figure which seems doubtful. 
The relative investment in real estate is given as 17 per cent for 
a radial substation and as only 2.8 per cent for the networked 
stations of the surface type. This latter figure is but 16 per cent 
of the former and to be comparable must cover the cost of three 
distinct sites. Is it not possible that the real estate investment 
in but one such site was included through an oversight? 

Assuming the correctness of the figures as given could not the 
three independent surface installations of each type be concen¬ 
trated at one location? Using the same types of construction 
and equipment, exclusive of network interconnections, relative 
investments of the following order, on the basis of three inde¬ 
pendent primary feeds, would seem indicated: 



Bldg, type 

Outdoor type 

Beal estate.;. 


. 2.8 


Structures. 13.0. C.g 

Equipment. 66.3.66.3 


Distribution.. 

.'. 1.6 ,,, 

K 6 

Duct Connections. 


.14.6 

* 

102 .0...... 



*i'Ijia?eased 60 per cent for a third primary feeder. 


If these assumptions are correct, they would indicate that a 
modification in the radial type substation design might yield 
economies in excess of those shown by the authors, for the 
primary network type, in the Verona-Oakmont district. 

The development of a-c. networks is progressing. Neverthe¬ 
less, many d-c. networks still exist involving large investments 
which it may not be advisable to retire. If the d-c. substation 
and its numerous low-voltage feeders could be eliminated, being 
replaced by high-voltage a-c. feeders and relatively inexpensive 
d-c. conversion sources of moderate capacities for installation at 
points corresponding to those at which network transformers 
are now installed, the picture would be quite different. 


practically no difference in the losses in the radial system adopted 
in Buffalo from those in a primary network system for the same 
territory. 

9. Area of Outage Reduced. ■ The area affected by an outage 
is no greater in the radial system adopted in Buffalo than in the 
primary network system described in the paper. 

10. No 22 Kv. Breakers. The high-tehaon cables are 


With the continued development of the thyratron, it seems 
not unreasonable to visualize a three-wire d-c. network fed at 
street intersections from manholes or vaults through tubes. 
The supply transformers would be single-phase high voltage, 
e. g*, 11- to 33-kv., two pairs of tubes, one on each side of the 
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three-wire eirouit, smootoing reactances, and an over-current, 
reverse^OOTent d-o. oirouit breaker, completing the main installa¬ 
tion, Grid cnrrent at suitable voltage would be obtained from 
an e:!rtra winding on the transformers. Individual installations 
would be balanced across the three phases of the primary supply 
cables and these in turn so interlaced that the loss of one or 
more primary cables (dependent upon the extent and capacity 
of the network) would in no way interrupt service to the con- 
sumers supplied therefrom. 

It is possible that this development may be realized in the 
comparatively near future. Three years ago Mr. A. W. Hill, 
Electee Company, in a paper presented before 
York Section, stated that **cathodes with a normal 
emission of 10,000 amperes appear quite practical.” 

G. M. Miller: Prom the load densities found in the Verona- 
Oakmont District it seems questionable whether the network 
class of service is necessary. Should the primsiiry network 
prove to be as practical and satisfactory as seems entirely possible 
it may be that the customers in the lower density areas will 
receive better service than those in the older heavily-loaded 
areas served by the radial feeder and large transformer substation 
scheme. 

The use of small transformers for stepping from the trans¬ 
mission to the distribution voltage is a decided advantage and 
permits the installation of additional transformer stations at 
locations where the load is increasing. Possible mistakes in 
location are avoided by this scheme whereas with large banks of 
transformers or large capacity substations it is difficult to select 
the right location due to the shifting of load centers. In some 
oases the trend of load growth changes and large investments 
cannot be recovered. Improved regulation and copper economies 
are possible with a primary network which have not been 
accomplished in any other way. 

Experience with relaying schemes and the general arrangement 
of the network will no doubt lead to improvements which will 
reduce cost of equipment. Improvement in design and methods 
of installation may further reduce the oveivall costs so ^that the 
primary network will be much less expensive than the present 
radial scheme and the class of service will be superior to that 
given at present. 

C. T. Sinclair? Mr. Hendrickson raises the question as to 
whether or not the primary network is the correct solution for 
areas of low and medium load density where a high standard of 
service is required and where a low-voltage network will be 
needed in the future.. In the present system, the radial distribu¬ 
tion system has been considered adequate to fit these areas. 
In most low and medium load density areas it possibly will be 
many years before a low-voltage network will be economically 
justifiable. It is our thought that in these areas a higher standard 
of service may be rendered by the primary network than by the 
usual radial system. The primary network is less costly than 
the present radial systems for the Pittsburgh area and our 
experience thus far indicates that it may be expected to render 
a higher grade of service. 

In converting the usual radial system to a network there is 
quite frequently a serious economical handicap in scrapping or 
at least removing equipment already in operation. With the 
primary network it does not appear that a conversion would be 
so difficult. The first step would obviously be to network the 
secondaries, using the present 4-kv. mains as primaries. The 
additional capacity beyond this point would be provided by 
feeders into the secondary grid supplied by the base supply 
voltage (22 kv. in the Pittsburgh case). 

In starting the low-voltage network a minimum of three 
feeders available for supply is very desirable in order to reduce 
the percentage of spare capacity in the system. By way of 
iUustration, if only two feeders were used 100 per cent spare 
capacity must be provided in the system for the system must 
be designed on the assumption that the one feeder is out. With 
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the two-feeder system either feeder with transformer banks 
must be capable of supplying the entire load. With the three- 
feeder system 60 per cent spare capacity is required on the same 
assumption, and with four feeders 25 per cent. Thus.it is 
apparent that with more feeders available the percentage spare 
capacity is reduced. The primary network in the conversion 
scheme mentioned above has certain advantages in this respect 
in so far as each sectionalized primary main is essentially a 
feeder and a number of these mains will be available by the very 
nature of the network. This will especially be true when a given 
area has reached the load density at which a low-voltage net¬ 
work appears economically feasible. 

We are in complete accord with Mr. Bullard’s statement as to 
the desirability of using generating station or transmission 
terminal substation voltage where possible. We are confident 
that at this time it would be impractical to operate an 11-, 13-, 
or 22-kv. system for our distribution areas. The necessity to 
work this voltage under congested conditions is extremely 
difficult. In some of the areas underground construction would 
make it impossible to operate such a distribution system. As 
Mr. Bullard has pointed out, there are certain governmental 
objections and in certain areas it is practically impossible to 
spread this ^gher voltage throughout the entire district. The 
extensive joint use system introduces another factor difficult 
of solution. 

For certain types of distribution areas, for example rural 
distribution, the higher voltages discussed by Mr. Bullard 
certainly offer material advantages. The primary network, 
however, is not offered as a solution to this problem. 

It is very interesting to note that Mir. Sweetnam has likewise 
found material economies in the adoption of the primary net¬ 
work and his discussion needs no elaboration here. The im¬ 
portant conclusion to be drawn from his discussion is that the 
primary network is readily adaptable to areas differing in type 
from Pittsburgh. 

Mr. Smith refers to the reasonably small percentage of spare 
capacity. This advantage is true in both the primary network 
and the low-voltage network. It is possible to add load in small 
increments when and where desired. We would be inclined to 
term this extra capacity needed “over capacity” rather than 
spare capacity,” as he terms it. Spare capacity is always 
provided to take care of emergency and abnormal conditions 
whereas this over capacity is required in the usual system by 
the very nature of the large imits involved in the usual radial 
system. As Mr. Smith points out, the initial load on a 10,000 
kva. bank may be during the initial life of the substation well 
under 60 per cent (or, as he expresses it, the spare capacity may 
be well over 50 per cent). As he points out, the cost per kva, 
cannot be determined on an ideal basis in an economic study 
hut average costs must be used considering the period of the 
growth of the substation. 

The difficulties of relaying and regulation, mentioned by 
Mr. Henry, have not been met with thus far in the Pittsburgh 
network after five months of operation and several series of 
tests. The fact that this time is too short to make any definite 
statements is recognized but our studies combined with the 
little operating experience have led us to believe that these 
problems are no more difficult than those met with in other 
oases in the electric light and power industry. We feel sure that 
the scheme described by Mr. Henry is very satisfactory and 
will give a good account of itself. 

Mr. Wailau raises the question as to the investment figure of 
17 per cent given in our table and notes that it is high compared 
to the cost for the network stations. The 17 per cent represents 
.the actual value of the property now in our possession which was 
to be utilized for the construction of the substation and is not 
an estimated figure but actual value. Radial substation loca¬ 
tions are chosen after an economic study which, speaking gen-^ 
erally, balances feeder costs against property costs; In other 
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words, it is possible to locate a station away from the load center 
and buy cheap property. This, however, means a longer average 
feeder length and each substation location may be chosen after 
this economic study is made, taking into consideration all factors 
involved. Tlie substation location chosen in this report for a 
radial substation is the best location for the radial system con¬ 
sidered. The reason that the real estate item in the network 
analysis is low is because of the fact that this substation can be 
located either undergroimd entirely, where no property is 
purchased or on a small and inexpensive lot. 

We feel confident that in our particular case the three inde¬ 
pendent units could not be located at one spot as suggested by 
Mr. Wallau as this would result in costs largely as described for 
the radial type system. The use of the thyratron for supplying 
d-c. networks seems to have certain possibilities. It is also 


interesting to note that the application of d-c. transmission to 
the primary network appears to have possibilities. This, how¬ 
ever, is looking rather far in to the future. 

It is interesting to note that Mr. Miller feels the importance 
of being able to add transformer capacity when and where the 
load is increasing. He poipts out that this largely eliminates 
the possibility of mistakes in choosing large substation locations. 

The authors of this paper do not contend that primary net¬ 
work should be applied to all overhead distribution systems. 
It is felt, however, that this system provides economies and 
operating possibilities for the areas described that are superior 
to other systems now in use. Our operating experience thus 
far has justified our analysis. Additional studies made indicate 
that the scheme can very likely be applied to a large proportion 
of our load. 


The Philadelphia A-G. Network System 

Dsvclopnioiit and Operation of a Network System Having 
Fused Secondary Mains and 2,300-Volt Loop Circuit Supply 


BY H. S. DAVIS» 

Associate, A. I. E. E. 


and 


W. R, ROSS* 

Associate. A. I, E. E. 


Synopsis• The object of this paper is to outline the engineenng 
plan of the low-voltage a-c. network system in Philadelphia, Pa, and 
to summarize operating experience over a five-year period. The 
developmerit of this system and the operating experience tvill be of 
interest, since several basic features, which contribute toward the 
successful results, are different from the basic plan in other types of 
network systems. 

The system consists of seciionalized primary loop feeders, supply¬ 
ing a fused secondary network. At present there are twenty-four 


feeders in operation, with a total normal operating capacity of 82,540, 
kva.; the coincident feeder peak to date being 27,600 kva. 

The conclusions in the paper are essentially as follows: 

1. The system plan initially adopted has been followed without 
fundamenM change, and has proven amply flexible to meet changed 
load conditions as the area develops. 

2. Operating experience has been very satisfactory, tinder all 
conditions, including those at time of faults on the network or else¬ 
where on the system. 


Inteoduction 

T en years ago many of the central station companies 
were experiencing considerable difficulty in de¬ 
termining upon a distribution system which would 
best provide for load growth in areas of higher load 
densities. A number of individual companies in¬ 
augurated studies to determine the practicability of a 
secondary a-c. network system to supplement or sup¬ 
plant the d-c. network and radial a-c. distribution 


tions and standards, that a number of different types 
of network systems is in use. 

The system described herein was found by a study of 
all types of secondary network systems to be best suited 
to conditions in the downtown business district of 
Philadelphia from the standpoints of reliability, sim¬ 
plicity, flexibility, and economy. 

General Description 

"The first network was established in the early part 



0 LUOLOW SUBATATICN 
@ WAVERLY SUBSTATIOM 


@ CHERRY SUBSTATION A-C I. 0-C 

0 franklin substation A-esD-e 


PiQ. 1 Philadelphia Downtown Business Disteict Showing A-C. Network Areas 


S 3 rstems. Although the principle of multiple primary 
feeders suppl 3 dng a secondary network underlies all 
network systems, the methods and apparatus actually 
used have varied to such an extent, due to local condi- 

'^'iderground Lines Section, PMladelphia Electric 
Co., Philadelphia, Pa. 

2. Engineering Dept., PMladelpMa Electric 'Co., Phila- 
delphia, Pa. 

Presented at the Middle Eastern District Meeting of the 
A. 1. E. E., Pittsburgh, Pa., March 11-18,1981. 


of 1926 as an integral part of a ten-year program of 
changing the downtown business district from direct 
current to alternating current. 

The downtown business district, covering an area 
of 1.6 sq. mi. (Fig. 1), consists largely of office buildings, 
ba.nking institutions, hotels, apartment houses, theatres’ 
railway terminals, higl^-class merchandizing establish¬ 
ments, etc. 

The 1930 peak demand of this area was 72,820 kva. 


31-56 
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of which 27,600 kva. was carried on the a-c. network the same substation are connected to different gen- 
system and 6,000 kw. on the d-c. system. The erating station bus sections which are separated from 
remaining load is generally in such laige blocks and of each other by barrier walls, as illustrated in Fig. 2. 
such a character as to generaUy warrant service at a The generating stations, Schuylkill and Delaware, are 
higher voltage and is usually supplied from dual radial located approjdmately one and one-half miles from the 
nominally 2,300-volt or 13,2p0-volt feeders. network area. 

The entire network and the greater part of the radial Voltage regulation on the network system is secured 
feeder load in this area, as well as some of the radial by means of induction t 3 rpe regulators on the low- 
feeder load in areas adjacent thereto, is supplied from voltage side of the substation transformer banks or on 


DELAWARE GENERATING STATION 



□ OPEN OIL CIRCUIT BREAKER 
■ CLOSED OIL CIRCUIT BREAKER 
A— CLOSED DISCONNECTING SWITCH 


Fio. 2 —Schematic Diaobam Showing Typical Method op Supply to Nbtwokk Area 

two generating stations through four substations the individual loop feeders. The use of bus regulation 
located as shown on Fig. 1. is gradually being extended to all substations feeding 

The present a-e. network system comprising an area the network system, 
of 1.26 sq. mi., consists of three separate networks. No auto transformers are required on the secondary 
each having a load of approximately 9,000 kva. Each network because the system conforms to accepted 
network area is supplied by eight 2,300-volt loop voltage standards for both light and power service; 
feeders from two substations. Each such pair of therefore, all parts of the system can be paralleled 
substations is fed from the same generating station, without the use of translating devices, 
by a munber of 13,200-volt feeders. The feeders to Statistics pertaining to the network load at the time 
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of the 1930 peak, number of loop feeders, length of 
feeders, number of transformers and oil circuit breakers 
are presented by areas in Table I. 

The secondary a-c« network system is a gridiron of 
secondary mains, two-phase, five-wire 115/230 volts,» 
fed from transformer banks located at each main street 
intersection and which are supplied from a number of 
interlaced loop primary feeders. 

^ The secondary mains and transformer leads are pro¬ 
vided with copper-link fuses for automatically section- 
alizing parts of the system in case of trouble. 

The loop primary feeders consist of several unit 
sections ^ which^ are connected by means of 15-kv. 
automatic oil circuit breakers operated by means of a 
balanced pilot wire control system. Practically all 
the cable comprising the loop feeders, together with 
the majority of the stepdown transformers have been 


carrying the load of one of the network areas totaling 
approximately 6,000 kva. The 13.2-kv. feeders to 
substation A dropped out successively, so that the 
entire transmission supply was lost. The remaining 
substation B continued to feed all of its regular load, 
and all the network load without noticeable drop in 
voltage. In addition, the feed back through the 
network and the loop feeders energized the 2,300-volt 
bus in substation A which in turn picked up a part of 
the load on a limited number of important outgoing 
radial 2,300-volt feeders. 

Twenty-two primary cable and three transformer 
failures have occurred, and in every case the oil circuit 
breakers and fuses have isolated the faulty section 
without interruption to service to any other unit section 
or impairing service to any customer. 

The operation of secondary fuses in well-established 


1 . 

2 . 

3. 

4. 

5. 

6 . 

7. 

8 . 

9. 

10 . 

11 . 

12 . 

13. 

14. 

15. 

16. 
17. 


TABLE I DATA PERTAINING TO THE PHILADELPHIA A-C. NETWORK SYSTEM 


Area in square miles operating network. 

Maximum demand in kva. (network only). 

Number primary loop feeders.. i........ 

Total normal capacity of loop feeders... ........ *. 

Average normal load per loop feeder. * [ 

Total length of loop feeder cable.. 

Average length per loop feeder. !..!!.!!!!!!!!!!!!!!!!!!!!! 

Total length of loop feeder cable between substation and first transformer 

bank. 

Total length of loop feeder cable between substation and boundary of 

network area. 

Number of unit sections on loops. 

Average loop section length in feet.. 

Number of primary oil circuit breakers.. 

Installed transformer capacity kva.. !!!!.!../ 

Number of transformere (100 kva.). !!!!!!!.!!!!/ 

Number of transformer manholes. 

Ratio normal loop feeder capacity to transformer capacity.. 

Ratio maximum coincident feeder demand to transformer capacity. 


Delaware 

Delaware 

Schuyldll . 

Totals 

north 

south 

south 

December 1930 

. 0.413 

.... 0.467 

.... 0.376 

... 1.256 

. 8,023 

.... 9,897 

,... 9,682 

... 27,602 

8 

8 

8 

24 

. 10,620 kva. .. 

..., 9,600 kva. .., 

.... 12,320 kva. .. 

... 32,640 kva. 

. 1,003 kva. .. 

.... 1,237 kva. .. 

- 1,210 kva. .. 

... 1,150 

.70,400 ft. .. 

....99,800 ft. ... 

...92,400 ft. .. 

.. .262,600 ft. 

. 8,800 ft. .. 

....12.475 ft. ... 

.... 11,550 ft. .. 


.17,160 ft. ,. 

....36,698 ft. ... 

21 292 ft 

.. :30,240 ft. .. 

A finite 

... 84.098ft. 

57 

> • « A Ue ♦ ♦ « 

70 

' • • • O^oUO Xiii« • • 

72 

•.» it. 

199 

. 1,230 ft. .., 

... 1,430 ft. ... 

... 1,280 ft. .. 

.., 1,820 ft. 

49 

62 

64 

175 


, 12,500 
125 
41 


64% 


.13,600 
136 
54 
71% 
. 73% 


.15,400 
. 154 

. 56 

80% 
:_ QS% 


41.500 

415 

151 

78% 

66 % 


purchased and installed for possible ultimate 13.2-kv. 
operation. Oil circuit breakers are rated at 400 
amperes and 15 kv. 

Operating Results 

Operating experience with this network system over 
a five-year period has been satisfactory. 

To date there have been two major cases of ss^tem 
disturbances which affected the a-c. network system; 
in one instance service to one entire network area was 
interrupted for a short time and in the other case the 
continuity of the network service was unaffected. 

Case 1. Due to trouble in one of the generating 
stations, power supply to the two substations feeding a 
5,000-kva. network load was lost. One of the two 
substations involved had "tie lines” to a third sub¬ 
station which was fed from another generating station. 
By closing the tie line oil circuit breakers, this sub¬ 
station picked up the entire load of the network and 
carried it.until conditions were restored to normal. 

Case 2. Two substations A and B were jointly 

3. Two-Phase, Five-Wire Disiribution, by P. H. Chase, 
A. I. E. E. Thans., Vol. XLIV, p. 737. 


network areas has demonstrated that faults on secon¬ 
dary mains are quickly and selectively isolated, conse¬ 
quently with a minimum amoimt of damage. 

In two cases of trouble on the secondary trans¬ 
former leads the faults have burned clear wdthin a few 
inches of point of origin. 

An inspection is made every three months by a group 
of five men in order to determine the condition of the 
pilot wore control system, oil circuit breakers, trans¬ 
formers, sectionalizing boxes, etc. It is expected that 
the rate of inspection may be reduced. The periodic 
field inspection consists of: 

1. Testing transformers, oil circuit breakers and 
sectionalizing fuse boxes for water tightness. Work 
involved in making the equipment water-tight consumes 
the major part of the inspection time. 

2. Testing the pilot wire system (conductors, ciurent 
transformer, and trip coils) for (a) grounds, (b) open 
and short circuits. 

3. Inspection of trip coil settings and operating 
mechanism for sensitivity. 

4. Examination of sectionalizing boxes for—(a) 
blown fuses, (b) open secondary cable mains. 
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6. Minor repairs and adjustments. 

Open breakers on the loop circuits are checked in 
two ways. By recording the hourly ammeter readings 
on each loop feeder, and by alternately opening the 
loop feeder ends, twice each week, and checking the 
approximate total currents trader these test conditions. 
The current readings on each loop end often indicate 
if a unit section is open and its approximate location. 

Basis op System Design 

Reliability, flexibility, simplicity, and economy were 
the four outstanding requisites upon which the system 
was designed and the basis upon which extensions 
have been made. 

The detail engineering plan was based upon the 
requirements: 

1. That the network ss^stem as a whole shall have 
sufficient spare capacity to assure against overloading 
any equipment during period of unit section or trans¬ 
former outage. 

2. That adequate network voltage shall be main- 
tained under all conditions, including short-time 
(approximately 30 minutes) loss of one of the two 
substations supplying a given area. With the loss of 
one substation feeding a network area, it is possible to 
car^ the entire load on the remaining substation by 
taking advantage of short-time overload rating on all 
substation and network equipment. 

Development op Detail System Design 


which actual alternating-current conditions of opera¬ 
tion could be simulated, would prove of material assis¬ 
tance in securing the desired information with the 
maximum degree of accuracy, in the minimum space of 
time. Accordingly a board was designed and con¬ 
structed by the Philadelphia Electric Co.,‘ upon which 
various conditions of operation, kinds of faults, possible 
changes in the fundamental plan, etc., were studied. 
This proved to be a most valuable aid in the solution of 
problems involving the magnitude of currents flowing 
into faults of various kinds; the amount of circulating 
current caused by phase angle or voltage differences 
between substations, the effect of motor starting cur¬ 
rents, together with the permissible loading of loop 
feeders under given fault conditions. 

Having determined upon the operating conditions 
that would be encountered, complete laboratory tests 
were conducted to determine the ability of the protec¬ 
tive scheme to function properly at time of a fault. 

Primary Feeders 

The primary supply to the network S 3 ^tem is in the 
form of three-conductor, 350,000 cir. mils, paper-insu¬ 
lated, lead-covered cables. Each loop feeder extends 
from a substation through a number of intersections 
throughout the network area and returns to the goTno 
substation. Each feeder is routed through widely 
separated parts of the network area and interlaced with 
other feeders. 


With the method of protection employed and the 
interlacing of loop feeders, operating experience has 
shown that it is possible to load the network trans¬ 
formers to 80 per cent of the manixfacturer’s name¬ 
plate rating with the assurance that there vsdll be 
sufficient capacity available in the event of a failure 
occurring in a loop unit section at time of the network 
peak. 

Loop feeders are normally operated at 80 per cent 
of the rated equipment capacity. The loading on 
some of the individual loop feeders may exceed the 
80 per cent value for periods of relatively short dura¬ 
tion, i e., at the time of the network peak. Conditions 
of this nature ^ infrequent and are permissible in 
view of the available reserve capacity in all parts of 
the system. With the loss of a unit section of loop 
feeder, the feeder continues to function, though the 
load on the respective ends of the loop feeder may be 
imequal, depending upon the location of the unit 
section isolated by the operation of the pilot-wire pro¬ 
tection system. In the event of a failure in either the 
first or the last unit section, the remaining operating 
end carries approximately 75 per cent of the total 
load carried on the respective ends prior to the fault 
on the open end. The load dropped by the faulty 
o^,is absorbed by the adjacent interlaced loop feeders.. 
Coincident with the studies undertaken to determine 
the possibilities of establishing an a-c. network system, 
it was recognized that an “a-c. calculating board” upon 


The primary feeders at present are operating at 
2,300 volts, three-wire, two-phase. 

Since the initial operation of the network system in 
1926, there have been 22 primary cable failures approxi¬ 
mating one failure per 34 unit sections per year, or 12 
failures per 100 miles of operating cable per year. 
The relatively high rate of cable failures has been largely 
due to external mechanical injury. 

Balance Pilot Wire System op Protection 

Each primary loop feeder is composed of a series of 
umt sections, each of the unit sections being provided 
with sectionalizing oil circuit breakers. The present 
average length of unit sections is approximately 1,300 ft. 
The arrangement of substation equipment, composition 
of unit sections and protective, scheme is shown in 
schematic form in Fig. 3. The balanced pilot wire 
system is fully described in an article by Mr. P. H. 
Chase.* 

Each unit section is protected by a pilot wire control 
circuit connecting current transformers and trip coils 
m the circuit breakers at each end of the unit section. 
Current transformers in the secondary leads of the dis¬ 
tribution Iransformera are also connected into the con- 
teol circuit. The distribution transformers are thus 
included within the protected section of the feeder. 

Each un it section of feeder may be considered as 

4. “An Alternating-Current Network,” by P. H. Chase 
Blectncal World, Vol. 88, No. 13, Sept. 25, 1926. ' 
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three branches around the point where the distribution 
transformer bank is connected to the feeder. Current 
transformers in each of these three branches are con¬ 
nected through the pilot wire to obtain a three-way 
current balance, corresponding to the current balance 
m the three branches of the unit section. Trip coils 
in the oil circuit breakers are connected across the 
pilot wire system at each end of the unit section. 

Under normal operating conditions, the relative 
polarity of the current transformers is always such as 
to cause a circulating cmrent to flow in the pilot wire 
circuits, with zero or negligible cinrent in the trip 
coils. In the event of a fault an3nvhere in a unit see¬ 


the trip coils is sufficiently high, relative to that of the 
pilot cable, to prevent current of operating value from 
flowing through them. 

It will be observed that only one transformer bank 
and associated primary cable is isolated in case of a 
fault on the primary loop feeder. The other trans¬ 
former banks remain in service, being supplied from the 
two parts of the loop feeder which have been separated 
by the isolation of the faulty unit section. Due to 
this feature the occurrence of a fault causes a minimnm 
of disturbance to the remainder of the sj^tem. 

The pilot cable which parallels the primary loop 
feeder is a four-conductor No. 4, rubber-insulated, and 



tion, the relative polarity of the associated current 
transformers change, so that current flows through the 
trip coils and the oil circuit breakers at each end of the 
faulty unit section are tripped open. The back feed 
from the low-voltage network blows the 1,500-ampere 
fuses in the transformer secondary leads and the unit 
section is completely isolated. 

The protective system for each unit feeder section is 
responsive only to fault conditions within the section. 
There may be reversals of current in other unit sections, 
but the relative polarities of the current .transformers 
are always such that a current balance in the control 
circuit is maintained. There may also be a heavy 
current flow in other imit sections, but the impedance of 


lead-covered cable. All branches of the pilot wire 
control system are connected through manhole type 
junction boxes provided with test clips to’ facilitate 
testing and measuring load on transformer banks. 

Meld inspections to date have disclosed three cases 
of failure in the four-conductor cable of tbe pilot wire 
system; two cases of incorrect cable connections in the 
junction boxes and a defective current transformer. 
In no case did the six irregularities cause op^ation of 
the loop feeder oil circuit breakers. 

Pkojary Oil CrBcuir Breakers 

The oil circuit breakers used for sectionalizing the 
primary loop feeders are of the subway type, rated at 
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15,000 volts and 400 amperes, with an interrupting 
capacity of 30,000 amperes at 2,300 volts on standard 
2 OCO basis. Each oil circuit breaker contains six 
bushing t 3 T)e current transformers, and six 5-ampere 
trip coils. Connections are made to the oil circuit 
breakers with single-conductor cables which in turn 
are spliced to the three-conductor primary cables. 
Wiping bushings are provided for extension of current 
transformer and trip coil leads, in lead-covered cables, 
for connection to the balanced pilot wire protective 
system. 

On thie first consignment of oil circuit breakers, 
difiiculties were experienced with tripping out due to 
vibration. Since the proper corrections have been 
made to these breakers, no such operations have oc¬ 
curred. In other respects breakers have given satis¬ 
factory results and have required only minimum main¬ 
tenance except where one was replaced on account of 
entrance of water. 

Nbtw6rk Distribution Transformers 

The distribution transformers used in the Philadel¬ 
phia network system are all 100-kva. single-phase 
subway type units of standard impedance. 

The majority of the transformers are constructed with 
the high-voltage winding in six sections, connected in 
parallel for present operation at 2,300 volts and ar¬ 
ranged for series connection for operation at 13,200 
volts, if desired in the future. 

There have been three network transformer failures 
which were due to admission of water and breakdown! 
of windings. 

Transformer Manholes 

All network transformers on the Philadelphia system 
are of the subway type and are installed in transformer 
manholes usually located in the highway under the 
sidewalk. The majority of the manholes are 15 ft. by 
9 ft. writh 8 ft. head room, and are located near the 
street intersection. There are two removable slab 
openings, one of which has an open grating lid and two 
openings for the ventilating chimneys, which extend 
from the street surface to the bottom of the manhole 
at each end. 

Each transformer manhole usually contains from one 
to four 100-kva. transformers, one primary oil circuit 
breaker, two pilot cable junction boxes and four low- 
voltage sectionalizing boxes, illustrated in Fig. 4. 
Barrier walls are not used to isolate the primary oil 
circuit breakers from the transformer but all cables, 
except the control cables, are fireproofed. 

Secondary Network 

The cables on the 116/230-volt, five-wnre, two-phase 
secondary network are 360,000 cir. mils, 600 volt paper- 
insulated and lead-covered. Single-conductor cables 
from the single polarity five-way fused sectionalizing 
boxes which are installed at every main street inter¬ 
section may be spliced to single or multiple conductor 


secondary mains. Three-conductor cable mains of 
the former d-c. network were used in many instances 
for one phase, and two single-conductor cables installed 
to complete the two-phase main system. The present 
practise is to install single-conductor cable for the phase 
wires and a bare No. 2/0 neutral wnre. Both lighting 
and power loads are supplied from the same set of 
secondary mains. 

Two-phase motors of various sizes up to 40-hp. are 
taken on any part of the secondary network system 
when well established, without requiring special starting 
current limiting devices. 

Secondary Fuse Protection 

In the original investigation the magnitude of current 
which could be expected under fault conditions was 
determined from the calculating board. Tests were 
then conducted by means of a spare generator and trans¬ 
former bank to determine the current-time characteris- 



Fig. 4—Typical Arrangement of Equipment in 
Transformer Manhole 

Left to right—transformer, oil circuit breaker, pilot cable Junction boxes, 
secondary sectionalizing boxes 

tics of various types and sizes of copper-link fuses 
for 115-yolt duty. Oscillograph measurement of the 
current and time of blowing of the fuses mounted in 
different types of boxes, with fuse contact blocks of 
different sizes and under different temperature condi¬ 
tions indicated that the fuse sizes determined upon gave 
the necessary selectivity. 

These copper-link fuses are installed in five-way single 
polarity sectionalizing boxes, to which the four second¬ 
ary mains and the transformer leads are connected. 
The mains are protected with 1,250- and the transformer 
leads with 1,500-ampere rated capacity fuses. 

Operating experience with a fused a-c. secondary 
network system in well-established areas has indicated 
that fusing of mains and secondary transformer leads is 
desirable and that the fuse sizes used are satisfactory. 
In establishing the secondary network, old d-c. mainp of 
various types and sizes were used. The different condi- 
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tions existing on the secondary system and in the supply 
to the network during the.construction periods make it 
impo^ible to definitely analyze or summarize the types 
of secondary failures and the operation of fuses at times 
of faults. There have been no cases of fuses blowing 
when a fault has not existed on the particular section. 
When fuses have not blown the faults have cleared 
themselves without any damage other than destruction 
of the cable immediately afljacent to the point of 
failure. 


Discussion 

Richters The paper states that there is a number of types 
of a-c. low-voltage network systems in use for underground dis¬ 
tribution in this country. There are really only two types, the 
Philadelphia system, which uses loop feeders and fuses for pro¬ 
tection on the network side of the transformers, and that which 
employs radial feeders and automatic network protectors for 
protection. There are four variations of the automatic protector 
scheme, but no differences fundamentally. Whether the secon¬ 
daries are two-phase or three-phase is incidental. 

In 1924, when the two types of systems were in their infancy, a 
few individuals predicted that both would be made to give satis¬ 
factory service, despite dire misgivings from many quarters. 
This paper, together with the extensive literature on the auto¬ 
matic protector system, proves that the predidiom were correct. 

As of January 1930, the two systems served peak loads of 
28,000 kva. and 330,000 kva., respectively. In terms of operating 
compames that employ the two systems as the present standard, 
the ratio is 1 to about 55. Loads that are among the most im¬ 
portant and exacting in the world, as in the skyscrapers in New 
York City, depend entirely on the automatic protector system. 
This system is being installed where direct current with storage 
battery was the rule. 

The network system described in the paper seems to have 
a disadvantage as regards length of time for the transformer 
secondary fuses to clear primary faults. These fuses take at least 
twice as long to clear as would automatic protectors, and fre¬ 
quently much more than this. Primary cable and transformer 
faults predominate, and it is very desirable to isolate every fault 
as quickly as possible to prevent the trouble spreading by over- 
stressing the other parts of the system. The automatic protector, 

I believe, answers this requirement much better than the trans¬ 
former secondary fuses. 

One object of the sectionalized loop feeder scheme with one 
transformer banlc per feeder section is to .keep down the spare 
transformer capacity required to carry the network after a pri¬ 
mary fault is isolated. The paper states that this permits loading 
the transformers to 80 per cent of their rating at time of peak 
load. In the automatic network protector system, 16 parallel 
radial feeders would correspond, with respect to the approximate 
total length, to the 8 loop feeders in each of the three network 
divisions in the Philadelphia network. Under the same assump¬ 
tion of a single primary fault, tripping out an entire radial feeder 
would require no more total spare transformer capacity than with 
the sectionalized loop scheme, and possibly less might be toler¬ 
ated. On the other hand, more copper is needed in the loops. 

The two-phase five-wire secondary network utilizes accepted 
voltage standards for power as well as light. But it is also true 
that the. fear of having to use considerable booster auto-trans- 
former capacity for the prevalent three-phase system has long 
since faded away. Extensive experience has proven that auto¬ 
transformers constitute but a small part of the total expense of a 
well-designed automatic protector system employing 120/208- 


or 115/199-volt secondaries. The minor difficulties in fitting 
standard devices to the non-standard voltages in this type of 
secondary system comprise just one of the routine matters en* 
countered in underground distribution practise. The effort to 
spread the use of translators for 115/230-volt three-phase net¬ 
works has likewise fallen down, so there is no need to compare 
the two-phase network with that scheme. 

To sum up, it appears that the two types of a-c. underground 
network system are, in general, giving reliable service; biit the 
automatic protector system is probably cheaper in first cost and 
maintenance and conserves the investment by more pi’omptly 
isolating primary faults. 

H. S. Davis and W* R. Rass$ Mr. Richter points out the 
difference in the two prevailing types of a-c. network systems 
and indicates the relative amount of load connected to each. 
Admittedly, there are a predominance of a-c. network systems 
which employ the low-voltage automatic a-c. network protector. 
Howevelr, in spite of the larger number of systems of this type, 
little or no thorough-giving information has been placed at the 
disposal of the industry as to actual operating performance. 
The object of our paper was to present operating data secured over a 
five-year period of actual operation of the Philadelphia a-c. 
networks. This operating experience has fully demonstrated 
the soundness of the sectionalized loop-feeder plan. We believe 
the highly satisfactory performance has resulted largely from 
the simplicity of the equipment utiHzed. 

Of the various devices available to interrupt circuits in the 
115/230-volt class, it is believed that the link fuse is one that 
can be depended upon reliably to interrupt the circuit. Further, 
it is our opinion that the slight additional time required for the 
fuse, as compared with the network protector, to interrupt fault 
currents of small magnitude, does not nearly outweigh the 
advantage of having this dependable simple interrupting device. 

Regarding the matter of speed of isolation of primary faults, 
Mr. Richter overlooks the fact that under the loop scheme the 
primary sectionalizing breakers operate in about ten cycles and 
thus isolate the faulty section from the remainder of the primary 
feeder, then the final isolation of the fault, from the network, is 
accomplished by the fuses interrupting only the fault current 
fed back through one network transformer bank. 

To meet conditions such as the complete outage of a feeder or 
all the feeders due to the loss of a substation, the parallel radial 
feeders scheme requires as high a degree of interlacing as does 
the section sectionalized loop-feeder plan. Unless this is done, 
an equivalent grade of service cannot be afforded without 
materially increasing the total feeder or transformer capacity, 
or both. 

No attempt was made to stress the relative merits of the five- 
wire, 115/230-volt, two-phase, network system. Mr. Richter 
concedes that minor difficulties are experienced from time to 
time in fitting standard devices to operate satisfactorily on non¬ 
standard voltage systems. However, to quote Mr. Richter, 
“this has become more or less one of the routine matters en¬ 
countered in underground distribution practise.’* It is obvious 
that standard voltages have very definite advantages and afford 
greater ease of operation from a regulation standpoint than can 
be considered where the secondary network consists of four-wire, 
three-phase, 120/208- or 115/199-volt secondary mains. 

In summing up his remarks, Mr. Richter makes the general 
statement that the automatic network low-voltage protector 
system i s probably cheaper in first cost and maintenance. Excep¬ 
tion is taken to these very general statements in that information 
at hand does not bear out this contention. Comparisons of 
operating maintenance costs on systems using the network 
protectors and the maintenance cost of operating loop-sectionaliz- 
ing devices, such as those in operation in Philadelphia, indicate 
that there is little, if any, saving in one system over the other. 



Present Day Practise in Grounding of 
Transmission Systems 

Second Report of Subject Gonamittee on Grounding* 


Introduction 

N 1923 the Protective Devices Committee through 
its Subcommittee on Grounding issued a report on 
the grounding practise of that day. Last year it was 
felt that there had probably been sufficient change since 
that time to justify a second report of the same nature, 
and the Joint Interconnection Subcommittee of the 
Power Generation, Protective Devices, and Transmis¬ 
sion and Distribution Committees undertook to work 
up the report which is submitted herewith. 

In preparing this report the general scheme of the 
first report was followed, the information received from 
the participating utilities being given without any at¬ 
tempt to draw conclusions as to preferred practise. 

Some of the salient points of comparison between 
ungrounded, solidly groimded, resistance grounded, 
reactance grounded, and tuned reactance grounded 
systems, such as drop in voltage, kilowatt demand, 
steady-state voltage stresses and apparatus cost can be 
fairly well calculated, but there is still too much uncer¬ 
tainty regarding other factors, such as transient voltage 
siresses, possibilities of double faults, effects on relasting, 
to allow of any clear-cut preference for any one scheme 
of grounding over the others. However, in order to 
assist the reader in applsting the data to his own condi¬ 
tions, the committee felt that a short review of the 
fundamentals of grounding might not be out of place. 

Definitions 

For the purposes of discussion the Committee has 
set up the following definitions: 

A. Solidly Grounded 

A station is considered solidly groxmded when the 
neutral of every generator or transformer bank in that 
station is connected solidly and permanently to earth 
through a low resistance connection. A system is 
solidly grounded when all of its major generating sta¬ 
tions or transmission substations are solidly grounded. 

B. Resistance Grounded 

A system is considered resistance grounded when a 
resistor is interposed between the neutral and earth. 

•Intereonneotion Subcommittee of the Power Generation, 
Protective Devices and the Transmission and Distribution 
Committees—^F. C. Hanker, Chairman. Subject Committee on 
Grounding: 

C. A. Powel, Cbainnan 

G. M. Armbrost J. A. Koontz H. K. Sels 

M. T. Crawford W. W. Lewis H. H. Spencer 
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H. J. Scbolz 
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C. Reactance Grounded 

A system is considered reactance grounded when an 
air core or iron core reactor is interposed between the 
neutral and earth; if grounded through a grounding 
transformer, or if only a portion of the generator or 
transformer capacity at any given location is solidly 
grounded. 

D. Tuned Reactance Grounded 

A system is considered timed reactance grounded 
when the aggregate reactive current passed by the 
neutral reactors or their equivalent substantially equals 
the aggregate charging current to ground of the system 
when one conductor is grounded, as with the Petersen 
coil, Bauch transformer, and the dissonance coil. 

E. Ungrounded 

A system is considered ungrounded when there are no 
conductive paths between the neutral and earth, except 
perhaps through potential transformers. 

Selection op Grounding Method 

There are several factors which influence the choice 
of grounding method, and the most important of them 
are listed below: 

1. Apparatus insulation. 

2. Fault-to-ground current. 

3. Stability. 

4. Relaying. 

5. Arcing grounds. 

6. Double faults. 

7. Lightning protection. 

8. Inductive coordination. 

9. Continuity of service. 

10. Adaptabihty to interconnection. 

11. Operating procedure. 

12. Equipment cost. 

1 . Apparatm Irmdation 

Transmission line insulation is principally determined 
on the basis of keeping down flashovers due to lightning 
and there is practically no difference in this insulation 
regardless of method of grounding. On transformers 
having voltage ratings lows: than 115 kv., both ends of 
the high-voltage winding are insulated according to the 
rated voltage of the transformer, hence there is no 
difference in transformer costs regardless of how the 
neutral is grounded. For rated circuit voltages, 116 kv. 
and above, a saving in the cost of the transformers can 
be effected by the use of transformers having the insula¬ 
tion graded to various extents. The maximum saving 
is reached on transformers for solidly grounded neutral 
service, particularly where the rated circuit voltage is 
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high. Smaller savings are effected if the transformer is 
only partially graded as when reactance or resistance 
groimding is employed. No savings are available on oil 
circuit breakers except for 230-kv. service where under 
favorable conditions a special breaker with reduced 
insulation may be used for solidly grounded neutral 
service. While the level of insulation will be deter¬ 
mined largely by lightning surges, undoubtedly switch¬ 
ing surges and surges resulting from system disturbances 
contribute to insulation failures so that maintenance 
charges should be less over a long period with a ground¬ 
ing system giving fewer and smaller surges. 

In cable systems, it is the practise of some companies 
when using multi-conductor cables to provide insulation 
between conductor and sheath in accordance with the 
type of groimding used, that is, the maximum insulation 
is used on isolated-neutral systems and the minim um on 
solidly-grounded S 3 retems. For the higher voltages, type 
H cable is now quite commonly used. On account of its 
fundamentally correct design, for any given voltage, 
type H cable with a total insulation equal to only the 
conductor insulation of belted cable is generally con¬ 
sidered to have an equal factor of safety. However, the 
present practise is to use a slightly higher value of 
insulation than this in such cable. 

2. FavM-to-Ground Current 

The fault-to-ground current varies very widely, 
depending upon the ts^pe of ground connection used. 
The maximum current is obtained when the neutral is 
solidly grounded and the minimum current when a 
tuned reactance is used. In general, there are no cost 
differences for the different methods of grounding 
because equipment must be applied on the basis of the 
worst possible conditions, so that circuit breaker inter¬ 
rupting capacities are usually fixed by line-to-line short 
circuits, and this is also true of generator and trans¬ 
former bracing. The heavier short-circuit currents cause 
greater and more widespread drops in system voltage, 
possibilities of system instability and greater damage to 
equipment at the point of fault with consequently 
increased time of outage. However, the practical de¬ 
velopment of the high-speed, high-voltage breaker and 
associated relay systems gives promise of relieving this 
situation. 

S. Stability 

The introduction of high-speed breakers and relays 
has made it possible to meet practically all stability 
problems imder conditions of single-phase faults to 
ground. The fact, however, that high-speed clearing of 
faults to ground is sometimes necessary for the mainte¬ 
nance of stability with a solidly grounded neutral, 
should not be held as a reason for penalizing this method 
of grounding with the extra cost of high-speed breakers. 
Due to the fact that line-to-line faults are sufficiently 
numerous that they must be taken into account, high¬ 
speed breakers would be installed in any case, irrespec¬ 
tive of the method of grounding. Where resistance 


grounding is used, assistance in maintaining stability is 
afforded by the power loss in the resistor (provided it is 
located at the sending end), but this assistance decreases 
with decreasing breaker and relay time. It is of no 
value for line-to-line faults but may be of considerable 
help in the case of a two-conductor-to-ground fault. 

It. Relaying 

Rela 3 dng for ground faults is simplest on a system 
grounded at one point because the residual currents 
flow only in one direction. On systems grounded 
through a tuned reactance, the fault current itself is 
practically zero although there is considerable current 
in the reactor itself, depending upon the extent of the 
system. The distribution of fault current, however, 
is not affected by the location of the fault. The relay¬ 
ing when necessary is accomplished by short-circuiting 
the tuned reactor and then relaying in the usual manner. 
The total current is then comparable to that obtained 
with a system grounded at one point. Relaying is 
extremely difficult on ungrounded neutral systems, as 
the charging current and its distribution change radi¬ 
cally when the line connections are changed. 

5. Arcing Grounds 

By arcing grounds is meant the tendency for the 
creation of a high-frequency oscillation at the point of 
fault and building up the voltage to several times normal 
to ground on successive restriking. This condition is 
apparently caused by the action of the line capacity to 
ground in maintaining a direct-current potential be¬ 
tween successive arcs. 

6. Double Faults 

Faults to ground on different phases may occur on any 
system, but since an excessive dynamic voltage to an 
upper limit of 1.73 times normal appears on two of the 
three conductors all over the system in the case of a 
single-phase ground on the systems grounded through 
high impedance, the possibility of a second fault appear¬ 
ing as a result of the first fault is increased. 

7. lAghtning Protection 

Lightning arresters have been developed to the point 
where it is now possible to obtain a protective ratio of 
approximately 2.6 to 1, that is, the maximum voltage 
during surges can be limited to 2.5 times the normal 
d 3 mamic voltage. However, the arrester must be 
applied on the basis of withstanding the maximum 
•dynamic voltage which may exist from line to ground 
and in the case of ungrounded systems, or systems 
grounded through a high impedance, the arrestCTS must 
be applied on the basis of ■withstanding 1.73 times nor¬ 
mal phase-'to-ground voltage without the flow of power 
current. This results in a decrease in the protective 
value of the arrester and an increase in its cost. The 
stress on the neutral end of the transformer winding due 
to a surge is higher when the neutral is grounded 
through a reactor than when solidly grounded or 
grounded through an ideal resistor. This requires that 
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the neutral end of the transformer and the reactor be 
correspondingly strengthened or some form of protec¬ 
tive device, such as a lightning arrester or capacitor, 
be placed across the reactor. 

8. Indttctive Coordination 

Under normal operating condition, power line phase 
currents and voltages are usually balanced as far as 
practicable. However, it is impossible to obtain an 
absolute balance of these factors. Any residual current 
or voltage, however small, will operate through the 
earth when the power system neutral is grounded. 
The^ residuals may be manifested in adjacent com¬ 
munication circuits as noise or. troublesome induced 
voltage. When the system neutral is grounded, it is, 
therefore, necessary to maintain closer balances of both 
lines and equipment than would otherwise be necessary. 
It may be necessary also to reduce generated harmonics 
of the fundamental frequency or render them innocuous 
by means of suitable filters. 

The magnitude of voltage induced into a communica¬ 
tion circuit from a ground fault on a power circuit is 
dependent upon the coupling between the powa* and 
the communication circuit and the magnitude of the 
ground fault current. Under certain conditions there 
may be fundamental frequency voltage induced in the 
communication circuit from the unbalanced voltages 
on the power circuit at the time of fault. These are 
usually unimport^t compared to the effects induced 
from the currents. Manifestations in the communica¬ 
tion circuit are dependent both upon the magnitude and 
duration of the abnormal voltage. On grounded neutral 
systems large fault-to-ground currents are most likely 
to occur if the system is solidly grounded. The intro¬ 
duction of any impedance in the neutxal lessens the 
magnitude of this current, and the higher the impe¬ 
dance naturally the lower the magnitude of the current. 
The use of high neutral impedance puts serious limita¬ 
tions on rela 3 dng, both as to selectivity and as to the 
total time required for clearing the fault. This, of 
course, may have adverse reaction from the inductive 
coordination standpoint, as would also any tendency 
to increase the frequency of occurrence of double faults. 

H double faults occxir on a system with isolated or 
high impedance neutral the groimd fault current may be 
greater than the ground fault current for a single fault 
on a solidly-grounded neutral system. However, the 
probability of double faults occurring at such points as 
to lead to the largest induced voltages is less than the 
sinular probability of a single fault on a soKdly-grounded 
neutral circuit. 

9, Continuity oj Service 

With any type of S 3 retem grounding except un¬ 
bounded systems of small extent, or systems grounded 
through tuned reactance, a momentary flash to ground 
on one conductor requires that the circuit be isolated in 
OTdOT to dear the fault. This means that where con- 
tmuity of service is essential a second circuit must be 


available to maintain the supply. However, even on 
systems where a flashover to ground is not accompanied 
by power-arc, a second circuit would probably be re¬ 
quired to take care of faults due to causes other than 
flashovers. 

10. Adaptdbility to Interconnection 

Systems grounded solidly, through a resistance or 
through a reactance are usually adaptable to intercon¬ 
nection. A system grounded through a tuned reac¬ 
tance, however, cannot be tied in conductively with 
S 3 ^tems using another method of grounding, because 
the tuning is destroyed and arc suppression cannot be 
obtained. Ungrounded neutral systems are subject to 
the same difiiculty, in that connection to a grounded 
system destroys their characteristic. 

11 . Operating Procedure 

The operating procedure for solidly grounded, resis¬ 
tance grounded, and reactance grounded systems is the 
procedure which is well known in this country today, 
that is, automatic isolation of lines and switching in and 
out of lines at will. With the system grounded through 
tuned reactance, when lines are switched in and out of 
service, the taps on the coils must be changed so as to 
compensate for the charging current to groimd. This 
need not be done for each change in transmission line 
set-up, but the compensation must be maintained within 
reasonable limits. 

1^. Equipment Cost 

^ The solidly-grounded system requires no neutral 
impedance deviw and therefore effects a saving in this 
regard.^ In addition there may be a saving in apparatus 
insifiation. In the case of 230-kv. transformers, the 
saving resulting from the use of graded insulation is 
considerable with smaller savings down to 115 kv. 
For lower voltages than this, there is no saving. The 
resistance and reactance grounded systems are probably 
next lowest in cost. In the case of high-voltage systems 
a partial jading may be possible with these methods 
of grounding with some saving in cost. The tuned 
reactor coil may under , certain circumstances cost less 
than a resistor or reactor, but grading of the trans¬ 
former insulation is not possible. The l ightning arrester 
costs on the resistance, reactance, and ungrounded 
s^tems will be more than on a solidly-grounded system 
of equal voltage. 

Summary op Grounding Practisb 

For the purpose of obtaining a cross-section of present 
day practise in grounding system, neutrals a question- 
submitted to thirty-nine representative 
utilities throughout the States and thirty-two repUes 
were received. A list of the participating companies is 
given at the end of the paper. The reference numbers 

i^d in the tables and figures do not correspond to this 
list. 

The Committee deemed it desirable to analyze and 
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condense the data received rather than publish them in 
their entirety, and this has been done as far as possible 
in the form of tables and figures. In these by a “sys¬ 
tem” is meant a certain number of circuit milft p conduc- 
tively connected, that is, connected by metallic ties. 
One company, therefore, may operate several S 3 ratems, 
and on the other hand a system may overlap two or 
more properties. This is necessary because in the 
problem of grounding the mileage of the conductively 
connected transmission lines is of importance and . not 
the total mileage owned by any one operating company. 

GROUNDING PRACTICE 
Solid Grounding 
154- 

120 - 

100 - 

45- 

34- 

23- 

14- 

ri- 

Miks of Line Conductively Connected 
Partly Cable 

Fig. 1 

Methods of Grounding 

The methods of grounding adopted by the companies 
reporting are given in Figs. 1 to 4, whidh show the 
longest single system and the average length of all the 
systems. Where there are only two or three systems of 
one tj^e,, they have been reported in full, since an 
average would not be representative. In these charts 
the Committee accepted the reporting companies’ 
classifications of their grounding methods, which may 
not agree with the definitions set up in the first part of 
this report. 

The information contained in the figures has also been 
given in Table I, which shows the reported total mileage 
of transmission lines in the various voltage classes. 

It will be noticed from the charts that 93 per cent of 
the reporting systems of 110 kv. and above are classified 



as solidly grounded, showing a marked preference for 
this t3T)e of grounding. One company reports solidly- 
grounded neutrals on 132- and 66-kv. systems except at 
three substations, where from 53 to 75 per cent of the 
transformer capacity is grounded. These three sub- 


GROUNDING PRACTICE 
Resistance Grounding 

]254 [One System] Resistance grounded at sending end 

Reactance grounded at receiving end 

j 258 ■' ^ I Two Systems 


285. Average 10 Systems 
— 1528 [One System] 

ZZl 257 Mail. 
i 132 Average W Systems 

loT 43r ebo, abo io5o iW 

Miles of Line Conductively Connected 
Fig. 2 


II35tMax. 


stations are by definition reactance grounded, but 
because of the preponderance of solidly-grounded sub¬ 
stations on the systems they are reported as solidly 
grounded. Another company grounds only one-third 
of the transformer capacity at one station, but the 
entire bank capacity at other grounding locations. 

One company reports using a resistance at the gen- 


Kv. 

154-220 
lOO-IIO 
45- 66 


OROUNDING PRACTICE 
Grounding Transformers and Reactance Grounding 

- 1 254 [One System] Resistance grounded at sending end 

- Reactance grounded at receiving end 

— - 1 375 [One System] 


45 - 66 1252 [One System] 

34 - 44 JII I [ Two Systems] 

23-33 I 3a? [One System] 

14- 22 ■ ZHDm ] 

r [Three Systems] 

n -138 n 275 Max. 

^ 82 Average 14 Systems 

200 l8o eSo 83 o 

Miles of Line Conductively Connected 
Fig. 3 


erating end of its 220-kv. system and a reactance at 
the receiving end. This arrangement tends to decrease 
the angular swing between the two ends in case of a 
fault to ^ound and thus improves the stability of the 
system. Another company is using an impedance 


TABLE I 


Solidly grounded Resistance grounded Reactance grounded Ungrounded 


System 

kv. 

Miles 

reported 

Miles 

Per cent 

Miles 

Per cent 

Miles 

Per cent 

Miles 

Per cent 

164-220 ... 

... 2,402.... 

... 2,148... 

- 89.4... 

. 127... 

.6.3.... 

. 127_ 

. 6.3. 


120-132 ... 

... 2,762.... 

... 2,752... 

•-100 


None reported 

None reported 

100-110 ... 

... 9,076. 

... 8,700... 

_ 96.0... 


. 375.... 

. 4.0. 


46-66 ... 

...17,266.... 

...13,000... 

- 76.3... 

.1389... 

. 8.0.... 

. 262_ 

. 1.5. 

,...2624_ 

.15.2 

34-44 ... 

... 4,566..... 

... 4,320... 

_ 94.9... 


. 66_ 

. 1.4 .. . 

. . * 170 ., 

3 7 

23-33 ... 

... 8,022. 

... 4,060... 

- 60.6 ...1 

.2850... 

.36.6.... 

. 382_ 

. 4.8. 

730_ 

.9.1 

14-22 ... 

... 3.796. 

... 2,000... 

.... 62.7.... 

. 528... 

.13.9.... 

. 653_ 

.14.6. 

.... 716.... 

.18.8 

11-13.8... 

... 8,991. 

... 6,320... 

_69.2.... 


.16.2.... 

.1148_ 

.12.8. 

....1071_ 


Total aU 










systems.... 

...66,869. 

... .42,300... 

. 74,6... 

.6346..., 

.,11.1.... 

--2903 . . . 

". 5.1.. . . . , 

....6310..., 

.9.3 
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grounding device in its most recent 220-kv. trans¬ 
former installation. There appears to be a tendency in 
very high-voltage systems to limit the ground current 
by some kind of impedance—resistance, reactance or 
partial grounding of the total transformer capacity. 

On s 3 ?stems of 66 kv. and below, the solid grounding 
practise is less pronounced. It will be noted that in this 
voltage range 51 per cent of the systems are solidly 


Kv. 

45-66 


34 -44 


rniimmm Average 8 Systems 


^66 Max. 


23 - 33 


14-22 
II -1.38 


GROUNDING PRACTICE 
Unsrounded Systems 


□ 1345 Max. 


Average 5 Systems 


_ ll2b Max, 

^73 Average 10 Systems 


_]I83 Max. 

p 55 Average 13 Systems 


'I,—-] 789 Max. 

g 21 Average 51 Systems 


JJo 600 800 iooo ifoo 

Miles of Line Conductively Connected 
Fig. 4 


and resistance was inserted in the neutral only where the 
fault current was likely to be excessive. 

Regarding the value of resistance used no very 
definite practise was followed except to keep it high 
enough to achieve the desired result in limiting current 
and low enough to pass adequate current for rela 3 n[ng. 
For the same degree of protection it may be assumed 
that the grounding resistance should vary inversely as 
the charging current. A formula based on this premise 
was published in the First Committee Report, viz .: 

K = (La + 5+25U) xfxR 

Where K = Constant 

La = Miles of overhead lines 
L, = Miles of underground cable 
/ = Frequency 
R = Neutral resistance 

It will be interesting to make the comparison of the 
value of K in 1923 with tha* of today. Table II shows 
this comparison. In the generated voltage class the K 
values of today tend to fall in all cases below those of 


grounded, 9 per cent are grounded through resistance, 
8 per cent are grounded through either reactors or, 
grounding transformers, 32'per cent have free neutrals. 

Two companies report cases of reactance grounded 
substations in parallel with solidly-grounded substations. 
This is done to obtain a desired distribution of fault 
current through the two or more grounding locations. 
It will be readily seen that groimding a small trans¬ 
former solidly may be the equivalent of grounding a 
l^ge transformer bank through an impedance as far as 
distribution of ground current is concerned. 

Another company reports the use of a Petersen coil. 
The report shows quite a marked reduction in the 
number of interruptions caused by lightning during the 
year in which the Petersen coil has been in service on 
this line. 

In the case of the 11-kv. to 14-kv. systems we find that 
it is almost universal practise to ground only one genera¬ 
tor on each bus section. Four companies report ground¬ 
ing the generator bus sections through grounding 
transformers, anihtwo use grounding reactors. 

It has been generally accepted as a result of experience 
that on ungrounded systems the possibility of obtaining 
dangerous voltages becomes more prevalent as mileage 
and voltage increase. This w^ universally recognized 
and led to different methods of grounding. In America 
solid grounding was resorted to in the majority of cases. 


D PeTcenfage of total length of lines protected 
by Ground Wires 

i Average ofeach company’s percentages of 
lines protected by Ground Wires 



1923, while in the higher voltages they have remained 
about the same except as regards the maximum. It is 
significant that this maximum value of 3.4 x 10* occurs 
on a system in which the company is contemplating 
reducing the value of neutral resistance. Even so, it is 
well within the 6.2 x 10* value,, which according to 
the first report, Petersen states will prevent arcing 
grounds. 


TABLE II 




1923 Values 



1930 Values 

-■ 


No. of 


Value of K/10^ 


No. of 
systems 


Value of K/10^ 


Note 

systems 

Min. 

Average 

Max. 

Min. 

Average 

Max. 

A . 

B . 

.8. 

.7. 

.0.008.... 

.0.O22.... 

..'.1.04. 

.0.52. 

f..3.55. 

...2.00. 

.13. 

.0.0069... 

.0.0134... 


...0.93 
a A 

iNuio . 2 i = ayistems au generated voltage. -----^- 


.Note B » Systems above generated voltage 
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Ground Wire Protection regards the use of ground wires, and this information is 

Twenty-nine companies reported their practise as given in Table III. 

TABLE III—OROtTND WIRE PROTBOTION 


Ground wires 





Miles 




% of lines 


Ref. No. 

Volts 

Total miles 

protected 

No. 

Diam. inches 

Mat. 

with G. W. 

Remarks 

1. 

.132... 

. 278. 

... 278. 

... 1 . 

.1/2 . 

... C W.... 

.100. 

... C =» Copper-weld 

2. 

.132... 

. 218. 

... 218. 

... 1 . 

.1/2 . 

... c vr.... 

.100. 



66... 

. 22. 

22. 

... 1 . 

.3/8 . 

.., c ir.... 

.100. 



66... 


... 143. 

... 2 . 


. ..G S. 

.100. 

.. .G S «= Galvanized steel 

3. 

. 66... 

. 258. 

... 258.. 

... 1 . 

.7/16. 

... C W.... 

.100. 


4. 

.110... 


0. 




n 



66... 

. 252. 

0. 




n 



33... 


0. 




0 


5. 

.66... 

. 294. 

... 294. 

... 1 . 

.11/32. 

.., C W.... 



6. 


. 26. 

0. 




n 



66... 

. 130. 

0.. 




n 


7. 

.154... 

. 97. 

97. 

... 1 . 

.a /« 

<r ^ 

mn 



110... 

. 418. 

... 418. 

... 1 . 

.3/8 . 


.100. 



66... 

. 217. 

... 150. 

... 1 . 


...GS . 




44... 

. 605. 

60. 

... 1 . 

.3/8 . 

.,,GS . 

. 10. 


8. 

.44... 

. 302. 

0. 




n 


9. 

.110... 

.1,190. 

... 734. 

...1 3c2. 

.3/8 . 

...G S . 




66... 

. 370. 

... 292. 

. . .1 & 2. 

.3/8 . 

...GS 

70 



44... 


0. 




n 



38... 

. 495. 

0. 




n 


10. 


. 122. 

... 122. 

... 2 . 

.1/2 . 

...GS . 

.100. 



44... 

. 379. 

0. 




ri 



33... 

. 19. 

0. 




n 


11. 

.154... 

. 88. 

... 88. 

... 2 . 

.7/16. 

..GS . 

.100. 



110... 

. 1,620. 

... 1,620. 

... 2 . 

..1/2 . 

..GS . 




44... 

.1,781—: 

... 949. 

. ..1 & 2. 


..G S . 

.53. 


12... 

.66... 

.1,177. 

94. 

... 1 . 

.1/4. 

..GS . 

. 8. 



33... 

. 359. 

40. 

... 1 . 

.1/4. 

..GS . 

. 11. 

, .'^Located below conductors 

13. 

.110... 


.. . 449. 

... 2 . 

.3/8 

c w 

oa 



66... 

.1.130. 

... 845. 

...1 &2. 

.3/8 . 

..c w.... 

..75. 



33... 

. 194. 

0. 




0 


14. 

.120... 

. 560. 

... 560. 

... 1 . 

.7/16. 

..Cu . 

.100. 

...C u ^ copper 


40... 

. 8. 


... 1 . 

.5/16. 

..Cu . 


... 3,000 ft, from each end 

15. 

.132... 

. 116. 

116. 

. . .1 & 2. 

7/lA 

r Ti 

inn 



110... 

. 287. 

... 287. 

... 1 . 

.5/8. 

. C S 

inn 



66... 

. 197. 

... 197. 

... 1 . 

.5/16. 

..c 




33... 

. 497. 

58. 

... 1 . 

.6/16. 

..GS . 



16. 

.66... 

. 100. 

... 100. 

... 1 . 



inn 


17. 

.110... 

. 282. 

... 282. 

... 1 . 


..GS . 

.100. 



66... 

. 1,254. 

... 1,254. 

... 1 . 

.3/8 . 

..GS . 




33... 

. 228. 

... 228. 

... 1 . 


..G S . 

.100. 


18. 

.132... 

. 397. 

... 397. 

... 2 . 

.3/8 . 

..c w.... 



19. 

.220... 

. 352. 

... 352. 

... 2 . 

.1/2 . 

..Al . 

.100. 

... A 1 = Aluminum 


132... 

. 165. 

... 165. 

... 2 . 

.5/8 . 

..C W.... 

.100. 



86... 


... 168. 

... 2 . 

.9/16. 

..C W.... 

. 16. 



33... 

. 369. 

... 58. 

... 1 . 

.3/8 . 

..GS . 

.’. 16. 


20. 

.66... 

. 433. 

... 433. 

... 1 . 

.3/8 

. . j41 

i(>n 



33... 

. 140. 

... 140. 

... 1 . 

.3/8 . 

..GS..... 

.100. 


21. 

.132... 

. 145. 

... 66. 

... 2 . 

.3/8 . 

..G S . 




60... 

. 1,935. 

... 1,063. 

... 1 . 

.3/8. 

G S 

55 



33... 

. 100. 

24. 

... 1 . 


..GS . 

..24. 


22. 



0. 




n 



66... 

. 830. 

0. 




n 



44... 

. 63. 

0. 




n 



33... 

. 97. 

0. 




n 


23. 

.110... 

. 628. 

... 377. 

... 2 . 

.5/16. 

...GS . 

.60. 



66... 

. 566. 

0. 




n 



33... 

. 150. 

0. 




n 


24. 

.100... 

. 810. 

... 810. 

... 2 . 

.3/8. 

..GS . 

.100. 



66... 

..... 1,662. 

0. 




n 


26. 


. 254. 

... 254. 

... 2 . 

.1/2. 

..GS . 

.100. 



110... 

. 481. 

... 481. 

... 2 . 

.7/16. 

..G S . 

.100. 



66... 

. 694. 

... 492. 



. G S 

71 



33... 

. 129. 

30. 




28 


26. 

.220... 

. 420. 

... * 0. 




n 



165... 

. 398. 

0. 




n 



110... 

. 1,968. 

... 348. 

... 1 . 

.3/8 . 

..GS . 

. 18_ 



60... 

. 2,602. 

0. 




n 



44... 

. 168. 

0. 




f) 


27.... . 

.220... 

. 802. 

... 802. 



..GS . 

.100_ 



66... 

..... 1.838. 

..; 0_ 




- . n 



33... 

. Ill. 

0. 




.,, ^. 0. 


29. 


... .. 874...’.. 

... 874. 

.. .1 & 2. 

.7/16. 

. >1 1 

inn 



33... 

. 1,379. 

0. 




.:. 0. 
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Transactions A. I. E. E. 


In order to show the over-all practise in the use of 
ground wires for the protection of transmission lines in a 
more concise manner, Fig. 5 has been prepared. This 
figure has been worked up on two percentage bases. In 
the first case the total length of all lines reported in a 
given voltage class was taken as 100 per cent and the 
mileage of lines protected by ground wires was drawn as 
a percentage of that total. This gives the practise of 
the country as a whole. In the second case, the total 
mileage in a given voltage class of each individual com¬ 
pany was taken as 100 per cent, and the mileage of pro¬ 
tected lines was expressed as a percentage of this total 
(eighth column in Table III). The average of these 
percentages in any voltage class is the value given in the 
chart. This tends to show the opinion of transmission 
engineers better than the first value perhaps, because 
the short systems are given the same weight as. the 
long systems. 

Tower Footing Resistance 

In protecting a line against direct strokes of lightning 
the performance of the ground wire depends on its 
receiving the direct stroke and conducting the energy to 
ground without causing a fiashover to the line conduc¬ 
tors. This depends upon the ability of the ground 
wir^ to remain at a low potential, and this again is 
dependent to a large extent on the value of the tower 
footing resistance. 

From the replies to the question regarding tower 
footing resistance it is apparent that there is very little 
accurate data available, and that at this time no average 
figures of any value can be given, eitha- on the basis of 
general territory or nature of soil. One company 
reports a range of 1 ohm to 58 ohms over a very re¬ 
stricted territory. The extremes reported by the seven 
companies replying to this question are 0.05 ohm and 
300 ohms and the average 22.5 ohms. 

Simultaneous Faults at DippEjRent Locations 

^ In reply to the question: “Do you have evidence of 
simidtaneous faults at different locations?” twenty-five 
replies were received. Of these sixteen companies 
reported no evidence; two reported less than 1 per cent; 
three reported 1 per cent; one reported 5 per cent, and 
three gave replies as noted below. In all cases the 
evidence was taken from relay operations or from 
automatic oscillographs. 

One company had trouble on a 300-mile 66-kv. system 
until it was grounded. The neutral was found to shift 
to 80 per cent of the line-to-ground voltage at the middle 
of the section when one conductor was ground^. 

One company reports no evidence of simultaneous 
faults on its 132-kv. and 220-kv. S3rstems. One 66-kv. 
and two 22-kv. systems show 1 per cent or less; one 
66-kv. system 15 per cent, eight 26-kv. and three 13-kv. 
systems (mostly overhead) show 33 per cent, as indi¬ 
cated by relay operations. The last two percentages 
include double faults at the same physical location as 


well as double faults at different locations, the former 
very largely predominating. 

One company operating an ungrounded system re¬ 
ports conclusive evidence of arcing grounds without 
stating any figure for this type of fault. 

Types op Faults 

There are four possible types of faults on a system: 

a. One conductor to ground. 

b. Two conductors to ground. 

c. Phase-to-phase short circuit. 

d. Three-phase short circuit. 

In reply to the question regarding the division of the 
faults into these four classes twenty-seven replies were 
received. These are given in Table IV as a percentage 
of the total number of faults. It must be borne in 
mind that these figures include both overhead and 
underground lines. 


TABLE IV 



One cond. 
to ground 

Two cpnd. 
to ground 

Ph. to Ph. 
sh. cii’cuit 

Threcv-ph. 
sh. circuit 

Maximum.. 

.97. 

.45. 

.54. 

36 

Average_ 

.69. 

.14. 

.11. 


Minimum... 

......30. 

.0. 

.0. 

. 0 


Sufficiency op Ground Curreot 

Regarding the sufficiency of ground current for re- 
lajdng purposes, all companies except two report 
sufficient current for rela 3 dng purposes. These two 
exceptions encounter trouble at times of light load in 
the matter of selectivity. 

The loss of ssmchronous load caused by ground faults 
is rare. Seven companies report having this occasion¬ 
ally. One company is maldng changes in its relay 
equipment to rectify this condition. 

Recent or Contemplated Changes in Method op 
Grounding 

In reply to this question, some companies have de¬ 
scribed certain changes in their system layouts which 
they are contemplating or have recently completed to 
correct faults which they have been experiencing. The 
changes which seem pertinent to the subject under 
report are given below. 

Company No. 1. The neutral resistor on the 11-kv. 
underground system has been reduced from three ohms 
to ope and one-half ohms to prevent occurrmce of 
simultaneous faults on this system. 

Company No. 7. This company formerly operated 
certain lines ungrounded, but in order to eliminate 
arcing grounds and simultaneous faults, it is now 
funding everything solidly including the 11-kv 
circuits. 

Companies Nos. 9 and 11. The tendency of these two 
companies has been to reduce the number of grounding 
nomts on their systems so as to decrease the magnitude 
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of the ground currents. This is to reduce the duty on 
equipment and the possibility of telephone interference. 

Compaq No. 12. The 33-kv. lines of this company 
were originally fed through delta-connected transform¬ 
ers. These have been replaced by auto transformers 
with grounded neutrals. This change has resulted 
in eliminating about 60 per cent of the trouble on 
these lines. 

Company No. 18. The resistance in the 25-kv. 
neutral has been decreased from 28.8 ohms to 19 ohms 
and at one of the stations to 14 ohms. This was made 
possible by the installation of higher capacity breakers. 

Company No. 19. One of the original 66-kv. lines 
of about 30 circuit miles was delta connected and un¬ 
grounded. In extending this system it was necessary 
to use underground cable, which was not suitable for 
ungrounded operation, and this fact, together with the 
advantages of the grounded system in eliminating arcing 
grounds and limiting transient voltages, led to a decision 
to change the entire system to star connection with the 
neutral grounded. 

The original 26-kv. systems were solidly grounded 
through the wye-connected transformers at the supply 
end, but resistors of 75 ohms have been installed as an 
inductive coordination measure. However, secondary 
advantages have been obtained as a result of lower fault 
currents, which produce less general disturbance to the 
system and are less destructive at the point of fault and 
to apparatus. The relay system is somewhat more ex¬ 
pensive and complicated but is proving quite reliable 
in operation. 

The only other change in method of grounding was 
the adoption of the policy of grounding one piece of 
equipment on each side of certain bus sectionalizing 
breakers. The object of this change is to permit reten¬ 
tion of a fixed neutral in the good section of a bus should 
sectionalizing breaker open. It is expected that this 
will result in fewer insulator failures on the operating 
bus section at'times of fault, but to date little operating 
experience has been secured. 

Company No. 23. Grounding transformers have been 
installed recently on a formerly ungrounded 60-kv. 
delta-connected system to relieve telephone interference 
and arcing grounds resulting from line-to-ground faults. 
Results have been satisfactory. 

Company No. 25. In the generating stations, the neu¬ 
tral grounding resistances are being reduced as the 
growth of the low-tension distribution systems require. 
The value of resistance is selected on the basis of mini¬ 
mum allowable relay currents, and the maximum allow¬ 
able resistance which will eliminate arcing grounds. 

Company No. 29: This company’s 33-kv. system was 
formerly solidly grounded, but now five points are 
grounded through 50 ohms resistance and the other 
points are left ungrounded. This step was taken to 
eliminate telephone interference. 

Company No. SI This company had the 13.2-kv. 
system neutral grounded through resistors which would 


limit the ground current to 1,000 amperes. The method 
of operation was changed so that the sources of 
generation were segregated and synchronized at the 
load. . This permitted short-circuiting the neutral re¬ 
sistors and going over to solid grounding, the only tie 
between generator bus sections being at remote loca¬ 
tions. Only one generator neutral on any bus section is 
grounded. The new method of operation has resulted 
in a greatly reduced nvunber of simultaneous faults. 

Participating Companies 

Alabama Power Company and Associates. 

Buffalo, Niagara and Eastern Power Corporation. 

Cleveland Electric Illuminating Company.' 

Commonwealth Edison Company. 

Connecticut Light and Power Company. 

Consolidated Gas, Electric Light and Power Com¬ 
pany of Baltimore. 

Detroit Edison Company. 

Duquesne Light Company. 

Georgia Power Company. 

Houston Lighting and Power Company. 

Memphis Power and Light Company. 

Metropolitan Edison Company and Associates. 

Mississippi Power Company. 

Montana Power Company. 

New York Edison Company and Associates. 

New England Power Association. 

Northern States Power Company. 

Ohio Edison Company and Associates. 

Oklahoma Gas and Electric Company. 

Pacific Gas and Electric Company and Associates. 

Pennsylvania Power and Light Company. 

Philadelphia Electric Company. 

Public Service Electric and Gas Company. 

Public Service Company of Northern Illinois and 
Associates. 

Puget Sound Power and Light Company. 

Southern California Edison Company. 

South Carolina Power Company. 

Tennessee Electric Power Company. 

Texas Power and Light Company. 

Union Electric light and Power Company and. 
Associates. 

Washington Water Power Company. 

West Penn Power Company. 
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Discussion 

E. C. Stone: A comparison of the first report on grounding 
published about eight years ago with the present report shows no 
radical changes in practise, but indicates some interesting trends. 
This report covers 57,000 miles of transmission line as compared 
with 31,000 miles covered in the previous report. 

In the following table is a comparative summary of the mile¬ 
ages of lines grounded by the various methods: 



Present report 

1923 report 

Method of grounding 

Mileage 

Per cent 
of total 

Mileage 

Percent 
of total 

Ungrounded. 

Solidly grounded. 

Resistance arrounded*... 
Reactance ^rounded... 

... 5,310.. 

.. .42,800.. 
... 6,346.. 
... 2,903.. 

... 9.3... 

... 74.5... 
... 11.1... 
.. 6.1... 

. 6,385... 
.18,376... 
. 6,448... 
100... 

... 20.4 
... 58.5 
.. 20.8 
.. 0.3 

Total. 

.. .56,859.. 

..100.0... 

.31,308... 

..100.0 


It IS interesting to note that with the exception of approxi 
mately 5 lucent of the total mileage which is reaetan® 
grounded, ^ of the increase in mileage covered by the seoonc 
report is sohdly grounded. 

The preset report clearly indicates a better understandini 
of tte p^ciples of system neutral grounding, of the fields fo 
apph^tion of the various methods and of the results to be ex 
pected Thus it has been found that the ground current in case. 

must be large enough to prevent arcing groundi 
^ ® selective relay operation. The point 

aL ^ IS grounded must be sufficient in nraibei 

^ u adequate current flow wherever or 

^ sy^em a fa^t may be located. On the other hand the neutraJ 
ground current must be limited to values which will not caust 
mdue damage at the point of fault and which will not produce 
system instability. The limit is of course a function of t£ 

^ “ permitted to remain on the syst^ 

Effects on communication circuits are a function hotb nt <i.o 
wave form and the magnitude of the fault current 

differentiate between systems.operated at generated voltage and 


those operated at higher than generated voltage, just as the firsl. 
report did. Analysis of the data presented in the pi»e.sent report 
s'hows that of the 36,000 miles of line reporled on a.s operating at 
34,000 volts or above, approximately 34,000 miles or 90 per cent 
is solidly grounded, while for the 21,000 miles operaUui below 
34,000 volts only 55 per cent is solidly grounded. There arti> <leli- 
nite reasons for tlii.s difference in practis<^. On the high-voltage 
line.s solid grounding gives greater benefits from the insulation 
standpoint while at the same time tho ground currents in relation 
to system capacity are relatively low and f liost.^ systems an^ in 
major part outdoor overhead systems so that the pJiysieal damage 
from ground fault currents generally is re<lucc‘d. On tho otlun* 
hand on the lower voltage systems the fault ground <nirrouts arc 
relatively large and the insulation benefit's from solid grounding 
comparatively small. These systems coiusist Jargolj^ of tmdor- 
ground cable and indoor substations, .so that damage from largo 
fault groxind current becomes more serious. 

As stated above tlie present report shows lower average im¬ 
pedance in tJie grounding circuit for .systems operat.ed at gener¬ 
ated voltage, it is belu^ved that further analysis of tho data on 
these systems will show that while the over-all grounded neutral 
iinpedance may be lower than before, ground fault currents are 
still limited in value by the .seetionalizing of the geiUirating station 
buses so that a larger element of lino impedance than before is 
introduced into the ground fault circuit. 


The problem of double simultaneous fault.s at diffenmt parts 
of a system is of particular importance because of the difficulties 
in many cases of providing relaying which will isolate such faulf.s 
without interruption to service. In an ungrounded syshuu 
simultaneous faults are naturally charged to arcing grounds. 
In a properly grounded system arcing grounds .shouhl be impos¬ 
sible so that simultaneous faults may be assumc^d to b <5 the re.Mult 
of the rise in voltage on two^phaso when the thinl-phase is 
grounded. It seems fair to raise tli(< question, particularly on 
moderate vollago systems, whether the nOativoly small lowering 
of fault voltages by reduction in value of ground impedanci^ will 
correct the situation and whether tiie insulation required for 
normal operation should not he .sufficient to withstand these (ex¬ 
cess voltages resulting from ground currents for the short jHiriods 
of time required for relay operation, ^'he conclusion is drawn 
that the solution is to be found not in nulucing tJu^ impwJancfi 
of the neutral ground circuit but ratlu^r in rai.sing the systcun 
insulation to a level which will permit it to withstand the over- 
voltage.s prescribed by our standard A. I. E. E. tests. 

Another subject di.scussed in tlio report which is of major 
importance is the impedance of grounds which are used in con¬ 
nection with liglitiiing pro1.eotion. Tlie cjvidence of op(?rating 
.experience seems to point very clearly to the facd that much light- 
nmg protective apparatus has had its effectiveness nmeli reduced 
or destroy,d by the unsatisfactory grounds u.sed in connection 
mth It. With the latest types of lightning arrester now available 
It IS begmning to look as though the nock of the bottle in lightning 
protection lay m the impedance of the grounding circuits of the 
protective equipment. 


Ane problem of system grounding i.s only one phase of tho 
^ater general problem of reducing insulation failures which is 
facing power engineers today. We may be optimistic on this 

J extensive research in progress 

and the definite advances being made. 

A. Powels Mr. Stone’s comparison of the present report 
witn the fet report is particularly valuable and raises some 
points w^h might well be taken into consideration in future 
reports. It is hoped that the next report wiU include comparisons 
based on more precise methods of defining the degree of ground¬ 
ing so as to facilitate the classification of the various systems. 















ReactEuice of Transmission Lines With 

Ground Return 

BY J. E. CLEM< 

Member, A. I, B. B. 


Synopsis.—In this paper there is presented an analysis of the 
dreuit consisting of any numher of line conductors in parallel with a 
return through the earth and any number of ground wires in parallel. 
In the development of this analysis certain assumptions have-been 
made which tests indicate do 'not detract at all from the engineering 
usefulness of the result b'ut which simplify the formulas very much. 
The general formulas resulting from this analysis are condensed in 
Table A-1. 

For the application of this method to the calculation of ground 
faults it is necessary to know what value of earth conductivity applies. 
Considerable data in regard to this for various localities have been 
collected and are given in Table C-H. For convenience in rhaking 
the calculations curves are given for various values of the earth com- 
ductivity over the range as indicated by test and experience. These 
curves are given as Figs. C-3 and CS. Occasionally preliminary 


calculations are made in which very approximate reactance values 
are used. In such cases a line reactance of 0.8 ohms per mi. is used, 
and a zero phase sequence reactance of 3.8 ohms per mi. could be 
used with the same degree of accuracy. With one ground wire the 
. zero phase sequence reactance would be about 3.0 ohms per mi. and 
with two ground wires about 1.6 ohms per mi. 

In the application of this method it should be noted that the values 
of a toted impedance should be used and that, it is necessary to know 
the contact resistance between conductor and.earth at each end of the 
circuit. When a fault occurs somewhere along the line the contact 
resistance may be very high especially if no ground wire is used. 
When a ground wire is used the effective fault resistance will be 
relatively low even though the contact resistance of the lower fooling 
to ground at that particular tower is high, since the fault current can 
pass to earth at several towers. 


Introduction 

S electric power systems continue, to increase in 
size and as demands for more nearly perfect 
service become more insistent, increasing atten¬ 
tion must be given to the provision of arrangements 
whereby faulty portions of the system may be promptly 
isolated. Predictions concerning the stability of sys¬ 
tems are largely based upon a knowledge of the flow of 
s 3 mchronizing power between machines during fault 
conditions, and the application of suitable relays is 
determined largely upon knowledge of current flow 
during fault conditions. The faults which must be 
considered are. generally those involving ground. 
Calculations involving unbalanced faults are greatly 
simplified by the use of the S3mametrical component 
method introduced by Fortescue* and applied by 
MacKerras® and others. The successful use of this 
method requires a more accurate knowledge of the zero 
phase sequence impedance of transmission lines than 
has heretofore been available. 

The zero phase sequence reactance of transmission 
lines is the reactance of the three-line conductors in 
parallel with ground return. In 1927 the writer 
developed equations for the impedance of a circuit 
consisting of any number of line wires in parallel and a 

1. Central Station Engg. Dept., General Eleotrio Co., 
Schenectady, N. Y. 

2. Method of Symmetrical Components Applied to the Solution 
of Polyphase Networks, C. L. Fortescue, A. I. B. E. Teans., 
1918,Vol.37,p. 1027. 

3. “Calculation of Single-Phase Short Circuits by the Method 
of Symmetrical Components,” A. P. MacKerras, G. E. Review, 
1926, Vol. 29, pp. 218 and 468. 

Presented at the Middle Eastern District Meeting of the 
A. I. E. E., Pittsburgh, Pa., March 11-18,1831. 


return path through ground or through ground and any 
number of ground wires in parallel. The application 
of these equations is contingent upon a knowledge of 
the impedance of a single conductor with ground return. 
The impedance of such a circuit varies with several 
factors, chief of which is the distribution of the current 
iii the return path below the surface of the earth. As 
this is largely dependent upon soil conditions, it will 
obviously vary with the locality and terrain. Hence, 
field tests have been made to obtain experimental data 
for use in predicting ground impedance, and to check 
the theoretical analysis previously prepared. This 
paper presents not only the anal 3 rtical study, , but also 
its confirmation by field test data, plus a suggested 
method of predicting the impedance of the fundamental 
circuit of conductor with ground return. 

A. Circuit Analysis 

The analysis of the circuit is very simple although it 
involves such factors as the self inductance of the earth 
path and the mutual inductance between a wire and 
the earth which have usually been considered as ficti¬ 
tious quantities. However, by proper manipulation 
the equations can be made to take on a real and definite 
form. For the analysis as given here certain simplify¬ 
ing assumptions are made. It is assumed that the 
line wires ^e transposed, so that the same current flows 
in each of the conductors. It is assumed also that the 
spread of the current in the earth is such that its mutual 
effect on all the line conductors or ground wires is the 
same within the usual horizontal spread of line conduc¬ 
tors. The tests herein reported show that the error 
from this source is small and these assumptions, there¬ 
fore, do not detract from the engineering usefulness of 
the results. 
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In Fig. A-i let 

w- = number of line wires. 

= number of ground wires. 
g = subscript indicating ground. 

0 = subscript indicating ground wire. 

w = subscript indicating line wire. 

t = subscriptindicatingauxiliary test wire. 

L = y «; £ self inductance, as indicated by sub¬ 
scripts. 

M = j w fSR mutual inductance, as indicated by 
subsmpts. 

r = resistance, as indicated by subscripts. 

Emu = circuit voltage. 

Et = voltage induced on test wire. 

^ .= current as indicated by subscripts—lack of 

subscript indicates total current. 


m ling wlrgs 



Eig.‘A -1 

Impedance of Circuit. The impedance of the circuit 
m this'analysis is defined as the ratio of the applied 
voltage, to the total current I. The current flows 
from the generator out along the line wires to the point 
of fault, and flows back to the generator through the 
ground and ground wire in parallel. The effect of the 
current in the ground is simulated by a pseudo conduc- 
r embedded in the earth as shown in Fig, A-2. 


I • • 


• f 


drop along one of the line conduflors from l.hc point of 
fault back to the generator. 'Plje voltagt* tlroj) in .any 
conductor of a circuit is made up of t he volt age drop pro¬ 
duced by the current in the comluctor tind its own .self 
inductance and the voltage drop induct'd in the con¬ 
ductor by the currents in other conductors through the 
mutual inductance. Writing thi.s in the form of an 
equation we get: 

E„„ = I„ {r„ -f L„) + - / M„„ 


+ ■ - (r... -I- L,..) 


I M,... /., A/„ 


Pig, A-2 

T^s ^ificial earth conductor is assumed to have a self 
mduc^ of it. aod to haro mutnol 

the real conductors of the cirenit. The depth ot 
ta ^ conductor below the ™face of the eaX 
^te^trve duuneter are not of interest at the 

^ Starting from the generator the voltage of the circuit 
IS made up of the voltage drop from the glS 
through the ground to the point of fault and the volt^e 


(If 

But I„ - I ~ I„so that thise.^prmsinn becomes 
Emu = I (r,o d- -f- r„ f 2 M„„f 
• m - 1 

_ 1 (r„. .. I / 

Af„,„ •• M,,., -f- M,„. i (2) 
In this expression the self induetaime involving the 
earth is usually said to be imjiossihle of sepanil t* deter¬ 
mination. If it is combined with the mutual inductance 
between the earth and the line wire. <»r ground wii'e 
reactance quantities Jire obtained whitdi are real and' 
can be determined by measurement. 'I’he .self intluc- 
tance of a conductor is a characteristic of the comluctor 
Itself and does not depend in any way upon other emi- 
ductors m the neighborhood. For mutual imiuct,ance 
another conductor is re(iuired. If the curnmt returns 
rough the other conductor the voltagi? drotj in the 

^ ‘lunntity (7. - Mf 

is that which is usually known as reactance. It can 
usually be determined by teat or calculations either for 

a one way conductor of a dreuit alone or for both in 
S6ri6S, 

^tepce raults and the introdacUon of ir. -i- I.., 
(To ■+• Lo) to combine with - M„„ -|- M will dvr. 
m^smcable reactances; or if (r, -f ilcombinerl 

mt.td^;Hro5TT2T'' r+Ti **^0 

with ~M MM ^ t"*" combined 

tances TnVhn'f measurable reac- 

tences. In the form, of an equation this can be expresstxl 

r„ + L„ Mug + Mum. 


To + Lu 

H Ht ^11* l"* til 

2 

■ - Mmg + 

2 

2 

-M„+ 

To + Lu 
■ , 2 • 

-1- Af _ 

z 


‘+ Zca Zow 
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Let 


I'm, + Lm — 2 Mwq + L, + = Zu 

_ ^ ww 

^WW ~ o 


When these expressions together with that derived in 
(3) are introduced into equation (2) it becomes: 


^mn — 1 Zma ~ It 


Let 


Mou, 


Zwo “1“ Ztg — Zg 


Zwg + Zog — Z» 


m — 1 
2 m 


I Ztt 


and then the total circuit impedance is by 


I 


Zmn —■ Zyfo 


Ll 

I 


ow 


TO — 1 

2 m 


(4) 

(5) 

( 6 ) 


The indulgence of the reader is asked in keeping the 
teamainology of ilf as it is defined in (S), as a form of 
mutual impedance, and appears in (6) distinct from 
that appearing in equation (1). This is an easy matter 
because the meaning of Jkf as defined by (5) is the only 
one used in the final equations and in the calculations. 
The oth« meaning of M, which is the mutual induc¬ 
tance between two conductors, is only used in the course 
of the development. 

Current in Ground Wires. The over-all voltage drop 
firom the generator through the ground to the point of 
fault outfflde of the earth and along the ground wire to 
the point of fault must be equal so that 

Jg = (Xg •+■ Lg) — I Mwg -f" Ig Mgg 


n 


(r« -h Lg) H- 


n— 1 
n 


Ig gg I JH ggj "t* Ig SIg 


As before Ig = I — 7, so that 

I (Xg Lg — Mwg Mgg Mgw) 

‘ =Igirg-\-Lg-\-rg-\-Lg— 2 Mgg) 
n — 1 


(7) 


n 


Ig (r« Lg — Mgg) 


( 8 ) 


From which in the same manner as before and letting 

, r jif 

r, -I- L. - Mgg = — 5 — 


7 


(Zwg + Zgg — Zgw) 



« — 1 
2 n 


loZ 


00 


(9) 


which gives 

Ig SI gw 


I '7 n ^ n 

^og —T- "OP 

2 n 


( 10 ) 


Voltage Induced on Test Wire. In Fig. A-1 the volt¬ 
age to ground Et which can be measured on the test 
wire must be equal to the vpltage drop along the ground 
plus the voltage induced along the test wire. This 


test wire was introduced to obtain additional data for 
checking the analysis and it can also be considered to 
samulate a communication circuit on the same supports 
as the power line. 

Et = Ig (rg -f- Lg) + Ig Mgg — I Mwg 
-t- 7 Mwt — Ig Mtg — Ig Mtg 
As before 7, = 7— 7« so that 

Et — I (Xg Lg — Mwg — Mtg Mw^ 

— Ig (rg -\- Lg — Mgg — Mtg -|- Mgt) (12) 

Which expression reduces to 

Et^IMwt-I.Mgt (13) 

In Table A-1 the equations which apply to 1, 2, or 3 
line wires in parallel and 0, 1, 2, 3 ground wires are 
Numerical subscripts refer to number of line 
wires and number of ground wires respectively, and in 
the order given. Thus Zz.^ means the impedance of the 
drcuit with ground return when three line wires are in 
parallel and there are two ground wires. The impe¬ 
dances then are defined as follows: 

Ig == total return current in ground wires. 

7 = total fault current. 

Zwg = average impedance, line wire wnth ground return. 
Zg, = average impedance, ground wire with ground 
return. 

Ztg = average impedance, auxiliary wire with ground 
return. 

Zww = average impedance, line wire with line wire 
return. 

Zwg — avOTage impedance, line wire with ground wire 
return. 

Zgg = average impedance, ground wire with ground 
wire return. 

Ztw = average impedance, auxiliary wire with line wire 
return. 

Ztg = average impedance, auxiliary wire with ground 
wire return. 

The zero phase sequence impedance enters into the 
calculations of ground fault currents as a quantity 
which operates on the zero phase sequence currkit. 
This current , is equal and in the sarne direction in all 
three line wires and is one-third of the ground fault 
current. Accordingly the zero phase sequence im¬ 
pedance of a transmission line is the quantity obtained 
by multipl 3 dng by 3 the value of impedance given in 
column 3 of Table A-1 depending upon the number of 
round wires. This is indicated in column 4 of Table 
A-1. 

B. Tests 

Tests have been made on four power systems to check 
this analysis. Design data on these systems are given 
in Table B-8. 

On three of the systems tests vresce made before and 
after a ground wire was installed; and on the fourth, 
a line was tested which had ground wires over part of 
its length. The test data are given in Tables B-3 to 
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TABLE A-l-IMPEDANOB OS' OIBOUIT WITH GROUND RETURN CURRENT IN GROUND WIRE RETURN 


No. gd. 
wires 


1 

One line wire 

2 

Two line wires 

3 

Three line wires 

4 

Zero phase 
' seqnenee' impedance 

0 


^ Z iff g 

IT- Zxow 

^20 . ^wg . 

4 

ly rr Z ww 

^90 ^ 

3 X ZiQ 

. 1 

Zn 

10 

= Zxcg - — Mow 

r/ ZwtO 

^21 “ Zii . 

4 

rr IV Zipxr 

"31 “ "11 

o 

3 X Zai 


I,' 

Mqxo 





I 

Zoo 

Same as Col. 1 

Same as Col. 1 


2 

. Za 

Zwo - - Mow 

IV n Zxew 

/,22 ^12 “ - * 

4 

ly ly Zxow 

"82 “ "12 ^ 

3 X ^32 


' // 

Moxc 





I 

rr Z 00 

Same as Col. 1 

Same as Col. 1 




o 

1 




3 

Zu 

J^if 

” Zwo j oto 

ly n Zww 

^28 “ 

4 

ly ry Z wxv 

"33 “ "13 

o 

3 X 2-33 


lo’' 

M ow 





1 

WT Zoo 

Same as Col. 1 

Same as Col. 1 




Zog 3 





B-7. The tests are as follows. (See Fig, A-1) 

Trat No. 1 One wire out—aground return 
Test No. 2 Two wires out—aground return 
Test No, 3 Three wires out—aground return 
Test No. 4 One wire out—aground and one wire return 
Testi No. 5 One wire out—aground and two wires return 
Te^ No. 5A Two wires out—ground and one wire 
return 

Test No. 6 One wire out—one wire return 
Test No. 7 One wire out—^two wires return 

In tests 4-5-5A one or more line wires were used as a 
ground wire. 

In Table B-1 there is given a comparison of the calcu¬ 
lated and tested r^ts for tests made before the 
installation of the ground wire and in Table B-2 the 
^e comparison is givoi for the tests made after the 
instillation of the ground wire. 

For Table B-1 the known values are considered to 
be the impedance of one conductor with ground return, 
indicted as and obtained from tests 1-2-3; and 
also the inipedance of one conductor witii line wire 
retoijn, indicated as and obtained from tests 6-7. 

t Table B-2 the Imown values are Z-mn, obtained 
from the tests without the ground wire, and 
obtained from tests 6-7. Similar known impedances 
with the ground wre Z„„ Zoo, and are found by 
calculation to obtain Zoo and Zou,- and by a combination 
of calculation and reference to the tested values of 
to obtain Zo,. , . 

^ For the cdculation of those tests when one of the 
line wires is in parallel with the real ground wires 
Zoo, and Zov, niust be modihed.^ ‘The'modified'Values 
as used in the calculation are not given in the tabulation 


but may be obtained easily. For instance, if there 
was one real ground wire (Z.J and one line wire used 
fs a ground wire then the effective ground wire 
impedance (Zog') used in the calculation would be 

rr / Zog -|- Zy/g . 

-2 

and the other necessary quantities are obtained in the 
same manner. 

Dining the tests after the ground wire was installed 
on the Tumer-Logan line a lineman was stationed on 
one of the towers near the middle of the line to read the 
current in the ground wire. The results indicated that 
the current in the ground wire was the same at the 
^^ddle of file line as at the end. Data are given in 
Table B-9. In tests "4, 5, and 5-A one or more of the 
line wires used as an additional ground wire was' in 
parallel with the actual ground wire so that in Table 
B-5 the ground wire current given is the sum total, 
while in Table B-9' the current m the actual ground wire 
itself is recorded. 

C. Predetejrmination of Ground Return 
Impedance 

The main problem in the calculation of ground fault 
currents and the division of the return current between 
the pound wires and ground is the predetermination of 
the impedance of the fundamental circuit consisting of 
the conductor with ground return; 

It seems that for many years it was customary to 
consider the earth as a perfectly conducting plane. All 
the reactance was assigned to the conductor and the 
corresponding distance to the “neutral plane" was 
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TABLE B-1—COMPARISON OF TESTS AND CALCULATIONS 
Tests Made Before Ground Wire Installed 


Test 



Pa. Pr. & Lt. Co. 

220 Kv. 

Wallenpaupack—Siegfried 

Appa. Elec, Pr. Co. 

132 Kv. 

Tui’ner—^Logan 

Alabama Pr. Co. 

110 Kv. 

North Auburn—Newann 

Consumers Power Co. 

140 Kv. 

Saginaw—Flint 

1-2-3. 



.17.00 

-\-J 93.53. 

.14.00 -hi57.56. 

.26.56 -hi 120.3 . 

.16.42 

-hi 60.13 

6-7. 



.16.2 

-hi 107.0 . 

.22.29 -hi66.36. 

.30.91. -hi 114.7 . 

.26.65 

-hi73.8 

4. 


sr 

__44,7 


.41.5 ■ . 

.51.7 . 

.76.4 



Tested 

« 



.41.2 . 


.74.3 



Calculated* Z 


.13.08 

-hi 76.75. 

.12.84 -hi47.45. 

.20.33 -hi 87.76. 

.15.27 

-hi 51,39 


Tested 

** 

.12.84 

-hi 77.88. 

.14.14 -hi47,40. 

.22.20 -hi 86.50. 

r 

.16.9 

-hi 51.6 


Calculated* Et 

«■ 

.23.78 


.14.37 . 

.30.80 




Tested 

= 

.23.75 


.14.35 . 




5. 


a. 

.61.4 


.58.7 . 

.68.3 . 




Tested 

* 

.61.9 


.58.2 . 


.53.4 



Calculated* Z 

— 

.11.67 

-hj 09.80. 

.12.62 -hi43.25. 

. .:..18.65 -hi 77.30. 

.14.66 

-hi 46.98 


Tested 

- 

.10.86 

-hi 69.48. 

.13.83 -hi43.23. 

_19.65 -hi 77.00. 

.16.51 

+ i47.3 

5A. 


— 

.44.7 


.41.6 . 

.51.7 . 

.76.4 



Tested 

- 

.44.0 

. 

.41.3 ..... 

..61.4 . 




Calculated, Z 


. 9,03 

-hi 50,60. 

. 7.27 -hi30.96. 

.12.60 -hi 69.08. 

. 8.61 

-h 32.94 


Tested ...... 

= 

. 8.93 

-hi 49.70. 

. 8.71 -hi30.77. 

.15.23 -hi 57.80. 

.9.43 

-h 33.3 


Calculations are made on the basis of the data obtained in Tests 1-2-3 and Tests 6-7. 


TABLE B-2—COMPARISON OP TESTS AND CALCULATIONS 
Tests Made After Ground Wire Installed 


Pa. Pr. & Lt. Co. Appa. Elec. Pr. Co. Alabama Pr. Co. Consumers Pr. Co. 

Test 220 Kv. 132 Kv. 110 Kv. 140 Kv. 

No. Wallenpaupack Turner—Logan Martin Dam—North Auburn Saginaw—Flint 


By test and calc. Zwg 

».. 

...17.09 -h 96.53. 

.14.00 -hi57.66. 

.14.88 -fi45.30. 

.22.2 

-hi60.1j 

By test and calc. Zww 


...16.2 -hi 107.0 . 

_22.11 -hi66,78. 

.12.76 -hi46.32. 

.31.6 

-hi73.2 

U t€ tt tt 

Zoo 


...43.78 -hi 102.2 . 

_21.31 -hi58.64. 


.77.4 

-hi 64.5 

tc H « ft 

Zoo 

«.. 

...70.0 -hill9.6. 


.48.06 -fi50.18. 



it a tt it 

Zow 

*.. 

...43.1 -hil07.1 . 

.29.31 -hi72.06. 

.30.41 ■fi44.63. 

.86.8 

+ i81,7 

1-2-3.. .Calculated, lo 

=*.... 


...60.1 


_36.7 . 


.43.9 


Tested 

«... 


...68.0 , 

....... 

_41.6 . 



Calculated Z 



...16.13 -hi 

86.64. 

_12.93 -hi49.69. 

.9.63 -hi32.97. 

.19.38 -hi 60.61 

Tested 

—... 


...16.14 -hi 

86.85. 

_14.28 -hi49.57. 

.13.53 -hi33.10. 

.21.2 

-hi66.3 

Calculated Zt 

«... 








Tested 

«... 




_16.49 





«... 


...74.7 


_56.7 




Tested 

«... 


...74.6 


_67.9 




Calculated Z 

«... 


...12.06 -hi 

70.86. 

_12.62 -hi44.76. 




Tested 

«... 


...11.83 -hi 

73.60. 

_13.04 -hi44.76. 

.10.37 'fi29.87 



Calculated Zt 

«... 




_11.47 




Tested 

«... 




-11.71 





«... 


...93.9 

.. . 

_66.3 




Tested 

«... 


..:94.3 


_62.2 




Calculated Z 

«... 


... 9.67 -hi 

62.66.; 

-12.03 -hi42.00. 

.10.41 -hi 26.20 



Test 

«... 


...10:67 -hi 

67.52..;... 

_12.81 -hi42.36. 

. 8.33 -hi 27.27 



5A .... .Calculated lo 

«... 


...74.7 


_56.7 




Tested 

«... 


,...86.6 


_60.6 




Calculated Z 

«... 


... 8.00 -hi 

44.11. 

_7.10 -hi28,07. 

.5.52 -hi 16.72 



Tested 

«... 


... 8.00 -hi 

47.00. 

.... 7.86 -hi28.02. 

.7,10 -hi 18.23 




calculated. This gave effective conductor heights up to 
several thousand feet and a wide variation was found. 
This assumption always seemed too much in error to 
the writer because no good method of predicting the 
impedance of the circuit could be built up from it. 


The calculation of the impedance of the fundamental 
circuit made up of a conductor vritb. ground return 
requires a study of the distribution of the current in 
the ground. A solution to this problem has been ^en 
by Car^n in the Bell System .Tei^nical Journal for 
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TABLE B-3—TEST DATA 
Pennsylvania Power Sc Light Co. 
Wallenpaupack—Siegfried, 220-Kv. Line 
Tests Made Before Ground Wire Installed 


Test 

No. 

Total volts 

Keslstence 

component 

Beactlve 

component 

Total amperes 

Groimd amperes 

Ground wire 
amperes 

Line groimd wire 
amperes 

Aux. wire volts 


E 

R 

X 

/ 

h 

lo 


Et 

1. 

2. 

3 . 

4 . 


...1,712. 

...1,362. 

. ..1,107. 

... 9.693. 

... 6.918. 

... 6,906. 

.100. 

.100 . 

.100 . 

.100 . 

....44.8. 

....61.9. 

....44.6. 

. 

.. .4,318 
.. .4,339 

5. 

5 A. 

6-7. 


...1,086. 

... 893.... 

...1,620. 

... 6.948. 

... 4,970. 

...10,700. 


.... 38.1. 

- 65.7. 


. . .2,375 

1. 

2. 

3 . 

4 . 


...1,466. 

..1,129. 

.. 993. 

. .1.183... 

Tests made after ground wire Installed 

8.643.100 . 42.0. . 

... 6,040.100 . 42.0- 

5,130.100 . 41.9. 

•7 QAn - . 

...58.0. 

...58.0. 

...69.1. 


.. .3,442 
.. .3,440 

6. 

5A. 

6-7. 


..1,067. 

.. 800. 

. .1.692. 

.. 6.752. 

.. 4,700. 

. .10,480. 

.100..._ 

.100. 

.100. 

-. 

-22.1. 

-31.9. 

...35.2.. 

...36.6. 

...46.1. 

.39.4. 

.57.7.. 

.39.4. 

.. .2,027 


TABLE B-4—TEST DATA 
Pennsylvania Power & Light Oo. 
Wallenpaupack—Tower 19-5-220 Kv. 
Tests Made Before Ground Wire Installed 


Test 

No. 


Total volts 

Besistance 

component 

Beactlve 

component 

Total amperes 

Ground amperes 

Ground wire 
amperes 

Line ground wire 
amperes 

Aux. wire volts 



B 

R 

X 

/ 

h 

Jo 

It 

R 

1. 

:2. 

.3. 

4. 


.... 8,313. 

-7,986. 

-7,880. 

_3.016 . 

.8.055. 

.2,268 ... 

.2,139 ... 


.100 . 

.100 ___ 

.100 . 



.... 7,746 
-7.687 

J5 . 

5A. 

6-7. 


.... 2.316. 

-2,234. 

-3,109. 

. 468. 

. 661. 

. 616. 


. 18.4. 

....94.1. 

....96.2. 

....94.3. 


-1,467 

1 


-2.118. 

.... 1,320 .. 

.... 1,076. 

.... 1,933. 


Tests made after ground wire installed 




X «•••«• 4 « 
2. 

3 . 

4 . 

...... 

. 474. 

. 394. 

- 368. 

.... 416. 

... 2.064 .... 

- 1,258_ 

-1.015_ 


-42.2.. 

....68 . 

....67.8. 



5. 

5A. 

0-7. 


.... 1.878. 

....1,196. 

.... 3.102. 

- 370. 

- 300. 

- 499_... 

.... 1,841_ 

-1,157_ 

-3,064_ 


-30.9. 

-30.9. 

....42.6^,.. 

...33.3. 

...42.3. 

.26.0. 

.42.3. 

.26.8... 

. .. 1,967 


Test 

No. 


— XJKOJ. JU/AiA 

Appalachian Electric Power Oompany 
Tumer—Logan 132-Kv. . 

Tests Made Before Ground Wire Installed 


Total volts 
E 


Kesistance 
component 
R 


Beactlve 

amperes 


Total amperes Ground current Ground wire 


1,... 
2 .... 
3.... 
4 . 

. 

...6,956 . 

... 4,149 . 

... 3,608 . 

... 4,949 . 



..100 . 

. .100 . 

..100 . 

Jo 

.100 ..... 

..100 . 

..100 . 

Jo 

Et 

5 . 

5A.., 

6-7... 


... 4,630. 

. .. 3,198 . 

... 7,001 . 



. .100 . 

..100 . 

..100 . 

: .100 . 

.. 68.1 . 

.. 40.8 . 

.. 68.8 . 

...- 41,2 . 

. 68.2 . 

--- 41.3 . 


1 . 

2 . 

3..... 
4 . 


... 6.180 . 

. .. 3,379 . 

... 2,838 . 

...4,662 . 

. 867 _ 

Tests made after ground 

A 

wire Installed 

..100 .. 

..100 . 

.100. . 

, 59.6. 

.. 60.2 . 

. . 69.9 . 

. 41.3. 

.41.8. 

.41.5. 

.67.9. 

.68.2. 

.60.5 . 

. 1,662 

6 . 

5A... 

6-7... 


...4,425 . 

. .. 2,908 . 

. .. 7,039 . 



,.100 . 

.100 . . 

.100 .; 

.100 .. 

.. 40.9 . 

.. 60.8 . 

,. 40.9 . 

. J. 
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TABLE B--6—TEST DATA 
Alabama Power Oo. 110 Kv. 
Martin Dam—North Auburn 


Test 


Resistance 

Reactive 



Ground wire 


No. 

Total volts 

component 

component 

Total amperes 

Ground amperes 

amperes 

Aux. wire volts 


E 

R 

X 

J 

h ’ 

U 

Bt 

1. 

. 3,567. 

. 1,353... 

.3,3(}0. 

.100. 

. __100 . 



2. 

.2,415. 

. 1,040... 

.2479. 

_.100. 

.100 . 



3. 

.. 2,020. 

. 923... 

. 1,797. 

.100. 

.100 . 



4. 

.3463. 

. 1,037... 

. 2,987. 

.100. 

. 66.1. 

.36.6. 


5. 

. 2,853. 

. 833... 


.100. 

. 47.0. 

.49.9...... 


5 A. 


. 756... 

. 1,823. 

.100. 

. 66.4. 

.35.1. 


6-7. 


. 1,276... 

.___ 4,632. 

..100. 







North Auburn- 

—state Line 




1. 


.16,493... 


.100. 

.100 ... 



2. 


.16,786... 


.100. 

.100 . 



3. 


.15,880... 


.100.. 

.100 . 



4. 

. 6,590. 



.100. 

. 21.5. 

.89.2__ 


6. 

. 5,257. 

. 1,542... 

. 5,024. 

.100. 

. 11.2. 

.92.8. 


6 A. 

. 4,867. 

. 1,983... 


.100. 

.23.4.: 

..:..89.8. 


6-7. 


1,825... 

. 6,602. 

.100. 

. 






North Auburn—Newnan (with ground wire) 



1... 

.12,130. 

. 2,488... 

.11,880. 

.100. 

.100 . 



2.. 

.9,215. 

. 1,828... 

. 8,980. 

.100. 

.100 . 



3. 

. 8,470. 

. 1,541... 

. 83,20. 

.100. 

.100 . 



4. 

. 8,936. 

. 2,220... 


.100. 

. 47.7. 

.61.6. 


5. 

. 7,940. 

. 1,965... 

. 7,700. 

.100. 

. 29.1_;.. 

.66.5. 


5A. 


. 1,523... 

. 5,780. 

.100. 

. 47.6. 

.61.4. 


6-7. 

.11,530. 

. 3,091... 

.11,470. 

.....100. 


. 



Oct. 1926. With some modification the expression 
developed by Carson is 

^ = J’ui d" 3/10 “t" ^0 

Z = total impedance of circuit 
r«, = resistance of conductor 
ajtt, = reactance of conductor 
Zf — impedance of ground return. 

The reactance of the conductor is calculated as 
if the return conductor was below the surface of the 
ground a distance equal to the height of the conductor, 
in other words it is the one way reactance of the con¬ 
ductor With image return. 

TABLE B-7 

Oonsumers Power Oo. 140 Kv. 

Data Summary 

Saginaw—Flint 

Tests Made Before Ground Wire Installed 


Test 

Volts 

Watts 

Amperes 

R 

X 

Z 

1. 

..12,260. 

. 629,3 .. 

...196,3.. 

,.16.32.. 

.60.20. 

.62.40 

2..... 

,. 8,237. 


...191.4.. 

.. 9.92.. 

.41.66. 

.42.80 

3. 

.. 7,020. 

. 280 ... 

... 192 .. 

.. 7.48.. 

.36.6 . 

.36.27 

4. 

..11,020. 

. 696 ... 

...203 ,. 

..16.9 .. 

.61,6 . 

.,54.8 

6. 

.. 9,840. 

. 637 ... 

... 196 .. 

..16.61.. 

.47.3 . 

.60,1 

6. 

..14,260. 

. 876 ... 

...183.2.. 

..26.1 .. 

.73.3 . 

.77.8 

7..... 

..11,860. 

. 821.3.... 

...200.5,. 

..20.4 .. 

.66.5 . 

..59.1 



Tests made after ground wire installed 



Test 







No. 

Volts 

Kilowatts 

Amperes 

R 

X 

Z 

1. 

..11,870. 

. 864.4,.,. 

...200.7.. 

..21.2 ., 

.65.3 . 

..69.2 

2. 

.. 7,925. 


...202.4.. 

..13.2 .. 

.37.0 . 

..39.2 

3. 

.. 6,580. 

. 482.0... 

...199.2., 

.,10.9 .. 

.31.2 . 

..33.0 

4. 

..10,550. 


...199.7.. 

..20.4 .. 

.48.8 . 

..52.9 

5. 

.. 9,865. 

. 777.6... 

...200.3.. 

..19.4 .. 

.45.4 . 

..49.3 

6. 

. .14,425. 


...181.9., 

..31.6 .. 

.73.6 . 

..79.3 

7. 

..14,370. 

.1.382,4... 

...241.6,. 

..23.7 .. 

.54.6 . 

..59.5 


4.h 

Xy, = 0.2794 log -j- -h 0.0303 ohms per mi.—^natural 

logs (14) 

The impedance of the earth Zg, depends upon a 
qualtity <l>, which for 60 cycles is defined as 

<t> = 4196 h VX ( 15 ) 

2 fe = distance from conductor to its image 

d = diameter of conductor 

X = conductivity of the earth. 

for any value of <f> the correspoqding value of Zg for 

60 cycles isgiven by 

Zg = 0.miP+jQ) ( 16 ) 

and the values of P and Q in ohms per mi. are obtained 
from Table C-1. 

In Table C-1 are given values of the earth resistance 
“P” in ohms per mi. and the earth reactance “Q” in 
ohms per mi. as a function of the quantity 0 and the 
angle 6. These values were calculated by W. B. 
Jordan using Carsons formula and cover the range of 
earth conductivity “X” as indicated by tests. The 
values for 0 = 0 are used when the self impedance of 
conductor and earth return is to be calculated. The 
values for other values of 0 are used when it is desired 
to make calculations involving the mutual impedance 
in a more rigorous manna* than in section A of this 
paper. For instance, refer to Fig. C-1 and see that 

Cos 0 = - Sin 0 = 

The mutual impedance M is then 


R 


( 17 ) 
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TABLE B-8—LINE DATA 


System.Pennsylvania Pr. & Appalachian Elec. 

Lt. Pr. Co. AlabamaPr. Oo.__ Oonsumoi’s Pr. Co. 

Line tested.Wallenpaupack- Martin Dam-Nortb No. Auburn State 

Siegfried.Turner-Logan. Auburn. Line. ...State Liue-Nownan.. Saginaw-Flint 

Voltage rating.220 kv.132 kv.110 kv.110 kv.110 kv.140 kv. 

Length* mi.64.77...41.26.9.40.4.30.1.43.25 

Conductor 

Size.ACSR- ACSR- AOSR- ACSR- ACSR- 

795,000 cir. mil.... 336,400^. 397,500 cir. mil_ 397,500 dr. mil_ 397,500 dr. mU-Copper 3/0 

Arrangement.Horizontal.2 circuit V.Horizontal...Horizontal.Horizontal. 2 circuit V 

Separation, ft.23-28.:.10 approx. 

Spacing, ft.24.04-H.13-V.17-H.17-H..12,04-V 

Average height, ft....55.1.56.5'.43.6.43.i:.44.2^.38.97‘ 

Ground wire 

Number.2^ . 2 . ....2® .none. 1 

Size.AOSR- AOSR- 

184,000 dr. mil.... 177,000 cir. noil..,. ACSR 1/0.ACSR 1/0.Copporweld 3/S 

Diameter.0.707 

Spacing, ft.24.04.17 .14 . 

Average height, ft.... 65.5 . 94.5. .52.7.52.3.74.59 _ 

1. To bottom conductoir. 

2. 19.2 mi. ftom Wallenpaupack and 4.54 mi. from Siegfried. 

3. 5.7 mi. AOSR-292,000 dr. mil. 

4. 9.36 mi. at 14 ft. spacing and 43.1 ft. height. 

5. Insulated ground wires. 


R 

M = 0.2794 +ilfQ (18) 

M, = 0.243 (P + y Q) (19) 

For the mutual impedance of the earth return Mg, 
P and Q are obtained for the proper angle 6 and a value 
of. ^ calculated from the expression 

<t> = 2098 R VX (20) 

In order to apply this method it is necessary to have 
some idea of the values of the conductivity of the earth 
since that is the final variable. In Table C-2 the few 
values of the earth conductivity X as determined from 
the tests of this paper, are given together with many 

TABLE B-9 

Appalachian Electric Power Company 
Tumer-Logan 132-Kv. Line 

Comparison of Current in Ground Wire at Middle and 
End of Line 


Ground wire current 

Test No. Middle End 

1. 37.7.41,3 

^.40.2.41.8 

4.68.6. 62.2 

.68.9.56.3 

“ _ fiA.79.9.81.7 

naore values obtained from other sources. The values 
given, apply to specific tests and specific regions but can 
be used to estimate the value of X to be used for other 
places: The striking thing about these data is the wide 
variation in X for a relatively small variation in ohms 
per mile impedance. 

Fortunately it is not necessary to know X with any 
great degree of accuracy to determine the impedance 
of a transmission line with earth return within a 
reasonable degree of accuracy. An error of 1,000 per 
cent (10-1) in the value of X will give about 30 per cent 
error in the earth reactance, which reduces to about 13 


per cent error in the reactance of the circuit of conduc¬ 
tor with ground return. The relative error dwindles 
further when the line reactance is in series with trans¬ 
former and generator reactance. 

In Table C-3 is given calculated values of earth re¬ 
actance and resistance of the earth return path at 60 
cycles. These values are shown in the curves in Figs. 
C-2 and C-3. These curves cover the range of earth 
conductivity well beyond that found in tests as indi¬ 
cated by Table C-2. To use the curve it is necessary 
to select the most probable value of earth conductivity 



Fig. C-1 


for the line in question and then read off the unit values 
r, and Xg for the proper value of average height of line. 

Example, As an illustration of the application of 
the method calculations will be made on the 25-cycle 
220-kv. line recently installed in Ontario.* This line is 
230 miles long, two circuit with 150 ft. separation, 
horizontally arranged conductors, and has two ground 
conductor is 795,000 dr. mils A. C. S. R. 

4. The SS0,000-VoU Syslem of the Hydro-Electric Power 
Co^tseion of Ontario, E. T. J. Brandon, A. I. E. E. Trans.. Oct. 
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and the ground wire is the same as the steel core of this 
cable. The height of the conductor at the tower is 
60 ft. and the sag is 36 ft. The conductor spacing is 
25 ft. 3 in. and the ground wires are 13 ft. 4- in. above 
and spaced 26 ft. 6 in. In the calculations the average 
height of the conductor will be taken as 38 ft. It ap¬ 
pears from the meager information available to the 
writer that the conductivity of the earth is poor and 
accordingly it will be taken as 1X 10"“. 

In Fig. C-4 the line and dimensions are indicated. 
In some of the calcxdations the three conductors and 
the two ground wires of each circuit are grouped to¬ 
gether and considered as a angle conductor in effect. 
Fig. C-5 shows the equivalent circuit. When this is 
done the self impedance of the equivalent conductor is 
the impedance of three line, or two ground, conductors 
in parallel; the mutual impedance is unchanged except 
that it is based upon the logarithmic average of the 
spacings. 

1. Auxiliary Quantities 

The ordinary impedance between the line wires, be¬ 


tween ground wires, and between line wires and ground 
wires is needed. By the customary methods there are 
found to be, for 230 mi. of line 



= 54.3-l-y 158.3 

= 1820 

+ y 179.6 

= 937 

+ y 161.2 

= 54.3+y 194.3 

= 1820 

-i-y 219.8 

= 937 

+ y 206.6 


All wires in same circuit 


Between circuits 


By test 

= 63.3-t-i 158.1 

The difference in resistance between test and calcula¬ 
tions indicates that there is some extraneous resistance 
somewhere. This extra resistance shotJd also appear 
in the other measurements. However, in the cal¬ 
culations which follow no allowance for this extraneous 
resistance nor for the resistance to ground at the end 
points has been made. In actual practise an allowance 
should be made for these factqrs as indicated by experi¬ 
ence or definite knowledgeof the conditions. - < 

2. Impedance:—One Conductor—Ground Return 


TABLE 0-1—VALUES OP P AND Q FOR CARSON’S FORMULA 


P 


<l> '» — 0» ■ 9 = 30“ 9 - 4S® 9-60“ 9=0“' 9-30“ 9 = 46“ 9 = 60“ 

0.00010 . 0.39^68.. 0.30268 . 0.30268 . 0.39269.4.9132.4.9132.4.9132.4.9131 

68 . 68 . 69 . 4.8666.4.8656.4.8665.4.8666 

68 . 68 . 69 . 4.8220.4.8220.4.8220.4.8219 

67 . 68 . 68 . 4.7820.4.7820.4.7820...4.7820 

67 . 68 . 68 . 4.7449.4.7449.4.7449.4.7449 

67 . 67 . 68 .•...4.7104.4.7104.4.7104.4.7104 

,67 . 67 . 68 . 4.6782.4.6782.4.6782.4.6782 

66 . 67 . 68 . 4.6193.4.6193.4.6193.4.6193 

,66 . 67 . 68 . 4.6666.4.5666.4.5666.4.5666 

66 .66 .67 .4.4.631;'.4.4650.4.4660.4.4660 

64 . 66 . 66 . 4.3639.4.3639.4.3639.4.3639 

62 . 63 . 65 . 4.2201.4.2201.4.2201.4.2200 

60 . 62 . 64 . 4.1086.4.1085..4.1085.4.1085 

.68 . 60 .63 . 4.0174.4.0174.4.0174.4.1073 

,66 . 58 . 62 . 3.9404 .3.9403.3.9403.3.9403 

54 . 57 . 01 .3.8736.’%.3.8736.3.8738.3.8784 

,62 . 66 . 69 . 3.8147;-.3.8147.3.8147.3.8146 


0.0010 ... 

_ 0.39246... 

... 0,39260- 

... 0.39253_ 

.... 0.39258_ 

....3.7621. 

_3.7620. 

...3.7620. 

,..3.7620 

0 001 X ,,, 

44 ’ . 

.. 48 

... 52 

... 57 

_3.7145. 

_3.7144. 

_3.7144. 

...3.7143 

0 0012 ..- 

. . 42 

. . 46 

... 50 

.., 56 

_3,6710. 

_3.6709. 

...3.6709. 

. ..3.6707 

^ 'O01^l . * 

39 

.43 

... 48 

. . 55 

_3.6310. 

_3.6309. 

...3.6309. 

...3.6308 

0.0014 ... 

_37 

..41 

...47 

...53 

..,.3.5939. 

_3.6939. 

...3.6938. 

...3.5938 

0.0016 ... 

....35 

..39 

...45 

...52 

_3.6595. 

_3.5594. 

...3.6594. 

...3.5593 

0.0016 ... 

_32 

. .37 

...43 _ 

...51 

_3.6272. 

_3.6272. 

...3.5271. 

...3.5270 

0 001^ 

23 

.. 33 

... 40 

... 49 

_3.4684. 

_3.4683. 

_3.4683. 

...3.4682 

0 0020 

2-3 > ■ ... 

. . 29 

...37 ..., 

... 46 

_3.4157. 

_3.4157. 

...3.4156. 

...3.4155 

0.0025 ... 

. ... 0.39211... 

., 19 

...28 

...40 

....3.3043»f.,.. 

_3.3042. 

_3,3041.?_ 

...3.3040 

0 0030 

. ... 0.39199... 

.. 0.39209... 

,..20 ... . 

. . .35 

_3.2132’,..., 

_3.2131. 

_3.2130. 

. ..3.2129 

0.004 ... 

_77 

.. 0.39189... 

... 0,39203.... 

...23 

_3.0696. 

_3.0696. 

..,3.0694.... : 

...3.0692 

0.006 ... 

_53 

..69 

... 0.39187...* 

... 0.39210... 

_2.9583. 

_2.9581. 

...2.9680. 

...2.9577 

0.006 ... 

....30 

..49 

...70 

_ 0.39198... 

_2.8674. 

_2.8672. 

....2.8670. 

...2.8667 

0.007 ... 

_ 0.39107... 

..28 

,...63 

_86 

.,..2,7905;.... 

_2.7903. 

...,2.7901.. ...'. 

...2.7897 

0.008 ... 

.... 0.39083... 

.. 0.39108,. 

-37 

....75 

.2.7240_ 

.2.7238. 

_2.7236.;*_ 

...2.7231 

0.009 

....61 

.. 0.39088.. 

_20 

_62 _ 

.2.6663. 

.2.6661. 

_2.6647.. .-r.. 

...2.6643 

0.010 ... 

_ 0.39038... 

... 0.39068_ 

- 0.39103... 

_0.39151- 

_2.6129. 

_2.6126. 

..,2.6122. 

...2.6117 


0.00011.67 

0.00012.67 

0.00013.67 

0.00014.67 

0.00015.66 

0.00016.66 

0.00018.66 

0.00020.66 

0.00026.64 

0.00030.63 

0.0004 . 61 

0.0005 . 58 

0.0006 . 66 

0.0007 . 63 

0.0008 .......SI 

0.0009 . 49 
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TABLE C-1—VALUES OP P AND Q FOR CARSON’S FORMULA—Co/i/inuc</ 


0.010 .. 

^ -0° 

. 0.39038.. 

e » 30® 

- 0.39068... 

e -45® 

_ 0.39103... 

9 = 60® 
_ 0.39151 

0.011 .. 
0.012 
0.013 .. 

0.014 .. 

- 0.39015.. 

- 0.38992.. 

.,..70 

....48 
-28 

- 0.39008... 

- 0.38980... 

.... 0.39088... 

_71 

_54 

-38 

...39 

...27 

...15 

... 0.39102 

0.015 .. 

0.016 .. 
0.018 .. 
0.020 .. 

-24 

- 0.88867.. 

- 0.38812.. 

....68 
-50 

- 0.38910... 

- 0.38870..., 

....21 

_ 0.39004... 

... 0,38972... 
- 0.38939... 

... 0.39090 

...77 

...54 

... 0.39029. 

0.026 ... 
0.030 ... 

0.04 

0.05 

0.38701.. 

- 0.3859 ;V 

....37 

.... 0,3816 .. 

- 0.38772,.., 

;... 0.3868 .... 

.^,.48 

....29 

, ...0 38866. 

...0.3877 .... 

...61 

...45 

... 0.38969 
... 0.3891 
...79 
...66 

0,06 ... 

- 0.3796 .. 

- 0.3910 _ 

...29 _ 

... 64 

0.07 ... 

-74 

- 0.3792 _ 

,. . 0.3813_ 

.. ,41 

0.08 ... 

_54 

....73 

.,. 0.3797 _ 

., ,29 

0.09 ... 

....34 

-66 _ 

...81 _ 

...16 


. 0.3695 .19 .49 .0 

•76 . 0.3702 . 34 ,. 

•57 . 0.3686 .18 .66 

•38 .67 . 0.3703 .62 


. 0.3602 ... 

., .33 _ 

. 0.3666 ... 

... 0.3600 . 

. 0.3631 ... 

... 0.3567 . 

. 0.3448 ... 

... 0.3488 .. 

. 0.3368 ... 

... 0.3413 . 

. 0.3222 ... 

.0.3270 . 

. 0.3089 ... 

... 0,3139.. 

0.2967 ... 

...0.3016 . 

0.2864 ... 

... 0.2903 . 

0.2750 ... 

... 0.2797 . 

0.2654 .... 

... 0.2697 . 

0.2564 .... 

.. 0.2604 . 

0.2480 _ 

.. 0.2516 . 

0.2401 _ 

.. 0.2433 . 

0.2327 _ 

.. 0,2355 .. 

0.2257 .... 

.. 0.2282 . 

0.2564 _ 

.. 0.2604 . 

0.2480 _ 

.. 0.2616 . 

0.2401 _ 

.. 0.2433 . 

0.2327 _ 

.. 0.2365 . 

0.2257 _ 

0.2282 . 

0.2192 _ 

.. 0.2192 ..._ 

0.2130 _ 

.. 0.2146 . 

0.2015 .... 

.. 0.2024 . 

0.1913 _ 

.. 0.1913 . 

0.1696 _ 

.. 0.1681 . 

0.1521 _ 

.. 0.1494 . 

0.1260 _ 

.. 0.1217. 

0.1076 .... 

.. 0.1023 . 

0,0936 _ 

.. 0.0878 . 

0.0828 _ 

.. 0.0771 .. 

0.0742 .... 

.. 0.0687 . 

0.0672 _ 

.. 0.0619 . 

0.0614 _ 

.. 0.0502 . 


0.3688 

.72 

.42 

. 0.3612 


.40 1.2908. 

.27 1.2608. 

. 0.3701 .1.2063. 

, 0.3675 .1.1680. 


9 =» 30 ® 

e * 45 ® 

0 

0 

II 

... 2.6126 _ 

. 2.6122 _ 


... 2.6661 _ 

. 2.5647 _ 

. 2.5642 

... 2.5218 _ 

. 2.5214 . 

. 2.5207 

. .. 2.4820 _ 

. 2.2815 _ 

. 2.4800 

. t . 2.4452 _ 

. 2.4447 . 

. 2.4440 

... 2.4109 _ 

. 2.4103 . 

_ 2.4096 

... 2 . 3788 .... 

. 2,3782 . 

. 2.3775 

,. 2.3203 _ 

. 2.3197 . 

_ 2.3188 

.. 2.2681 _ 

. 2.2673 . 

.... 2,2664 

.. 2.1575 . 

. 2.1566 . 

_ 2.1554 

.. 2.0673 . 

_ 2.0662 . 

- 2,0648 

.. 1.9266 . 

. 1.9241 . 

.... 1,9222 

.. 1.8160 . 

. 1.8142 . 

- 1.8118 

.. 1.7268 . 

_ 1.7247 . 

.... 1.7218 

.. 1.6518 _ 

_ 1 . 6493 . 

.... 1.6400 

.. 1.6870 . 

- 1.5842 . 

- 1.6804 

.. 1.6301 . 

- 1.5269 . 

_ 1.5228 

.. 1.4794 . 

- 1.4759 . 

.... 1.4713 

.. 1.4338 . 

- 1.4299 . 

_ 1.4249 

.. 1.3922 . 

.... 1.3881 . 

- 1.3826 

., 1.3542 . 

- 1.3497 . 

- 1,3438 

. . 1.3191 . 

- 1.3143 . 

.... 1.3080 

. . 1.2866 . 

- 1.2816 . 

- 1.2747 

. . 1.2563 . 

- 1.2509 . 

- 1.2437 

.. 1.2013 . 

.... 1.1963 . 

- 1.1873 


.0.9766_ 

.1.0606. 

.0.84.39. 

.1.0426_ 

.0.9597. 

n qqoq 

.0.9472 

.0.7617_ 


.0.7369. 

.0.7180 


.0.67,73. 

.0.6618. 

.0.6402 


.0.6176. 

.0.6006... ... 

.0,5760 


.0.6679. 

.0.6494. 

.0.6235 


.0.6255. 

-.0.6060. 

.0.4782 


_0.4890. 

n 463.)^ 



.0.4572. 

....0.4368. 

• •* 

-0.4051 


-0.4292. 

.,..0,4070. 

-0.3762 


.0.4042. 

. . . .0..381.5 



.0,3819. 

-0.3687. 

....u,o%o/ 

....0.3261 


0.4740. 
. .0.4466. 
. .0.4220. 
..0.4000. 


. .0.4672. 
. .0.4292. 
. .0.4042. 
. .0.3819. 


0.0809 

0.0699 

0.0615 

0.0649 


..0.4368. 
. .0.4070. 
. .0.3816. 
. .0.3687. 

.0.3382. 

.0.3198. 

.0.2878. 

.0.2611. 

.0.2106. 

.0.1754. 

.0.1303. 

.0.1038. 


. .0.4061 
. .0.3762 
. .0.3487 
..0.3251 


.0.0854.. 
.0.0728 , 
.0.0634.. 
.0.0662.. 


-;. . .. ^ .•■■...■■■0.0700. 0.0612.0.O6O6. 

^ Z «»J" D abohms per nm" ~ ^ ^ " 

To convert to practical ohms per ml., midtiply by 5280 y 12 v 9 v/ u .. 

_ Fora60-cyclewave.Z « 0.24268 (P +J O) oW^ ^ 2.539964 X 10 - 1.609315 X lO-^. 

Data calculated by W. B. Jordan, April, 1980. 
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TABLE 0-2—DETERMINATION OF X 


System or location 


PP &L. 

Consumers. 

Appalachian. 

Alabama. 

Cross Keys’ . 

Glens Palls'. 

Massilon^. 

Cross Keys’* 

U. S,-Oanad ^ . 
Vicinity Chicago^. 
Eastern Texas.... 
West Virginia,.,. 
Penn.—^Maryland 

New Jersey. 

New Jersey. 

Ohio. 

Utah. 

Minn. 

Indiana_:. 

Maryland. 

New York.. 

Penn..... 

Penn. 

Wisconsin. 

Tenn. 

Ga. 

Ill. 

Near Ottawa... 

Oklahoma. 

Alabama. 


Reactance per mile X 10“’^ 


Line 

Earth 

X 

.0.976. 

.0.499_ 

... 1.8 

.1.069. 

-0.321.... 

... 42.7 

.0.970. 

.0.434_ 

... 3.3 

.0.984. 

-0.724_ 

... 0.065 


42 

175 

36 

33 

200 to 0.1 
9 

125 

66 

0.6 


30 

100 

30 

10 

30 

8 

15 

1 

10 

1 

1 

0.3 

50 

6 

100 

5 


1. Gilkeson and Bowen. A. 1. E. E. Trans., Oct. 1930, p. 1375. 

2. B. P. Peck, Discussion A. I. B. E. Trans., Oct. 1930, p. 1379. 

3. E. B. King, Discussion, A. I. E. E. Trans., Oct. 1930, p. 1379. 
Vidues given are average of more than 30 tests and the statement is made 
that 75 per cent of the values of X are in the range from 100 X 10'^^, to 
10 X 10-“. 

4. This and all the values following given through the courtesy of the 
joint D & R Committee sponsored by the A. T. & T. and NELA. 


LetZ„_, = Impedance single conductor (with image 
return); generator to fault, one way 
only. Calculated by the usual method 
using a spacing of 2 h. 

Zu)-g — 27.1 -|-j 89.3 

For the impedance of the ground return iZg.„) a 
little consideration is needed because the line operates 
at 25 cycles while the curves in Pig. C-2 and C-3 are 
for 60 cycles. The curves can be entered with an effec- 



Fia. C-2 —^Thesb Curves Give the Reactance op the 
Return Path Through the Earth for Dippbrbnt Values 
OP THE Earth Conductivity. Calculations Based on 
Carsons Analysis. 


TABLE 0-3 

Values of Resistance and Reactance at 60 Oycles of Return Path through the Eaxth for Various Heights of 

Line Conductors and Earth Conductivity 



X « 

0.01 . 



X 

- 0.1 



X 

» 1.0 



A 

X 

r 

4 > 

A 

X 

r 

0 

A 

X 

r 

0 . 0002 .. 

... 4 . 77 ... 

.. 1 . 10822 .. 

. 0 . 09529 .. 

. . 0 . 0005 . 

... 3 . 77 .. 

... 0 . 99706 .. 

. 0 . 09627 .. 

.. 0 . 002 ... 

.. 4 . 77 .. 

... 0 . 82892 .. 

.. . 0.09619 

0 . 0004 .. 

... 9 . 58 ... 

. . 1 , 02413 .. 

. 0 . 09528 .. 

. . O.OOl . 

... 7 . 64 .. 

... 0 . 91299 .. 

. 0 . 09524 .. 

.. 0 . 004 ... 

.. 9 . 63 .. 

... 0 . 74493 .. 

,. . 0.09607 

0 . 0006 .. 

... 14 . 30 ... 

.. 0 . 97494 .. 

. 0 . 09527 .. 

.. 0.002 . 

... 16 . 07 .. 

... 0 . 02892 .. 

. 0 . 09619 .. 

.. 0 , 006 ... 

.. 14 . 30 .. 

... 0 . 69686 .. 

... 0.09496 

0 . 0008 .. 

... 19 . 07 ... 

.. 0 , 93005 .. 

. 0 . 09525 .. 

.. 0.003 . 

... 22 , 61 .. 

... 0 . 77978 .. 

. 0 . 09613 .. 

.. 0 . 008 ... 

.. 19 . 07 ., 

... 0 . 67106 .. 

... 0.09474 

0 . 0012 .. 

28 . 60 ... 

.. 0 . 80088 .. 

. 0 . 09623 .. 

.. 0.004 . 

... 30 . 16 .. 

... 0 , 74493 .. 

. 0 . 09607 .. 

.. 0 . 012 ... 

.. 28 . 60 ., 

... 0 . 61209 .. 

... 0.09463 

0 . 0016 .. 

... 38 . 13 ... 

.. 0 . 86598 .. 

. 0 . 09621 .. 

.. 0.005 . 

... 37 . 68 .. 

... 0 . 71792 .. 

. 0 . 09502 .. 

., 0 . 016 ... 

38 . 13 .. 

... 0 . 67741 .. 

... 0.09441 

0,002 .. 

... 47 . 66 ... 

.. 0 . 82892 .. 

. 0 . 09519 .. 

.. 0.006 . 

... 46 . 22 .. 

... 0 . 69686 ,. 

. 0 . 09496 .. 

.. 0.02 ... 

47 . 66 .. 

,.. 0 . 56057 .. 

... 0.09419 

0 . 0025 .. 

... 69 . 58 ... 

.. 0 , 80189 .. 

. 0 . 09616 .. 

.. 0.008 . 

... 60 . 29 .. 

... 0 . 67106 .. 

. 0 . 09486 .. 

,. 0 . 026 ... 

69 . 68 .. 

... 0 . 62378 .. 

... 0.09392 

0 . 0030 .. 

... 71 . 50 ... 

.. 0 . 77978 .. 

. 0 . 09613 .. 

.. 0,010 . 

... 76 , 36 .. 

... 0 . 63410 .. 

. 0 . 09474 .. 

.. 0 . 030 ... 

.. 71 , 60 .. 

... 0 . 60194 .. 

... 0.09365 

0 . 0040 ., 

... 96 . 33 ... 

.. 0 . 74493 .. 

. 0 . 09607 .. 

.. 0.012 . 

... 90 . 44 .. 

... 0 , 61209 .. 

. 0 . 09463 .. 

.. 0 , 040 ... 

.. 96 . 33 .. 

... 0 . 46760 .. 

.., 0.09312 

0 . 0060 .. 

.,, 119 . 16 ... 

.. 0 . 71792 .. 

. 0 . 09502 .. 

.. 0.014 . 

... 106 . 61 .. 

..: 0 ^ 59350 .. 

. 0 . 09452 .. 

.. 0 . 060 ... 

.. 119 . 16 .. 

... 0 . 44107 .. 

... 0.09261 

<l> - 

4196 A vr 
















TABLE C-3 — Continued 







X 

« 10 



X 

« ioo 



X 

- 1000 


<t> 

A 

X 

r 

0 

A 

X 

r 

0 

A 

z 

r 

0.005 .. 

... 3 . 77 ... 

.. 0 . 71792 ... 

. 0 . 09502 .. 

., 0.02 . 

... 4 . 77 .. 

... 0 . 66057 .. 

. 0 . 09419 .. 

.. 0.05 .. 

.. 3 . 77 . 

... 0 . 44107 .. 

.. 0.09261 

0.01 .. 

... 7 . 54 ... 

.. 0 . 63410 .., 

. 0 . 09474 .. 

., 0,04 . 

... 9 . 53 .. 

... 0 . 46760 .. 

. 0 . 09312 .. 

.. 0.1 .. 

.. 7 . 54 . 

... 0 . 36976 .. 

.. 0.09013 

0.02 .. 

... 16 , 07 ... 

.. 0 . 66057 ... 

. 0 . 09419 .. 

.. 0.06 . 

... 14 . 30 .. 

... 0 . 41906 .. 

. 0 , 09210 ,. 

.. 0.2 .. 

.. 16 . 07 . 

... 0 . 28103 .. 

.. 0.08569 

0.03 .. 

... 22 . 61 ... 

.' 0 . 60194 ... 

. 0 . 09365 .. 

.. 0,08 . 

... 19 . 07 .. 

... 0 . 38672 .. 

, 0 . 09110 .. 

.. 0.3 .. 

.. 22 . 61 . 

... . 0 . 23700 .. 

.. 0.08173 

0.04 .. 

... 30 . 16 ... 

.. 0 . 46760 ... 

. 0 . 09312 .. 

.. 0,12 . 

... 28 . 60 .. 

... 0 . 33871 .. 

. 0 . 08921 .. 

.. 0.4 .. 

., 30 . 15 , 

... 0 . 20710 .. 

.. 0.07819 

0.05 .% 

... 37 , 68 ... 

.. 0 . 44107 .., 

. 0 . 09261 .. 

.. 0.16 . 

... 38 . 13 ,. 

... 0 . 30597 .. 

. 0 . 08741 .. 

..0.6 .. 

.. 37 . 68 . 

... 0 . 18485 .. 

.. 0.07496 

0,06 .. 

... 46 . 22 ... 

.. 0 . 41906 ... 

. 0 . 09210 .. 

,. 0.2 . 

... 47 . 66 .. 

... 0 . 28103 .. 

. 0 . 08569 .. 

..0.6 .. 

.. 45 . 22 . 

... 0 . 16738 .. 

.. 0.07200 

0.08 .. 

... 60 . 29 ... 

.. 0 . 38672 ... 

. 0 . 09110 ,. 

.. 0,26 . 

... 69 . 58 .. 

... 0 . 25656 .. 

. 0 . 08368 .. 

..0.8 .. 

.. 60 . 29 . 

... 0 . 14136 .. 

.. 0.06674 

0,10 .. 

.... 75 , 36 ... 

,. 0 . 35976 ... 

. 0 . 09013 .. 

.. 0.3 

... 71 . 50 .. 

... 0 . 23700 .. 

. 0 . 08173 .. 

.. 1.0 .. 

.. 75 . 36 . 

... 0 . 12260 .. 

.. 0.06222 

0.12 .. 

. 90 . 44 ... 

.. 0 . 33871 ... 

. 0 . 08921 ,. 

.. 0,4 

... 95 . 33 .. 

... 0 . 20710 .. 

. 0 . 07819 .. 

.. 1.2 .. 

.. , 90 . 44 . 

... 0 . 10836 .: 

.. 0.05827 

0.14 .. 

... 105 , 51 ... 

.0 3210 Q ... 

. 0 . 08829 .. 

..0.6 

... 119 . 16 .. 

.,, 0 . 18485 .. 

.. 0 , 07496 .. 

.. 1.4 .. 

., 106 . 61 . 

.,, 0 . 09707 .. 

.. 0.06477 


<f> « 4196 A VxT 
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I 25 

tive height \ The value read from the 

curves must also be changed from 60 cycles to 25 cycles 
by direct proportion, 

h' = 88 X 0.646 = 24.5 

Read the curves for X = 1 X 10~“ and fe = 34.5 for 
the unit values of r, and a:, at 60 cycles, from which the 
impedance of 230 mi. of line at 25 cycles is found to be 
= 9.1 + y 60.6 

The desired impedance is the sum of these two 
impedances as they are in series, 

Z„, = 36.2 +y 149.9 

When the tests were made the groimd wires on both 
circuits affected the results. With 4 ground wires the 


60 deg. but the value <f> is low enough so that the curves 
can be used, aiid then 

Z,/ = 919 + y 162.4 
For the calculation. 

Average Zoa = 919 + j 164,3 
Average Z„o = 1220 + j 206.4 
Average Zou> = 937 + j 183.9 

[*“ 26 fL- 6 in.’^ 


d <2 

b 


T 

__ 

38 51ft-4in. 


l-25fL-3In'4--150 ft- 

Conductor-795000cm. AC5R dia«1.093in. 

Ground wire - Steci cone of conductor dia«s0.3642 In. 
Length of circuit 230 miles 


5 0095 
*0 

o a094 

6 

^ 0.093 

11.00 
g ao9 


E 0.07 
3 

g 0.06 


<9 

0.04 
S 0.03 

^ 0.02 
S 

S 0.01 



^ -14 

0.01 xio‘^ 
0.10 


1.00 X10“^ 



lOOXlOT^^ 


1000xid*'"^ 


0 10 20 30 40 50 60 70 80 90 100 
Average height of Pine In feet 

Pig. C-3—These Curves Give the Resistance op the 
Return Path Through the Barth p.or Different Values 
OP the Earth Conductivity. Calculations Based on 
Carsons Analysis : 

expression for the desired impedance is from Table A-i 


Pig. C-4 

With these values there results 

■ Zu = 36.2 +y 149.9- (9.1 +y65.7) X 0.263 
= 33.8 + y 132.6 calculated 
= 61.2 + y 138.2 tested 

The calculations may also be made by the more 
rigorous method of the appendix. In which case the 
impedance is given by the following expression which is 
obteined from equation ( 21 ) of the appendix: 

Zi4 = Aa — j Bai — Bat 

A a Jia 

(See Appendix for usage of A and B) 

Aa = Zaig = 36.2 H- 3 149.9—Self impedance of line 

wire. 

Aj = A 4 = 464 + y 117.7 —Self impedance of two 

ground wires in parallel. 


U = - n- 

Zoa--^Zo, 

o 

and the proper average values of impedances must be 
inserted into the expression. For the ground wire on 
the same circuit as the conductor the self impedance of 
the ground wire should be based on its image return 
using a spacing of 2 H, but the same ground impedance 
as for the conductor should be used, so that 

Zog ^ 919 166.2 

For the other two ground \ 5 nres the calculations 
should be made upon the basis of the iiya ge distance 
from the ground wire on one circuit to the conductors 
of the other circuit. The angle 0, Fig. C- 1 , is about 


Pig. C-5 


Bas = 9.1 +y74.0 —Mutual impedance as in¬ 
dicated. 

Ba 4 — 9. + i 52.8 —^Mutual impedance as in¬ 

dicated. 

B 34 = +• +3 52.6 —Mutual impedance as in¬ 
dicated. 

From equation ( 21 ) the values of currents are found as 

1 ^34 

Bo3 A 4 

la A3 ^ _ 

As Afi 


- 9. +i52.8 
= +. + j 52.6 
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BgZ Bz4 

Bgj Az 
Bza^ 

Az Ai 


= 0.01549 


0.1102 


It should be noted that Iz = la and Z 4 = /« 

A 3 A 4 

very closely for the pacings of this line. 

Zi 4 = 33.8 + j 132.4 

This is the same as by the previous calculation and 
the total ground wire current is 0.265 as compared with 
0.263. 

3. Impedance:—Three Conductors in Parallel— 
Ground Return 

By the approximate method from Table A -1 
Zn = 33.8 “h j 132.6 

g Zww ~ 18.1 “f" j 52.8 

Zzi = 15.7 + j 79.8 calculated 
= 34.6 + 3 87.4 tested 
By the rigorous method from equation ( 21 ) or (23) 

Aa "I" 2 Sa Iz _ li 
Zzi = 2 — BaZ — ^ BaA 


Z„„' = 4.5 + j 22.2 

^64 = 11.2 + j 57.6 calculated 

= 28.1 + j 62.6 tested 

By the rigorous method of the Appendix, from an 
adaption of equation (23) 

„ Ao + Ba + Ba' Zs „ Z 4 _ 


ZzA = 


BaZ — 


The mutual factor Ba' is based on the average image 
distance between the line wires of one circuit and the 
ground wires of the other. 

Ba' = 9.0 + 3 52.6 

and then 

Zu = 11.2 -|- j 59.0 

5. Impedance:—Out One Circuit—Return Other. 

By the rigorous method using equation (27) with 
conductors grouped as in Fig, C-5 

Iz 

Zi = Ai ~ 2 Biz "f" Az ~ 2 Y (Biz ~ Bii) 

1 1 

Iz _ Biz ~ Ri4 
Ii Az — Bzi 


Ai = Az = 


Aa + 2 Ba 


=18.1 +/ 97.1 self impedance, 


There are two values of Ba that might be used. 
Since the line conductors are transposed the same 
current flows in each and the effect of the ground is 
the same on each of the three conductors, and so 

2 h 

Ba = j 230 X 0.1165 Log 

= j 10.1 + 9.1 + 3 60.6 
= 9.1 + 3 70.7 
and then 

Z 34 = 15.7+y 79.6 

There are those who would prefer to use the image 
distance in calculating The average image dis¬ 

tance is 85.45 ft. and from which 

B« = 9.1-t-; 70.7 
which gives the same result. 

4. Impedance:—Two Circuits in Parallel. 

For this we need to know the impedance of one circuit 
out and the other return, neglecting earth and ground 
wires. It is calculated by the usual methods but with 
three conductors in parallel and transposed. 

Zam' = 18.1 + 3 88.8 (3 in parallel) 
and then, by the approximate method using Table A -1 
Zz 4 = 16.7 + 3 79.8 


3 line wires in parallel 

Az — Aa = 464 + j 117.7 self impedance, 2 
ground wires in parallel 

Biz = Ba' = 9.0 -I- 3 52.6 mutual impedance, as 
indicated 

Bi 3 = BaZ = 9.1 + 3 74.0 mutual impedance, as 
indicated 

Bia = J 5 o 4 = 9.0 + 3 52.8 mutual impedance, as 
indicated 

Bza = B 34 = ,9.0 -1- 3 52.6 mutual impedance, as 
indicated 

and then 

= 0.0461 
i] 

^6 = 18.2 H-y 89.0-0.98 
Zs = 18.2 -f 3 88.0 calculated 
= 46.6 -H 3 ' 94.0 tested 

By the approximate method this was calculated as 

Zv,w' under paragraph (4) preceding. 

6 . Impedance:—Out on One Circuit—Part Way 
Back on Other. 

For this test the fault was located 131.9 mi. from the 
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generating end. For this condition there are in effect 
two impedances in series, so that 

131.9 „ . 98.1 „ 

~ 230 230 


Ze = 16.8 + j 83.2 calculated 
= 33.0 + y 91.7 tested 

7. Impedance:—^Fault on One Circuit—(Fig. D-1) 

For the values of the constants on this line the follow¬ 
ing equations hold very closely. This is based on an 
observation made in regard to Jj and It in the calcu¬ 
lations of condition ( 2 ) 


h 


= 1 + 


Ai- Bn- (BisBu) 

As 


^ , rr *^13^ "I" 

■y- = Ai + Zs- - z - 

•^1 As 


When the substitutions are made there results 
Zr = 7.43 + y 45.4 calculated 
= 22.7 -h y 41.8 tested. 

The wnter wishes to thank the Pennsylvania Power 
and Light Company, the Consumers Power Co., the 
Appalachian Electric Power Co., and the Alabama 
Power Co., for their assistance in making the tests for 
the confirmation of the analysis; also the Hydro-Electric 
Power Commission of Ontario for permission to use 
its test data for the sample calculation. 


net impedance voltage for any circuit configuration. 

The process of solution is as follows. Solve those 
equations ( 22 ) involving the ground wires and which 
are equated to 0 for the ground wire currents in terms 
of the line wire currents. Substitute these values of 
ground wire currents'into the equations ( 21 ) for the 
line voltage and then solve for the line wire currents. 

In this set of equations 

A = self impedance of conductor with ground 
return. 

A =Z^+Z, 

Zw = self impedance of conductor with image 
return. 

■Zg = Carsonian self impedance of the earth 
return. 

B = mutual impedance between pairs of con¬ 
ductors with ground return. 

B = M„ -f- Mg 

M„ = mutual impedance of a pair of conductors 
with image return. 

Mg - Carsonian mutual impedance of a pair of 
conductors with earth return. 

The quantities A and B are to be taken for the full 



D. Appendix 

General Solution. For those who desire a more 
general solution the following is offered. Unfortunately 
this solution requires one assumption and that is that 
tile earth is homogeneous so that the earth conductivity 
is everywhere uniform. Consider in Fig. A-1 a system 
of “m” line wires_ (indicated by number subscript) 
and “n” ^und wires (indicaited by letter subscript). 
The circuit voltage of the line wires is Ei, Et, etc. and 
of the grotmd wires is 0. Then 

~ -1^1 Ai li Bi2'-|- /j Bi8 . 

^ la Bio *1“ Ib Bib 

Ei = Ii Bii 4- Ji Aa -f- Js Bsj 4- . . . . 

la Bia "k Ib Bib 4“ • . . 

Ei = etc. 
etc. = 

® -^1 -Sol 4" Ii Bat 4" Ii Bai 4" . . . . 

"I" la Ao 4" Ib Bab 4“ . . . 

® ““ -^1 + Ii Bbt -f- Ii Bbg 4- . . . 

7o Boj 4"-Ii Ai 4" = 

0 = etc.. 

etc. = 

^e solution of this set of equations gives the current 
distnbution among the line and ground wires and the 


( 21 ) 


( 22 ) 


leng^ of the line. The application of the equations 
requir^ that the average height and spacing of the 
conductors be known; and that the contact resistance 
between earth and wire be known, and properly in¬ 
serted into the expressions. 

For any given configuration of line wires and ground 
wires the results as obtained by this method can be 
transposed into those obtained in section A by assuming 
transportation of line conductors and that B is small 
enough that Zg can be used for Mg. 

If it is assumed that the line wires are transposed so 
that they each carry the same current the zero phase 
sequence reactance is 

no groxmd wire 
1 ground wire 


2 ground wires 


= A 4- 2 B 


U 


= A4-2B-3-^B4 

J-i 


= A 4-'2 B - 3 


74B44-ISB5 

h 


=A4-2B-3 


I 4 Ei 4” Ii Bi 4- Ii Be 
Ix 


3 ground wires j 
(23) 
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In these equations I 4 , Ig, etc. are the ground wire cur¬ 
rents and are obtained from the equations ( 22 ) by 
determinant solution. The quantities B 4 , Bg, etc. 
are the average mutual impedances between each of 
the ground wire and the line wires. If an average 
value for mutual impedance between line wires and 
ground wires were used these equations would, as just 
mentioned, reduce to those developed under section A. 

Parallel Circuits. The solution for parallel circuits 
will be indicated in a gen^l way only. In Fig. D-1 
a fault is indicated on one circuit. In this analysis 
the line conductors are considered to be transposed so 
that the quantities A and B involving the line con¬ 
ductors and ground wires may be taken as average 
values. Note that A and B represent circuit values 
and not unit values. The method of solution is as 
follows. 

At left of fault 

Et = Ii Ai -f -12 Bi 2 13 Bu -t- li Bu -|- ( 

Ei = Ji Bis -t- Ji Ai - 1 -13 Bm "I" Ii Bn j ( 24 ) 

0 ““ Bia -f- li'Bii -f- Jj Aa -j- I 4 Bn ) 

0 = Ii Bi4 -|- Ii Bn 13 Bz4 -f- Ii A 4 j (2S) 

At right of fault 

El' = J/ Ax' + Ii' Bii' + la' Bia' + I 4 ' Bn' \ 

Ei' = Ji' Bii' -I- Ii' Ai' -t- la' Bn' -h I 4 ' Bn' J (26) 

0 “ Ii' Bia' -|- Ii Bia' "I” I 3 ' Aa' “h I 4 ' Baa \ 

0 = Ji' Bn' + W Bn' + la' Bn' + I 4 ' A 4 ' I (27) 

E = El'- Ei' 

Solve equations (27) for the ground wire currents 
la' and I4'. Substitute these values in equations (26)— 
and note that h' = h, and h' = - h. The value of 
I? is now found. 

Now solve equations (25) for the ground wire currents 
la and I 4 . Substitute these together with the value of 
E in equations (24) and then solve for h and I2. The 

E 

zero phase sequence impedance is -=—not forget- 

il + I2 

ting that £^2 = J5i. 

Discussion 

P. A. Jeannes The method of developing the formulas for 
zero sequence impedance given by the author in the main body 
of the paper, involves initiahy an arbitrary separation of the 
impedance of a circuit formed by an overhead wire with ground 
return into two parts, one assigned to the overhead portion and 
the other to the underground portion of the circuit. In the end 
it is then necessary to rearrange or combine the terms to form 
impedances of complete ground return or metallic circuits so that 
the terms in the formulas will be measurable quantities. It 
therefore seems to me that the method outlined in the appendix, 
which only involves the use of complete ground return circuit 
impedances, is the preferable and more direct. The Joint Sub¬ 
committee on Development and Research of the N. B. L. A, and 
Bell System has been using formulas developed by this latter 
method. 

With regard to the influence of earth resistivity, I should like to 
point out that although large variations in this quantity produce 


relatively small variations in the zero sequence impedance and 
even less in total fault current it does affect ground wire cur¬ 
rents quite appreciably; for example, taking a 220-kv. line 
with two high conductivity (186,000-cir. mil ACSR) ground 
wires, a change in earth resistivity from 1,000 to 100,000 ohms 
per cm. cube (conductivity of 10 10-^^ abmhos per cm. 
cube) changes the zero sequence impedance about nine per cent, 
while it changes the ground wire current about 26 per cent on 
the assumption of the same fault current in the two oases. 

F. J, Grueters One of the simplifying assumptions made by 
Mr. Clem in developing his method of calculating zero sequence 
impedance is that of imiform current along the length of the 
ground wire, and he cites some tests on the Turner-Logan line 
which agree with this assumption. This condition holds only 
when the ground wire is terminated in impedances to ground 
which are small compared to the resistance to ground of the 
tower footings. Such an assumption is valid when the ground 
wires are connected to station ground at both ends and the fault 
is outside of the section of line for which the zero sequence im¬ 
pedance is being determined. 

Recently the Joint Subcommittee on Development and 
Research of the N. E. L. A.-Bell System made a series of tests 
to determine the variation of ground wire current along the length 
of the line. Pig. 1 gives some of the results of these teats which 
were made on a 220-kv. transmission line, equipped with two 
200,000-cir. mil ACSR ground wires in a region where the earth 


I -PARALLEL ENERCnEO ' 

resistance-6.5 OHMS. ' 

. X »3 PH«E CONOUCTDRS SHORKIRCUITEDTO TOWER.^ 


20 40 60 60 too 

DISTANCE IN KILOFEET ALONG LINE 


Pig. 1—^Variation op Crowd-Wire Current Along a 
Transmission Line when Energized with Ground-Return 
Current 


resistivity was about 20,000ohms per cm. cube, (earth conductiv¬ 
ity of 5 X 10-14 abmhos per cm. cube) and where the average 
tower footing resistance is about 6.8 ohms. At one end of the line, 
where the ground wires were terminated, the three-phase con¬ 
ductors were multiplied and energized to ground, while at a point 
about 23 miles distance, the conductors were short-circuited 
together and to ground through a tower. The ground wires 
extended about three miles beyond this point of grounding. 

The ground wire current observed was a stepped function, due 
to the lumped leakage of the ground wires at the towers. The 
smooth curves on the plot were drawn giving averaged results 
and the general shape of these curves, including the overshoot, 
has been checked from theoretical considerations. The solid 
line presents the ground wire currents observed w:hen the con¬ 
ductors were energized to a 6-ohm‘ground about 1,100 ft. beyond 
the end of the line. The dotted line gives the values when the 
line is energized directly to the end tower footing. At the ener¬ 
gized end, the increase or decrease of ground wire currents, over 
the value at the middle of the line, persists for a considerable 
distance. Due to the continuation of the ground wires beyond 
the point of fault, the change in ground wire current at the fault 
end was observed over considerably shorter distances. 

It should be pointed out that the distribution of the currents in 
the ground wire .at the energized end is not representative of the 
condition which exists when a ground wire is connected to the 
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station ground of low resistance, relative to the tower footing 
resistance. "Under the latter arrangement the current in the 
ground wire entering the station would be eq.ual to that in the 
middle of the line. "Under these conditions, the ground wire 
current, with the exception of the ease of a fault very close to the 
substation, will be of substantially constant value practically 
throughout the length of the Hue. In the case where the ground 
wire terminates on a tower not connected to the station structure, 
the solid curve of the slide would be typical of the resulting 
conditions. 

The results of tests which are referred to here are a part of a 
study which has been conducted by the Joint Subcommittee on 
the general subject of the magnitude and distribution of currents 
induced in grounded conductors due to their presence in a mag¬ 
netic field produced by current in a ground return circuit. The 
effects of these currents in grounded conductors on the zero 
sequence impedance of power circuits and of their effects on the 
voltages induced in nearby communication circuits have also 
been studied and it is expected that this information will be 
made generally available to the industry in a short time. 

George Wascheck: In determining the zero phase sequence 
impedance of transmission lines Mr. Clem treats the current in 
the ground wires as a constant quantity throughout the length 
of the line. Where ground wires are connected to a station 
ground of low resistance compared to tower grounds, and the 
fault is distant from the station it is quite accurate for the cal¬ 
culations of the zero phase sequence impedance to assume the 
current in the ground wire to be const ant along the line. How¬ 
ever, with a fault within a few miles of the station the constant 
value of ground wire current may not exist for any appreciable 
length. A theoretical investigation has been made, in conjunc¬ 
tion with work of the Joint Subcommittee on Development and 
Research of the N. E. L. A. and Bell System, of the possible 
effect of this condition on the zero phase sequence impedance. 

For the solution of the impedance of such a system, in which 
the ground wires and towers assume the form of a ladder network 
(tower distances and ground resistances assumed constant) an 
evaluation is required of the average current in the ground wires. 
By means of finite difference equations the current in the nth 
section may be derived and the summation of the currents in 
all the sections becomes a geometrical series which may readily 
be evaluated. This, divided by the number of sections, becomes 
the average or equivalent constant current to be inserted in 
the circuit equations. 

The resulting formula for the zero phase sequence impedance 
has been put into the following form, consisting of three terms: 


^o=Zp— n 


where: 


Zpo- 


I ry Ti 1 r “1 "I 

J I.K - 1)J 


Zo = zero phase sequence impedance. 

Z^ — grounded impedance of one phase wire with the other 
phase wires carrying equal currents, and in the 
absence of ground wires. 

Zg =s series impedance of ground wires with earth return. 

(Equal and constant currents in all ground wires, 
no current in phase wires). 

Zpo = mutual impedance between ground wires and phase 
wires. 

R * resistance of tower to ground. 

s =* length of section between towers in miles. 

K ~ number of sections. 

n « number of phase wires. . 


mi 


1 + 


s Zq 

1 

I4sZa / 

s Zg \ 

2 R 

2 
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The formula is based on the assumption of solidly grounded 
ground wires at Station C and a fault to a tower with the line 
extending indefinitely beyond, although the formula for any com¬ 
bination of the end groundings is determinable. 

It is seen that the first term is the zero phase sequence im¬ 
pedance in the absence of ground wires, the second, the addi¬ 
tional term that would be obtained if the ground wires were 
solidly grounded at each end of the circuit involved, and the 
third, the contribution of the vaaying ground .wire currents near 
the point of grounding. 

An application of this formula-was inade„ io.a three-phase 
transmission line of flat construction of 28.6-ft. spacing with two 
ACSR ground wires of the same spacing placed 13.9 ft. sym¬ 
metrically above the phase wires. The three factors in the above 
equation were evaluated for assumed tower ground resistances of 
5 and of 50 ohms each.. The results may be seen in Fig. 2. A is 
the zero phase sequence impedance per mile with no ground wire, 
B the term to be subtracted veetorially with constant current 
assumed in the ground wire (the ends solidly grounded), and C 
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Fig. 2—^Zbbo-Phasb Sequence Impedances 

(Variation of zoro-phase sequence impedance per mile and its components 
versus circuit length for two values of tower ground resistances. Groimd 
wire solidly grounded at station 0. Fault taken to any tower with line 
indefinitely long beyond used transmission line configuration shown below 
with phase wires 70 ft. above ground. Frequency 60 cycles per sec.) 


the correction due to the varying currents in the end sections 
near the fault. Parts A and B are constant but C is variable with 
length and with tower ground resistance. The curve marked 
Zo/Mi, is the vector sum of all three components and is the actual 
zero phase sequence impedance per mile. Thus, with a fault five 
sections from the station (about one mile) the zero phase se¬ 
quence impedance per mile with 6-ohm grounds is 1.74 ohms per 
mile; with 60-ohm grounds 1.96 ohms per mile. This is in con¬ 
trast to 1.66 ohms per mile should the station ground wire current 
have been assumed. The following table shows a comparison 
between that of the net zero phase sequence impedance per mile 
against that assumed with the constant current of solidly 
grounded ground wires. 

It is to be observed that the error is quite small for a fault 
distant from the station and that for the two oases illustrated the 
effect of increased current in the ground wire near the fault is to 
increase the zero phase sequence impedance. It appears that 
the additional impedance of each tower to ground over that were 
the fault tower solidly grounded is sufficient to offset the reduc¬ 
tion in impedance to be expected by the larger ground wire 
current. 
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Zo per mi: -with constant gi'onnd 
' wire current 

Zo per mi. allowing for varying 
current In ground wire 

Per cent increase in magnitude 

No. .of sections 

Length miles 

5.ohms or 50 ohms 

5 ohms ‘ 

50 ohms 

5 ohms 

50 ohms 

2. 

5. 

. 1/2. 

___ 1 . 

.1.66/75.6. 

_1.92/57.4_ 

....1.74/58.4. .. 

_2.05/67.8.... 

....1.96/67 4_ 

.23.0. 

. . . .11.5. 

.31.6 

.25.5 

9. 

. 2 . 

« 

. ..1.66/71 

... 1.86/67.6_ 

.. .. 5.8. 

.19.2 

14. 

.3 . 

u 

. .1.61/72 

. 1.77/68.2.... 

.... 3.2 ... 

. . 13..6 

23. 

. 5 . 

' u 

_1.69/74 .,.. 

.... 1.67/69.5.... 

. 1.9. 

7 n 

47. 

___10 . 

u 

_1.58/74.5_ 

.'.'■'.’i.'61/72.2. 

. 1.3. 

. 3.2 


H. M. Trueblood: Carson’s expression for the self-im¬ 
pedance of a ground-return circuit is 

n" CO _ 

Zivi +j2(a log -h 4 w y* ( - M) d ix 

CL o 

Mr. Clem speaks of the second term in this formula as represent¬ 
ing the reactance of the wire with image return. More fully 
expressed, it is the reactance, external to the wire, of the com¬ 
plete ground-return circuit on the hypothesis that the earth is of 
ififinite conductivity. On this hypothesis, the third term of the 
formula would vanish, and there would be neither flux nor cur¬ 
rent in the body of the earth. If the wire also were of infinite 
conductivity, the second tenn would represent the entire im¬ 
pedance, since which is the internal impedance of the wire, 
would in that ease likewise be zero. All flux would .thread be¬ 
tween the surface of the wire and that of the earth, there being 
none within the material of either, and, of course, no resistance 
anywhere. 

Should we then regard the first and third terms of the formula 
as “correction” terms, introduced to take care of departures from 
the- ideal condition in which both the wire and the earth have 
infinite conductivity? This is a permissible point of view, but 
the third term does not strictly represent an “impedance of the 
earth,” in the sense in which Zi^, represents an impedance of the 
wire, viz., its internal impedance. The third term, as Carson 
points out, formulates the effect of the finite conductivity of the 
earth. This effect does not consist solely in causing flux and 
current to appear within the body of the earth; it consists also, 
in part, in changing the amount and distribution of the external 
flux, i. e., the flux between the surfaces of the wire and the 
earth. The third term, therefore, is not directly or simply iden¬ 
tified with an impedance associated with the earth. 

However, it is entirely possible to assign a definite meaning to 
the expression “internal impedance of the earth” and the con¬ 
ception is of some value in the physical visualization of a circuit 
consisting of a straight long horizontal wire with ground return. 
In such a circuit, the internal impedance of the earth, per unit 
length of the circuit, may bo taken as the electric force, parallel 
to the wire, at the earth’s surface directly below the wire. This 
is identical with the voltage induced per unit length in a second 
grounded conductor lying on the earth’s surface directly below 
the first wire, when unit current flows in the ground-return circuit 
of which the first wire is one side. 

With this understanding, the total impedance of a ground- 
return circuit can be written 

Ziw + j w ^0+ Zie 

in which Ziw is the internal impedance of the wire, identical with 
the first term of Carson’s expression, Zu is the internal impedance 
of the earth and j o) is the voltage drop due to the flux thread¬ 
ing between the surface of the wire and the surface of the earth. 
The last two terms are not the same respectively as the last two 
terms of Carson’s formula, although, of couirse, the sum of the 
last two terms is the same in both expressions. 

This expression is of exactly the same form as appears in writing 
the total self-impedance of a circuit consisting of two wires. It is 
true, of course, that Zie^ the internal impedance of the earth, de¬ 
pends on the height of the wire above the earth, whereas, with 
wires, we commonly think of the internal impedance as a property 


of the wire alone, at a given frequency. This difference is apparent 
rather than real, however, as is obvious if we think for a moment 
of such problems as that of the proximity effect in two closely 
adjacent wires at high frequencies, where the current distribution, 
and hence the internal impedance, of either wire, is affected by its 
separation from the other. The ground-return circuit problem, 
in fact, is really nothing but a case of proximity effect, as can be 
seen by first imagining two wires forming a “metallic” circuit, 
and then allowing the radius of one to increase indefinitely while 
the distance between the surfaces remains constant. The wire 
with indefinitely expanding radius ultimately represents the 
earth, and the “proximity effect” consists essentially in the re¬ 
sulting non-uniform current distribution in this conductor, and 
associated phenomena. Cases can be easily imagined in which a 
noticeable proximity effect would be maintained in the wire 
whos^ radius remains constant, thus making the analogy between 
the two-wire circuit and the wire-earth circuit complete. In 
other cases, also, the usual simple conception of internal im¬ 
pedance becomes impossible and must be generalized; for 
example, in circuits of which railroad rails form a part. 

C« F. Wagners Mr. Clem’s paper is particularly valuable 
because it collects together a large mass of data corroborating 
Carson’s formulas for the calculation of ground return circuits. 
His Table C-2 enumerates the available data for ground conduc¬ 
tivity which forms a basis for the calculation of the ground, 
return impedances. 


I have been using Carson’s formulas, also, for this purpose 
but the form is somewhat different from that which Mr. Clem 
presents. This is given in the April, 1931 issue of The Electric 
Journal, Vol. 28, No. 4, pages 241-244, 

S. Whitehead and P* D* Morgan: The present paper is a 
valuable contribution to the important subject of the impedance 
of a line when one or more phases is connected to earth as may 
occur under fault conditions. The author has performed a real 
service to engineering in publishing Table Cl by means of which 
Carson’s formula may be readily computed for any special case. 
The analysis employed by the author in treating the effect of 
earth wires in parallel with the earth differs from ours in that the 
partial impedance coefficients the Us and M*s of the first part of 
the A’s and B's of the Appendix are eliminated by expressing 
them in terms of complete coefficients relating to go and return 
circuits, i. e. the Z’s. We, on the other hand (J. L E. E., March 
1930, page 367 et seq) have used the partial coefficients as deter¬ 
minable quantities by relating them to the plane of the earth 
as assumed neutral plane. The present author’s method is 
superior to ours in that the application of formulas such as 
Carson’s or PoUaczek’s is simpler. 

In the case of Rudenberg’s formula for the impedance of line 
and earth return we may put— 


Impedance — ^ ^ (ik)] 


h 1 

+ E + 2 0 ) 7 log ^ —j;— J 10-® ohms/cm. 

Where 

/ « frequency 
o = 27r/ 
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K ^ 2t 

u = speciiie resistance of the earth in abohms 

A = height of conductor in cm. 

r = over-all radius of conductor in cm. 

y « 1.781 

J? « resistance of conductor in abohms per cm. 

The first two terms may be taken as referring to the earth and the 
second to the conductor with the earth as a neutral plane. In 
such a case our method and that of the author lead to identical 
results. Our method is, however, easier to apply to a multiple 
earthed earth wire or an underground cable where, the current 
in the earth wire or cable sheaths varies along the line. Both the 
methods suffer from the disadvantage that they may be rigorously 
applied only to concentrated currents such as in a conductor since 
otherwise the distributive and commutative laws of the coefid- 
cients no longer hold. Fortunately, however, the aerial field of 
the earth current is usually negligible while the earth field of the 
aerial conductors is rapidly attenuated and may also be neg¬ 
lected. We used Rudenberg’s formula on account of simplicity 
but for most lines it agrees fairly closely with those of Carson and 
Pollaczek. 

The theory of Rudenberg is a simplification of the more rigor¬ 
ous methods of the other two authors and its errors appear when 
the induced voltage at a distance from the power line is required, 
the Rudenberg theory giving too concentrated a current distri¬ 
bution in the earth. For the case of the English **grid’Mines 
examined by us (ibid. pp. 406-7) it has been verified that the 
present author’s methods give the same results as ours and this 
will be the case for nearly all power lines, divergence is only to 
be anticipated for lines at a great height from the ground or for 
frequencies considembly above those used for normal power 
transmission. It would appear, therefore, in view of the exten¬ 
sive tests made by the author in America and ourselves in 
England that the calculations of the earth or zero-phase im¬ 
pedance may be approached with confidence by engineers. 


We wish, however, to draw attention to the fact that the earth 
wire current may vary considerably along the line with a high- 
conductivity earth wire such as is used in England unless the 
fault resistance to the earth wire is the same as the ‘’earth plate” 
resistance, at the fault. In one of our tests there was only an 
additional IK ohms fault resistance to earth as compared with 
the resistance to the earth wire but theory and experiment showed 
that the earth wire current fell from 70 per cent to about 30 per 
cent from the end to the middle of the line. The effect on the 
impedance is however, usually negligible as shown in our paper 
(ibid.). The same effect occurs with cables and may produce 
large voltage rises at the bonds adjacent to the fault. 

In our paper the actual fault impedance but not the zero-phase 
impedance for a three-phase line was given. This omission was 
rectified in the discussion (/. /. B. J&., June 1930, page 779) 
where it is also mentioned that short-circuit calculations may be 
much simplified in practise by treating all the impedances as pure 
reactances, that is, neglecting the phase angles. The errors intro¬ 
duced by this on fairly short lines would probably not exceed 
about 10 per cent so that this approximation may often be 
useful. 

In our tests the value adopted for the resistivity of the earth 
was based partly on measurements of the voltage induced in 
neighboring telephone lines which are very sensitive to the 
magnitude of the effective resistivity. A certain amount of 
agreement was observed with surface resistivity measurements 
and in considering similar tests made elsewhere in Exirope it 
appears possible that some correlation between the a-c. resistance 
and the known electrical properties of various geological strata 
might be obtained. Has the author been in a position to attempt 
such a correlation and, if so, has he cotho to any conclusion as to 
the feasibility of this? 

Finally we should like to mention, as in our paper, that a 
second earth wire placed below the conductors appears to have 
considerable advantages notably from the standpoint of reducing 
inductive interference from short-circuit currents. 



Simultaneous Faults on Three-Phase Systems 

BY EDITH CLARKE* 


Associate, 

Synopsis.—The method of symmetrical components now so 
extensively used to determine short-circuit currents and stability 
limits during transient conditions for three-phase transmission 
systems when a fault involving one or more of the three conductors 
occurs at any one point of the system^ has been extended to apply to 
three-phase systems during simultaneous faults at two or more 
points of the system. 

A general equivalent circuit is developed to replace^ in the positive 
phase diagram^ two simultaneous faults involving any combination of 
the six conductors. An approximate equivalent circuit to be used 
with the d-c. calculating table when resistance is neglected is also 
given. 

Special equivalent circuits are employed to replace two’ simul- 


A. I. E.E. 

ianeous faults and the lines upon which they occur^ when the lines 
are unloaded feeders radiating from a common point or lines of 
equal impedances bussed at both ends. 

The methods and formulas given in this paper were developed in 
answer to such questions as the following: 

1 . Which is a more severe shock to a system^ a double Une-to- 
ground fault on one circuit or two single line-to-ground faults 
occurring simultaneously on two separate circuits? 

2 . Do simultaneous double line-to-ground faults which involve 
the same phases^ a and 5, on two circuits^ resutt in more or less 
ground current than faults which involve phases a and b on one cir¬ 
cuit and phases b and c on the other? 

«|c « « « « 


W HEN double circuit towers carry two three-phase 
circuits, disturbances may involve ^one or more 
conductors of each circuit. From published 
records! of the number of flashovers on double circuit 
towers which have tripped out both circuits, and from 
opinions expressed by operating engineers of various 
powa* companies who have been consulted, it seems 
reasonable to conclude tbat in the neighborhood of 
20 per cent of the faults on double circuit towers involve 
conductors of both circuits. In addition there are 
instances where faults in substations have involved 
conductors of circuits not on the same towers. 

It seems worth while therefore, to have in convenient 
form, methods for calculating short-circuit currents, 
and of determining the stability limit of a system when 
faults occur simultaneously at two separate and distinct 
points of the system. The general case will cover 
simultaneous faults at any two points of the system, 
involving one, two or three conductors at each point, 
while short circuits on parallel circuits on the same tower 
will be a special case in. which the two points of fault are 
S3nmmetrical with respect to the system, although they 
will not be symmetrical with respect to ground unless 
the faults are on the same phase or phases in both 
circuits. 

Mr. C. L. Fortescue has shown® that any system of 
three vectors may be replaced by three sets of balanced 
components. The fundamental equations expressing 
actual currents and voltages in terms of their S 3 mimet- 
rical components, and expressing the symmetrical 
components of current and voltage in terms of the 
actual currents and voltages respectively are given 
in Appendix A. 

Single Fault 


circuit becomes grounded, the voltages to ground on 
the three conductors and the currents in the three lines 
are no longer balanced. If the three unbalanced volt¬ 
ages to ground, Vo, Vh and V,, at the point of fault, 
and three line currents flowing into the fault, 1., I h and 
Ic, are resolved into their s 3 mmetrical components, 
it will be foimd that there are enough relations existing 
between these six components to allow the positive 
component of voltage at the fault, V.i, to be expressed 
in terms of the positive cornponent of . current in the 
fault, loi, and the zero and negative phase impedances, 
Zo and Zt respectively, viewed from the fault. To do 
this requires five equations. 

Since there is no generated zero nor negative phase 
sequence voltage, and the positive' direction for all 
component currents is taken towards the fault, 

0 — VnO = laoZo ( 1 ) 

0-y„s = Ia2^2 (2) 

At a point of fault there are certain relations be¬ 
tween the positive, negative, and zero components of 
current which flow into the fault, and also between the 
positive, negative, and zero components of voltage at 
the fault. These relations between the components 
of current and voltage, depending upon the type of 
fault, provide additional equations connecting the 
Unknowns. For all tsTpes of fault there will be three 
independent equations connecting the components of 
current and voltage at the point of fault. These 
equations are tabulated in Table I, and the manner of 
their derivation shown in Appendix B. 

From five equations with six unknowns, the four 
unknowns Vao, Vo 2 , lao and I 02 may be eliminated, and 
Vai expressed in terms of I.i thus: 

Val^KI.i ( 3 ) 


When one or more of the conductors of a three-phase where FC is a function of Zo and Z 2 depending upon the 

- type of fault. For line-to-ground faults K = Zo + Z 2 , 

♦Central Station Engg. Dept. General Electric Company, jine-to-line faults K = Z 2 , and for double- Une-to- 
Sehenectady.N.Y. 

1. For references see Bibliograpliy. .4 # n- ir — ^0 ^2 

Preamled at the Middle Eastern District Meeting of the A. J. E. E., ground faults K - ^o-h Z 2 ' 

Pittsburgh^ Pa.^ March ll-lS, 19S1. 
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Equation (3) will be satisfied, and the positive phase 
current and voltage distribution may be determined 
if the fault in the positive phase diagram is replaced* 
by the shimt impedance K, the value of K being de¬ 
termined by Zo, Zi and the type of fault. 

Two Simultaneous Faults 

The method of procedure outlined above for de^ 
termining the positive phase currait and voltage 
distribution when a fault involves one or more of the 
three conductors at a single point, may be followed for 
simultaneous faults at two distinct points. 

If the two points of fault are C and D and the. conv 
ductors at C are a, h and c and those at D are a, 0 and y 
(a and a being conductors of the same phase, as. are 
6 and p, and c and y), the six components of voltage 
and current at C will be V,o, Vai, Vas, fao, lai and I„ 2 , 
and those at D will be y„o, Vai, Va 2 , lac, lai and J« 2 . 
It will be shown that there are ten independent equa¬ 
tions connecting these twelve imknowns. It is pro¬ 
posed to eliminate the eight unknowns Vao, Vao, Vai, 
Vai, lai, lai, lai and Iai and to reduce the number of 
equations to two, expressing the positive components 
of voltage, Yai and Vai, in terms of the positive com¬ 
ponents of current, lai and I «i, and the known zero and 
negative impedances. 

Zero Phase System. With a single fault, the zero 
phase current in the fault varies directly as the zero 
phase voltage to ground at ibe fault; When there are 


measured as described below would have to be in vector 
form, requiring the use of a watt-meter as well as an 
ammeter and voltmeter. For many purposes the 
resistance in the networks can be neglected and the 
impedances considered to consist of reactance alone. 
In this latter case the d-c. calculating table may be 
used. The general procedure in either case is as 
follows: 

(a) Set up the zero phase impedance network on the 
calculating table. Apply a voltage to ground, V„ at 
point C with point D ungrounded,, but all zero potential 
points, 5, grounded. . M easure the total ground current, 
I,. Current at C is the same as the total ground 
current I, at 5. 

(b) Apply a .voltage to ground, Va, at C with point D 
grounded but all zero potential points, S, ungrounded. 
Measure the current at D. 

(c) Apply a voltage to ground, Vd, at point D with 
point C ungrounded, but all zero potential points, S, 
grounded and measure the current I.. 


s 



Fig. 1—Equivalent y for Zero Phase Sequence Network 


two simxiltaneous faults, the zero phase current in either 
fault depends upon the zero phase voltages at both 
points of fault. In order to readily express the two 
zero phase voltages in terms of the two zero phase 
currents, the zero phase impedance diagram^ will be 
simplified, remembering that all points of zero potential 
for zero phase voltage may be considered bussed at the 
same point, 'S. Equivalent circuits to replace two 
parallel transmission lines with mutual impedance be¬ 
tween them in the zero phase system are given iii Ap¬ 
pendix C. When there are more than two parallel 
lines it may not be possible to accurately represent 
them by a simple equivalent circuit in the zero phase 
system but an approximate equivalent circuit may 
usually be obtained. When the zero phase system 
c^ be represented by an equivalent impedance 
diagram, it is always possible to reduce it to an 
equivalent Y, connecting the two points of fault, 
C and D, and the zero potential point, S. In some 
systems this may be done by A - 7 or Y - A trans¬ 
formations,® but in complicated systems it may be 
necessa^ to use an a-c. or d-c. calculating table to 
detennine the branches of the equivalent 7 or A con¬ 
necting the points (7,1), and 5. • 

Determiruition of Equivalent Y for the Zero Phase 
Impedance Network by Means, of -the Cdlcumng Table. 
For an exact determinationrthe use of an a-e. calcu¬ 
lating table such as the M. I. T. Network Analyzo:^ is 
necessary, in which case the currents and voltages 


If the branches of the equivalent 7 are (7„, D„, and S«, 
then 

= Ci + So (a) 


T — Co -i- Do (b) 

•* d. 


From equations (a), (b) and (c) the branches of the 7 
are determined. 

1 represents, the .equivalent 7 for the zero phase 
network connecting . C, Z) and S with its branch im¬ 
pedances, Co, ' Do and So. Let the positive direction 
for zero phase events be taken towards the faults C 
and D. Then since there is no generated zero phase 
voltage, by superposing the voltages due to the two 
component currents, the following equations are 
obtained: 

^ ~ ^“0 “ ■^«l' (Co + So) "h IaO So (S) 

® = laoSo + I„o (Do H" So) (6) 

Equationa;(S) an4:;(6) e3q)ress tbe zero components of 
voltage at the two points of . fault in terms of the two 
zero pl^ tmrrenta.ffowing. into the faults and the 
branch impedances of the equivalent 7. 

Rewriting equations (5) and (6) to express the cur- 
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rents lao and I„o in terms of Vao and V or from Fig. 1 
directly: 


Zoo "00 



Equations (12) and (13) are not independent of equa¬ 
tions ( 10 ) and (11). There are four unknowns Va 2 , 
Va 2 , lai and Ia 2 in the negative phase system, and two 
independent equations connecting them. 

Relations between Components of Current and of 
VoUage at Two Points of FauU. At each point of fault, 
the relations between the components of current flowing 
into the fault, and between the components of voltage 


where Zoo = Co -Do + Co So + Do So (9) 

Equations (7) and ( 8 ) are not independent of equations 
( 5 ) and ( 6 ). There are four unknowns, Vao, V aOf I oO 
and J«o in the zero phase system and two independent 
equations connecting them. 

Negative Phase System. In the n^ative phase sys- 
ten, just as in the zero phase system, there is no gene¬ 
rated voltage, and . the positive direction for negative 
phase currents is taken from the neutrals of the ma¬ 
chines towards the faults. The neutrals of generators 
and loads are points of zero potential for the negative 
phase system. The negative phase network* of a sys¬ 
tem may be reduced to an equivalent 7 or A connecting 
the points of fault C and D and the points of zero po¬ 
tential, which may be considered bussed at a common 
point, S. It is important to note that S, the point of 


s 



c 0 


to ground at the fault are independent of the rest of 
the system. Table I gives three equations coim^ting 
the components of current or of voltage at a point of 
fault for various types of fault. When there are two 
points of fault, there will be three equations connecting 
components of current or voltage at each point. By 
replacing a, 6 and c in Table I by a, /3 and 7 respectively, 
tixe . three equations connecting components of current 
or voltage at the second point of fault, D, are obtained. 

Simultaneous Equations. Three equations expressing 
relations between the components of current or voltage 
at each of the two points of fault, two equations con¬ 
necting zero phase currents and voltages and two con¬ 
necting negative phase currents and voltages give the 
ten equations needed to eliminate the eight unknowns 
y„D, V-O, lao, lao, Va 2 , 7.2, Ia2 and I„2 SO that the 
positive components of voltage V oi and V «ii may be 
expressed in terms of tbe positive components of cur¬ 
rent, loi and lai, and the known zero and negative 
phase impedances of the system. Since the ten equa¬ 
tions are linear the two resulting equations can be put 
in the form: 

Val ~ h lal + w Jol (IS) 


Fig. 2—Equivalent Y poh Negative Phase Sequence 
Netwobk 


7ai = nial + 11.1 (^S) 


zero potential for zero phase voltage is not necessarily 
the same point of the actual system as S, the point of 
zero potential for negative phase voltage. Neither are 
the two P points identical. The same letters are used, 
however, to obtain symmetry in form for the zero and 
negative phase current and voltage equations. 

From Mg. 2 which represents the equivalent Y for the 
negative phase network connecting C, D and S, the 
two negative phase voltages may be expressed in terms 
of the two negative phase currents and the impedances 
of the 7, thus: 

- Va2 = 1.2 (C* + Si) + Icc2 Si (10) 

— 7.2 = lai St + Iai (Di + ^ 2 ) (11) 

Rewriting equations (10) and (11) to express the 

currents I at and Id in terns of 7a2 and 7„2, or from 
Mg. 2 directly: . 

Di + St 

i a2 = — 7 o2 ^ + y a2 ^ 

Z22 "22 

Sn O2 1 S 2 

I at = 7.2 - 7„2 y -- (13) 

Z22 "22 

where Za = Ct Dt + (I 2 52 + Dt Si .. (14) 


where k, I, m and n depend upon the branch impedances 
of the equivalent 7's replacing tiie negative and zero 
phase networks, and the particular combination of con¬ 
ductors involved in the simultaneous faults. It should 
be noted that k, I, m and n do not involve poative phase 
impedances. 

Equations giving k, I, m and n for faults which 
involve various combinations of the six conductors are 
derived in Appendix D and tabulated in Table II. 

Pomtive Phase System. The positive phase system 
differs from the negative and zero phase systems be¬ 
cause positive phase sequence voltages are generated 
at various points of the positive phase system. In 
general there will be as many separate positive phase 
generated voltages as there are separate g^ierators or 
s 3 mchronous motors on the system. When the operat¬ 
ing conditions just previous to the occurrence of the 
faults are known, these generated voltages are de¬ 
termined in magnitude and in phase. For steady state 
calculations, the excitation voltage or voltage behind 
synchronous reactance is required, while for transient 
calculations, the voltage behind transient reactance 
should be known. However, in either case the internal 
generated voltages are determined from the given 
opiating conditions. 
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Table I 


be^een the sj^metrical components of current in the fault and between the components of voltage to ground at the 
laiuix lor various types of fault. 

The operators a and a® have been defined in equations (13a) and (14a). 


Case Type of fault 

^ .(a) Line to ground. 

(b) Line to ground. 


Phases 

involved 


Current relations 


(e) line to ground. 


. (a) Line to line. , 


(b)' Line to line. 


(c) Line to line. 


• — lau ^al = 

7fl0 “ a® Iai9 7tti = d laQ 

/a2 = a laii lai = U* lai 

( laO ™ 0, Iai 9 Ial = /aO 

/o2 ^ Jal 9 ^aX “ d Ia2 

• •^aO ” 0, /a2 ” ~ I at 
f 7ao “ 0 

I 7o 2 = '~’<*7ai;/oi — ^a^Ia 

f /ao “0 


Voltage relations 
. Frti = — (Frto 4* F««) 


(« F«)i -“h a- Va») 


Van “h « F„m) 


. F «2 = Va 


• Frt3 — a F«i; Fm ~ 


r / \ TN T.. 17«2 = - a2 /ai; /„! =* - a I 

^ .to gro’uid. 6, c.- (/„„ -I- /,,) 


• Yns — «* F.iJ Y„| = « V 


(b) Double line to groimd. a,c . l^i = 

(c) Double line to ground. a, 6 ./„, = _ 

. (a) Three-phase.a, 6, c./.o - 0 

(b) Three-phase to ground.. a,h,c . * 


-U.O + lai) .... V„„ = Val, Vm = V„, 

■ lai - (a /ao + I at) • • • / ^«0 = «’ 

\ Vat = « Vat Vat = «» Vat 

= — (a* 7o0 + « lai) ' "'I “ “ Vat; Yni = Fiio 

- „ I ^"<.2 = «\ Y„,: Y„, = rt F„, 

“0 .=0, Vat =0 ,, 

___ ■■■■■Vat = 0. Vat =0 ‘ 


neu^l lud »^ ® ^ ^ expressed in (19) and (20) are satisfied 

SfSit c«n-ent, flowing into by substituting for the faults a Y network havfnu Se 

V to ^ ^ P^® voltage, branch impedances (* - m), (1 - m) and m connecting 

tbo ^:he points C, D and ground as shoira iiTlS T*" ?n 

equations (15) and (16). the system may be determined as in any other balanced 

Equivalent Circuits Replacing two Simultaneous u distribution problem: that is, by calculation, or 


Faults in Positive Phase System 
Equations (15) and (16) may be written 

Val = (i - «) /al + -r- (1., .+ 


by means of a calculating table, the equivalent Y re- 
placing the two faults in the positive phase network. 


, m — n 

+ O- lal) 


hj +loi|| 


V /t . ^ , IW + W 

F«1 « (Z - W) 7^1 + -^- , 


{Ia\ + /aj). 


7 Two Faults in Posmvw 

1 BASE Sequence Network fob Special Case of m = w 


m — n Casell. momdn unequal. 

2 ( 18 ) When m and n are not equal, the positive distribu- 

last term of (17) and of (IS) may also be written 

Jtr (J _J . the points, C,Z) and ground. 

2 J-al) A. ae/narnl y-i- : ™ . . 


.»«o«^ainea by mserting an equivalent For A between 
!tr .y , , the points, C,Z) and ground. 


7. 7n % equdh 

When mand » are equal (17) and (18) become 

Vai = Qt-m) lai -1- m (7*1 -|- l„i) 

Fai = (i — m) lai -f m (7ai -f 7„j) 


A. Geirerol Equivalent Circuit. Fig. 4 shows an 
^mvalent circmt which may replace the two faults in 

®<l“valent circii^ 
consists of a y having branch impedances k - n, I-m 

(19) ^ ^ 

(201 2 connected between points C, D and F, 
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Table II 

Values of fc, I, m and n to be substituted in equations (15) and (16) for simultaneous faults at two points of the system^ 
The operators a and o® have been defined in equations (13a) and (14a), and Zoo and Z 22 in equations (9) and (14). 

For the sake of brevity let, 

Zca “ Co H“ iSo “h C 2 ^2 
Zds “ Dq + jSfo + Dz + Sz 

Zeds (Co “H C 2 ) (Do “h D 2 ) + (Co + C 2 ) (*So H" S 2 ) “I" (Do 4“ D 2 ) (^0 4“ ^^ 2 ) 


Case E. Single Idne-to^Ground,Faults at Two Points, 

(a) Phases a and a, 

h — Zca 
w = iSo “h Sz 

(b) Phases & and a, 

I k = Zca 

n ^ a^ Sq a Sz 

(c) Phases c and a, 

k “ Zca 

n — a 8 q Sz 

Case F, LincAo^Line Faults ai Two Points, 

(a) Phases 6 , c and/3, y,* 

k Cz Sz 
n = Sz 

(b) Phases a, c and / 8 , 7 . 

k = Cjt 4* ^2 
n = a Sz 

(c) Phases a, b and 0, y, 

k Cz + Si 
n - a^ Sz 

Case G, Double Line-io-Ground Faults at Two Points, 
(a) Phases 6 , c and/3, 7 ** 

, Z 22 (Co + #So) + Zoo (C 2 + Sz) 

ic = - -z - 

Zeds 


m ” iSo 4” ^2 
I * — Zd$ 

m ~ a So a“ Sz 

I ^Zda 

m = a^ So 4 " a> Sz 
I — Zfia 


m = Sz 
Z = D 2 + ^"2 

m = a^ Sz 
I — Dz 4" ^2 

m — a Sz - 
I ~ Dz 4* ^2 


Z 22 So 4 2^00 Sz 


Zeds 


Zzz So 4 2^00 Si 
n = -;z- 

Zeda 

(b) Phases a, c and /3, 7 . 

, _ ^22 (Cq 4 <Sfo) 4 Zoo (C 2 4 ^ 2 ) 

Z,4o4 3^o^2 


Z 22 (Dp 4 So) 4 Zoo {Dz 4 Sz) 
Zeda 


a So Z 22 4 Sz Zoo 
Zeda 4 3 #3o >Si 2 


a^ So Zzz 4 a ^2 Zoo 

n = ;-j-T- —- - 

Zoda 4 3 ^3o <32 

(c) Phases a, b and/3, 7 . 

h — ^22 (Co 4 <3o) 4 Zoo (C 2 4 >S>2) 

Zeda 4 3 <3o ^2 


Z 22 (Do 4 ;3o) 4 Zoo (D 2 4 <32) 
Zeda 4.3 So Sz 


a^ So Zzz 4 <32 Zoo 
Zeda 4 3 <So <32 


a So Zzz 4 So Zoo 
Zeda 4 3 ^0 ^2 


Zzz (Do 4 <3o) 4 Zoo (D 2 4 Si) 

Zeda ’{• S So Sz 


Case H, Three-Phase Faults at Two Points, 

fc = 0 m = 0 

n — 0 Z « 0 

Case I, Line 4 o-Line Fault ai C and Single IAne4o-Ground Fault at D, 

(a) Phases &, c and a. 


k — C 2 4 <32 

771 

- St 

‘ 71 » — <32 

1 

^ Z da 

(b) Phases a, c and 4af. 

k =* C 2 4 <32 

m 

* — a® Sz 

71 = — a <32 

1 

— Z da 

( 0 ) Phases a, b and a. 

k « C 2 4 <32 

m 

“ — 0 <32 

71 = — a® <32 . 

1 

=* Zds 


♦See ‘‘Equivalent Y vs. Equivalent A’* page 927. 
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Table II —Continued 


Case J. Double Line-^to-Ground FauU cd C and Single Line-io Ground Faults at D. 
(a) Phases ft, c and a. 

, (Co + S,) (Ca + S2) 


So (C, + ^2) + S2 (Co + So) 


n = — 


So (C* + 1S2) H" S2 (Co -f- So) 


(b) Phases a, c and a. 

, _ (Co -h ^0) (C2 + S2) 
Zcs 


n = — 


a^SojCt + So) +aS2 (Co + So) 


(o) Phases a, 6 and a. 


(Co + So) (C2 + S2) 


I 


(^0 - ^ 2)2 


a So (C2 “h S2) + a^ S2 (Co "h So) 


I ^ Zds - 


ZftS 

S{? So S2 H" S^ 


a^ So (C2 4 " S2) + a /S2 (Co + So) 


a So (Cg + ^2) + S 2 (Co + ^0) 


I Z da 


Ss? So S2 + ^ 2 * 


Class K, Three-phase FauU at C and Single lAne-to-Qround Fault at D. 

(a) Three-phase fault not involving ground. 

Ik = 0 

n = 0 

(b) Three-phase fault involving ground. 

A: = 0 

n — Q 


m — 0 


I — Do "I" So “h O2 ”f- 


C 2 S 2 
C l S 2 


m = 0 

I as Do + 


Co + So 


+ D 2 + 


C 2 + S 2 


and between F and ground an impedance, — 5 — or 


until the current through it to ground is double J„i, the 
current entering the fault at C, then the current 


n — m 

2 > paralleled by an adjustable voltage, V,. Equa- 


(I«i- Iai) will flow in the impedance — 5 —. 


tions (17) and (18) will be satisfied if current (J«i — I^i) 



Fig. 4 Exact General Equivalent Circuit Replacing Two 
Faults in Positive Phase Sequence Network 


is made to flow through the impedance ^ , or if 

current flows through the impedance 

di 

If the voltage, V,, is adjusted in phase and magnitude 


, n — m. 

unpedance ^ is used, V, must be adjusted imtil 

the current through it is double Z «i, the current entering 
the fault at Z>. 

B. Approximate Equivalent Circuit for Use on the 
O-C. Calculating Table, In short-circuit studies it is 
customary to neglect capacitance and resistance, and to 
consider all generators operating with no load excita¬ 
tions. The system can then be represented on a d-c. 
calculating table. 

A st^dy of Table II shows that with resistance and 
capaciti^ce neglected, k and I have no real components, 
but are positive reactive impedances larger in magnitude 
than w apd n. When m and n are equal, they also have 
no real components and are positive reactive im¬ 
pedances; .y^but when m and n are unequal they have 
r^ components which are equal and opposite, while 
th^ reactive components are equal in magnitude and 
of the same ^gn. 

The error ipade by neglecting the real components of 
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m and n will ordinarily be less than the error made by 
neglecting line resistances. When the real components 

of m and n are neglected, 2 ~'~ ~ general 

equivalent circuit in Fig. 4 becomes a Y connecting 
G, D, and G, with branch impedances (k — n), (I — m) 

and— 2 —,see Fig. 5. The branches k—n, and 



Fig. 5—Approximate Equivalent Circuit Replacing Two 
Faults in Positive Phase Sequence Network 


(Z — m) will be positive reactive impedances and there¬ 
fore can be represented on the d-c. calculating table, 


while 


m + n 
2 


may be either positive or negative. 


If 


positive it can also be represented on the d-c. table. 

It will be remembered that the branch impedance 

W + n 

— 2 — is connected to ground as are the neutrals of the 

generators in the positive phase diagram. This im¬ 
pedance is therefore in series with the generator reac¬ 
tance when there is a single generating source and may 

m -{■ n 

be combined with it. When —g— negative and it 


is not possible to combine it with any other reactance, 
this branch of the Y between P and G may be set to 
z&o and the distribution of currents obtained, these 


currents to be increased by the ratio 




Xp + 


m + n ’ 
2 


where Xp is the equivalent impedance between gene¬ 
rator neutrals and P, and is found by dividing gene¬ 
rator voltage by total ground current when P is 
grounded. 

C. Special Equivalent Circuits. Lines upon which 
the faults occur, together with the faults may be repre¬ 
sented by a particular equivalent circuit when the 
faults occur; (1) on unloaded feeders radiating from a 
common point and (2) on lines of equal impedances 
bussed at both ends. 

When the equivalent circuit represents the lines upon 
which the faults occur as well as the faults, the sum of 
the currents in the faulted lines, the total ground cur¬ 
rent, and the positive phase current and voltage 
distribution for the rest of the system may readily be 


obtained on the calculating table. Then the division 
of positive phase currents between the faulted lines, 
and the positive phase voltages at the points of fault 
may be determined by calculation. 

(1) Equivalent circuit for simultaneous faults on unloaded 
feeders radiating from a common point 
Let the fault points C and D be on unloaded feeders 
radiating from a common point H, then referring to 
Fig. 6 a, let 

Vfc = positive phase voltage at H. 

Ya\ = positive phase voltage at C. 

Vai = positive phase voltage at D. 

Zch = positive phase impedance between H and C. 
Zdh == positive phase impedance between H and D. 


Ik - positive phase current at H. 
lai = positive phase current at C. 

I ai = positive phase current at D. 

Then 

h = lal + I (21) 

VK-Val= lalZ^K ( 22 ) 

Vk - Val = lal ZdH (23) 

subtracting (23) from (22) 

- + Val = hi Z,K -lal ZdK (24) 

subtracting (16) from (15) 

= (ft-«)!«.-(J-w)I«i (25) 

adding (15) to (22) and (24) to (25) • 

Vk — (Zch + ft) hi + m hi (26) 


0 = (Zch k — n) lal — (ZdK + 1 ~ rn) hi' (27) 



Pig. 6a—^Unloaded Feeders with Faults at C and D 


n smm ^ 


Fig. 6b—^Equivalent Impedance Replacing the Two 
Faults and Feeders op Fig. 6a 

Solving equations (26) and (27) for I«i and I 




Zdh + J w 

(28) 

= y^ 

{Zeh 

+ k) {Zdh + i) ^ ^ 

= y^ 


Zch + 

(29) 

{Zch 

+ k) {Zdh + 1) — ifnn 
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adding (28) and (29) and replacing lai + I«i by In 


^ ,, Zth + + Zdh 1 — (in + n) 

ift = Vh tr/ I M _ J_ 7\ _ ^ ^ 


(^c» + y) (Zdh 1) — mn 
Substituting Vs froin (30) in (28) and (29) 

Zdh -h I — m 


lax = I 


* Zeh + ^ + Zdh + ^ ~ (m + n) 
Zcb + k-n 


** * Zch k Zdh 1 — (vn n) 

From equation (30) 

Vh _ (Zch + k) (Zdh + 1) — mn 
Ih 


Zch + i + Zdh H“ i “ (m -1- 7i) 


(31) 


(32) 


(33) 


but 


= Zh, = impedance between point H and 


ground, which is the equivalent circuit sought. 

Therefore, two unloaded feeders radiating from H 
with two sim-ultaneous faults may be replaced by a 
single lumped impedance, Zhg, whose value is given by 
equation (33). The total ground current and the 
positive phase current and voltage distribution for the 
system exclusive of the feeders themselves may then 
be obtained. Knowing Ih and Vj, the positive phase 
currents in the feeders, lax and I „x, may be obtained 
from equations (31) and (32), and the voltages at the 
points of fault, Vax and Vai, from equations (22) and 
(23). 

(2) Equivalent circuit for two lines which have two points 
in common or are bussed at both ends and two 
simultaneous femits 

This case will include simultaneous faults on any two 
lines which, on the positive phase diagram, have their 
ends terminating at common points. Two feeders 
radiating from a common point with impedance loads 
replaced by shunt impedances to 'ground, have the 
groimd as a common terminal point. Even when the 
lines upon which the faults occur do not have two 
points in common by appropriate A — Y or Y — A 
transformations it is often possible to represent them 
by two equivalent lines which do have two points in 
common. 

Fig. 7a represents two lines bussed at R and T with 
faults at C and D, in which Zet, Zdr and Zdt repre¬ 
sent positive phase impedances between C and R, 
C and T, D and R, and D and T respectively, and 
V,, Vi, Vex and Vax the voltage at R, T, C and D. 
Jr and It represent the curraits at R and T respectively, 
positive direction being towards the faults and lax 
and lai the currents flowing into the faults from C 
andD. 

From Pig. 7a 

Ir + It = lax -h lui — Iq = total ground current 
Let J, divide into J» and J, — J„ and It divide into 
J„and It - ly. 


Let laX = la + ly And J «1 = Jr + j< - j« - J»- 

Let Zcr=a, Zct=i, Zdr=c, Zdt=d and a+b+c+d=S. 

Then 

Vax^Vr-aL (34) 

Vax=^Vt-bIy (35) 

VaX^Vr-C(Ir-Ia) (36) 

Vax = Vt-d(It-h) (37) 

Substituting the above values for lax and I„i in (15) 
and (16) 

Vax = (k- m) (h + JJ + m (Jr + It) (38) 

V<.1 = (« - 0 (la + Iv)+l (Jr + It) (39) 

From the six simultaneous equations (34)—(39) the 
four unknowns Vai, Vex, la and ly will be eliminated 
and y, and Vt expressed in terms of Jr and J<. 




I- Li)00Q0 r 



i Mai+W 


oooou-g— y —' 

Jr’lx It-I, 

Fig. 7a— Two Lines Bussed at Both Ends with Two 
Simultaneous Faults 



Fig, 7b—Exact Equivalent Circuit Replacing the Two 
Faulted Lines op Fig. 7a 

^ Substituting (38) and (39) in (34) and (37) respec¬ 
tively, and transposing: 

yT = mIr-{-mIt +(a + k-m)Ia-\- (k-m)Iy (40) 
Jr + (d -|- Z) J< -|- (n — 1) ly (n — I — d) ly (41) 
Subtracting the sum of equations (35) and (36) from the 
sum of (34) and (37); and the sum of (34) and (39) 
from the stun of (36) and (38): 

0 = c Jr — d Ji — (a + e) ly + (b + d) ly (42) 

0 = (m-c-l)Iy+.(m-l)It 

+ (a+c+k+l—m—n) Ia+(k+l—m—n) ly (43) 
Expressing J, and ly from (42) and (43) in terms of 
Jr and If, and replacing a-|-6-|-c-|-dby5. 

Tub + c -I- d)(l-m) -I- c (6 -I- d -f fc- %)] Jrl 

T _ + [b (I — m) — d (k— %)] If _-J 

S (k + I - m - n) + (a + e) (b + d) 
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r [a (I — m) — c{k— «)] ~| 

L~I~[(Q + c + d)(l—m)-\-d(a-\-c + k— w)]J« J 
S (k 1 m — c) (6 -|“ d) 

Substituting (44) and (45) in (40) and (41) 

(k I — m n) — a e (m + n) + c (a + b + d)k 
+ a (& + C.+ d)l-\- a c(b +d) 


(45) 




S (k 1 — m — w) + (tt -|- c) (6 -j- d) 


S (k I — mn) + bem + adn + edk + abl 
S (k + I — m — n) + {a c) (b + d) 


li (46) 




S (k I — m n) +adm + bcn+edk + abl 


S {k + I — m — n) + (a + e) (b + d) 


It 


+ 


rS (kl — mn) - b d {m + n) + d ia + b+\c)k 
L_-|-&(o4~cH~d)i-]~ b d (a + c) 


] 


S (k + I — m — n) + (a + e) (b + d) 


h 

(47) 

(a) General Case. A comparison of the coefficient of 
It in (46) with that of J, in (47) shows that they are not 
identical, and therefore a simple impedance Y or A 
can not replace the lines with the two simultaneous 
faults in the general case where m and n are unequal 
and there is no fixed relation between the impedances 
^cr, Zci and 2 / 41 . 

The general equivalent circuit or the approximate 
equivalent circuit may be used to replace the two 
lines with the two simultaneous faults, rather than 
just to replace the two faults, if it is found advantageous 
to do so. To obtain this circuit, equations (46) and 
(47) may be written: 


Vr = KIr + MIt 

Vt^NIr + LIt 


(48) 

(49) 


If k, I, m and n in Figs. 4 and 5 are replaced by 
K, L, M and N as defined in equations (46)—(49) and 
and Joi and by It and It the deared circuits are 
obtained. The general equivalent circuit is shown in 
Fig. 7 b. 

(6) Special Case. The coefficients of It and I, in 
equations (46) and (47) respectively will be identical 
if bcm + adn^adm + hcn, that is if m = » or 
ad = be. If eitha- of these conditions is satisfied the 
two lines with the two simultaneous faults may be 
replaced by an equivalent Y having the branch im¬ 
pedances K'- M,L— M and M, 

Equivalent dremt for two transmission lines of equal 
impedances bussed at both, ends and two 
simultaneous faults 

Since Z* = Z„ a and Zat = Zet = b, e and d in 
equations (46) and (47) may be replaced by a and b 
respectively and the equations rewritten thus 


Vr 


[-!■ 


Ir 


ab (k + I + m + n) + 2 (a + b) (kl— mn) 
4:ab + 2 (a + b) (k+ 1—m — n) 


(/r+If)] 



(SO) 


ab (k + I + m + n) + 2 (a + b) (k I — mn) 

dab + 2(a + b) (k + 1- m- n) + It) 

(51) 

Equations (50) and (51) will be satisfied if the two 
lines and the Wo simultaneous faults are replaced by a 
Y between the points 12, T and G, Fig. 8 b, the branch 

a b 

impedances of the Y being and 

ab (k + I + m + n) + 2 (a + b) (k I — mn) 
d ab + 2 (a + b) {k + I — m — n) 

In problems where the division of currents between 
the two lines and the voltages at the points of fault are 
required they may be determined by calculations from 
the voltages and currents at the ends of the lines. If 
the positive phase current and voltage distribution has 
been determined with the equivalent Y replacing the 




Fia. 8 a—Special Case op Fiq. 7a whew Lines have Equal 
Impedance and Fault Points ahe Equidistant pbom One End 

Fig. 8b —Exact Equivalent Circuit for Pig. 8a 


lines and the two simxiltaneous faults, then Vr, Vt, Ir 
and It will be known. I, and may be obtjuned by 
substituting the values pf I, and It in equations (44) 
and (45); V«i may be obtained firoip equations (34) or 
(35); and y«i from (36) or (37). 

Equivalent Y vs. Equivalent A. In the zero and 
negative phase systems, equivalent Y’a were used to 
replace the network connected between the two fault 
points and the points of zero potential, assumed bussed 
at S. Equivalent A’s might have been used through 
this paper. The choice of equivalent Y’s and impe¬ 
dances has given, in the majority of eases, equations of 
simpler form for the constants k, I, m and n than would 
have been obtained with ■equivalent A’s and admit¬ 
tances. In the case of double line-to-ground faults, 
however, the solution with equivalent A's and admit¬ 
tances is a simple one and the form of the resulting 
equations of special interest when the faults are on the 
same phases. Let the admittances of the A replacing 
the equivalent Y for the zero phase system be Yocd, 
Ytct and Yod» and those for the negaWe system be 
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"Y ^ 2c 5 and Yid,, the first subscript indicating the 
sequence and the second and third the terminal points. 

Replacing' the impedances of the F's by the admit¬ 
tances of the A’s in equations (13d) and (14d) of Ap¬ 
pendix D: 

lal = Val (Yoca -f" Yjm + Yoed + Yied) 

~ Val (Yoed + Y 2 ed) 

lal = ~ Val (Yoed + 5^2c<i) 

+ Val (Yoda + Yida + Yocd + Yted) 

These equations are satisfied if the zero and negative 
phase networks are connected in parallel between the 
points C, D and G of the positive phase system, points 
C in the three systems being connected, also points D, 
and the points of zero potential of all three systems. 
With these connections on the calctilating table, the 
zero and negative phase currents for phase a as well as 
the positive, may be read directly for all parts of the 
system. 

Analytical Solution op Positive Phase Network 

When a calculating table is not available, or when 
greata* accuracy is required than can be secured from 
either the d-c. table or the a-c. network analyzer, the 
distribution of positive phase currents and voltages may 
be determined by calculation. 

Equations may be written by Kirchoff’s law express¬ 
ing the internal voltages of the various machines and 
the positive p^se voltages, Vai and V„i, at points C 
and D respectively, in terms of the positive phase im¬ 
pedances of the ssrstems and the positive phase currents; 
If there are n machines, there will be a Tniniimnw of 
(ti -|- 2) unknown currents, i. e,, the n machines currents 
and tile two fault currents; and a minimum of (% + 2) 
voltage equations, i. e., the n machine internal voltage 
equations and the two fault voltage equations. 
loop in the system introduces an additional unknown 
current, but also an additional equation, the voltage 
drop around the loop being zero. In these (n -|- 2) 
equations the n machines internal voltages are known, 
the (n + 2) currents and the two fault voltages are 
unknown. With equations (15) and (16), (which are 
independent of the positive phase sequence impedances 
and the internal voltages of the machine, hut depend 
upon the types of fault and the zero and negative phase 
impedances) th^e will be (» -f- 4) equations and (n -1- 4) 
imknowns. It is possible, therefore, to solve for the 
positive currents in terns of the internal generated 
voltages and the positive, negative, and zero phase 
impedances of the system. iCnowing the potitive 
currents, the positive voltages for the system may be 
obtained. 

Solution at Positive Phase Network by 
Superposition 

To avoid the additional equations and unknowns due 
to loops in the positive phase system, the following 
equations may be used: 


Positive Phase Sequence Equations* Expressing Positive 
Voltages in Terms of Positive Currents and Impedances 

El Q11+/2 Ql 2 't". ~\~Ifi QlnH"-ral Qlc+-fal Qld 

El =/i Q21-{-Ii Q 22 +.+i^n Qln-\-Ittl Q2c+-f ttl Qld 


En =Il Qnl-f-Il Qnl-h .+jfn Qnn+-f«l Qae + Ial Qnd 

Val=Il Qel-hll Q<!2+. -hin Qen't'Iat Qce-f-Ial Qed 

Val = Il Qdl-^-Il Qdl+ .+/n Qin+Zol Qde+Ial Qdd 

where Ei, Ei .are known internal voltages on 

machines 1, 2 and n, and h, h and In are the corre¬ 
sponding currents. Vai and Vai are the positive phase 
voltages at the points of fault C and D respectively, 
and Joi and I„i are the corre^onding currents flowing 
into the faults. Positive direction for machine currents 
is taken from the generator neutrals. Positive direction 
for faults current, lai and I ai, is taken from the system 
into the faults. 

Also 


Qii = 



where Vi is the internal voltage of 


machine/, when no fault currents and no machine cur¬ 
rents are flowing except h . 


Vi 


Qin = “f^.when no fault nor machine currents 

J- n 

are flowing except J„. 


Qed = 



when no machine currents 


are flowing 


and no fault current except/„i. 


Q 


nn 



when y„ is the internal 


voltage of 


machine, or when no fault currents and no machine 
currents are flowing except /„. 

The Q s associated with lai and lai in the above equa¬ 
tions ictII be negative, due to the arbitrary assumptions 
for positive direction of current flow. 

When there is a point of zero potential on the posi¬ 
tive phase system at which no voltage is generated, such 
as the neutral of a shunt impedance load, there will be 
a return path for the currents when one current only is 
flowing, and the Q’s may readily be obtained on the 
calculating table. WTien there is no such point it will 
be necessary to ground one machine. No. 2, to provide 
a return path for the currents when the only current 
flowing is the one under consideration. The voltage 
equation Ei = IiQ,,+ .t^en be¬ 

come mdetrarmmate but may be replaced by the current 

equation Ii + I 1 ----f /„ = _l_ Tlig gm.. 

rent distnbution will first be determined with ma¬ 
chine No. 2 grounded (Ei = 0), and then with all 
machines except No. 2 grounded. By superposing the 
two sets of currents the distribution of positive phase 
currents will be determined. 

♦These equations were suggested by Mr. R. H. Park. 
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Solution op Negative and Zero Phase Networks 

When the positive phase voltages at the . points of 
fault and the positive phase currents flowing into the 
faults have been determined, four of the eight unknowns 
VaOj VotOf Va2f IaQf ^aOy ^a2j and lai may readily be 

obtained from the relations given in Table I. The 
four remaining unknowns, two of which will be in the 
zero phase and two in the negative phase syston, may 
be obtained from equations (5), (6), (10) and (11), or 
from (7), (8), (12) and (13). 

In general, the voltages at the two points of fault of 
either system will not be in phase with each other nor 
with the reference voltage of the positive phase system. 
The currents in the network of either system may be 
determined by superposition, i. e., by adding vectorially 
the currents due to the fault voltage at C with point D 
grounded, and the currents due to the fault voltage at 
D wdth C grounded. 

When an a-c. calculating table is available the cur¬ 
rent and voltage distribution in the zero phase system 
may be obtained by applsdng voltages to ground, Voo 
and Vao, at points C and D respectively of the zero 
phase network; and in a similar manner the negative 
phase cxurent and voltage distribution will be deter¬ 
mined by applying voltages Yoa and V „2 at point C 
and D of the negative phase system. 

System Currents and Voltages 

By use of the fundamental S 3 anmetrical component 
equations given in Aijpendix A, the positive, negative, 
and zero components of . currents and voltages may be 
combined to give actual currents and voltages over the 
entire system. 

Three Simultaneous Faults 

The method used for determining currents and volt¬ 
ages when simultaneous faults occur at two separate 
and distinct points of the system may be extended to 
apply to three or more simultaneous faults. 

With three simultaneous faults on the system, three 
independent equations may be written expressing the 
three zero phase voltages at the points of fault in terms 
of the three zero phase cmrents flowing into the faults. 
The equations given above for use in determining 
the positive phase currents may be used to ad¬ 
vantage in this connection; or if three eqtiivalentY’s 
for the zero phase system are drawn, each preserving 
the identity of the points of zero potential considered 
bussed at a common point, S, and two of the three fault 
points, the three equations each expressing one zero 
phase fault voltage in toms of the three zcto phase 
currents flowing into the faults may be written by 
inspection. 

In like manner the negative phase system will provide 
three independent equations connecting negative phase 
fault voltages and currents; 

At each of the three points of fault there will be three 


independent equations connecting components of cur¬ 
rent or of voltage. 

Nine equations expressing relations between the 
components of current or voltage at the three fault 
points, three equations connecting zero phase currents 
and voltages, and three connecting negative phase 
currents and voltages, provide fifteen equations. The 
unknown zero and negative phase currents and voltages 
may be eliminated from these equations, the number 
being reduced to three, and the three positive plmse 
voltages to ground at the fault points expressed in 
to'ms of the three positive phase currents flowing into 
the faults and the negative and zero phase impedances 
of the system. 

In the positive phase system there wdll be one more 
unknown voltage and one more imknown current than 
with two simultaneous faults, but there will be two 
additional voltage equations, one involving poative 
phase currents flowing into the faults and negative and 
zero phase impedances, and the other involving positive 
phase line currents and positive phase impedances. A 
complete determination of the positive phase currents, 
therefore, is possible, and from these, the currents and 
voltages over the entire system may be obtained. 

Generalizing from the above, it may be seen that n 
simultaneous faults would be solved in a similar manner. 

Single-Pole Switching 

In the past there has been some discussion as'to the 
advisability of switching out one phase and retaining 
the two good phases when a ground occurs on one phase 
only of a three-phase system. When grounds occur at 
two separate and distinct points of the system but each 
involves, one conductor only, it may be desirable to 
investigate the possibility of simultaneous single-pole 
switching. 

When a conductor is disconnected from the system 
by opening the breakers at its terminals, the current 
in it and in the other two conductors and the three 
voltages to ground at the terminals of the line are the 
same as they would be if the conductor were open at 
one point only, provided there is no ground on the 
conductor and capacitance is negligible. For conve¬ 
nience, when a conductor is open at both ends it will be 
considered open at one point only, the point having 
any convenient location along the line. This will not 
change the ciurents in the conductors nor the voltages 
at the ends of the section under consideration. The 
voltage to ground of the open conductor, however, 
will depend upon the location of the opening. 

When one conductor of a three-phase transmission 
line is open tiie voltages to ground on the two sides of 
the opening in general will be different, and a voltage 
will exist across the opening. Fig. 9 represents three 
conductors a, h, and c with, conductor a open at point C. 
Let Co, Cfc, e« be the differences in voltage on the two sides 
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of the opening for conductors a, h, and c respectively, 
and ia, h and ic the line currents at point C. 

(a) conductor a open. 

Fault conditions: 66 = c* = 0, andi* = 0 
From (la), (10a)—(12a) 

*01 = — (*o 0 + t’os) 

Cal “ CaO ~ Ca2 


ing in parallel across the opening in the positive phase 
impedance diagram; and if two conductors are opened, 
by inserting the zero and negative phase series 
impedance circuits in series. This is seen by adding 
(58) and (59) and substituting (52) and (53) in the sum, 
then transposing: 

(53) 6,1 = (6®) 

Zo + 22 


C 



»a 

1 1” 

1 1 

ii- 

1 1 

kec-J 

ic , 

1 1 -- 

1 1 


Fig. 9—^Three-Phasb Line with One Conductor Open 
Showing Series Voltages Used in Analysis 

(b) conductor b open. 

Fault conditions: e, = 6 , = 0 , and it, = 0 


From (2a) and (10a)—(12a) 

*«1 ~ (o *o 0 ■f" o* ias) (54) 

«oi = a 6,0 = o* 6,2 (55) 

(c) conductor c open. 

By analogy from (b) 

*«1 — ~ (tt^ *o0 + d iai) (56) 

«,1 = a * 6,0 = a 6,2 ( 57 ) 


It is of interest to note that equations (52)—(57) are 
identical in form with the equations given in Table I, 
C for double line-to-ground faults. In a simila r manner 
it may be shown that when two conductors are opened 
the resulting equations between components of series 
volteges and between components of line currents will 
be identical in form with those given in Table I, A for 
single line-to-ground faults. 

Series VoUages and Series Impedances. It should be 
noted that e„ 6 , 0 , 6 ,i and 6 ,j are series voltages. Due 
to the opening, a series voltage, 6 ,c, appears in the zero 
phase network at point C and a line ciurent, z,o, which 
meets a series impedance Zo. Likewise the series volt- 
age, 6 , 2 , appears in the negative phase network at C and 
a line eurr^t, ios, which meets the series impedance zg. 
Expr^sed in equations: 

. CaO 



(59) 


and when two conductors are open, by analogy from a 
single line-to-ground fault, it follows that 

®ol = (2o + Zs) ial (61) 

Single-Pole Smtching on Two Circuits Simultaneously. 
The relations between the components of line current 
and the components of series voltages at a point where 
a conductor is open are independent of the rest of the 
system. These relations are given in equations (52)— 
(57) for conductors a, b, and c. By substituting a, 
j 8 and y for o, b, and c respectively, the relations exist¬ 
ing at a second point of opening are obtained. 

In both the zero and negative phase networks there 
will be two series voltages introduced by the opening. 
If the zero and negative phase networks are reduced to 
their simplest form consisting of three branches each, 
as shown in Figs. 10a and 10b, the identity of the 
lines in which the conductors are open being preserved, 
equations connecting components of current and voltage 
may be written thus 


6,0 = 2,0 (Co -|- So) -|- 2,0^0 (52) 

6,0 = 2,0 So +2,0 (do + So) (53) 

6,2 = 2,2 (C 2 + So) + 2,0 62 (54) 

6,2 = 2,2 82 +2,0 (do + S2) (55) 


It is seen that equations (62)—(65) have the same form 
as (5), ( 6 ), (10), and ( 11 ), and since equations (52)— 
(57) have the same form as the wiuations of Table I, 



Fig. 10a—Zero Phase Sequence Series Equivalent Cir¬ 
cuit FOR Two Lines with Conductors Open at Two Points 

Fig. 10b—Negative Phase Sequence Series Equivalent 
Circuit for two Lines with Conductors Open at Two Points 


where Zo and Zo are the series impedances for the zero 
and negative phase networks respectively, viewed from 
the, point C. 

Single-Pole Switching on One Circuit. It has been 
shown* that the effect on the positive phase currents 
and wltages of the S 3 ^em of opening a single conductor 
may be reprraented by inserting the zero and negative, 
phase series impedance circuits viewed from the open- 


C for double line-to-ground faults, it follows by analogy 
from the work on .simultaneous faults that the positive 
smes voltages 6 ,i and 6 „i at points C and D respec¬ 
tively, when one conductor is open at each point may 
be expressed in terms of the positive phase line currents 
2,1 and 2 ’„i thus: 

e«i = k' ial + m' 2,1 ( 66 ) 

= 12 ' 2 ,i + Z' 2 „j (67) 
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where k', I', m' and n' are functions of Co, do, So, c^, di 
and Si, the branches of the simplified circuits represent¬ 
ing the zero and negative phase networks, and are 
given in Table II, G if k', I', m' and n' are substituted 
for k, I, m, n and Co, do, So, cs, di and Si for Co, Do, So, 
Ci, Di and Si respectively. 

Equivalent Circuits Replacing Openings in Two 
Transmission Lines in Positive Phase System. The 
effect of an opening in a conductor in the positive phase 
system is to introduce a series voltage opposing the 
fiow of line current. When there are two openings, two 
series voltages will be introduced, one at each opening, 
the relations between these series voltages and the line 
currents being given by equations (66) and (67). 
Equivalent circuits may replace the two openings just 
as they may replace the two simultaneous faults, but 
since these equivalent circuits are to be inserted in 
series with the lines in which the conductors are open 
they will depend upon the end connections of the lines. 

’'Nhsn the lines are bussed at one end, and m' and n' 
are equal, an equivalent Y having the branch 
impedances k' — m', V — m' and m' may be insffli;ed by 
opening the lines at the common point and connecting 
the branch k' — m' to the line in which the opening, 
occurs at C, the branch V — m' to the line with the 
opening at D and the branch m' to the common point. 
When m' and n' are not equal the general equivalent 
circuit or the approximate equivalent circuit may be 
inserted in the same manner. These circuits may be 
obtained from Figs. 4 and 5 if ife, i, m, n, lai and are 
replaced by k', V, m', n', iai and iau respectively. 

When the lines are not bussed at dther end the 
positive currents may be determined analytically as 
under two simultaneous faults, remembering that the 
voltages at C and D are series voltages and the currents 
are line currents. In the special case where m' and n' 
^e equal the openings in the two conductors may be 
replaced by a foTir terminal mesh network similar to 
that shown in Fig. 17 b, Appendix C. If terminals 1 
and 2 are conpected across the opening at point C and 3 
and 4 across the opening at point D, the impedances of 
the six branches may be determined from equations (Ic) 
Za, Zb and Zab being replaced by k', I', and m' 
respectively. 

■^en the lines are bussed at both ends a single 
impedance may replace the lines with the openings in 
the positive phase system. Fig. 11. 

Equivalent circuit replacing in the positive phase system 
two lines bussed at both ends each having one conductor 
open. Let the lines with the openings at C and D, hav¬ 
ing positive phase impedances betwe^ terminals Zc 
and Zd, respectively, be bussed at points R and T. Let 
the sum of the currents entering the lines at R and 
leaving them at T be I„ and let V, and Vt be the volt¬ 
ages at R and T, respectively. Fig. llA. 

Then 

( 68 ) 


Vr- V. 

ial + *al 


= equivalent impedances 


(69) 


Vr — Vi = Zeial + Cal (70) 

Vr— Vt = Zdial + S„i (71) 

Substituting (66) and (67) in (70) and (71), respectively, 
Vr — Vt = (Ze + k') ial + Ul' ial (72) 

Vr — Vt = n' ial + (.Zd + I') ial (73) 

Solving (72) and (73) for iai and iai 


ial 


Zd ~h I' — rn^ 

(Za -f- k') (Zd "l~ V) — rn' n' 


(Vr- Vt) 


(74) 


% al — 


Zc + k' — n' 


(Za + *0 (Zd + V) - m' n 


7 (Vr-Vt) 


(75) 


Adding (74) and (75) and substituting in (69) 

_ (■^e + feQ (^d + I') — m' n' 
~ Za + Zd-\-k’ ^ I'-m'- n' 


Equation (76) gives the equivalent impedance, Zrt, 
which replaces the two lines bussed at both ends each 
having one conductor open. Fig. llB. 


1—GO—I 

eai 




Ui 


. ^«l 0 , 

I—' 

i«i 






Fia. 11a and Pig. 11b—Positive Phase Sequence 
Equivalent Circuits Replacing Two Lines Bussed at Both 
Ends, Each Having One Conductor Open 


Short-Circuit and Stabiuty Problems 

Methods have been given for determining the cur¬ 
rents and voltages in all parts of the system during 
simultaneous faults when there are any number of 
connected machines. For practical problans it is not 
ordinarily required to know the exact currents and 
voltages in all parts of the system 

For short-circuit studies when a high degree of pre¬ 
cision is not required, resistance and capacitance are 
neglected, and all generated voltages are assumed equal 
and in phase. 

In stability studies one equivalent machine is often 
used to replace several machines or groups of machines, 
so that the number of machines involved in the calcu¬ 
lations is small. It is necessary to know the generated 
voltages on all machines or equivalent machines in 
order to calculate the power which each sends out or 
receives, but it is not required to know the currents if 
power is calculated from voltages, angular displace¬ 
ments, and impedances. In order to determine the 
stability’'-8 of a system during transient conditions the 
transfer* impedance between the various machines 
before, during, and after the disturbance mustbeknown, 


It = ial + ial 



932 


CLARKE: SIMULTANEOUS FAULTS ON THREE-PHASE SYSTEMS Transactions A. I. E. E. 


and also the driving point* impedance of each machine 
when resistance is taken into account. 

The way in which the analytical methods developed 
in the preceding part of the paper may be applied to 
actual problems is shown in the two examples given 
below. 

Problem!. Short-CircuitStvdy. Simultaneous double 
line-to-ground faults occur on two circuits; phases 
o and c are involved at point C, and phases b 
and c (|8 and 7 ) at point D. Find the currents in the 
six conductors in “per unit”* neglecting resistance and 
assuming no-load excitations on all synchronous 
machines. 

Fig. 12a gives the simplified positive phase diagram of 
the i^stem. Since the currents in the faulted lines are 
the only ones required, the rest of the system has been 
reduced to an equivalent generator viewed from H, 
with transient reactance Xa = 0.34 and excitation 
Eai = 1.00. Negative phase impedances are taken 
equal to positive phase impedances. Fig. 12c. The 
zero phase impedance between C and the zero potential 
point, iS, is 0.904 and between D and S is 1.80, and there 
is no mutual between the two circuits. Fig. 12 b. 

Since the zero and negative phase diagrams are • 
already in simplest form the impedances of the branches 
of the Y's may be tabulated: 

So = 0 Co = y 0.904 Do = j 1.80 

Sz = j 0.34 C2 = y 1.06 Di^j 0.75 

Substituting these branch impedances in Table II, 
G ( 6 ), k, I, m and n will be calculated. 

■2^25 = y 1.06 X y 0.34 -I- y i.o6 x y 0.75 
-t-yo.34 xyo.75 = - 1.41b 
Zbo = j 0.904 X y 1.80 = - 1.627 
Zed, = y 1.964 X y 2.55 -I- y 1.964 X y 0.34 
+ y 2.56 X y 0.34 = - 6.54 

3 So Sz — 0 

, - 1.410 X y 0.904 - 1.627 X i 1.40 

*-- - ) “'MS 


tUal x.w 

Ih =I«i+i’«i=y Q 34 ^ j 0.727“ y 1.067 

Vk = - O'0.34) X (-y 0.937) = 1. - 0.3186 = 0.681 

From (31) and (32) 

, __y 0.75 + y 0.66 - (0.0732 - y 0.0423) 

i oi - 3 0.937 y g QQg 

= 0.022 - y 0.439 

r . y 1-06 + y 0.543 - (- 0.0732 - j 0.0423) 

/«. = - J 0.937 

= - 0.022 - y 0.498 
From equations (22) and (23) 

Vai = 0.681 - (0.0221 - y 0.439) (J 1-06) 

= 0.216 - y 0.023 

Vai = 0.681 - (- 0.0221 - y 0.498) O' 0.76) 

= 0.308 + y 0.016 
From Table I, C(b) and C(a) 

Vao = o* Vai = - 0.128 - y 0.1765 
Vaz =aVai = ^ 0.088 -f y 0.1985 
Veco = y«2 = y„i = 0.308 + j .016 



(0.75 Co* 10.904 


0o-jl.80 C 2 =i 1.06 



Fig. 12 

A— Positive Phase Sequence Diagram for Problem T 
B—Equivalent Y for Zero Phase Sequence Diagram 
C —Equivalent Y for Negative Phase Sequence Diagram 


- y 0.543 From Fig. 12 b and equations (5) and (6) 


, - 1.410 X y 1.80 - 1.627 X i 1.09 

^-^ 6:54 - = 3 0-660 


r y aii 

^“0 — y 0^904 ~ 0.194 3 0.142 


o* X y 0.34 X (- 1.627) 

- 6.54 

a Xj 0.34 X (- 1.627) 

- 6.54 


= 0.0732 - y 0.0423 


T 'an 

•= - yi^ = - 0.009 -f y0.171 

From Fig. 12c and equations (12) and (13) 

T _ / A AOO t -• A ^ AA..V ^ 1.09 


= - 0.0732 - y 0.0423 7„2 = - (- 0.088 -|-y 0.1985) 


In the positive phase diagram the equivalent circuit 
for two unloaded feeders radiating from the same point 
H, may be xised and Zhg calculated from equation (33). 

2 ^ C?' 1.06 + y 0.543) Q- 0.75 -H j 0.660) -h Q.QQ? 

• y 1.06 H-y 0.543 -fy 0.75-fy 0.660 -fy 0.846 

- 2.253 


yo.34 


+ (0.308 -h y 0.016) = - 0.150 - j 0.142 


Ia2 = - (- 0.088 -t-y 0.1985) 


73.097 “ 3 0.727 - (0.308 -f-y 0.016) = 0.032 + y 


y 0.34 
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Substituting the component currents in equations (la) 
—(3a), the line currents are determined. 

la = 0.066 - j 0.723 

Ij = 0 

Ic = 0.515 -H j 0.298 

la = 0 

=- 0.729 -f j 0.303 
Iy= 0.701 -1-j 0.210 

If the approximate equivalent circuit. Fig. 5, is used 
in the positive phase diagram. Pig. 13 would result. 


Ea-IJ» 



6 

Fig. 13—^Approximate Positive Phase Sequence Diagram 
FOR Problem I 

From Fig. 13, h = - j 0.935, J«i - - i 0.438, 
lai — — j 0.497. These values check those obtained 
by the exact method very closely, and the line currents 
calculated by using the approximate eqmvalent circuit 
would differ very little from those given above. 

Problem IJ. Transfer Impedances (for Stability 
Study). Find the transfer impedance between the 
generator G. and the equivalrait motor, M, in Pig.l4A 
with simultaneous line-to-ground faults at points C and 
P, conductor b being grounded at C and a at D. Find 
also the transfer impedance when conductors b and a 
are open. Reactances are given in per unit on the 
generator base. Transformers are A-Y, solidly grounded 
on the high sides. The four transmission lines are on 
double-circuit towers, which are not on the same right- 
of-way, and have light steel ground wires. Power is 
delivered at two points, B and E, to a system which has 
been replaced by an equivalent motor, M, and two 
impedances. 

The negative phase reactances of the system have 
been indicated on Fig. 14a when they differ from the 
positive phase values. The zero phase diagram has 
been constructed. Pig. 14b, using the average zero 
phase line and mutual reactances given in Appendix C. 

(a) Transfer impedance between G and M with 
fault on. The negative and zero diagrams reduced to 
equivalent F’s are shown in Figs. 14c and 14d, respec¬ 
tively. 

Tabulating the branch impedances of these equiva¬ 
lent P’s: 

Co = 3 0.175 Do = j 0.175 So = j 0.0066 

Ci = j 0.16 Pi = j 0.16 Si = 3 0.13 


Substituting these values in Table II, E(]o). 
k 0.4716 
I =y 0.4716 
m = - 0.1067 - 3 0.0683 
n = 0.1067 - 3 0.0683 

Generator 



Fig. 14 


A—Simplified System Diagram for Problem IIa 

B—Zero Phase Sequence Diagram 

C —Equivalent Y for Zero Phase Sequence Diagram 

D—Equivalent Y for Negative Phase Sequence 
Diagram 

E—Equivalent Positive Phase Sequence Diagram with' 
Lines and Faults Replaced by Equivalent Y 

The two faults wdth the lines upon which they occur 
may be replaced by an equivalent Y, Fig. 8b, having 
the branch impedances 

Zrp = 2 ~ 3 0.10 



934 


CLARKE: SIMULTANEOUS FAULTS ON THREE-PHASE SYSTEMS Transactions A. I. E. E. 


Ztp = 



= 3 0.40 


lines with the two open conductors may be obtained. 
Ze and Zd are the positive phase reactances of the two 
lines. 


- .16 X y.8066 -f- 2 X j 1.00 X (- 0.2063) 

" - 0.64 -I- 2 X 1.00 X j 1.080 

Inserting this equivalent Y in the positive phase 
diagram, Jig. 14 b is obtained, from which the transfer 
impedance, Zn, between Ei and Ei is readily determined 
Zii — j 1.052 

(b) Transfer imj>edanee berween G and M witK two 
conductors open. Figs. 15 a and B show the zero Jind 
negative phase networks respectively reduced to their 
simplest series impedance diagrams, the identity of 
the lines with the open conductors being preserved. 

If do, £> 0 . So> Ci, Di and Si are replaced by Co, do, So, 
Ci, di and Ss respectively, k', I', m' and n' may be calcu¬ 
lated from Table II, G(b). 







Pig. 15 

A—^Zbeo Phase Sequence Series Diagram for Problem Ilb 

B—^Negative Phase Sequence Series Diagram for 
Problem lib 

C Positive Phase Sequence Diagram with Lines 
Containing Open • Conductors Replaced bt Single 
Impedance 

Co = j 1.60 do = j 1.60 So = 3 0.90 

Ci = 3 1.00 di = 3 1.00 Si = 3' 0.2875 

•Z^oo =■ Co do -|- Co So -|- do So = — 5.44 
Zii = Co do -|- Co So “H do So = — 1.575 
Zeds = 3 2.60 X / 2.60 •+•; 2.60 X j 1.1875 
+ 3 2.60 X 3 1.1875 = - 12.935 
3 So So = 3 X y 0.90 X j 0,2875 = - 0.776 
Zed. + SSiSi=‘- 13.71 
=y 0.799 
I' = 3 0.799 
m' = 0.00.93 - 3 0.1086 
n’ = - 0.0093 - 3 0.1086 

Substituting these values of k', I', m', n' in equation 
(76) the value of the impedance, to replace the two 


Zc = Zd = j 1.00 

_ 3 1.799 X 3 1.799 + 0.0119 
“ 3 3.598 + j 0.217 


= y 0.840 


If the impedance Zr. is inserted in the positive phase 
di ag ram to replace the two lines with two conductors 
open. Fig. 15c is obtained, from which the transfer 
impedance, Zn, between Ei and Ei may be calculated. 

Zii ~ 0.798 
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Appendix A 


Fundamental Symmetrical Component Equations:^ 


where 
o = — 


o* = - 


la = lad + lal + I a2 

(la) 

Ih = lad + Ia\ + ^2 

(2a) 

Ic = lad + 0, lal + Ia2 

(3a) 

Va = VoO + Vol + Va2 

(4a) 

Vh = VoO H" Val + ft Vo2 

(5a) 

Vc = VaO + ft Val + ft* Va2 

(6a) 

laO = g (la + Ib + le) 

(7a) 

lal = g (la + ft + ft* Ic) 

(8a) 

^ 1 


Ia2 — g (/a “1" ft* //> + ft Ic) 

(9a) 

1 


Vad — g (Vo + V(, + Vc) 

aoa) 

1 


Val — g (Va + ft ^6 + ft* Vc) 

(11a) 

^a2 ~ g“ (V a + ft* + ft Vc) 

(12a) 

- -hy = 1.00/120° 

(13a) 


- j ^ = 1.00 7240° = 1.00 /- 120° 


(14a) 
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Notation 

la, Ib and le are the three line currents at any point 
of the system. 

Va, Vb and Vc are the three voltages to ground at-any 
point of the system. 

lau Ibi and Joi are the positive phase sequence currents 
in the three conductors. By defini¬ 
tion these currents are equal in magni¬ 
tude and J«i leads Im by 120 deg. and 
/cl by 240 deg. 

Iai, Ibi and Id are the negative phase sequence cur¬ 
rents in the three conductors. By 
definition these currents are equal in 
magnitude and lai leads J«s by 120 
deg. and Id by 240 deg. 

loo, Ibo and /«o are the zero phase sequence curraits in 
the three conductors. By definition 
these currents are equal in magnitude 
and in phase. 

Notation for components of voltage corresponds to that 
for components of currents. 

Appendix B 

Relations Between the Components op Current 

AND OP Voltage at a Single Fault por Various 
Types op Fault 

Let la, Ib and I, be the currents flowing into the fault 
from lines a, b and c respectively, and Va, F& and V, 
the voltages to ground of phases a, b and c respectively, 
all at point of fault, C. 

When a ground occurs on a three-phase system the 
conductorEi which become grounded have zero voltage 
to ground and the conductors which are not involved 
have zero current flowing into the fault. When the 
fault is between cond.uctors and not to ground, voltages 
to ground on the faulted conductors are equal and the 
sum of the currents flowing into the fault is zero. Thus 
three equations may be written in terms of actual cur¬ 
rents or voltages, which when used wdth the funda¬ 
mental equations (la)—(12a) of Appendix A permit 
zero and negative phase currents and voltages to ' be 
expressed in terms of positive phase currents and volt¬ 
age, respectively. 

In these fundamental equations phase o is taken as 
reference phase, and the currents and voltages of phases 
6 and c are expressed in terms of the symmetrical 
components of phase a. 

Negative and zero phase voltages and currents wall be 
expressed in terms of positive phase voltages and cur¬ 
rents respectively for typical fault conditions. 

A. lAne-to-ground FmU. 

Fault on phase b, Fig. 16 a 

Fault conditions: la = /« = 0 and Vb = 0. 

From (5a): Vai = — (o Voo + o* Vas) 


From (7a), (8a) and (9a): 


lab — 


alb 


3 


, Ial Q , Iai 


a* Ib 


lab = laX or O lab - lal 

and lai = G /oi or a* lai = lai 

B. lAne-to-Line FavMs. 

Fault on phases a and b, Fig. 16 b 
F ault conditions: I, = 0, /» = — /» and Va = V». 
BYom (7a): lab = 0 

la (1 - a) 

From (8a): lai = -g- 

la (1 - G*) 

Prom (9a): lai = - n - 


.*. lai = 


1-aV 
1- a 


lal = - a* lal or - a lai = lal 




1 





Fig. 16 


A —Currents Flowing Into Single Linb-to-Grounu Fault 

B —Currents Flowing Into Linb-to-Linb Fault 

C—Currents Flowing Into Double Linb-to- Ground 
Fault 


From (4a) and (Sa): 

Va - Vj = (1 - G») Val + (1 - G) Vai = 0 
Vai = - J —" Vox = G* Val or Vox = G Vai 


C. Double Line-to-Ground FauU. 

Fault on phases a and c. Fig. 16c 

Fault conditions: V« = V« = 0 and h — 0. 

Prom (2a) Ib = /«o + g^ lai + o loa = 0 

lal = “ (G JoO H" G* lai) 

Prom (10a), (11a), (12a): 


V.0 



Vi 

3 


VoO = G* Vox or Vox = G VoO 

and Voa = G V«i or V«i = o* Vai 
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jD. Three-Phase FauU. 

(a) Conductors not grounded. 

Fault conditions: Va = 'Vb = yc and Ia+Ib+Ic=0 
From (7a): lao = 0 
From (11a): Voi = 0 
From (12a): Vai = 0 

(b) Conductors grounded. 

Fault conditions: Va = Vb = Ve = 0 
From (10a): Vao = .0 
From (11a): Vai = 0 
From (12a): Vai = 0 

Appendix C 

Zero Phase Equivalent Circuits for Two Parallel 
Transmission Lines 

It will be assumed that the conductors of all circuits 
are completely transposed, so that the same impedance 
is offered to zero phase currents by each of the three 
conductors of any circuit. 

_j_ UmA_ 2 

"V 

. _Uiw B 


A 



A — ^PARAiiBL Transmission Lines Having Impedance 
AND Zb AND Mutual Zab 

B—Equivalent Circuit to Replace the Two Parallel 
Lines Between Terminals I, 2, 3 and 4 

C—^Equivalent Circuit to Replace Two Parallel Lines 
Bussed at One End but Not at the Other 

1 . Two Parallel Transmission Lines. 

(ffl) General Case. Any two parallel transmission 
lines or portions of paraUel transmission lines having 
impedances Za and Zb and mutual reactance, Zab, 
betwe^ them may be r€5)laced at thdr terminals by 
an equivalent dreuit consisting of a six-branch network 
directly connecting the four terminals.^ If 1 and 2 
are the t^minals of line A, and 8 and 4 the terminals 
of line B, see Fig. 17, then the six impedances of the 
•equivalent circuit are: 

•7 _ ^b — Zab^ 

■"1® 7 — impedance between points 1 

" and 2. 


Zn = ■1^24 = 


Za Zb — 


Z 


ah 


=impedance between points 
1 and 3 and between 
points 2 and 4. 


Zu = ZiS = — 


Za Zb — Zab^ 


J ah 


= impedance between 
points 1 and 4 and 
between points 2 
and 3. 


(Ic) 


Equations, (Ic), were derived by analogy from simi¬ 
lar equations for the equivalent circuit of a two winding 
transformer given by Mr. George A. Campbell in 
“Cisoidal Oscillations,” p. 890, Proc. A. I. E. E., 1911. 

(6) Two Lines bussed at both ends. If two parallel 
lines are bussed at both ends the equivalent circuit of 
Fig. 17b reduces to a single impedance branch where 


_I_ Zg Zb — Zgl? 

I _j_ I _|_ I _j_ 1 ■ Zg Zb — 2, Zab 

Z\i Zu Zn Zu 


If Za = Zb 


Za = 


Za -i- Z, 


ah 


(2c) 

(3c) 


Neglecting Resistance 
X, = 


Xo -t- Xab 


(4c) 


(c) Two Lines bussed at one end but not at the other. 
If the lines are bussed so that points 1 and 3 are together 
Pig. 17b becomes a A connecting points 1, 2 and 4, 
which may be converted into a Y, Fig. 17c having 
branch impedances Zi, Zi and Z 4 where 



(Sc) 


This case may be extended to include parallel lines 
which are bussed through unequal impedances. On the 
zero phase diagram of an actual system which includes 
two parallel lines it is usually possible to find a point 
where the parallel lines are bussed at one end or the 
other through impedances. Such a point may be the 
ground or any branch point of the system, or it may be 
obtained by A-Y or Y-a transformations. 

If the impedance from the branch point 5 to the termi- 
i^s 1 and 3 of the lines A and B are X. and Zg respec¬ 
tively, an equivalent Y may be used between points 5, 
2 and 4, having the branch impedances Zi, Zi and Z 4 , 
where 

Zi = Zab 

Zi=Za+Za- Zab 


Za Zb — 


<^34 




- imp^^ce between points 3 These above relations follow directly from (17c) 

if Za and are the impedances from the junction point 
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and therefore include the extmial impedances Z* and 

Mutual Reactance Between Two Parallel 
Transmission Lines 

From, (4c) 

Xai = 2X.-Xa (6c) 

Equation (6c) gives the mutual reactance Xat in terms 
of Xa, the reactance of one line alone, and X, the 
reactance of the two lines in parallel. Xab may be 
expressed in terms of Xi, the positive phase reactance 
of one line, by substituting for Xa and X, their values 
in terms of Xi. 

For lines without grotmd wires or with light steel 
^ound wires.'' 

If X„ = 3.6 Xi and X. = 2.5 Xx then 
X.^ = 1.5 Xi 

For heavy copper ground wires. 

If X„ = 2 Xi and X, = 1.5 Xi then 
Xat = Xi 

These approximate values for mutual reactance may 
be used in determining zero phase equivalent circuits 
for two parallel transmission lines when extreme 
accuracy is not required. 

Appendix D 

Relations Between Positive Phase Components 
OP Voltage at the Faults and Positive Phase 
Currents Flowing Into the Faults for 
Two Simultaneous Faults 
Table I expresses negative and zero phase voltages 
at the point of fault, and currents flowing into the fault 
in terms of the positive phase voltage at the fault and 
the positive phase cmrent into the fault when grounds 
occur on one or more of the three conductors of a three- 
phase system, taking phase a as reference phase. 
Similar relations for a second point of fault are obtained 
by substituting a, 0, y for o, b, and c in Table I. These 
two sets of relations from Table I substituted in combi¬ 
nations of equations (S)—(14) allow Vai and Vai to 
be expressed in terms of and I«i. 

Case E. Single lAne-to-Ground Faults at Two Points. 

(a) corresponding phases a and a. 

Adding equations (5) and (10) and (6) and (11) and 
substituting froin Table I, A (a): 

Vai = (Co + 5o + Ca -h Si) lal + (So + Si) lal (Id) 
Vai = (So + Si) Jal (Do -f- H- jD 2 •+• Si) lal (2d) 

(b) Phases b and a. 

Multiplying equations (5) by a and equation (10) 


by a* and adding: adding equations (6) and (11); substi¬ 
tuting from Table I, A (b) and A (a): 

Vai = (Co -f- <So -|- "I" Si) lal "h (tt iSo + tt* Si) lal 

(3d) 

Vai == (ffl® So a Si) lal + (Do -|- So -|- Di Si) lal 

(4d) 


(c) Phases c and a. 

Multiplying equation (5) by a* and equation (10) 
by a and adding; adding equations (6) and (11); sub¬ 
stituting from Table I, A (c) and A (a): 

Vol = (Co + So -|- Co Si) lal + (®* So -H tt Si) lal 

(5d) 

Vai = (o So -t- o® Si) lal + (Do -|- So Di -f- Si) lal 

(6d) 

Case F. lAne-to-IAne FauMs at Two Points. 


(a) Corresponding phases 6 , c and /3, 7 . 

Replacing negative phase currents and voltages in 

equations ( 10 ) and ( 11 ) by their values in terms of 
positive phase currents and voltages from Table I, 
B(a): 

Vol = (Ci -|- Si) lal + Si lal (7d) 

Vai = Si lal "l“ (Di -j- Si) lal (6d) 

(b) Phases a, c and jS, 7 . 

Substituting, from Table I, B (b) and B (a) in equa¬ 
tion ( 10 ) multiplied by a®, and in equation ( 11 ): 

Vol = (Ci -j- Si) lal a^ Si lal (6d) 

Vai = a Si lal -|- (Di -f- Si) lal ' (lOd) 

(c) Phases a, b and jS, 7. 

Substituting for Table I, B (c) and B (a) in equation 
( 10 ) multiplied by a, and in equation ( 11 ): 

Vol = (Ci -|- Si) lal + a Si lal (Ild) 

Vai = a® Si lal + (Di Si) lal (I2d) 

Case G. Double lAne-to-Ground Faults ai Two Points. 

(a) Corresponding phases 6 , c and 7 . 

Adding equations (7) and (12), and ( 8 ).and (13), 
and substituting from Table I, C (a). 


hi 



Do + Sq 

D2 + 82^ 

1 V 


1 

0 

Zii ' 

' ^“'VZoo' 

^ Zii) 


lal 


-Val( 


i H 

I-—Wv i 


^ Z 22 


/ Co + jSo 

C2-t-52' 

r 

0 

0 

^ ^22 ' 


(13d) 
) 


(14d) 

Expressing Voi and V.i in terms of*Ioi and lai by 
solving equations (13d) and (14d) and making use of 
equations (9) and (14): 


y _ _ [Zii (Co So) -j- Zoo (Cj -j- iSg)] lal [^22 So -H Zoo Ial 

(Co + C 2 ) (Do -f- Di) -j- (Co -|- Ci) (So *+• Si) -|- (Do -h Di) (So -t" Si) 

y _ [Zii So -|- Zoo iSo] Igl + [Zii (Do + So) -h Zoo (Do + 1 S 12 )] lal 

(Co + Ci) (Do -|- Di) (Co + Ci) (So -h Si) -)- (Do + Di) (So -1- Si) 


(ISd) 

(16d) 
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= V<.i( 


/ Do + So 

. D2 + S2 \ /a So 

O^SaX 

^ Zoo 

*■ ^aa / Zoo ^ 



Ko = V 




' Z'OO ^22 ^ ' 


/ Co + So 

C2 + S2 

' ^00 

^ ^aa 


(17d) 

) 


y.* = V 


(18d) 


Co + 5 „ 

C 2 + S 2 


at 


Co -h ^fo 

^42 

— I eel re I q (29d) 


Solving (17d) and (18d) for V^i and y„i, remembering Substituting (28d) and (29d) in (27d), and replacing 
that a X a* = 1 and a -h a® = — 1: Zoo and Za by their values given in (9) and (14): 


V.i = 


[Z22 (Co + So) "t" ^00 (C2 + Sa)] lal “I" (® So Z22 -t" tt® Si Zoo) lal 
(Co + C2) (Do + D2) + (Co + Ci) (So + S2).+ (Do + Di) (So + S2) + 3 S„"^ 

y __ __ J?Q Z22 -j- Of S2 Z qq) lal + [^22 (^0 + 5 o) + Zqq (D^ + Sa)] /«l 

“ (Co + Ci) (Do •+ Di) + (Co + Ci) (So + Si) + (Do + Di) (So + Si) -|- 3 S„ So ~ 


(c) Phases a, b, and y. 

This case may be solved by analogy from (b), a 
replacing a*, and replacing a in equations (19d) 
and (20d). 

Cose H. Three-Phase FaviUs at Two PoiiUs. 

From Table I, D. . 

y«i = 0 ( 21 d) 

Vai = 0 ( 22 d) 

Case I. L/me-to-Line Fault at C and Single Dine-to- 

Ground Fault at D. 

(a) Phases 6, c and a. 

Substituting from Table I, B (a) and A (a) in equa¬ 
tions (10) and in (6) plus (11) 

^ 01 = lal (Ci Si) — lal Si ( 23 d) 

Vai = - lal S2 ■+ J„i (Do -I- So -H Da -h S2) ( 24 d) 

(b) Phases a, c and a. 

Substituting from Table I, B (b) and A (a) in equa¬ 
tion (10) multiplied by o®, and in equation (6) plus (11): 

^ 01 = lal (Ci -I- S 2 ) — lal a* Si (2Sd) 

y«i = — aSilai -h lal (Do + So -h Di -h Si) (26d) 

(c) Phases a, b, and a. 

By analogy from (b) replacing a by a*, mid o* by q. 

Case J. Double.Une-to-Ground Fault at C, Single Line- 
to-Greund FauU at D. 

(a) Phases 6, c and a. 

Addmg equations (7) and (12) and substituting from 
Table I, C (a): 

'Do-f-So . Da-fSa 


lai Vai ( cfo Ca + Si ) 

“*■ \ Co + So Cs + Si ) 

Transposing (30d) 

„ (Co-f So) (Ca + Sa) _ 

Co + So -f- Ca -I- Sa 

So (Ca + Sa) -I - Sa (Co -(- So) 

Co -I- So -I- Ca + Sa ' 

Adding equations (28d) and (29d), and replacing 
(Vao + Vaa) by - Vai from Table I, A (a) and Vai 
by its value from (31d) 

y _ _ So (Ci -h Sa) -j- Sa (Co -|- So) 

Co -t- So -I- Ca +'Sa 

(32d) 

(b) Phases a, e and a. 

Multiplying equation (7) by a, equation (12) by a®; 
adding and substituting from Table I, C (b): 


Ial = Val{ 


Do -f- So , Da -t- Sa 


-'OO 


+■ 


J22 


) 


lal 


=‘Val(- 


^00 


^22 


‘-)~y 


So 

aO—-V 
-/oo 


Ji 

eei ^ 


22 

(27d) 


tt ^0 S9 

PM) 

From equations (8) and (13) and Table I, C (b) and 
A (a) 
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T7 T7 

So 

j . Zoo 

(34d) 

Adding (6) and (11), replacing lan and 1.2 by their 
values given in (44d) and (45d), and substituting from 
Table I, A (a) and simplifying: 

V aO “ a\ 

Co + So 

~ Co + So 

V „2 = a Val 

S2 

- Z22 

(35d) 

T, / . Co So . . C 2 S 2 \ y /,/. IS 

C2 4 * S2 

C 2 -I-S 2 

y.i = (i>o+ C 2 + S 2 


Substituting (34d) and (35d) in (33d) and transposing: 

(C, + go) (Ca + .g^) 

y al — 

Co *1“ iUO ”r O2 "T W2 


y,o = 0 (47d) 

Bibliography 


ciiSo (Ci “t” Si) -|- 0/^ Si (Co H” go) 


(36d) 


Co + go + Cs + Si 

Adding (34d) and (3Sd), replacing (V^o + Vai) by 
- y„i from Table I, A (a) and y*! by its value from 
(36d); 

So (C2 ~b Si) H~ g 2 (Co -|- So) 

Co+So + Ci+Si 


Val = - 


■ + (-Do + Di So Si — 


Si? So Si gp^ \ 
Co “ 1 “ go "H Cj -f- Si ^ 


(37d) 

(c) Phases o, & and a. 

By analogy from (36d) and (37d) replacing a by a\ 
and a® by a. 

Case K. Three-Phase FavM at C and Single Line-to- 
Ground Fault at D,. 

(a) Three-phase fault not involving ground. 
Substituting Jao = 0 from Table l,p (a) in equations 


(5) and (6), and Vaz = 0 in equation (10): 


T^aO ” laoSo 

(38d) 

— V aO = laO (Do -h So) 

(39d) 

I - I 

i.2 - ■‘“*C2 + S2 

(40d) 

Substituting (40d) in (11) and simplifying 


( \ 

(41d) 

- C,+S, > 



adding (39d) and (41d) and substituting from Table I, 
A (a): 

. y.i - lai {Do+So + Di-^ C^i + Si ) 


Prom Table I, D. 

• Val = 0 (43d) 

(b) Three-phase fault involving ground. 
Substituting Vao = 0, and Va 2 - 0 from Table I, 
D (b) in (5) and (10) and expressing lao and Ja 2 in 
terms of J«o and 7«2- 


I aQ — 


— laO 


So 

Co + So 


(44d) 



^2 

Ci + S 2 


(4Sd) 
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Discussion 

M* MacFerran: Miss Clarke’s paper is of great practical 
value because, as is pointed out in the introduction, simultaneous- 
faults do occur quite frequently especially when multicircuit 
tower lines are in use. For example, on the system of the South¬ 
ern California Edison Co., Ltd., there are many tower lines 
carrying from two to twelve circuits, and there have been several 
oases in which trouble on such multicircuit structures has in¬ 
volved two lines going to entirely different parts of the system. 
Another very interesting case of simultaneous faulting occurred 
at a substation which was being operated with buses seotion- 
alized,' one section being on one major station,, the other on 
another. Trouble originating on one bus spread to the other, 
thus producing a condition quite similar to that covered by the 
numerical example in the paper. 

Prom the standpoint of one who is faced with the task of 
calculating simultaneous faults, the outstanding features of 
Miss Clarke’s paper are first, the derivation of the values of 
k, I, m, and n for aU conceivable combinations of faults; and 
second, the development of the approximate equivalent fault 
wye which can be used with a high degree of accuracy even 
when m is not equal to n* These two features make it possible 
to work out the complete story of any type of simultaneous 
fault in a quite reasonable length of time, and therefore enable 
one to give due attention to such faults in setting relays or 
analyzing their performance. This in turn represents an 
important step forward in protection engineering. 

H. W. Bibbers While Miss Clarke’s paper deals very exhaust 
tively with problems involving simultaneous faults as they are 
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met in cases ol greatest practical importance,— i. e., where one 
fault is on one circuit and another is on a different circuit of 
the same grounded system—^it seems possible that there may be 
oases where a solution is desired for simultaneous faults on an 
ungrounded system. 

Perhaps because ungrounded systems are more common in 
Europe, the special case df simultaneous faults on a single- 
circuit line of an isolated neutral system has been treated to a 
limited extent in the European technical press,* but Miss Clarke 
has presented a much more general method which can be extended 
to cover such a special ease. 

Employing methods similar in nature to those which Miss 
Clarke uses for simultaneous faults on grounded systems, to 
solve for currents and voltages in isolated neutral systems gives 
interesting results. 

On an isolated system, it is obvious that both of two simul¬ 
taneous faults must involve ground or there will be no zero phase 
currents. 

The equivalent circuit for the zero phase system if both faults 
involve ground will be a simple loop which will usually be easily 
obtainable by calculation. Should complication of the network 
make the use of a calculating table advisable, only one reading 
is necessary, that to determine (Co + Bo), following Miss 
Clarke’s nomenclature. 

The signiffeant fact regarding the zero phase sequence cur¬ 
rents at the fault points in an isolated system, is that one is the 
negative of the other. Since the zero phase circuit is a simple 
loop there will be a single independent voltage equation that 
can be written. The two relations to be noted are therefore, 
(cf. equations (7) and (8). 


T — ^ Fgo 

“ Co + Do 

As far as the negative phase system is concerned, the grounding 
of the system is immaterial, so that an equivalent Y can be 
obtained for the isolated system as described by Miss Clarke. 
Equations (10) to (14) inclusive of her paper hold for this ease. 

As she has shown, there will be six equations connecting the 
components of current and fche components of voltage to ground 
at the fault points, and in addition to the two equations connect¬ 
ing negative phase currents and voltages, such as (12) and (13), 
there are the two equations connecting the zero phase currents 
and voltages I have previously given. This provides ten 
simultaneous equations so that eight unknowns can be elimi¬ 
nated and the positive components of current, lai and lai may 
be expressed in terms of each other, the positive components of 
voltage, Vai 8>ud Veau ^^d the known zero and negative phase 
impedances. Here as in Miss Clarke’s paper, the ten equations 
are linear and we may write: 

lal = A 7al + B Vai 

lal “ Flai 

where A, B, and F depend on the branch impedances of the 
equivalent Y replacing the negative phase network (C© 4- D©), 
and the type of faults. Values of A, B and F, can be derived 
for faults which involve various combinations of conductors, 
and tabulated in a form similar to Table II of Miss Clarke’s 
paper. 

In the time that has been available I have not been able to 
find any simple general equivalent circuit which will replace the 
two simultaneous faults in the positive phase system. For the 
special cases of two unloaded feeders radiating from a single 
point and two lines bused at both ends I have worked out 
equivalent impedances to replace the faults. 


♦ Double Ground Faults on a Slngle-Olrcult Line Fed from Two Points 
In the Light of Symmetrical Components,” by G. Oberdorfer, Wissen- 
schafiliche Veroffentlichen aas dem Siemens—Konzem IX Band 1930 . 


For Other than the special eases mentioned, it is evident that 
the method of analytical solution described by Miss Clarke 
may be used for isolated systems, until such time as simple 
equivalent circuits may be brought forth. The two zero phase 
current and voltage relations I stated earlier as holding for the 
isolated neutral ease, are substituted for equations (15) and 
(16). There will then be (w-h 4) equations with (n -1-4) 
unknowns when there are n machines in the system, and a com¬ 
plete solution can be obtained. 

Although the ease of two simultaneous faults on a single-circuit 
line of a grounded system has not been specifically mentioned by 
Miss Clarke, it is evident that her general methods hold for 
such a case, as C and B are any points at all on a system. 

Viewed from the many different angles presented by different 
types of systems and fault conditions, it seems that Miss Clarke 
has pointed the way to the solution of almost any problem 
involving simultaneous faults that might arise. 

W. C. Hahn: The material in this paper will be needed for the 
general case of simultaneous faults or open circuits on three- 
phase systems. There are three special cases, however, where 
the procedure can be simplified in maldng use of either the 
a-c. or d-e. calculating table. These are the cases of simultaneous 
three-phase, line-to-line, or double line-to-ground faults occurring 
on the same phases. 

For simultaneous three-phase faxilts, of course, all that is 
necessary is to apply the several faults simultaneously on the 
usual set up. 

For the case of simultaneous line-to-line faults on the same 
phase, such as discussed in Case P, Appendix D, sub-head “a,” 
it is necessary to set up the positive and negative phase sequence 
diagrams simultaneously. Connections between the two net¬ 
works are made to join the corresponding fault positions. The 
short-circuit plug is then applied at the neutral point of the 
negative phase sequence set up. A little consideration will 
show that this satisfies all the conditions given in Table I, 
providing all the faults are between the same two phases of the 
system. 

The case of simultaneous double line-to-ground faults such 
as is given in Case G, Appendix D, sub-head “a,” can also be 
represented by setting up the positive, negative and zero phase 
sequence diagrams on the calculating table. In this ease connec¬ 
tions between the networks are made between corresponding 
fault positions in all three networks. 

It will be noted that these simplifications cannot be used for 
simultaneous line-to-ground faults, because in this case, it is 
necessary to insert, in the connection between the positive and 
zero sequence setup a negative phase sequence voltage corre¬ 
sponding to that fault. It may be possible to find an equivalent 
circuit for the negative phase sequence network, which will 
satisfy this condition, but it appears that such a procedure may 
be more complicated than following that given in the paper. 

It is also not feasible to use these simplifications for simul¬ 
taneous faults on different phases when using the d c. calculating 
table, because from Table I, it will appear that in at least one of 
the connections between the networks, a phase shift of 120 deg. 
must be introduced both in current and in voltage. While it 
is possible to produce the equivalent of this shift on the d-c. 
calculating table, by various recoimections of the networks, 
it is believed that the method outlined in the paper is simpler and 
occasions less confusion. 

H. L. Hazen: Until rather recently unsymmetrioal short 
circuits on power system networks have been unmanageable in 
any but the simplest cases. Each of the single unsymmetrioal 
faults, as Miss Clarke has pointed out, has previously been 
reduced to, an equivalent circuit, representing the fault, which 
can be applied to the ordinary poative phase sequence diagram, 
thus reducing the problem to the relatively simple study of a 
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balanced polyphase system. This brings it within the scope of 
calculating-table attack, rendering solutions practicable even 
with large and complicated networks. 

Miss Clarke in the present paper has extended this treatment 
to cover the much more complicated case of two simultaneous 
unsymmetrical faults, treating not only each of the various kinds 
of unsymmetrical faults but moat of the combinations in which 
these can occur; and, which is very important from the system 
engineer’s point of view, she has put it in a form well suited to 
calculating-table treatment. This she has done in a very clear 
and complete manner. 

As she has pointed out, either the d-c. calculating table or a-e. 
network analj^zer can be used for the calculations; the former 
where the relatively rough approximations involved in its use 
are satisfactory; the latter where the desire for more accurate 
results dictates the use of the a-c. device. The a-c. network 
analyzer of course enables one to deal with all qualities in com¬ 
plex form, to use actual values of individual generator excitations, 
and thus to obtain results which are a good approximation to 
the truth. 

In making calculating-table solutions of various sorts involv¬ 
ing equivalent circuits one not infrequently encounters the serious 
difficulty that the real portions of certain impedances are nega¬ 
tive. These impedances therefore are not physically realizable 
as such by any simple means. For practical purposes this limita¬ 
tion can be overcome with relative ease in the following way: 
insert in place of the unrealizable impedance element an adjust¬ 
able voltage which, in the alternating-current ease, is variable 
in botli phase and magnitude. With voltmeter, ammeter and 
wattmeter measure the voltage, current, and power of this 
element. By a cut-and-try method adjust this voltage until 
the desired vector relation V ^ IZ exists as shown by the 
instrument readings. Provided the network as a whole is 
dissipative—which must be the case where the equivalent cir¬ 
cuits are a representation of actual physical circuits—there is 
only one vector value of the inserted voltage which will satisfy 
this condition. Practically this process is not difficult to carry 


out, as has been demonstrated by its use on the M. I. T. Network 
Analyzer, and it removes what otherwise might be an embarrass¬ 
ing restriction upon certain calculating-table solutions. 

Edith Clarke : It is gratifying to learn from Miss Macferran’s 
discussion that an operating engineer has found the paper of 
practical value. 

Mr. H. W. Bibber by extending the methods of the paper to 
the case of simultaneous faults on ungrounded systems, has 
materially enlarged its scope. . 

Mr. W. C. Hahn in his discussion emphasizes the important 
fact that simultaneous Hne-to-line or double-line-to-ground 
faults on the same phases may be treated most simply as special 
oases. I am glad Mr. Hahn has brought out this point, for 
although the case of simultaneous double line-to-ground faults 
on the same phases has been covered as a special case in the 
paper, no reference to this was made in Table II where the 
constants 1, m and n are tabulated. 

Under the heading “Equivalent Y vs. Equivalent A” (page 927 
of the paper), it is shown that positive sequence currents and 
voltages at the fault points are satisfied if the zero and negative 
sequence networks are connected in parallel between the fault 
points of the positive sequence system, corresponding fault 
points in the three networks being connected, and also the 
points of zero potential for the three systems. 

In a similar manner from equations (7d) and (8d), by express¬ 
ing lai and lai in terms of Vai and Vai and replacing the im¬ 
pedances of the equivalent Y by the admittances of the equiva¬ 
lent A, a proof may be obtained of Mr. Hahn’s statement that 
simultaneous line-to-line faults on the same phases may be 
solved on the a-e. or d-c. calculating table by setting up the 
positive and negative sequence networks and joining correspond¬ 
ing fault points and points of zero potential in the two systems. 

It is interesting to note from Mr. Hazen’s discussion that 
circuits in which the real portions of certain impedances are 
negative (negative resistances) may now be represented on the 
M. I. T. Network Analyzer with the same degree of precision 
as the familiar positive resistances. 



Power Equipment at New KDKA Station 

BY B. L. DAVIS' 

Associate, A. I. E. E. 


T he new KDKA Station at Saxonburg, Pa., has 
been designed both for broadcasting and experi¬ 
mental work dealing with the development of 
large high-power transmitters. On this account the 
equipment is considerably larger than is found in any 
ordinary broadcasting station, the main rectifier being 
the largest high-voltage unit ever constructed for such 
use. The control and transfer features of the various 
power units are also considerably different than would 
be reqrrired for a conventional broadcasting transmitter, 
and designed not only with a view to safety and con¬ 
venience for normal operation, but to facilitate experi¬ 
mental work as well. 

The equipment and power apparatus has been laid, 
out to provide the necessary special power supplies 
to two complete and independent high-power broad¬ 
casting transmitters, one being operated normally at 
980 kilocycles, using the familiar signature of KDKA, 
while the other is planned for higher frequency work. 
Both of these equipments are designed to operate 
separately but for experimental purposes arrangements 
are made to operate either transmitter from the various 
power supplies of the other, thus providing the greatest 
variation possible in the range of power circuits as well 
as providing virtually duplicate equipment throughout 
for the main broadcasting transmitter. All of the 
power equipment, except transformers and reactors 
which are mounted outdoors, is arranged on the ground 
floor of the main station building, thus leaving the 
second floor entirely free for the radio apparatus and 
control boards. A view of the station b ui lding is shown 
inFig.l. 

To meet possible future requirements of bigh power 
transmitters which quite likely may employ tubes much 
larger than any now known, it was deemed necessary 
to provide a plate voltage supply of 900 kw. at 30 kv. 
of high-voltage direct-current energy for the standard 
broadcast transmitter. Similarly, the filament heating 
requirements, were set at 3,000 amperes, 40 volts, and 
the grid voltage supply at 3,000 volts direct current. 
In addition to the foregoing, a moderate amount of 
power at 10 to 15 kv. and still smaller amounts at 3 kv. 
and 400 volts are needed for the various intermediate 
amplifiers and the master oscillator. 

Because of the probable limitation of the high-fre¬ 
quency tubes it was not considered necessary to pro¬ 
vide as large a main plate power supply system for the 
short-wave transmitter and therefore the second rectifier 
unit was designed for only 450 kw. at 22 kv. However, 
since either plate supply system may be used with 

1. Wesfanghouse Eleotaio and Mfg. Co., Chicopee Falls, Mass. 
Presented at the Middle Eastern District Meeting of the 
A. I. E. E., Pittsburgh, Pa., March 11-lS, IBSl. 


either transmitter, the maximum plate power can also 
be used for any high-frequency experimental work that 
may require it. Approximately the same power sup¬ 
plies are needed for the intermediate amplifiers find 
master oscillator of both the high-frequency and the 
standard broadcast transmitter and therefore these 
were designed in duplicate to provide the greatest inter¬ 
changeability of equipment. Filament heating re¬ 
quirements for the high-frequency transmitter were set 
at 2,000 amperes. 

Since all high quality broadcasting equipment re¬ 
quired pure direct current for grid plate and filament 
supplies, and because all commercial power circuits are 
alternating current, it can readily be recognized that 
the problem of converting the normal three-phase 60- 
eycle supply to meet the special needs of broadcasting 
is one of greatest importance in radio station design. 

The two main rectifiers are of the polsiphase type and 
operate directly from the 2,300-volt three-phase station 



Fig. 1—Station Building 


supply. The 900-kw. rectifier employs six 190-kva. 
single-phase transformers to provide the proper voltage 
and phase relations for rectification into the desired 
direct-current energy. Each of these six rectifier plate 
transformers has double high-voltage windings and 
these are coimected to form four-stars, the branches of 
the stars being displaced in phase by special connections 
so as to produce twelve-phase rectification. E a c h of 
the stars is connected to multi-anode mercury cathode 
rectifier tubes and the direct current output of the four 
tubes is connected in series so that while the rectification 
takes place in three-phase units the result is the same as 
if a single high-voltage multi-anode tube of twelve 
phases were employed. Connecting four stars in series 
in this manner also requires only a moderate inverse 
peak voltage per tube in spite of the unusually high d-c. 
voltage developed and by keeping the inverse voltage 
well within the conservative upper limit for mercury 
vapor tubes, conditions most suitable for a long trouble- 
free life are obtained. So far no noticeable troubles due 
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to flashbacks and similar disturbances have been experi¬ 
enced with the tubes now in service at the new station. 

The smaller, or 450-kw. rectifier, is similar to the 
larger one except only three single-phase plate trans¬ 
formers giving six-phase rectification are employed, this 
being considered sufficient for the voltage and power 
desired. These plate transformers are each provided 
with four high-voltage windings and four stars are 
formed which are connected to a similar number of 
rectifier tubes, as in the case of the twelve-phase recti¬ 
fier, but only six-phase rectification is obtained as no 
effort was made to provide the special phase relations 
between the various stars as in the case of the larger 
unit. 


sides of the delta-connected bank, stable phase relations 
of the desired displacement can be obtained. Also, the 
windings are more nearly the same voltage so that only a 
slight excess kva. capacity and proper taps are required 
to make all six transformers exactly alike, which permits 
connection of a single unit into either star or delta 
groups, an important feature in providing for reserve or 
spare equipment. 

To smooth the rectifier output into pure continuous 
current, untuned filter circuits made up of large iron 
cored reactors and banks of high-voltage condensers are 
connected between the rectifier tubes and radio equip¬ 
ment. The rectifier plate transformers and filter reac¬ 
tors constitute quite a percentage of the total bulk of 



Connection of the transformer banks and associated 
apparatus for the main rectifiers is shown schematically 
in Fig. 2. Reference to this diagram indicates the 
spedaJ connections employed on the supply side of the 
plate transformers in the 900-kw. rectifier to provide 
the twelve-phase relations for the rectifier tubes. It 
might be thought that a simple star connection could be 
employed for three of the transformers to furnish the 
30-deg. phase displacement between the star and delta 
banks. However, consideration shows that star-star 
connections are particularly bad for rectifiers because 
of the floating neutral and should never be employed, 
but by canying tiie phase windings of the star across, 
like the medians of a triangle, and tying them into the 


power equipment and are mounted out-of-doors in the 
rear of the building, thereby saying considerably in its 
size and cost. Fig. 3 shows the arrangement of this 
apparatus within the enclosure at the rear of the main 
building. 

In order to control the d-c. voltage output developed 
by the rectifier, three-phase induction regulators are 
employed with which it is possible to vary the applied 
a-c. voltage from 0 to 4,600, the regulators being de¬ 
signed to give 100 per cent range both above and below 
the line potential. . This is a greater range of voltage 
control than is usually provided for most radio station 
rectifiers, but because of tiie desirability, for experi¬ 
mental work, to have continuous variation over the 
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entire range of voltage without steps, it seemed advis¬ 
able to install sufficient regulator capacity for this 
purpose. Induction regulators of the size needed, if 
made self-cooling, would occupy considerable floor 
q)ace but since water-cooling facilities were also re¬ 
quired for the radio tubes, it was possible to employ 
water-cooled regulators with considerable advantage, 
both in initial cost and space saved. Motor operation 
is provided for both rectifier regulators which makes it 
possible to control the high-voltage direct current 
supplied to the radio equipment from any one of several 
push-button stations located conveniently in tbe main 
transmitter and control rooms. A simple position 


to high-voltage circuits. Alternating- and direct-current 
overload relays are provided to shut down the equip¬ 
ment in event of trouble necessitating the removal of 
plate voltage. An oil circuit breaker, manually operated 
from the main switchboard, is also furnished. This 
circuit breaker is equipped with dash-pot overload re¬ 
lays set to trip on continued or extreme overload 
conditions. 

The tubes used in the main rectifier are of the glass 
envelope mercury cathode t 3 ^e, somewhat similar to 
ones formerly used for operating d-c. series are light 
circuits, except that they are larger and have three main 
anodes. Two small sustaining arc anodes and one 



switch on the regulator rotor, operating signal lights in 
the main transmitter room, gives an approximate 
indication of what voltage will be developed by the 
rectifier before the power contactors are closed. Actual 
power control of the rectifier is handled by air-break 
contactors, similar to those used in mine-hoist control, 
operating directly in the 2,300-volt supply to the induc¬ 
tion regulator and plate transformers. Additional 
push-buttons and signal lights at the various stations 
around the transmitter room enable control of the power 
contactors and indicate their condition of operation. 
The contactor control circuits are interlocked for safety 
to the operators through switches on doors giving access 


starting mesrcury anode are also provided in each tube. 
One of these tubes is shown in Pig. 4. In operating, 
the tubes are fully immersed in oil, each mounted in a 
separate oil tank in a cradle by means of which it can be 
readily removed from the oil. All necessary connec¬ 
tions are made when the cradle slides into place, thus 
permitting tube changes to be conveniently made with 
minimum effort. For interchangeability, tubes of the 
same rating are used in both main rectifiers. A view of 
the four tube tanks of the 900-kw. rectifier is shown in 
Fig. 5. 

Automatic tilting mechanisms for starting the sus¬ 
taining arcs are provided. This permits the rectifier 
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to be placed in operation from a remote push-button 
station with no more attention from the operator than 
the switching on of the filament heating circuit of hot 
cathode tubes. The starting mechanism functions in 



Pia. 3 —Plate Teansfobmers and Filter Reactances 


one to two seconds, after which it is immediately 
possible to apply full operating plate potential if de¬ 
sired. The sustaining arcs, once established, maintain 
the tubes in readiness for operation when desired with- 



Pia. 4 —^High-V oltagb Mercury Cathode Tubes 

out further use of the starting mechanism unless the 
power supply circuit is interrupted.. Very little energy, 
about 120 watts per tube, is required to operate the sus¬ 
taining arcs. This is low compared to filament t 3 T>e 


tubes since the mercury cathode automatically provides 
emission as needed at the hot spot in the mercury pool 
and therefore the power for the sustaining arc does not 
need to maintain the maximum emission at all times. 
Mercury pool rectifier tubes such as these described, 
while not commonly employed heretofore for radio 
power apparatus, appear to have a numbw of desirable 
characteristics, particularly in installations of such 
size that the use of filament tubes would require a great 
number of them both in series and parallel to furnish 
the eqxdvalent amount of high-voltage direct-current 
energy. 

In all but very small telephone transmitters, direct 
current is required for filament heating. With even 
the largest sets now commercially built this can be 



Fig. 5—900-Kw. Rectifier Tube Tanks 


readily obtained from a single motor-generator set and 
with fairly simple control to give the necessary tube 
protection against insufficient cooling water, this latter 
being accomplished by merely stopping the whole unit 
or preventing its operation when there is not enough 
cooling water circulating through the tube jackets. 
Also, gradual application of filament voltage, which is 
essential in the starting of large tubes, is obtained by 
merely having the machine connected with the tubes 
when building up. 

Td operate the new Saxonburg broadcast transmitter 
in this manner, would require a 3,000-ampere generator. 
While high-current low-voltage machines are available, 
these are generally unsatisfactory for radio station use, 
being built primarily for electrolj^c or battery charging 
work where ripple is not important. It being con¬ 
sidered inadvisable to develop a special generator for 
this installation, it was felt best to arrange for the 
operation of standard generators in parallel. Although 
this is common practise in power work, it complicates 
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the filament supply problem by making necessary the 
operation of all machines in unison to obtain the control 
advantages of a single unit system. 

In view of the filament reqmrements of both low- and 
high-frequency transmitters, a total of six 1,000-ampere 
generator sets was installed, three being normally 
assigned to the low-frequency set and two to the high 
frequency equipment, leaving one in reserve. A view 
of the filament generator installation is shown in Fig. 6. 
Each generator is conservatively rated at 1,000 amperes 
at 40 volts and will carry 1,200 amperes for several 
hours without excessive heating. The generator design 
includes special features such as large air gaps, skewed 
slots and a high number of commutator segments which 
have been found very effective in reducing commutator 
noise to a sufficiently low value such that no filter is 
required when these generators are employed in radio 
broadcasting station operation. Excitation is obtained 
from a separate d-c. circuit provided in the station for 



Fig. 6—Filament MoTon-OENEitATOR Sets 


such service, and while interpoles are used, no series 
field is employed, the regulation of the machines being 
satisfactory, and parallel operation much simpler, with¬ 
out any compounding. A line-start type 76-hp. motor 
drives each generator and operates directly from the 
2,300-volt three-phase station supply with only a simple 
magnetic oil contactor for control. Although the 
generators, when in parallel, are operated in imison,the 
motors are started individually so as to, reduce the peak 
power demands as much as possible. 

While the filament generators were balanced to 
operate very smoothly it was felt advisable to insure 
that no vibration from these large machines was trans¬ 
mitted to the building structum and radio equipment 
and spedal provision was made to accomplish this 
Each motor-generator is mounted on a concrete base 
and the whole assembly supported on cork pads. The 
area of the supporting cork is so designed that compres¬ 
sion stress is carried to a point where maximum resili¬ 


ence is obtained, thereby producing the greatest 
absorption of vibration produced in the machines. 

The distribution of a lament current is accomplished 
over a heavy copper bus structure, over 4,000 lb. of 
copper being used in its construction. Each filament 
generator is provided with a transfer panel, by means 
of which both field and output circuits of all generators 
to be operated in unison are paralleled. A master field 
rheostat furnishes the main filament voltage control 
with individual rheostats on each machine to make 
slight adjustments for equal distribution of load. 
A transfer bus is used so that machines may be grouped 
as desired and any machine removed from service with¬ 
out handicapping the station operation. Suitable low- 
water protection is accomplished by interlocking the 
main exciter circuits with the water relays so that no 
filament voltage can be built up until the tube water 
conditions are satisfactory. A special starting, step of 
field resistance is also interlocked with the filament 
excitation control so that a damaging current rush does 
not take place when excitation is applied to cold fila¬ 
ments which possess only about 10 per cent of normal 
operating resistance. 

Besides the six motor-generator units installed for 
filament heating service, there are four 10-kw. 3,000- 
volt generators which are arranged to furnish the plate 
circuit energy for the smaller intermediate amplifiers 
and also provide grid bias voltages for the radio tubes. 
In receivers and small transmitters, rectifiers can be 
used very conveniently to supply the grid voltages 
involved. However, in large broadcasting transmitters, 
particularly those employing low power modulation 
with linear amplification in the power amplifier stages, 
rectifiers are not well adapted for this service since they 
are inherently incapable of passing current in opposition 
to their generated voltage, which is an es.sential require¬ 
ment in the operation of broadcasting transmitter power 
amplifiers. While a relativdy large rectifier can be 
used with a load resistance to permit the passage of grid 
current, this is rather wasteful in any except small sets. 
Direct-current generators are, however, particularly 
well adapted for grid circuit service since the generator 
internal resistance is low and good voltage stability is 
maintained regardless of the fluctuation of grid current 
due to modulation. This latter characteristic is particu¬ 
larly important. The tubes used in the high power 
amplifier require grid potentials at approximately 3,000 
volts and since the intermediate plate power circuits 
require voltages of the same order, similar motor-genera¬ 
tor sets can be used advantageously for both services. 
Doing so permits the greatest of interchangeability and 
allows the minimum spare equipment for a given instal¬ 
lation. 

Of the four 3,000-volt generator units now in¬ 
stalled, it is planned to operate one for plate power to 
the main broadcast transmitter and one each for grid 
potential for the broadcast and high-frequency trans¬ 
mitters. This allows one for reserve since the high- 
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frequency transmitter is equipped with its own self- 
contained six-phase intermediate plate rectifier that will 
be used for normal operation. The intermediate plate 
supply generators develop 3,000 volts using two com¬ 
mutators in series and are provided with filters to reduce 
the commutator ripple. The driving motors are of the 
line-st^ type for simplicity of control and generator 
excitation is taken from the station supply. 

To make more simple the problem of interchanging 
connections, all the generators have one terminal per¬ 
manently connected to the filament bus or ground 
circuit. This is possible since the change of polarity 


for this swvice. This contactor has two air breaks in 
series, equipped with magnetic blowouts, and is ar¬ 
ranged with special mechanism to provide rapid contact 
travel and wide openings. A severe test successfully 
withstood by one of these units consisted in operating it 
once a second for over 200,000 times, breaking 3,000 
volts, 5 amperes, direct current supplied to a load con¬ 
sisting of a resistor and a 14-henry choke connected 
in series. 

The control scheme, in so far as possible, has been 
arranged to make it unnecessary for the operator super¬ 


necessary when changing from plate to grid voltage 
service is very easily accomplished by merely reversing 
the excitation. Even with this simplification the pro¬ 
viding of the necessary interconnections of eight ter¬ 
minals to four different circuits by conventional discon¬ 
nect switches would be very difficult. A cable and jack 
board was considered but thought to be unsafe at the 
voltages involved because of the danger from cable 
insulation failure and uninserted live plugs. However, 
it was possible to provide all the necessary connections 
through the use of a bar and plug board without cables 
and virtually eliminate the live plug danger. This 
was accomplished by a special design of dead front 
panel with vertical and horizontal interconnecting bars 



Pig. 8—Substation Feeding Station 


in the rear to which the transmitter circuits and genera¬ 
tor terminals are connected, the desired combinations 



vising the equipment to leave his position in the main 
transmitter room in the normal course of operation. 
This is accomplished by the remote control of all driving 
motors for generator sets and rotating equipment being 
centralized in push buttons on the main station switch¬ 
board, at which one of the operators is located. Simi¬ 
larly, the control of the power supplied to the radio 
equipment is effected through remote control of high- 
voltage contactors from the main station switchboard 
togethe" with field rheostats convenientiy grouped 
there. Relays and interlocks are provided so that only 
the proper sequence of operation is possible. These also 
fimction in event of severe or abnormal conditions to 
remove the power from the circuits in trouble including 
all those following in the pyramid of amplifiers. Signal 
lights adjacent to the push buttons indicate the state of 
circuit relays and response of contactors being con¬ 
trolled. Where circuits canying dangerous voltages 
are involved, two signal lights of distinctive colors are 
provided to indicate open or closed conditions, as is 


Pig. 7—Main Station Contboi- Board common practise with circuit breakers. Meters enable 


being effected by plugging through from the front of 
the panel. In this manner all cables were eliminated 
and by careful design the plugs were rendered safe on 
withdrawal, since they become dead before being ex¬ 
posed sufficiently to allow the operator’s coming in 
contact with current carrying parts. 

Adequate control of the various intermediate ampli¬ 
fier stages in the transmitter requires the opening and 
closing under load of 3,000-volt d*c. drcuits and a 
special 3,000-volt 2-ampOTe contactor was developed 


the operator to obtain directly, or through the use of 
multi-point switches, the essential conditions of all 
important transmitter power circuits. Besides the 
signal lights and push-button control position on the 
main board, auxiliary positions are located at conven¬ 
ient places about the transmitter itself and in the audio 
control room which permits the operator on duty there 
to control the equipment should occasion arise. This 
latter is an aid to safety and is facilitated by the operat¬ 
ing portion of the control room being elevated so as to 
overlook the main transmitting floor. 
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One of the panels on the main station control board, a 
view of which is shown in Fig. 7, provides control of the 
outdoor station which furnishes the power used. All 
controls and meter leads from the circuit breakers and 
instrument transformers are brought under ground 700 
ft. to the main building so that it is possible for the 
operator to have control of the power line supply circuits 
and equipment without the delay that would be oc¬ 
casioned if it were necessary for someone to go to the 
substation structure for the operation of circuit breakers. 
The substation is fed by a 26,000-volt loop and the 
circuit breakers are arranged with relays which in event 
of trouble will automatically disconnect whichever end 
of the loop becomes faulty and enable service to be 
continued without interruption. 

Three 500-kva. single-phase 25,000 to 2,600-volt 
transformers are employed to step down the power 
service to potentials suitable for use in the radio station. 
Power purchased is metered on the high-voltage side of 
the transformers through the use of outdoor metering 
equipment. 

From the low-voltage side of the transformer bank 
power is carried over two three-phase 2,500-volt 
armored cables laid directly in the ground without 
spedal duct. The two cables are tied permanently in 
parallel but in case of failure one could be quickly dis¬ 
connected allowing limited operation on the remaining 
circuit. 

Circuit breakers such as those in the substation are 
normally tripped and closed by the use of 110-volt 
d-c. power. While only a small amount of current is 
needed for tripping, the closing operation requires nearly 
100 amperes for coils when wound for 110 volts. To 
deliver this amount of current to the substation would 
require a large battery to be installed for this purpose 
alone, either in the radio station or in a special building 
at the substation structure. Moreover, if the battery 
were located in the radio station the distance would 
require large cables to prevent undue voltage drop. 
A special 110-volt battery being very undesirable, the 
necessity for one was eliminated by employing the 400- 
volt storage battery for this service. Special 400-volt 
coils were used in the circuit breakers which reduced 
the current required so that no special cables were 
necessary to maintain the proper voltage at the circuit 
breakers notwithstanding the considerable distance 
involved. 

Besides the major power units required, particularly 
for the radio equipment, there is a considerable amount 
of conventional equipment such as exciters, tube-cool¬ 
ing water pumps, blowers, battery-charging equipment, 
as well as station service transformers for the small 
power units, lights and heating, which hardly need 
descs'iption. Two six-cell 1,600-ampere-hour storage 
batteries are furnished for the filament supply of the 
audio and synchronizing equipment in addition to the 
400-volt battery already mentioned which is used for 
plate supply to equipment employing small tubes. 


Whereas one battery will suffice for plate service, since 
it can readily be floated or charged while in service by 
the employment of suitable filters on the charging equip¬ 
ment, two filament batteries are advisable, each capable 
of handling the entire load for a day, since it is very 
difficult to remove the noise developed by charging 
equipment where large currents are involved, and con¬ 
siderable of the amplification follows the tubes operated 
in this manner. These large batteries also supply cer¬ 
tain essential indicating lamps pertaining to the sub¬ 
station circuit breaker control which require continuous 
illumination even in the event of power failure. 

Although the water-cooling system may not be con¬ 
sidered as part of the electrical power equipment, 
certain features of it are rather interesting. In many 
broadcasting stations the water directly cooling the 
radio tubes is in tiim cooled by a system of radiators 
and blowCTs. This method if employed at KDKA's 
new station would require a very large and expensive 
installation because of the much gi‘eater dissipation 
involved. Instead of employing such an instiillation 
advantage is taken of the natural high level of the 
ground water by excavating a small pond from which 
sufficient water can be obtained for cooling the tube 
water by means of heat interchangers. 

While commercial broadcasting stations as yet do 
not require equipment as large as that installed in 
KDEIA's new plant, nevertheless it is only by actual 
construction and use of such apparatus that the develop¬ 
ment of commercial stations to give safe and economical 
operation can well be carried out. It is also hoped that 
data can be obtained which will be of value not only 
in the specialized field of radio engineering but to elec¬ 
trical science as a whole. 


Discussion 

R. L. Youngs Tho paper mentions that tJio taipiicity of the 
power plant is considerably in excess of present iiso. Is the 
whole station on the same basis and what is its maximum rating 
as ratings of stations now go? 

Also what is the approximate commercial cost of a station 
of this power? 

R. L. Da^dst Practically all of the power equipment at the 
KDKA Station has installed capacity much in excess of tlio 
present power output licensed by the Federal liadio Commi-ssiou 
in order that experimental work involving wide variations in 
current and voltages may be carried out. A maximum ladio- 
frequency power output of three to four hundred kilowatts will 
be possible with the station operating at full capacity of the 
power supply unit. This is approximately six to eight times tho 
rated capacity of tho largest stations now licensed commercially 
in the United States. 

Inasmuch as the equipment installed at KDKA involves so 
many experimental features, tho commercial cost of a station 
eqmpped in this manner will not compare favorably with one 
designed solely fbr commercial operation. No estimates have been 
made on the commercial station of this power. A number of 
comparative figures on the cost of broadcasting stations has 
recently been published.* 

»Seo Juno Issue of Electronics “The Dollar Cost of Broadcostlnt; SlaUons" 
compiled for the National Advisory Council on Badlo In Education. 
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Synopsis,—The nature of power requirements for telephone 
offices is discussed, with emphasis on continuity of service. Auto¬ 
matic controls are indicated because of their more exact performance, 
with consequent feduction in variations and in interruptions and 
their saving in maintenance, particularly with 24 -hour operation 
demanded. Developments arc traced, showing an increasing trend 
toward automatic regulation and control of main power supplies, 
ringing and other signaling energy sources. 

The development of ''unit type power plants'*' for telephone offices 


is discussed and information is given on a number of standardized 
plants which operate upon a full automatic or a semi-automatic 
basis. These furnish power supply for manual, toll, and telegraph 
central offices, for magneto offices and for manual and dial system 
private branch exchanges also for small dial system central offices. 
Favorable operating experience points the way toward further 
introduction of automatic devices which will place most telephone 
power plants, except those in the larger dial system offices, in a 
position to operate themselves over considerable intervals of time. 


T he nature of telephone service is such that con¬ 
tinuity is regarded as important, perhaps the 
key-note guiding developments, and equipment is 
provided to furnish service 24 hours each day in the year 
and year after year. In times of storm or emergency 
when other public services may be prevented from 
functioning the telephone service will often be particu¬ 
larly important and may have to cany heavier loads. 

Reliability 

In order to maintain service the first essential is to 
have the necessary power available; and in this respect 
the telephone power plant has made a creditable record 
for reliability. It has survived fires, floods, and li^t- 
ning. The basement of one metropolitan office, for 
example, was completely flooded by a broken street 
water main which resulted in the burning up of the 
regular 2,200-volt a-c. switching equipment, but the 
240-volt d-c. service which had been provided there as 
an emergency continued to hold in under water and the 
drive motor equipment on upper floors in this case 
automatically transferred to this source, while the 
storage battery as usual provided the required low- 
voltage direct current. In another case an open-tank 
storage battery continued the office in operation though 
submerged by rising flood water from a nearby river. 
In another metropolitan office lightning struck the 
power service on a pole across the street, turning the 
transformer vault in the telephone building into a 
blazing furnace. The fire walls and steel door held, 
permitting continued operation of the powa: plant upon 
an em^gency gas engine in anotherpart of the basement. 

An attempt has been made to estimate the percentage 
of the time during which the power plant is available for 
use. Complete failures such as would result from in¬ 
ability to provide a direct current from the battery or 
generators are of rare occurrence. Partial outages re¬ 
sulting from failure of the rin^ng current will become 

1. Dept, of Development and Besearch, American Tel. & 
Tel. Co., New York, N. Y. 

2. Technical Staff, Bell Telephone Laboratories, New York, 
N.Y. 


embarrassing if continued for any substantial time, such 
as for several minutes. Inquiry has been made as to 
both t3rpes of interruptions in a metropolitan division 
having 28 offices in 1910,63 at present and an average of 
42 offices in use during the past 20 years. The reported 
time out for the main power supply in all offices during 
20 years averaged two seconds per year per office. The 
loss of ringing current on the other hand, including both 
complete and partial failures to certain groups of equip¬ 
ment, was about two minutes per year per office. These 
suspensions of ringing current did not interfere with 
conversations in progress, most of them merely resulting 
in a slight delay in getting through new calls. Taking 
the larger failiu'e figure the power plant service is good 
more than 99.9996 per cent of full time. 

Requirements 

In order to secure reliability it is necessary that the 
main source of immediate telephone power may be of a 
t 3 T)e not subject to interruption or failure and that the 
various machines and important accessories be provided 
in duplicate. More than one source of primary power is 
also needed unless there is storage of reserve power in 
sufficient quantity to bridge over the times during which 
interruptions may occur. Provision for quick change 
from regular to reserve equipment is necessary. The 
main sotu’ce of d-c. supply must be controlled within 
close voltage limits for cetain types of plants, while the 
several kinds of . signaling machines must be operated 
within established voltage and frequency limits. 

These requirements point to the use of automatic 
regulating equipment and automatic operating arrange¬ 
ments to as large an extent as practicable, particularly 
since they must be maintained effective both day and 
night. For the main d-c. power a regulated reserve 
storage battery best meets conditions. No equipment 
is infallible, bting subject to wear, deterioration, and 
accident; neither is a human attendant perfect. By care 
in selection of equipment, by provision of spare parts, 
and by suffidently frequent testing to bring out any 
defects which may develop before they cause a service 
interruption, it is bdieved that a greater degree of 
reliability can be secured by automatic means than is 
possible by manual. 


Presented at the Middle Eastern District Meeting of the 
A, LE, E,, Pittsburgh, Pa,, March 11-lS, 19S1, 
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Historical Background 

The use of automatic power plants, though recent, is, 
of course, not new in the electrical art, and our friends 
in the light and power industries, including also the elec¬ 
tric i^way field, have made very substantial progress 
vdthin recent years. In fact, it would seem that a 
high degree of perfection has been obtained with their 
automatic substations and automatic hydroelectric 
plants. 

This excellent public service power supply is used as 
the primap? source in practically all telephone offices 
built vjdthin recent years, except in a few repeater in¬ 
stallations in isolated districts. This power, however, 
can not be applied to telephone circuits as received, 
but is converted into direct current and alternating 
current of various voltages and frequencies, although 
in panel dial offices the outside service is used directly 
to operate small motors driving switching equipment. 

Early Automatic Plants for Central Offices 

Among the earliest installations of automatically- 
operated power equipment in regular telephone central 
offices were some in Pennsylvania where sigriflling 
hydrometers controlled automatic solenoid-operated 
switehes to connect automatic starting mercury-arc 
rectifiers. A single battery equipment was put into 
service at Berwyn in April, 1917, and during the same 
y^ an installation was arranged for Donora in the 
Pittsburgh district, and one for Wajme with certain 
improvements and additions to the automatic circuit 
to take care of two batteries. 

These plants had the batteries usual at small manual 
central offices, a larger 24-volt No. 1 main battery, and 
a_ smaller 24-volt No. 2 battery connected in series to 
give 48 volte for toll transmission. Since drain on the 
latter was relatively light, several days’ reserve was 
economically provided. Either of the batteries could 
secure the services of the single charging rectifier if 
idle when a charge was needed. However, if the main 
No. 1 battery discharged to a predetermined point, 
while the rectifier was charging No. 2, the rectifier im¬ 
mediately switched over, and after the No. 1 charge was 
completed again took up the interrupted charge on 
No. 2. If, on the other hand. No. 2 arrived at the 
charging stage while the rectifier was busy on No. 1, 
it had to wait, but an alarm lamp visible to a switch¬ 
board operator was lighted. Alarms were given when 
for any reason either battery discharged 60 per cent of 
its capacity, also when the rectifier did not start the 
charge promptly after one of the hydrometers indi¬ 
cated that a charge was required. Some of these plants 
are still in satisfactory operation, one being at Qakmont 
near Pittsburgh. These ingenious control circuits were 
suggested by engineers of the Bell Telephone Company 
of Penn^lvania, the immediate urge being elimination 
of overtime attendance for charging Saturday afternoon 
and Sunday, since batt^ies were not large ^ough to 
carry the offices safely over this period. 


The Modern Automatic Plant 

Much of the same general arrangement can be seen 
in the most recent plants designed for small offices, 
which will be described in detail later, in which the 
signaling hydrometer has been replaced by an ampere- 
hour meter with operating and alarm contacts while 
the mercury arc rectifier has been replaced by a hot 
cathode tube t^e which is self-starting without any 
mechanical equipment other than that necessary to 
turn on the power. The newer rectifier is lower in cost, 
and two or more are provided as necessary to avoid 
switching between batteries. 

The ampere-hour meter is more sturdy, is cheaper 
than the earlier control device and is equipped to pro¬ 
vide some overcharge each cycle, which can be adjusted 
to the amount needed by the operating cycle used! 
This eliminates the periodic overcharges formerly given 
under manual supervision. 

In the case of larger automatic plants it is necessary 
to have a number of the machines controlled automati¬ 
cally in their several characteristics as well as to provide 
equipment to start, stop or continue them in operation 
as requ^. It is believed that it will be of interest 
to mention some of the equipment developed to accom¬ 
plish this. In most cases it was found that regulating 
equipment commercially available was not suitable 
for the special conditions involved in the telephone 
power plant and the modifications made will be 
described. 

Regulation of Main Central Office D-C, 
Voltage 

Storage Batteries and Charging Machines 
With the more extended use of panel type dial equip¬ 
ment by the Bell System inaugurated about a dozen 
years ago,* it appeared that voltage control of the main 
central office batteries by use of counter e. m. f. cells 
then employed was not economical in large sizes. The 
plan at that time was to provide several counter cells, 
one or more of which was normally in circuit to reduce 
the battery voltage to required limits. During dis¬ 
charging of the batt«y, the counter cells were cut 
out, while for charging additional counter cells were 
introduced. 

The Floating System and Manual Regulation 
A duplicate battery system was developed and addi¬ 
tional emergency cells” of the regular t 3 T)e were pro¬ 
vided.* The duplicate batteries were so connected with 
switches that either one could be disconnected from the 
circuit for charging as might be necessary and after¬ 
wards reconnected without interrupting the circuit, 
the remaining battery, in the meantime, being floated 
at a consta nt voltage from charging generators which 

3. ^m-meoliaiiioal at Newark in 1915; fuU mechanical at 
New York toll tandem, 1920, local offices at Omaha, 1921, New 
York) 1922. 

4. U. S. Pat. 1,468,096, Sept. 18,1923. 



September 1931 


AUTOMATIC POWER PLANTS FOR TELEPHONE OFFICES 


951 


were also connected to the oflSce load. This 
the increased voltage upon the office circuits during 
freshening charges so no counter cells were needed, 
while the emergency cells were also available for con¬ 
nection in the office supply circuit to maintain the 
entire battery voltage at its usual value during an 
emergency discharge. 

This system used the economical plan of “floating” 
the storage batteries, preferably as near to 2.15 volts 
per cell as the arrangements provided allowed, at which 
value they would absorb just the proper amount of 
current to keep them permanently in good condition. 
With an office load fluctuating widely during a day’s 
time it was, of course, found difficult to maintain a 


sion is very light. Automatic power plants for loads 
of this character are in satisfactory operation in both 
manual and dial offices, the larger sizes, however, not 
being available yet as coded plants. 

Group B shows a typical panel dial unit in a residen¬ 
tial district, in which it will be noted that the current 
demands as far as voltage is concerned are quite re¬ 
versed. In such an office the main operating power is 
taken at 48 volts, while the local talking or transmission 
load is at 24 volts. 

Group C shows an entirely different load, a through 
repeater central office with nearly constant currents to 
light the filaments and supply the plate circuits. Most 
of such repeaters are kept in operative condition con- 
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TYPICAL LOAD-THROUGH TELEPHONE REPEATER PLANT 




Pig. 1 —Telephone Office Load Variations in 24 Hours 


reasonably constant voltage and trickle current into 
the battery by manual adjustments of the charging gen¬ 
erator output, so various systems of automaticregulation 
were studied. The storage battery voltage is inherently 
critical at this point, a 24-volt battery changing more 
than 1.5 volts or 6 per cent as the current is increased 
from zero to 2 per cent of normal charging rate. 

Office Load Curves 

The difficult conditions of variable current which 
must be met by either manual or automatic control are 
shown in Fig. 1 by load curves representing several 
types of offices. 

Group A is a tjrpical small manual office with 24-volt 
currents from 5 to 130 amperes, the peak being at 11 
a. m. with an auxiliary peak at 8 p. m. caused by resi¬ 
dential social calls. The 48-volt-load for toll transmis- 


tinuously. Later, descriptions will be given of auto¬ 
matic plants to supply load of this t 37 pe with current at 
regulated voltage. 

Group D shows the load curves read on a large met¬ 
ropolitan panel dial power plant in a business district 
with more than 2,000 amperes combined peak in the 
daytime reduced almost to 400 at night, the latter load 
being accounted for largely by float-charging of storage 
batteries at private branch exchanges. This plant at 
the time was supplying three offices carrying two-thirds 
of a million daily calls, not including interconnecting 
calls at tributary private branch exchanges. 

Group E shows the 24-volt load of the New 
York Inng Distance Office with switchboards distrib¬ 
uted over 10 floors supplied by a power plant in two 
sections, one section installed first now being assigned 
largely to supply repeaters nearby. It is commonly 
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own that the power used to cany voice currents over 
very small but it is not always appre- 
cm ed that considerable equipment must be operated in 
office to generate, supervise, and control 
IS. The peak load of an ordinary day for long dis- 
?Knn 5,300 amperes at 24 volts with anothw 

,5 O-ampere pe^ in the evening when social long- 
1 'traffic is encouraged by lower rates. Over 

10,000 amperes in 24-volt generators and a reserve 
battery of 34,880-ampere hours weighing 111 tons are 
now provided, also 1,200 amperes additional in 180-volt 
generators. In addition to the reserve batteries. 



Fiq. 2—TtpicaIi Battbrt Voltage Variation 
Um-eeulated. using early . "chEtrge-dischsrge'' method of operation 


8 or 9 per cent as shown in the recording voltmeter 
chart. Fig. 3. 

Improvement with the Cam Type Regulator 

Several types of commercial automatic regulators 
were tried but were not fovmd satisfactory. Because of 
the time lag of the storage battery in arriving at a stable 
voltage after the input current was changed, regulators 
which worked upon a rapid basis such as the well-known 
solenoid t 3 q)e gave rise to severe and continuous hunting. 
A "Wheatstone bridge type of voltage recorder modified 
to act as a regulator’ in conjunction with a separate 
motor-driven rheostat, was foimd to be the most satis¬ 
factory. Following this a so-called “cam type” auto¬ 
matic voltage regulator was developed and has given 
very satisfactory results over several years. It is 
usually adjusted to maintain the voltage within one- 
half volt total variation or slightly less on the 24-volt 
battery, holding voltage within 1 per cent of mean value 
as shown in Fig. 4 which covers a section of chart on the 
earliest experimental model. 

This is close enough for the purpose, and does not 
involve the more or less continuous operation which may 
result from a narrow setting which responds to minor 
battery voltage changes caused by fluctuating loads. 
A duplicate installation of the latest regulators of this 
t 3 q)e, together with their switching equipment to control 
generators on two batteries is shown in Fig. 5 from 


reliability is insured by duplicate a-c. feeders from 
one generating system and by several d-c. feeders from 
a different generating system. 

Over 1,000 motor hp. is required to drive these 
charging machines and a vacuum tube system to handle 
tickets, part of this being reserve. The New York 
Long Distance Building, including the addition now 
under construction, also contains a toll and some local 
offices and is believed to be the heaviest powered build¬ 
ing in the entire city, with a-c. and d-c. services provided 
for a total office and building connected load estimated 
at 10,000 hp. in 1934. 

For the load illustrated by groups D and E automatic 
voltage regulating equipment is in use, but automatic 
power plants are not yet developed, results on smaller 
installations being awaited. 



VoiiTAGB Regulation by Manual Control 
Under the system of battery and generator operation 


Pig. 3—^Voltage or Continuously Floated Battery 
With Intermittent manual adjustment of generator, or “hand regulation” 


formerly in common use in manual central offices a 
range of about *7 volts or 28 per cent was not uncommon 
when no effort to regulate was made, as shown in 
Fig. 2. 

More than a dozen trials of the continuous floating 
method of regulating voltage manually were put into 
operation during the year 1919 in New York, Boston, 
Philadelphia, and Chicago, following earlier tests. The 
regulation normally obtained with frequent manual 
adjustaients reduced the variation to 2 volts, equaling 


which the regulator will be seen to consist essentially of 
three parts: 

(1) A sensitive solenoid contacting device working 
in conjunction with (2) a motor-driven cam delay 
equipment which at intervals is in position to energize 
contactors to control (3) a drive motor geared to a 
rotary face plate resistance box. 

These are mounted in a steel cabinet with doors on 
the front and on the back, and arranged for assembly 
in the power board lineup or upon a separate framework. 
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The cam motor is usually of the synchronous clock operation were increased and more complicated ar- 
type taking very small energy and giving a uniform rangements were needed for automatic ringing, for 
speed. The contacting cam is so shaped and positioned providing tones and other signals and in larger units for 
that no contact is made when the battery voltage is . charging the battery economically under the load varia- 
cori’ect but when the voltage is high or low, contact for a tions likely to be encountered. 

second, more or less, is made at intervals of ten seconds. In selecting equipment for this service advantage was 



Autoniaticaily adjusting a motor-drivon (j^onorator Hold rheostat, variation * 0.15 volts 


The duration of contact varis direectly with the amount taken of recent developments, particularly the small 
that the main battery voltage deviates from normal, so sealed-in t3^e batteries, while dry-disk type chargers 
for slight deviations very short corrective impulses are using the copper-oxide rectifying principle, and further 
given. When variable 24-volt and 48-volt loads are development of the earlier hot cathode tube rectifier, 
taken from the same string of battery cells a regulator is placed at the disposal of telephone engineers charging 
used across each section. This device for the first time equipment better suited to automatic operation than 
satisfactorily solved the problem, which had engaged our the motor-generator sets and mercury arc rectifiers 
attention for several years,'’ of regulating battery voltage previously available, 
closely and automatically. 


Typical Unit Type Power Plants for Tele¬ 
phone Offices Arranged, for Automatic 
or Semi-Automatic Operation 

As previously outlined the need for automatic equip¬ 
ment in telephone and telegraph power plants to meet 
the increasingly more stringent requirements for local 
and long distance communication led to the develop¬ 
ment of several small power plants which in normal 
operation are fully or partly automatic and require 
practically no attendance other than routine mainte¬ 
nance. The following descriptions and illustrations 
briefly picture some of these plants. Larger plants 
using the same general principles are on trial and under 
development. 

Plants for Small Private Branch Exchanges 

For many years storage batteries located at private 
branch exchanges have been charged over cable pairs or 
by local equipment upon an unattended basis, current 
being supplied at approximately constant rate. This 
system has certain limitations, however, not being well 
adapted to considerable variations in load caused by 
unusual business conditions or seasonal variations, and 
it is difficult to select a charging rate which will meet all 
conditions without being excessive during part of the 
time. 

With the introduction of the dial private branch 
exchange operated mechanically without an attendant, 
the power requirements as compared with manual 

5. U. S. Pat. 1,.586,569, June 1,1926. 



Fig. 6—Cam-Tyi>b Automatic Voltagb Regulatohs fob Large 
Machines and Batteries 

Assemblies of automatic plants developed for small 
dial private branch exchanges are illustrated in Fig. 6 
and Big. 7. 

These plants consist essentially of two steel cabinets, 
the lower cabinet containing the battery equipment 
while the upper cabinet moimts the control equipment 
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including fuses, meters, switches, relays, ringing ma¬ 
chine and also automatic control for maintAiwin g the 
voltage range within six volts. 

Rectifiers on the small plants are inside but on the 
larger plant are mounted on top of the upper unit as 
shown in Fig. 7. Motor-generators instead of rectifiers 
are used in d-c. districts. 

In order to minimize installation work, plants are 
shipped as units, it being necessary only to mount the 



Pig. 6 Poweb Plant for Small Private Branch Exchange 
Dial tj-pe No. 102-B, 44-50 volts. 2.5 amperes 

battwy and charging equipment and cormect the leads 
furnished with terminals attached. A plug and flexible 
cord are provided for connection to any nearby recep¬ 
tacle providing commercial power. The active cells 
of the batte^ are shipped, charged and fitted ready for 
interconnection, and are equipped with varicolored wax 
ball charge indicators which show at a glanoe the 
approximate condition of cell charge. The 32-45-volt 
plants use 18 cells and the 44-50-volt plant 23 cells 
with four counter e. m. f. cells. 

Charging equipment is of capacity to carry a large 
percentage of the busy hour load and return to the 
battery during the light load period whatever discharge 
has been taken, plus additional current to offset battery 
losses. In these plants the rectifiers operate continu¬ 
ously. Voltage regulation is obtained automatically 
by means of counter cells cut in or out by solenoid type 
switches under the control of a voltmeter relay. 

of one or two 3-ampere hot cathode type Tungar 
rectifiers allows a flexible arrangement to meet economi¬ 
cally load conditions from the initial to the ultimate 
stage of plant growth. 

Ringing current is generally obtained over cable 
pairs from the nearest central oflBce with tones provided 
from local relay equipment. Where such supply is not 
satisfactory a Hams inverted rotary converter oueratine 
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on the battery is provided as shown, this also fur nish ing 
tones. 

This machine has automatic control, starting when a 
receiver is lifted from the switchhook and stopping after 
completion of the call. It is equipped with jack and 
plug connections for ready replacement by a spare 
machine when maintenance is required. This mount¬ 
ing arrangement permits some economy to be realized 
by providing a small central stock where there are 
several nearby installations. 

Small Power Plants fob Vacuum Tube Plate and 
Filament Supply 

Several plants have been designed to supply economi¬ 
cal energy to plates and filaments of repeater tubes and 
to other equipment, when such energy is not available 
from regular central ofiice power plants. Unit plants 
up to 80, 200 and 800 milliamperes, respectively, at 
130 volts are described, followed by larger plants from 
6 to 20 amperes. A small 24-volt plant up to 8 amperes 
is covered, which is supplemented by a line of larger 
low-voltage plants for various purposes. 



Fig. 7—Power Plant fob Larger Dial Private Branch 
Exchange 

No. 102-B, 44-50 yolts. 2.6 and 6 amperes 

In order to match more nearly in appearance the 
repeater equipment with which they are usually asso¬ 
ciated the small plants are arranged for mounting on 
floor-supporte.d vertical channels. 

In the illustrations shown the equipment is mounted 
open upon shelves or panels. In addition to this 
arrangement, enclosing sheet steel covers are being 
prepared for several of these plants for use in locations 
where it is desired to provide further protection or to 
imnrovft the appearance of the plant. 
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130-Volt Plants 

The 603-A 50-80-milIiampere 130-volt plant, not 
illustrated, consists of a copper-oxide rectifier, filter 
section and reserve batteries of block type dry cells 
automatically connected into circuit upon failure of the 
regular power service. An unusual arrangement is 
employed for this purpose, the dry cells being across 
the supply rectifier in series with a copper-oxide rec¬ 
tifier disk assembly which acts as a valve because of 



Pig. 8—Smam. Pi.ant fou Scm.viNo Vacuum Tube Pbatiss 
No. ob4-A, 12.5-lafl volts, i30 to 200 mllliamperes 

its pronounced unidirectional current characteristic. 
Under normal conditions a small' current trickles 
through the dry cells, this having the desirable effect 
of tending to overcome local action, but being too small 
to electrolyze seriously the water in the cells. If the 
voltage drops by failure of the primary power source, 
the dry cells automatically pick up the load by sending 
current through the Rectox valve in the reverse direction 
at which time it interposes very little resistance. 

The next larger, 50-200-milliampere 130-volt plant 
shown in Fig. 8 consists of two 66-cdl couple-type en¬ 
closed glass jar storage batteries, a half-wave TWgar 
rectifier and the necessary control equipment. The 
voltage at the bus bars is automatically controlled 
by means of a voltmeter relay adjusted for 126-134 volts. 
Automatic voltage control of the output is obtained with 
the aid of tapped resistors, alternately cut in and out of 
the charging circuit by a voltmeter relay, this var 3 dng 


the trickle charge cmrent going into the battery to 
maintain its voltage within the stated limits. 

A 200-800-milliampere, 130-volt plant coded 604-B 
operates in substantially the same manner as the 604-A 
plant differing only in the use of more equipment to care 
for the additional load. 

Type 400 plants from 5 to 20 amperes at 130 volts are 
under development, the 5-ampere rating now being 
available and so arranged that it can be extended later 
to a 20-ampere capacity by the addition of equipment 
which will make it fully automatic both during normal 
floating and during replacement of a charge following an 
emergency discharge. In the larger plants one battery 
is connected across the generator, and another battery 
across the load, with a choke coil between, providing 
a very effective noise filter to reduce any tendency 
toward disturbance of the telephone circuits by the 
charging equipment. 

Small 24-Volt Plant 

The 10-ampere plant now available is shown in Fig. 9. 
It employs an 11-cell sealed glass jar storage battery and 



Fig. 9—Smaul Power Plant fob Supplying Vacuum Tube. 
Filaments 

No. 602-A, 20-28 volts, 10 amperes 

a 12-ampere 75-volt Tungar rectifier. Automatic con¬ 
trol equipment is mounted on unit panels and the bat¬ 
teries on shelves. 

To pro'vide close voltage regulation when required 
another bay of equipment may be added, consisting of a 
motor-driven rheostat, automatic control equipment 
and a filter comprising a choke coil and electrolytic 
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condensers.® The filter is necessary to prevent noise 
and crosstalk which would otherwise result from intro¬ 
duction of the regulating resistance. A finely adjusted 
voltmeter relay, connected across the points to be 
regulated, actuates the control circuit of the motor 
rheostat, through other relays and contactors, to drive 
the rheostat in either direction automatically keeping 
the voltage within the desired range.^ The voltmeter 
t 3 ^ of relay has been used extensively for voltage 
regulation and for alarm purposes and many thousands 
of them are in service in the Bell System. 

Suitable visual and audible alarms are included as a 
part of all these power plants to notify the maintenance 
forces of the failure of a fuse, a Tungar bulb, the pri- 



PiG. 10—Low Voltage Plant por Small Central Oppicbs 
No. 203-A. 44-50 voltys. 15, 30, or 50 amperes 

mary source of power or occurrence of high- or low-volt¬ 
age at the equipment supplied. As with the other 
plants, batteries have charge indicators to simplify 
maintenance. 

A^ong considerations in the mechanical design of the 
equipment for unit t 3 q)e plants generally were ease of 
access for adjustment, additions of other imits to care 
for growth, and applicability to telephone equipment of 
a variety of types. 

discussion, of condenser and power plant filters see 
H. O. Siegmund “The Aluminum Electrolytic Condenser,” BeU 
St/slem Tech. Jl., p. 41, Jan. 1929, or Trans. Amer. Electrochemical 
Soc., p. 203, 1928, Bell Laboratories Record, p. 276, April 1927 
together with U. 8. Pat. 1 ,T2&,Zn, Aug. 20,1929. 

Also R. L. Young “Power Plants for Telephone Offices,” BeU 
System. Tech. Jl., p. 708, Oct. 1927. 

7. For use of these relays in early automatic control system 
for telephone batteries see U. S. Pat. 1,520,793, Dec, 30,1924. 


Larger Low-Voltage Plants Controlled by an 
Ampere-Hour Meter 

To meet the requirements for automatic battery 
supply plants larger than the sizes already described, 
the following have been developed to furnish from 5 to 
100 amperes at nominal voltages of 24, 34, and 48. 
These plants are coded as the 200 type. 

The larger the telephone system served the more 
necessary it is to furnish a reliable and continuous som*ce 
of electric energy and the more savings may be gained 
in the efficient operation of the power equipment, es- 
pecidly the batteries. A considerable improvement in 
the life of the battery equipment together with a reduc¬ 
tion in charging energy may be obtained by accurately 
measuring the amount of discharge and providing for 
return to the battery of this amount plus sufficient to 
make up the internal losses. Investigation has shown 
that for larger plants of the size herein considered, 
particularly when the load varies from day to day, the 
ampere-hour meter gives good results. The 200-type 
plants, therefore, have been designed on this basis, the 
meter automatically starting or stopping the chargers at 
predetermined points on the cycle of battery discharge 
and charge. An assembly of this plant for one of the 
lower current ratings is illustrated by Mg. 10. 

The Ampere-Hour Meter and Alarms 

The features included in ampere-hour meters for 
telephone plant control include start-charge, stop- 
charge and alarm contacts and, of course, the adjustable 
overcharge shunt usually provided. Addition of a 
thermocouple was also found necessary to increase 
light-load accuracy. The very great variations in dis- 
charp current with small drains over prolonged periods 
at night gave a service cycle not usual in commercial 
work and with the ordinary type meter resulted in 
discharges not compensated for during the shorter, 
heavier current charging period. 

The meter controls the power supply to rectifier 
chargera through contactors. If, due to power failure, 
bulb failure or otherwise, the meter continues to record 
a discharge for a certain period after the charge is 
opposed to start, an alarm consisting of lamp and bell 
is operated. If the office is unattended this alarm as 
well as others for blown fuses, failure of ringing current, 
etc., is transmitted over cable pairs to the nearest at¬ 
tended office. Independently of alarm calls, however, 
it will ordinarily be the practise to have a maintATumPo 
man visit the unattended office periodically to inspect 
equipment and perform routine maintenance. 

Batteries 

On the 208-A, 44-50-volt plants the battery consists of 
23 cells and four counter e. m. f. cells, while for the 
206-A, 46-50-volt plants it consists of 24 cells and five 
counter e. m. f. cells. The counter e. m. f. cells together 
with a voltmeter relay and control equipment 
the bus bar voltage automatically within proper range. 
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Two types of batteries with only one capacity in each 
t 3 npe have been selected; a 3-cell sealed glass jar pasted- 
plate unit of about 106-ampere-hour capacity, and a 
larger sealed glass jar single cell of 480-ampere-hour 
capacity. From one to four sets of batteries in parallel 
may be used, providing a flexible arrangement to handle 
growth in economical steps. 

Chargees 

The 12-ampere Tungar rectifier including two, three 
or four in parallel meets varying load conditions from 
the initial to the ultimate growth. Where only d-c. 
service is available, a motor-generator set will be 
furnished. 

Ringing Equipment 

Two types of ringing equipment are available, namely 
“a-c.—d-c.” and “superimposed,” the latter required in 
connection with four-party selective ringing. 

The a-c.—d-c. ringing current is obtained from a small 
ringing machine mounted on the power board, operating 
under the control of the switchhook as previously de¬ 
scribed, generating alternating current which is passed 
through a battery to add a d-c. component, this being 
helpful in tripping off the automatic ringing when the 
called subscriber answers. 

In the superimposed ringing system, alternating 
current from a machine is sent through two batteries 
oppositely poled to furnish both positive and negative 
superimposed current. 

Unit Type Ringing Plants 

It is, of course, essential to have a continuously and 
automatically controlled supply of signaling equipment 
for ringing subscribers’ bells and furnishing various 
signals to properly supervise and complete telephone 
calls. Individually coded ringing and signaling power 
plants have been standardized as described and illus¬ 
trated below for use with the battery supply plants 
previously covered. 


The capacities and voltages of power plants of this 
series are as follows, some being automatic and some 
being arranged for manual transfer to the reserve source. 

The 801-A plant, and the 801-C plant illustrated, 
intended principally for magneto offices having carrier 
system installations, supply ringing power at a 20-cycle 
frequency from a motor-driven magneto during normal 
operation. The circuits are so arranged, however, that 
they will be automatically connected to an emei^ency 
vibrating interrupter operated from dry cells in the 
event that the primary source of power should fail. 



Fid. 11 —Small Plant pob Supplying Ringing and 
Tbansmitteb Current 

No. 801-0, 76-110 volts, 20 cycles. 0.19 amperes a-c. 

8.2-9.2 volts. 20 or 40 ampere-hoiirs d-c. 


Small Ringing and Signaling Plants, Including when the 801-C plant is used in a magneto type office 
One Plant Which Also Supplies power supply for the operator’s telephone circuits is 

Battery Current provided by a small 8-volt storage battery continuously 

To meet a considerable demand for a small, compact, supplied by a Rectox rectifier, making this a double- 
economical, and automatic ringing and signaling plant current plant. 

suitable for use in outl 3 dng districts often served by Referring to Pig. 11 it will be noted that the battery 
magneto ts^pe central offices, the 800-type plants were equipment for the interrupter consists of dry cells and 
designed. The equipment is arranged for mounting radio block type B batteries. The case on the lowest 
upon a standard floor-supported channel rack the shelf houses the 8-v61t battery supply unit. 
assemblyofwhichisillustratedbyFig.il. The 802-A plant supplies power at 135 cycles from 


Typo No. 


Capacity 


Nominal a-c. voltage Nominal frequency 


Service 


801-A. 

801-0. 

..r 0.19 ampere. 

. 75-110 . 

. 76-110 . 

. 20. 

. 20. 

802-A. 

\ 20 or 40 ampere-hours. 

.8.2-9.2 (d-c.). 

. 36 . 

. 135. 

802-B. 

.r 0.015 ampere. 

. 6 ^ . 

.1000. 


\ 0.026 ampere. 

. 4.25 . 

.1000. 


Binging 

Ringing 

Transmitter battery supply 
Composite telegraph-telephone ringiiig 
Toll line signaling 

Toll line signaling_ 
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24-volt battery-driven motor-generator sets for signal¬ 
ing on long telephone toll lines which are composited to 
provide channels for telegraph circuits. Similarly, the 
802-B plant provides signaling current at 1,000 cycles, 
sometimes referred to as ^^voice-frequency ringing” for 
use on long toll lines. 

Large Ringing Plants 

In addition to the ringing power plants just described 
there are others with increased capacities ranging from 
one to eight amperes. This series is illustrated by one 
of the smaller sizes in Pig. 12. 


4 ;4v7. 



provided with both line and battery-driven motors 
which have been used under some conditions. 

Automatic Transfer to Reserve 

In order to insure practically continuous ringing 
service the circuit for these machines is arranged to 
automatically transfer the office load from the line- 
driven to the battery-driven generator in case an inter¬ 
ruption of ^y sort in the ringing current is encountered, 
alarms indicating such a condition. If the interruption 
has been caused by a failure of the commercial source 
of power to the driving motor, the transfer to the 
battery-(toven set will remain effective only while the 
commercial power is off, automatically restoring to 
normal op^ation upon the return of this power. This 
conserves the battery energy and insures the most 
efficient operation of the plant. 

The transfer feature uses a relay permanently con¬ 
nected across the output leads of the line-driven gen¬ 
erator. Several 12-pole double-throw contactors are 
provided in the leads from the two generators to the 
load which is connected to the mid-point of these 
solenoid-operated switches. 




Pig. 12— Power Plant pok Ringing and Com Control 

No. 803-A, 105-100-86-77 volts, 1 to 8 amperes, 20 cycles a-c. 
also -h 110 and - lio volts, 0.26 to 0.60 ampere d-c. 

The larpr plants of this group also supply positive 
and negative 110-volt direct current for use in collecting 
and refunding coins in connection with coin box service. 
This current is obtained from a double-current genera¬ 
tor with an associated transformer equipped with 
several secondary taps. Two generators with their 
control equipment are supplied for each central office 
one of which is ordinarily driven from an a-c. motor and 
the other from a battery motor, the foriner, under 
normal conditions, being continuously operating. Each 
machine has directly coupled to it by means of the shaft 
aud gears equipment to supply tones and signals used in 
the supervision of telephone calls and to provide inter¬ 
rupted current for automatic **machine ringing.” Fig. 
12 illustrates the segmental drum interrupters used for 
m^y years, apd also shows the radio-frequency choke 
coils, contained in rectangular boxes, provided to pre¬ 
vent interfm^nce from the current interruptions. 

Pig. 13 pictures one of the newer machines equipped 
with the recently developed tone alternator and mer¬ 
cury type drum interrupters. This machine is shown 



Fig. 13 Ringing Motor-Generator Set for Large Offices 
I ncluding tone sUternSttor And mercury interrupters 

In case the ringing current is interrupted or reduced 
materially in voltage, the above mentioned relay 
releases and closes a circuit to the automatic starter 
of the battery motor, starting the reserve set. The 
voltage on the reserve generator builds up very rapidly 
and at a predetermined point operates the relay again 
which closes a circuit to the operating coils of the 
contactors, these making the proper transfer of the 
office leads to the emergency machine. The operation 
from failure of ringing current on one generator to its 
complete restoration on the other, is accomplished in 
from 5 to 10 seconds. Thk transfer merely delays such 
^alls as are awaiting ringing torvice at the time and. 
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since transfers are infrequent, has a negligible reaction 
upon the service as a whole. Transfers for routine 
maintenance are made without the delay. 

Automatic Voltage and Speed Control 

A solenoid-type voltage regulator of the continuous 
vibrating type which opens and short-circuits a resis¬ 
tance in the generator field circuit has been provided for 
several years past to control automatically one of four 
a-c. voltages which are available. It indirectly con¬ 
trols the other three and also the two d-c. voltages. 
This regulator takes care of variations in load and in 
supply voltage conditions. 



14—OiiouNU Potential Compensator pou Telegraph 
Offices 

No. 706-A, 0-115 volts positive or negative, 5 amperes 


When driven by an induction motor inherent speed 
regulation is sufficient to give satisfactory frequency. 
When, however, the generator, is driven by a d-c. motor 
operating upon the reserve storage battery with variable 
voltage, a centrifugal governor is provided which 
operates rapidly to open and then short-circuit a resis¬ 
tance in series with the motor field, the relative intervals 
open and closed being such as to maintain substantially 
constant speed. 

In addition to the automatic battery, ringing, and 
signaling plants covered above it may be of interest to 
describe a rather unusual plant provided for use in some 
telephone offices to maintain continuous “grounded 
telegraph” service under very unfavorable ground 
voltage conditions. 


Ground Potential Compensator for Telegraph 
Circuits in Telephone Offices 

A plant known as a “ground potential compensator” 
is illustrated by Pig. 14. It consists essentially of two 
motor-generator sets, one line-operated for regular 
use and the other for reserve driven by a motor operated 
from the battery. The control equipment is mounted 
on impregnated asbestos panels supported by a frame¬ 
work upon which the motor-generator sets are mounted 
at the rear of the panels. Up to the present time it has 
not been considered necessary in this service to arrange 
for automatic transfer from one set to the other, reliance 
being placed upon alarms and the manual Iransfer of 
the sets since the offices where these sets are in use are 
continuously attended. The compensator is capable 
of neutralizing automatically ground potentials be¬ 
tween zero and + 115 or - 115 volts. 

The object of this plant is to compensate® for the 
varying ground potentials sometimes encountered 
between telegraph central offices when of a magnitude 
to interfere seriously with telegraph transmission. 
A geological formation with a rather high ground 
resistance between stations, especially when this con¬ 
dition occurs near a parallel run, d-c. street railway, 
accounts for the most serious fluctuating ground po¬ 
tentials. 

The armature of the operating generator is con¬ 
nected in series with the ground lead of the telegraph 
batteries and the field excitation is controlled indi¬ 
rectly by means of the ground potential fluctuations 
between the local ground and a ground of approxi¬ 
mately zero potential with respect to the distant tele¬ 
graph station or office. 

Such a neutral ground is usually obtainable within a 
few miles of the affected office over a pilot wire the cur¬ 
rent in which operates a sensitive pilot relay which 
causes positive or negative battery as required to flow 
through the fields of the generator to buck or boost the 
local ground. In order to make the pilot relay exceed¬ 
ingly sensitive, an auxiliary circuit is added which 
causes it to vibrate at from 100 to 200 cycles per second. 

Operating Experience with Automatic Power 
Equipment 

No trouble of consequence has been reported on auto¬ 
matic starting or voltage regulating equipment in two or 
three years’ opwation. 

With regard to the dry type copper-oxide rectifiers 
used in small offices the failures thus far reported appear 
to be less than 1 per cent. The oldest rectifiers, how¬ 
ever, have been in service for less than four years so it 
is possible that aging may in time increase the mortality, 
though there is little sign of this at present. Taps to 
restore output in the event of loss by aging are provided. 

The supervisory indicator ball ssrstem provided in 
the batteries has been found helpful in warning of 

8. U. S. Pat. 1,126,956, Feb. 2,1915. 
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abnormal conditions before the reserve capacity has 
become exhausted. 

The larger automatic plants where the charge is con¬ 
trolled by an ampere-hour meter have had some trouble 
reported in about 10 per cent of the installations where 
the meters have been slowed up by dirt or mercury 
dross accumulating inside the sealed mercury chambers, 
so that the meters did not record the small discharges at 
night and, therefore, put back insufficient quantities 
during the shorter charging periods to keep the bat¬ 
teries properly charged. In most cases upon which 
records are at hand the difficulties have been discovered 
and corrected before the batteries ran down completely. 
In one division upon which detailed data are available 
six such troubles developed on a total of 68 installations 
made during a three-year period. All these troubles 
were discovered and corrected in time to-prevent loss 
of service. 

The trial installations of the automatic transfer of 
ringing machines operated satisfactorily on a few actual 
occasions of power failure and on numerous tests during 
some three years, with no failures yet recorded in the 
comparatively small number of offices so equipped. 

One trial installation in a large building with fully auto¬ 
matic central power plant for private branch exchanges, 
using a motor-generator set, has been in operation for 


over one and one-half years without any failures. Two 
similar trials in central offices have been in operation for 
well over a year without failures reported. As these 
installations are still considered experimental they have 
not yet been coded and are not described in this paper, 
though most of the automatic equipment used is 
covered. 

Future Developments 

Experience to date with automatic control equipment 
in telephone offices and with completely automatic 
plants has been so gratifying that it seems probable 
the use of such equipment will be extended, particularly 
to include larger types of offices. Alarms are, of course, 
provided to secure help in the event that any of the 
automatic equipment should fail to perform, or unex¬ 
pected emergencies should develop. The ideal arrange¬ 
ment seems to be a completely automatic plant which 
will normally function by itself, both during normal 
times and as far as practicable during emergencies, 
requiring of the attendant infrequent supervision and 
routine cleaning, adjustment, and maintenance. 


Discussion 

For discussion of this paper see. page 971. 



Telegraph Power Plants 

By E. W. GRIFFITHi 

Non-member 


Synopsis.—This paper mentions some of the early methods of 
providing electrical energy to operate telegraph circuits and contrasts 
these with a description of the telegraph power plant in the Western 
Union Telegraph Company's new building in New York City. It 


A S the term ''power plant"' generally conveys to an 
engineer's mind a station where electric energy 
is generated, the expression, "telegraph power 
plants," would have had more significance forty or fifty 
years ago than it does today, for prior to 1888 electric 
energy for the operation of telegraph circuits was 
generated, in all stations, on the premises either by 
primary batteries or dynamos driven by steam engines. 
Today, there are only two plants in the United States 
in the Western Union service where power is generated 
by a private plant, one being at the Punta Rassa, Fla., 
cable station and the other at Camp Douglas, Wis. 
At all other points the Western Union contracts for 
electric energy from public utility companies and trans¬ 
forms the energy to the potentials and type of current 
necessary for the operation of a telegraph office by 
means of transformers, motor-generators, storage bat¬ 
tery or rectifiers. 

The first installation of a dynamo plant in a telegraph 
office was placed in service in September, 1880 when 
three groups of 5 dynamos each, belt driven by three 
steam engines, were installed by the Western Union at 
195 Broadway, New York, A reproduction of a sketch 
showing this installation as it appeared in the Scientific 
American of Jan. 81, 1880 is shown herewith. Each 
machine was wound to deliver 40 amperes at 70 volts. 
Pour potentials were used 70, 140, 210 and 280. The 
fifth machine served to excite the other four in each 
group. One group furnished positive potentials, the 
other negative and the third was a spare for either 
potential. The higher potentials were obtained by 
connecting the machines in series and making taps at 
each machine for the potentials mentioned. 

This dynamo plant replaced all of the gravity battery 
cells then in service for main line operation in that 
office, totaling almost 15,000 cells. The local circuits 
were still operated from 4,600 cells. This was the first 
marked improvement in telegraph power plants. Prac¬ 
tically an entire floor of 10,000 sq. ft. was released for 
other purposes as only about one-tenth of the space 
occupied by the batteries was necessary for the djmamo 
plant. The difference in weight of the two plants was 
60 tons. 

Extensive replacement of primary batteries with 
dsmamo plants was not started until 1888 when the New 

1, Telegraph Power Engr., The Western Union Telegraph Co., 
New York, N.Y. 

Presented at the Middle Eastern District Meeting of the A.I.E.E., 
Pittsburgh, Pa., March lUlS, 19S1. 


also describes the present general methods of distributing power to 
telegraph circuits and the equipment recently designed for maintain-- 
ing continuity of power including engine generator sets for standby 
service. 


York dynamos were removed and installed at Pitts¬ 
burgh, Pa., where another group of machines was also 
installed for providing 15-volt potential for local circuits. 
The three groups of dynamos were belt driven by 
three 110-volt d-c. motors. Power for operating the 
motors was obtained from the Allegheny County 
Electric Light Company. This dynamo plant replaced 
13,000 gravity cells, and was the first telegraph office in 
the world where there was not a single chemical cell 
used. It was also the first telegraph power plant ob¬ 
taining electric energy from an outside source, and the 
first station where the power company's 110-volt supply 
was used directly to operate telegraph circuits. 

The removal of the New York machines to Pitts¬ 
burgh was made after a new plant was furnished at the 
Western Union office at 195 Broadway. This new 



Pig. a ^Pirst Telegraph Dynamo Plant, New York City, 

1880 

plant consisted of three groups of machines larger than 
the initial machines. Machines for three additional 
potentials were installed in 1892: 7 volts for locals, 23 
volts for loops, and 45 volts for short lines. Atthesame 
time three steam engines of 75 hp. belted to three 
Edison 60-kw. dynamos were installed for lights and 
power and for operation of a carrier system conveying 
telegrams to and from various points in the office. 

Djnamo plants were installed by the Western Union 
at Chicago, Albany, Boston, Buffalo, .Philadelphia, and 
several other stations from 1889 to 1894 releasing 
thousands of cells of primary battery. 

The storage battery, although used in England 
around 1890, was not considered developed to a point to 
give sufficiently reliable service for operation of tele¬ 
graph plants, by engineers in the United States, until 
1893. 
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During that year the first important application of the 
storage battery in this country was made by the Postal 
Telegraph Company in its Baltimore ofiice where 430 
cells were installed replacing 2,000 gravity batteries. 
Storage battery was first used by the Western Union 
in 1893 for local circuits in its ofiice at 21 Cortlandt 
Street, New York where one 100-ampere hr. cell re¬ 
placed 30 primary cells The advantage of the storage 
battery for telegraph operation was soon realized. Only 
a few main line circuits could be operated from a gravity 
battery because of its high resistance, whereas any 
number of circuits could be fed from a battery of storage 
cells depending upon the capacity of the cells. In view 
of the st^dy voltage obtainable with storage battery, 
its reliability, flexibility, and economy, numerous gravity 
plants were replaced starting in 1895. 

The first large installation was made early in 1896 by 
the Western Union at Atlanta, Ga. where 700 cells were 
placed in service releasing 8,000 gravity batteries. Only 
half of the 700 storage cells were in use at any one time. 
The battery was charged by two dynamos driven by 
motors operated firom the Electric Light Company’s 
600-volt d-c. service. During the next two years storage 
battery plants were installed at most of the larger offices 
replacing 30,000 primary cells in that period. 

The'advent of the storage battery for the operation 
of telegraph circuits brought out numerous charging 
schemes. In some of the Western Union's branch 
offices where no chai'ging facilities were available the 
main line current operating the circuits at such offices 
was diverted through a single storage cell before con¬ 
necting to ground and served as a charging current for 
the battery. This installation, consisting of one 100- 
ampere hr. storage cell, replaced 30 gravity cells for¬ 
merly used for local circuits in the office. In the 
Western Union’s office at Allentown, P^., where a small 
storage battery installation was made in 1895, 16-cp. 
carbon lamps were used for a charging resistance and at 
the same time to light the office. 

Notwithstanding the replacements of gravity battery 
with dynamos and storage cells the number of gravity 
cells in Western Union service rose from 120,000 in 1877 
to 300,000 in 1896. This increase in the use of gravity 
cells was due in part to the opening of many new small 
offices where no facilities were available for charging 
storage batteries or operating dsmamos and in part to 
the adldition of new circuits in existing offices where 
gravity cells were already in service. The peak of the 
gravity battery installation was reached in 1903 when 
the Western Union had 628,000 cells of batteries in 
seryice. From that time on primary batteries were 
rapidly replaced by motor-^generators or storage cells. 
At the present time there are only 65,000 cells of gravity 
battery in the Western Union service, 20,000 of which 
^e in use for main line operation and 45,000 for local 
service. These cells are principally at isolated railroad 
stations and in groups of less than 150 cells. 

The most modem and probably the largest telegraph 


power plant in the world was recently placed in service 
in the Western Union’s new building at 60 Hudson 
Street, New York City. For the operation of telegraph 
circuits a very steady and reliable source of power is 
necessary. Every precaution must be taken to keep 
the lines fed with electric energy and to maintain a 
steady potential on the telegraph circuits to prevent 
delays in the handling of telegrams. A power interrup¬ 
tion is serious in the telegraph service not only because 
of message dela 3 rs for the period of interruption but also 
because of the time required to reestablish service 
particularly in those methods of operation requiring 
manual attention, such as in trunk line multiplex 
systems. Therefore in the important offices of the 
Western Union where the service of the power company 
is subject to interruption, the telegraph plant consists 
of equipment to maintain continuous service. 

Telegrams at the present time are conveyed from one 
wire to another or from one department to another by 
means of systems of belt conveyors and pneumatic tubes 
which systems are operated by electric motora. It is 
essential that such apparatus also be kept in operation 
Continuously toavoid delay in the handling of telegrams. 

In the Western Union’s new building in New York 
facilities are provided to maintain continuous power for 
telegraph operation under any conditions. Direct- 
current, 120-240 volts, three-wire power obtained from 
the New York Edison Company is used for a major 
portion of the building load and the telegraph load. 
This d-c. service is obtained over two sets of feeders 
directly from two separate substations. These feeders 
follow different routes from the substations and enter 
the building at opposite sides as a precaution against 
interruptions due to local disturbance in the streets. A 
tie to the street network is provided from each entrance 
room in addition to the direct feeders. 

Since a small amount of a-c. power was required for 
use in the laboratory and in order that the service 
coimection for this a-c. power would be of sufficient size 
for UK also as a reserve power supply, a portion of the 
building equipment and pneumatic tube compressors 
was connected to the a-c. service. The use of alternating 
current was restricted to definite sections of the building 
so as to avoid duplication of wiring and possible confu¬ 
sion between services. A 300-kw. motor-generator as 
shown in Fig. 1 was provided to convert this a-c. service 
to three-wire direct current for emergency power 
purposes. 

The Western Union is greatly indebted to the New 
York Edison Company and The United Electric Light 
& Power Company for their cooperation in arranging 
for the services mentioned. They realized the impor¬ 
tance of reliable power service for telegraph operation 
and provided every facility available to maintain con¬ 
tinuity of service. With all, of these facilities it would 
seem practically imposrible to have a complete power 
interruption However, it was considered advisable to 
provide some source of emergency service independent 
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of any outfflde source to guard against catastrophes and 
explosions in the streets which might destroy both a-c. 
and d-c. feeders, and also to protect against major 
troubles in generating stations. 

To provide an independent emergency power soiu^ a 
250-kw. steam turbine generator set as shown in Mg. 2 
was installed. This turbine is driven by steam from the 
regular building boiler plant. A turbine set was se- 



Fia. 1—^300-Kw. TSmbrobnoy Mqtor-Genbrator Set, 
New York 

lected rather than an internal combustion engine in 
view of the fact that the boiler plant for b uil ding steam 
supply is operated at 80 lb. pressure and of ample size. 
Without the necessity of providing a special steam 
supply considerable economy and saving in space was 
effected by the use of the turbine set. The turbine 
selected was of a type which could be started quickly. 

When a power failure occurs it is evident that some 
time will elapse before the emergency a-e. to d-c. motor- 
generator or turbine set can be started and placed in 



Fio. 2—250-Kw. Bmergenct Steam Turbine Generator Set, 
New York 

service. To avoid any interruption in the operation of 
telegraph or ticker circuits facilities are provided to 
maintain continuity of power to such circuits until the 
emergency units can be substituted for the regular 
power supply. Two banks of storage battery are 
provided, a view of which is shown in Mg. 3. Each 
bank provides 120-240-volt power, the same as the 
Edison d-c. power and each bank is of sufficient size to 
cany a load of 400 amperes for a period of 45 minutes 
with a drop of not over 6 volts. One bank is for ticker 


service and the other for telegraph service. These 
batteries are connected to the loads mentioned by 
means of automatic switches which operate when the 
voltage of the Edison service falls to 11.4 volts on 
either side. 

The reserve motor-generator and the turbine genera¬ 
tor are intended to carry only the essential loads such as 
telegraph and ticker circuits, belt conveyors, a portion 
of the pneumatic tubes, about 15 per cent of the lighting 
circuits on operating floors, and one elevator. 

The main power switchboards located in the basement 



Fig. 3—Emergency Storage Battery, New York 

are separated into two sections: one as shown in Mg. 4, 
for controlling building power and general lighting, and 
one as shown in Mg. 5 for telegraph power including 
belt conveyors, compressors, a portion of the lights and 
controls for the emergency imits and battery. The : 
telegraph section of the switchboard provides facilities 



Pig. 4—^Main D-c. Building Power Switchboard, New York 

for transfer of all loads connected thereto to regular or 
emergency services. 

Duplicate sets of feeders are provided through sepa¬ 
rate shafts in opposite sides of the building from the 
telegraph switchboard to the 11th floor power room, 
where are located the motor-generators for providing the 
necessary line and local potentials. A switchboard is 
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provided in the 11th floor power room for distributing 
the local and line jwtentials and the 240-volt d-c. 
service for belt conveyor power to the various operating 
floors. A view of this board is shown in Fig. 6. The 
telegraph and ticker powOT feeders terminate on the 
four double-throw switches on the left hand panel. 

A signal system is installed to indicate to the ftTiginp 
room attendant which of the four sets of telegraph and 
ticker feeders from the basement to the 11th floor power 



Fig. 6—TbIiEgeaph Power Main Switchboard, New York 

room, are in use. Specially designed auxiliary contacts 
are installed on the four feeder switches on the 11th floor 
switchboard. These contacts control lights in a signal¬ 
ing cabinet placed above the basement switchboard as 
shown in Fig. 7. A single line diagram of the feeder 
connections to the 11th floor switches is marked on the 
face of the cabinet. The completion of the circuit 
whenever a switch on the 11th floor switchboard is 
closed is indicated by the illumination of a line on the 
cabinet representing that switch. It may be seen, that 



Pig, 6—^Telegraph Power Switchboard, Hth Floor 
New York' 

telegraph feeder No. 2 and ticker feeder No. 2 were in 
use for their respective loads when this picture was 
taken. Special independent telephone circuits and 
alarm systenas are also provided for communication 
between these two centers and to give warning of the 
failure of any motor-generator set or operation of the 
automatic transfer switches. These automatic switches, 
which will be described later, are located in the 11th 
floor power room close to the telegraph load. Two 
separate feeders run from the batteries through the 
basement switchboard to the emergency side of the 
automatic switches and provide against failure of power 


to the telegraph and ticker service whether such services 
are being fed from Edison power, the emergency motor- 
generator or the turbine set. 

Distribution of power for the operation of telegraph' 
circuits and belt conveyors from the 11th floor power 
room is made through separate sets of feeders to each 
floor in two shafts. From each of these shafts the 
power is distributed to approximately one-half of each 
floor. In event of the blowing of a fuse on the distribu¬ 
tion panel only half of one floor is affected. 

An additional precaution, which is an innovation in so 
far as the Western Union is concerned, is the use of no¬ 
voltage release circuit breakers located in the power 
shafts On the belt power feeders and telegraph local 
feeders. Both loads consist of a large number of small 
motors and much trouble had been experienced in the 
past as a result of power being restored after a short 



Fig. 7—Signal System on Telegraph Feeders, New York 

failure, with these motors stopped but still on the line. 
The usi^ result, then, was the blowing of a main fuse 
or opening of a circuit breaker and a further delay affect¬ 
ing, perhaps, the entire oflice. 

The vmous telegraph potentials are fed through a 
disinbution cabinet in each shaft. FVom the shaft 
cabinet, feeders run to several zone cabinets on each 
floor. The belt power is fed through two or three circuit 
breakers in the shafts. Each circuit breaker feeds to a 
distribution cabinet on the opiating room floors. A 
view of the telegraph distribution cabinet and circuit 
breaker in a shaft is shown in Fig. 8. 

The entire arrangement of distribution is such as to 
cause a minimum of delay in event of accidental short 
drcuits or power failures. 

The maximum demand required in the Western 
Union’s New York office for handling telegrams at 
present totals 295 kw. divided as follows: 

For telegraph circuits.. 75 kw. 

For ticker circuits. 50 kw. 

For belt conveyors. 40 kw. 

For pneumatic tubes.. .130 kw. 
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The monthly power consumption for these services 
totals very nearly 150,000 kw-hr. 

There axe 37 motor-generator sets in service in the 
11th floor power room totaling 190 hp. the maximum 
size of any one set being 10 kw., for the operation of 
1,123 automatic and 145 Morse telegraph circuits and 
about 500 ticker drcxxits. A view of a group of these 
motor-generators is shown in Pig. 9. 

For the operation of message belt conveyors 15,722 



Fig. 8—Typioaii Installation Cabinets and Circuit 
Breakers in Shaft, New York 

ft. of belt driven by 274 small motors totaling 76 hp. axe 
installed. A section of such equipment with driving 
motors is shown in Fig. 10. In Pig. 11 is shown the ' 
individual table belt motor drives. 

Thqre is installed in the building 50,000 ft. of tubing , 



Fig. 9—Group op Motor-Generators, 11th Floor Power 
Room, New York 

for handling telegrams to 60 branch offices and 48 sta¬ 
tions, requiring 356 hp. in blowCTs and compressors to 
operate them. Pig. 12 is a view of the 60-hp. compres¬ 
sor units and the high-speed blowers axe shown in 
Pig. 13. 

It is now the general practise, with the Western 
Union, when a telegraph office is moved to a new loca¬ 
tion or a new repeater station is established, to obtain 
electric energy from a local power company and to 


install motor-generators, for operation of its telegraph 
circuits as the initial cost and maintenance is less than 
storage batteries and a considerable saving in space is 
effected. There have been no installations of storage 
battery plants, except at cable stations and for emer¬ 
gency service, for several years. In some cases, particu¬ 
larly in the south or southwest where thunderstorms 
are prevalent, a small portion of an existing storage 
battery plant is used in the new location in conjunction 
with automatic switches to maintain continuity of 
service over the short periods of interruptions. There 
is, however, a number of telegraph stations using 



Fig. 10—Belt-Contbyor Driying Motors, New York 

ff 

storage battery for operation of the drcuits. At most 
of the offices so equipped the storage battery wiU be 
r^laced with motor-generators when the office is moved 
or enlarged. Storage batteries have been replaced by 
motor-generators in all existing plants exc^t cable 
stations when it is found economical to do so. The 
Western Union has 120 stations including cable offices 



Fig. 11—‘Direct-Drive Belt Motors, New York 

where 33,000 storage cdls axe installed; the largest at 
any one point being at Bay Roberts, N. P. cable station 
where 2,581 cells are in service. The largest size is 
400-ampere hour. 

The first installation by the Western Union, of storage 
battery, automatically operated in conjunction with 
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motor-generators to maintain continuous sanrice, was 
made at the timea new office was installed in New Orleans 
in 1923. Considerable trouble had been experienced in 
the old office due to many short power failures interrupt¬ 
ing the service and particularly the circuits emanating 
from the Cotton Exchange there. At the Exchange in 
New Orleans cotton orders are sometimes executed with 
Liverpool, England, in a minute and a half so that the 
importance of continuity of service can readily be seen. 

The installation of such plants was extended to other 



Pio. 12 —60-Hp. Pneumatic Tube Compressob, New York 

large stations where numerous automatic circuits were 
in use and where power interruptions were frequent. 
Difficulty was experienced, however, in obtaining an 
automatic switch which would operate fast enough to 
maintain synclmonism on the automatic circuits. Sev¬ 
er^ types were tried, and it was not until 1927 that a 
switch was developed by a manufacturer, in conjunction 
with Western Union engineers, to meet the requirements. 



Fig. 13—High-Speed Pneumatic Tube Blowers, New York 

In Fig. 14 two of these switches which are in service 
in New York are shown. These are solenoid type with 
the blades or moving contacts assembled as one unit on a 
rocker arm. The current is carried by copper-to-copper 
contacts but the breaking contacts are copper to carbon. 
Special relays were designed for op^-ating the switch on 
a slight drop in potential of the regular power source. 
A resistance in series with the switch coil is cut in and 
out by auxiliary contacts on the switch. The resistance 


is short-circuited when the switch is closed on the 
bottom or reserve contacts, thereby subjecting the coil 
to full voltage when the relays are closed. When the 
switch is closed on the regular side the short circuit is 
removed thereby reducing the current in the switch coil 
to just enough to hold it. This reduced current also 
reduces the lag when the power fails and the switch 
drops to the reverse side. The two groups of contacts 
are arranged so that during the operation of the switch 
there is only one-sixteenth of an inch clearance at the 
time the regular contacts open and contact is made on 
the reverse side. Consequently the interval of no 
current is v&cy small. The change from one source of 
power to the other is accomplished in less than one- 
tenth of a second. The switch is arranged so that it 
can be restored to regular position only by closing the 
relay contacts manually. The air gap on the relays is 



Fig. 14 —Automatic Thuow-Ovek Switch, New York 

adjusted so that the relays will not close automatically. 
This was done purposely so as to prevent rapid opera¬ 
tion of the switch in event of fluctuations of the regular 
power source. The switch is kept on the battery until 
the service is restored and steady. 

The switches shown in Pig. 14 are the largest of 
this type in service. They are 800-ampere capacity. 
The back contacts of the operating relays are utilized 
for audible signal when the switch operates. 

Storage battery or motor-generators are in service in 
over 1,200 Western Union offices. Ninety per cent of 
such installations are motor-generator plants. 

Motor-generators for Western Union service are con¬ 
structed by various manufacturers under special speci¬ 
fications. Very close regulation is necessary not only 
from no load to full load but at any load as the load of 
telegraph circuits varies. The maximum temperature 
rise allowed for field coils and windings is 35 deg. cent, 
and commutators 40 deg. cent, which insures obtaining 
liberally rated machines. The manufacturers are also 
required to specify the minimum guaranteed efficiency. 
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As practically all telegraph circviits are energized at all 
times the efficiency of the machines is a factor in deter¬ 
mining the value of machines offered by various manu¬ 
facturers. 

In all except very small offices positive and negative 
polarities are required as most of the telegraph circuits 
are. operated on the duplex system. For each potential 



PlO. 15 —GhoUP op D-C.— D-O. MoTOn-OlSNBRATOIlH poll 
PoBMisHiNo Onh! Positivb AND Nhoative Polaritv, Nkw 
York 

a group of three machines is provided, one for positive, 
one for negative, and one spare for use of eitherpolarity. 
Such a group is shown in Mg. 15. These are d-c.—d-c. 
sets with hand starters. Equalizer connections are 
provided on the generators to permit paralleling while 
the load is transferred from one generator to another. 
The machines are mounted on benches of angle iron 



Fio. 10 —Gboxip op A-c.— ^D-c. Machines, Sybacubb, N. Y. 

construction with }4-in. sheet metal tops. The motor- 
generators are mounted on springs to prevent the trans¬ 
mission of any vibration. Ebony asbestos panels are 
now used exclusively in preference to slate, as trouble 
was experienced due to conductive veins in slate and 
breakage in shipment. 

A group of nine a-c.—d-c. motor-generators installed 
in the Syracuse office is shown in Fig. 16. The motors 


are started by means of double-throw switches placing 
the machines directly on the line for starting. Other¬ 
wise the panels and benches are similar to the d-c.—d-c. 
type. A group of small motor blowers for operating 
pneumatic tubes is shown at the left. 

Motor-generators of 500 watt size and smaller are 
generally mounted on what are termed “wall type 
benches" which are specially designed to conserve space. 
A view of two such benches installed in the Buffalo 
office is shown in Fig. 17. They are of angle iron and 
sheet steel construction and are self-supporting, and 
can be mounted back to back if necessary. As these 
benches are designed primarily for use in small offices 
during the advent of the simplex automatic system, 
safety ts^pe switches are provided- The motor-genera- 




Fia. 17—WAr.ii-TvPB Motoh-Genebatob Benches 


tors shown in the photograph are metallic circuit ma¬ 
chines. These sets are also of special design with a 
double commutator generator. Each machine provides 
both polarities of 160 volts and is used on an individual 
metallic circuit. By means of double-throw switches, 
jacks, and cords and plugs, spare machines can be trans¬ 
ferred to any circuit in event of trouble with the regular 
machine. 

When the wall type bench is used in small offices it is 
equipped with a small panel with simplified apparatus 
to change machines similar to the larger motor-genera¬ 
tor installations. 

There are 1,085 stations of the Western Union 
equipped with a total of 4,230 motor-generators; the 
largest number at any one station being in the New 
York office where 37 are installed. The largest size 
used exclusively for the operation of telegraph circuits 
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is in Philadelphia where three 20-kw. 110-volt potential 
machines are in service. 

In most of the large offices special motor-gaierators 
are installed for S 3 mchronizdng clocks. These mapLingji 
are automatically started 20 seconds before each hour 
and stopped about 20 seconds after the hour. The 
starting and stopping are controlled by contacts on 
special clocks through relays. 



Fig. 18—Typical Zonb Cabinet 


Power is also supplied for the operation of time 
stamps. At each automatic opaxiting position a stamp 
is installed for the operator to time the telegrams when 
recdved. The stamps are operated every minute by 
master relays. 

Specially designed cabinets, termed “zone cabinets,” 
1(^1^ near the operating equipment, are used to 
distribute the power to sections of operating apparatus. 



Fig. 19—^Bblt-Powbe Distbibvtion Cabinet 

Several cabinets are located on each floor. A photo¬ 
graph of a t 3 q)ical installation is shown in Fig. 18. This 
cabinet provides ten feeders of each polarity of 160- and 
240-voIt potential, twelve for the 110-volt negative, 10 
for the 110-volt positive, ten for time stamp circuits, and 
twelve for grounds. Two copper straps are installed on 
•the inside of the barrier in the upper left hand comer. 


one being connected to the 110-volt bus in the cabinet 
through a lamp and the other connected to the ground 
bus. This arrangement is for testing fuses. In the 
center a special compartment is provided for storing 
fuses. A framed chart is installed on the inside of each 
cover to properly designate the feeders. 

Zone cabinets are al^ provided for belt conveyor 
motors and are generally mounted on columns similar 
to the telegraph zone cabinets. Such' a cabinet as in¬ 
stalled in the New York office is shown in Pig. 19. This 
cabinet provides for feeding ten 220-volt d-c. circuits 
and is equipped with a fuse testing device and fuse 
container. The box at the bottom of the cabinet 
contains a special starting device for controlling the 
motor on a “pick-up” belt and the motors on “table 
belts” feeding into that pick-up belt. It was found 
desirable to stop all table belts in event the pick-up belt 
stopped for any reason, otherwise telegrams would 
accumulate in large numbers on the latter belt. The 



Fig. 20—^Nbw Type Zone Cabinet 


coil of the starter is connected across the pick-up belt 
motor and the starter cqntrols a maximiim of 12 table- 
belt motors. ^ This installation at New York was the 
first of this kind and has proven a great benefit to the 
service. 

In order to reduce the number of styles and sizes of 
zone cabinets to a minimum and to economize on 
materials and space a new type of zone cabinet has 
recently been standardized. A photograph of this 
cabinet is shown in Fig. 20. The cabinet has been 
designed to use boxes of three sizes, all of the same 
width and depth but of three different heights to provide 
for variable distribution requirements. The fuse clips 
are mounted dii^tly on the main buses thereby saving 
two inch^ in width. Two sizes of panels are used, the 
largo- being twice the height of the smallo-. With this 
arrangement .greater flexibility will be effected and at 
the same time the costs will be. reduced since the parts 
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can be ordered in larger quantities and stocked and 
assembled as desired. 

At all important offices where an interruption to the 
power source would seriously affect telegraph operation 
an emergency plant is installed. The first type of 
engine used for emergency power was a single-cylinder 
slow-sp^d gas engine belted to a generator. Several of 
these single-cylinder sets were installed but most of 
them have b^n replaced by multi-cylinder higher speed 
gasoline engine units. The first multi-cylinder t 3 q>e 
was installed in 1915. However, the multi-cylinder 
type was not used exclusively until about 1920. They 
were 40 to 60 hp. engines running at 600 to 900 r. p. m. 
and operated mostly on illuminating gas. Consid¬ 
erable trouble was experienced in operating on gas 
due to the fact that generally during a failure of the 
electric service an abnormal use of gas occurred which 
reduced or varied the pressure sufficiently to cause 
unsteady operation of the engine. Subsequently a 
gasoline-kerosene type was developed and used. This 



Fig. 21—^Emergency Unit, Bupfaeo, N. Y. 


t37pe, although designed for normal operation on kero¬ 
sene, was started and wanned up on gasoline. With 
these engines the amount of gasoline was limited to the 
amount necessary for starting purposes only. Troubles 
were also reported in connection with such sets due to 
the rapid collection of carbon and the difficulty in main¬ 
taining the duplicate carburetors and fuel supply sys¬ 
tems. -With one exception all emergency units installed 
since 1923 have been gasoline engine driven. 

There are 114 emergency engine-generator units in¬ 
stalled in Western Union offices in the United States. 
Sixty-seven operate on gasoline, 23 on gasoline and 
kerosene, 16 on gas, 7 are semi-Diesel and 1 is full 
Diesel. The smallest unit is 8 hp. and the largest at 
the present time is 120 hp. although 200-hp. units will 
be installed in the near future. 

The prime requirements for an emergency plant for 
telegraph service are simplicity of operation, quick 
startmg, capabiUty of handling a load very soon after 
starting, very close speed regulation on constant load, 
close regulation from no load to full load and continuous 
operation once started. 


A photograph of a recent installation in the basement 
of the Rand Building in Buffalo is shown in Pig. 21. 
This unit consists of an 80-hp., 900-r. p. m., 
6-cylinder gasoline engine driving a 40-kw. three-wire 
220-volt d-c. generator. 

To insure steady operation only engines with four or 
more cylinders are specified. 

All engines of 25 hp. arid larger are equipped with two 
entirely separate ignition systems including separate 
magnetos with impulse couplings and separate spark 
plugs. Separate switches are provided so that both sets 
of ignition systems can be operated simultaneously or 
either set alone. 

An overspeed cutout device is provided to ground the 
ma^etos when the engine reaches a predetermined 
maximum allowable speed. This device is so arranged 
that once it operates the magnetos will remain grounded 
until reset by hand. 

Fuel pumps are specified in duplicate and may be 
either two direct-driven pumps or one direct-driven 
pump and a hand-operated pump. 

A one pint gasoline tank is provided on the fingina for 
gmvity feed to the carburetor. This tank is equipped 
with a gage showing the quantity of fuel also a quick- 
vent float-air valve. The latter valve will close the 
vent if the tank is completely filled and is provided to 
prevent flooding of the room with gasoline in event the 
main tank is fllled beyond its capacity. 

Most of the units are not provided with radiators for 
cooling water. However, each engine is equipped with 
a v^ater pump for future use in conjunction with a 
radiator if there appears to be a possibility of water 
failuie. At a few stations where the water supply is 
unreliable the sets are supplied with radiators initially. 
At one or two points radiators are provi^ied as a separate 
unit driven by a motor. 

A regulator is specified to automatically open the 
cooling water supply when the temperature reaches a 
caiain point, to maintain the water at a determined 
temperature, and shut off the supply when the owgino 
stops. 

A control panel is specified for mounting the tachom¬ 
eter, starting switch, ignition switches, oil-pressure gage, 
thermometer, throttle and choke controls, and a frame 
for brief operating instructions. In Fig. 21 this panel 
is shown mounted over the flywheel. From this point 
the en^e can be started or stopped and its complete 
operation such as speed, oil pressure, and temperature 
can be observed. 

The engines are direct connected to the generators or 
alternators by means of flexible couplings, and are 
started with automobile t 3 ipe starters. 

The entire assembly of the engine and generator is 
made on a substantial cast iron base. To lessen the 
noise and prevent the transmission of vibration to the 
building the entire sub-base is mounted on springs. All 
connections such as water inlet and outlet, fuel suction 
and return lines and exhaust pipe are made with flexible 
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piping. The spring mounting also lessens the wear of 
the moving parts of the engine due to the cushioning 
effect, thereby reducing the maintenance and prolonging 
the life of the unit. 

All moving parts are protected by guards and the 
exhaust manifold is water jacketed. 

A maxim silencer is usually installed in the exhaust 
line. In the installation at Buffalo it is on the roof at 
the 20th floor set back. 

As considerable condensation occurs in the long run of 
exhaust pipe a drain cock is placed at the bottom of the 



Fig. 22—Emergency Units, Pittsburgh, Pa. 


exhaust line in the engine room. This can be seen just 
to the right of the generator. 

In some of the larger offices two smaller emergency 
units are provided instead of one large unit because it is 
frequently found to be more economical, it affords 
greater protection than the single unit installation and 
the replacement of parts on the smaller engines can be 
more readily handled by the local force. Two units 
are installed in Pittsburgh, Pa., a view of which is shown 
in Fig. 22. These units are similar to the one at Buffalo 
except the engines drive 220-volt three-phase 60-cycle 
50-kva. alternators. At the right can be seen the 
storage batteries used for starting together with the 
charging panel. These batteries are furnished in dupli¬ 
cate to insure ample capacity in event of trouble in 
starting. The batteries are also used in connection with 
a relay to automatically light a few 12-volt lamps in the 
engine room when the power fails. Engine units of the 
type shown can be started very quickly. In some cases 
after a power failure they have been started and loaded 
in less than 2 min. However on trial test this has been 
accomplished in 30 sec. 

Where two engines with alternators are installed no 
attempt is made to parallel them. The various loads 
are divided and switching facilities provided so that all 
or any part of the loads can be placed on either unit. 

Only one Diesel-engine set is in Western Union ser¬ 
vice. This is installed at San Francisco and is shown 
in Fig. 23. It has not been foxmd economical to install 
Diesel engines instead of gasoline engines for telegraph 
emergency service as the initial cost of the Diesel en¬ 


gines is much higher and the sets are run so seldom that 
economy of operation is comparatively a small item. 
The Diesel set was installed in this case as the storage of 
gasoline, except in a small quantity, was prohibited. 
This ^t is equipped similarly to the gasoline sets; that 
is, with overspeed cutout device, water regulator, dupli¬ 
cate fuel supply pumps, engine fuel supply tank, control 
panel, and spring mounting. It was necessary to use 
two electric starters on this engine as well as to provide 
compression relief valves for use in starting. This 
set is a 70-hp. 800-r. p. m. 4-cylinder engine, direct 
connected to a 40-kw. 3-wire 220-volt d-c. generator. 

In a few cases it has been found advisable to install 
the emergency units above the ground floor because of 
the danger of high water or floods. One such installa¬ 
tion is at New Orleans where two 60-hp. 900-r. p. m. 
engine-generator sets are installed on the third floor. 
In this case a motor-driven pump was mounted in a 
fireproof enclosure a few feet above the ground level 
for pumping fuel from the underground supply tank to a 
small reservoir in the base of the engine. This is a 
rather expensive method of installation and is subject to 
troubles in operation. 

A semi-automatically operated gasoline engine gener¬ 
ator set was recently installed in the Western Union 
office at Shreveport, La., on a trial basis. If proper 
operation can be obtained it will save considerable time 
in restoration of service where the unit is several floors 
from the operating force, as it is in this case. 

Such a semi-automatic unit is shown in Fig. 24. In 



Fig. 23—Diesel Emergency Unit, San Francisco 

^dition to the standard accessories with which this set 
is equipped there are also the necessary electrically- 
operated attachments for starting or stopping the set at 
a remote station. These consist of a contactor for 
closing the starting motor circuit, the solenoid-operated 
<ffioke on the carburetor and the fuel pump control 
circuits. The set is also equipped with a radiator and 
fan for cooling purposes in order to make the unit inde¬ 
pendent of the local water supply. One set of control 
buttons is mounted on the engine control panel and 
another or duplicate set is mounted on a power panel in 
the operating room in another part of the building. 
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In case of a failure of the regular power an attendant 
in the operating room may start the emergency unit and 
transfer the load to it without leaving the room. 

In the past five years marked improvement has been 
made in the design of internal combustion e ngine R 
prompted by the demand of the automotive and aviation 
industries for higher powered engines of less weight. 
This brought about the design of higher speed industrial 
type engines which proved more reliable and satisfac- 



Fia. 24 —Semi-Automatic Emeboency Unit, Shbevepobt, La. 

tory in operation. With the economic advantages in 
the use of higher speed engines for telegraph em«^ency 
plants in view, t^ts were recently made on engines 
operating at 1,200 r. p. m. which resulted in a 
decision to make a few trial installations. The first set 
will be an 80-hp. 4-cylinder en^ne running at-1,200 
r. p. m. and wiU be installed at the Westan Union’s 
office at Jacksonville, Fla. where a saving of about 
one-third in the initial cost of the plant as well as a sav¬ 
ing of space is expected. 

Two units similar to the one shown in Fig. 25 con¬ 
sisting of a 200-hp. 8-cylinder 1,200-r. p. m. gasoline- 



Fig. 26—200-Hp., 3,200-R. P. M. Gasoline Engine- 
Gene ratob Unit 

engine direct connected to a 125-kva. 208-volt three- 
phase 60-cycle alternator will be installed in the new 
Western Union office at Boston. A considerable saving 
in space as well as in initial cost will also be made in 
this case. 

To provide for the quick restoration of service at 
offices which may be completely destroyed by fire, flood, 
earthquake, tornado or hurricane several portable en¬ 
gine-generator sets of 6-kw. capacity each mounted on 


wheeled trucks together with similar trucks containing 
motor-generator sets, telegraph switchboards, and 
operating sets are distributed throughout the country 
available for quick transportation by rail or iruck to 
any point. 

Perhaps there may be some question as to whether the 
emergency plants described have been of any service. 
One instance of their use was during a calamity which is 
remembered by all. When Miami, Fla. was hit by a 
hurricane in 1926, two small engine units provided 
power to operate the telegraph plant and provide light 
for over 72 consecutive hours or until the power was 
restored. 

To provide for the satisfactory operation of new 
circuits, methods, and apparatus in the most economical 
and reliable manner development and design of power 
plant equipment are carried on continually and there is 
no doubt that the telegraph power plant of 1980 will 
show as much improvement compared to the present 
plant as the present day plant compared to 1880. 


Discussion 

AUTOMATIC POWER PLANTS FOR TELEPHONE 
OFFICES 

(Young and Lunsfobd) 

TELEGRAPH POWER PLANTS 

(E. W. Griffith) 

J. L. Woodbrld^e i Possibly a brief mention of certain develop¬ 
ments in the design and application of the storage battery for the 
service described in the first paper may be appropriate. 

The function of the storage battery in this field is threefold,— 
first as a reservoir of energy to insure continuity of service, 
second as a means for meeting the increasingly exacting require¬ 
ments for a constant d-e. voltage and third, in many cases, as a 
means of reducing crosstalk and machine noise which would be 
disturbing without some type of filter. It has been the constant 
effort of the battery manufacturer, in cooperation with the engi¬ 
neers of the telephone industry, not only to perfect the storage 
battery for carrying out these functions but also to simplify its 
operation and reduce to a minimum the item of attendance and 
maintenance. 

The improvements and refinements in manufacturing methods 
and processes which have been and are constantly being intro¬ 
duced are of real importance but are not obvious from a super¬ 
ficial examination and can hardly be reviewed in a discussion 
of this kind. Certain developments in. cell construction and 
operating methods may, however, be of interest. 

One of these is the introduction of the sealed glass jar cell, 
shipped assembled, sealed, and charged. This practise was 
introduced over l5 years ago for the smaller sizes of cell used in 
farm-lighting plants and its success has warranted its extension 
to the larger cells required for telephone installations. One 
such installation in Denver is shown in Fig. 1, the enclosed cells 
being on a rack in the foreground and the large batteries in 
lead-lined wood tanks appearing in the rear. 

It is hardly necessary to point out the Important advantages 
of the enclosed cells in respect to convenience of installation 
and subsequent inspection and maintenance. Reference has 
been made to the pilot balls or charge indicators which are now 
provided in these cells. Hollow-glass pilot balls were furnished 
with the farm-lighting batteries referred to above. Early 
experience with the wax balls led to some skepticism in regard 
to the permanence of their indications but improvements which 
have been introduced by the manufacturer have strengthened 
confidence in them, provided their limitations are understood. 
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To avoid misunderstanding on this point, it is well to point 
out that owing to the tolerances required in practical production 
methods both in the specihc gravity of the balls themselves and 
in the nominal full charge specific gravity of the electrolyte as 
well as the variations in the latter with change of level and with 
time in service, the indications of these charge indicators must 
be considered as only approximate, but with these limitations 



Fig* 1—Battery Room, Denver Telephone Office 


m mind they are undoubtedly a useful adjunct. There appears, 
however, to be a general sentiment to the effect that in view of 
these limitations two pilot balls in a cell wiU serve all practical 
purposes, and probably in most cases the operation is guided by 
the indications of one of these. A recently-developed three-cell 
umt in a glass case is shown in Fig. 2, while a two-cefi unit of 
smaJler capacity provided with a rubber tray is shown in Fig. 3. 

Referring to the counter e. m. f. cells as a means for voltage 
control, a most important and radical improvement has been 
introduced, in the substitution of nickel electrodes in an alka¬ 
line electrolyte for the lead-alloy-acid combination. Such a 
ceU is shown in Fig, 4. Several distinct advantages have been 



Fig. 2-^Thrbb-Cell Battery Unit with Rubber Tray— 
2-B1-9, 4 Volts, 40 Ampere-Hours 


decured. The nickel electrodes are not subject to corrosion in 
service, being practically permanent in the absence of impurities, 
provided air is excluded, this latter being aecompUshed by the 
layer of oil qn the surface of the electrolyte. No capacity is 
developed in service, permitting the cells to be short-circuited 
wi^tmt excessive flow of current through the short-circuiting 
Batches. No sediment is deposited, thus eliminating periodic 
cleaning. The momentary high voltage sometimes observed 


Transactions A. I. E. E. 

when current was flrst passed through the lead-acid type of cell 
after a prolonged stand on short circuit does not occur with 
these nickel-alkaline cells. They also require less space for a 
given current capacity. 

In respect to operating methods, important improvements 
have been introduced. The substitution of the single battery 
in full float operation for the double battery operated on alter- 



Fig, 3 Two-Cell Battery Unit, with Rubber Tray_ 

2-B1-9, 4 Volts, 40 Ampere-Hours 

nating cycles of charge and discharge has been mentioned, as 
well as the use of the ampere-hour meter for the control of 
partiaUy worked batteries. One of the limitations of the ampere- 
hour meter has been referred to in the fact that it requires 
occasional overhauling on account of the fouling of the mercury. 

There is pother limitation which should also be kept in mind. 
The losses in the storage battery are of two kinds. First, that 
due to the inefficiency of the clinging current, a certain portion 
of the charging energy being necessarily wasted in gassing. In 
accordance with Faraday's law, that portion of the charging 
current which causes gassing has no effect in charging the plates. 
In the case of a battery which is subjected to an appreciable 
amount of daily discharge, this loss is roughly proportional to 
the amount of discharge, and can therefore be approximately 



Fig. 4—Nickel-Alkaline Counter Cell—^NAK, 2 Volts, 
30 Amperes 


compensated for by adjusting the ampere-hour meter to run 
slow by a certain percentage in the charge direction. The other 
loss m the battery is that due to local action, and is proportional 
to the elapsed time, varying also with the oeU temperature, but 
bears no relation to the amount of discharge. In the case of a 
worked battery, this loss is small compared with the charging 
loss and may be included in the overcharge provided by the 
adjustment of the ampere-hour meter. In the case of a very 
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lightly worked battery, the local action loss, although actually 
small, may be a very considerable proportion of the total loss, 
exceeding the limit of adjustment provided in the meter. This 
condition may be met by supplying to the battery a small 
constant trickle charge, not subject to control by the ampere- 
hour meter, but sufdcient to compensate for the constant losses. 

Much study has recently been given to the control of battery 
charging by means of a voltage responsive out-out. In the early 
history of the storage battery many attempts were made to 
terminate the charge at a predetermined battery voltage. This 
method is no more successful now than it ever was, on account 
of the variation in the full charge voltage of the battery under 
varying conditions of charging rate, temperature, age of the 
battery, etc. It has, however, proved quite satisfactory to 
employ a two-rate charge, the rate being reduced from the higher 
to the lower rate in response to a battery voltage well below the 
final value, the lower rate being maintained continuously there¬ 
after and fixed at a value which will not prove injurious. Various 
modifications of this principle have been successfully applied 
to meet varying operating conditions. 

!• Smith: The development of dry disk copper oxide or 
Rectox rectifiers for the various applications described by 
Messrs. Young and Lunsford began over four years ago. Since 


'i 




Fig. 5—Rectox Chaeger for PBX Batteries. Cover 

Removed 

that time I have had the pleasure of cooperating with Mr. 
Lunsford and his associates of the Bell Telephone Laboratories 
in the development of a number of different units for these power 
applications. It may be pertinent to say a few words about 
these units and their characteristics. 

Rectifiers for telephone use difier somewhat from those 
designed for other applications. In the first place, as pointed 
out by the authors, reliability is paramount. Operating costs, 
flexibility, size, and weight are also of importance, but not to the 
same extent. In the second place, an extensive system of specifi¬ 
cation and inspection has been built up, based on the long 
experience of the telephone company in the use of rectifiers. 
This system, of course, is also applied to the other types of equip¬ 
ment used and I think has a great deal to do with the success of 
the automatic plant, for it assures interchangeability of parts 
and duplication of results previously obtained. 

For such an application the Rectox rectifier is well suited, as 
it excels in reliability any other available rectifier, having the 
ability to run for years with little or no attention, assuming that 
it has been properly designed and properly applied. Hence, it 
is well suited for application to telephone work. 

The first unit developed was that used for charging 17-20-volt 
PBX batteries, a view of which is shown in Fig. 6. This unit 
has a maximum rate of H ampere, but it must also be able to 


charge as low as 0.2 amperes, and of delivering either the maxi¬ 
mum or the minimum rate at rated battery voltage aud for line 
voltages varying plus or minus 10 per cent. Furthermore, the 
rate must be adjustable between the maximum and the minimum 
in steps of not more than 55 milliamperes each. The resulting 
unit then is extremely flexible. Adjustment is made by means 
of transformer taps, for the sake of efficiency, as this rectifier 
runs continuously. And, as it is used while the battery is 
furnishing talking current, the normal d-c. wave delivered from 
the rectifier must be smoothed out somewhat, which is accom- 



Fig. 6 —135-V OLT Rectox Chaeger for Plate Supply 
Batteries. Cover Removed 

plished by means of a small reactor in the d-o. output circuit. 
Mechanically the unit is designed to be portable, to mount on 
wall or shelf, and to harmonize in appearance with other equip¬ 
ment in the station. 

The next development was that of the SO-mihiampere 130- 
volt unit for charging repeater plate supply batteries, as illus¬ 
trated in Fig. 6. Mounted in the same case as the PBX charger, 
this unit is also provided with a wide range of adjustment for 
flexibility and to assure its being able to handle any application 



Fig. 7—^2Ji-AMPERB 20-30 -Volt Rectox Charger for 
Filament Supply Batteries 

within its range. On lines of secondary importance where outage 
due to power failure is not serious, this rectifier with a suitable 
filter is sometimes used to excite the plate of the tube directly, 
without the battery. 

Repeater tube ffiament supply battery charging called for a 
somewhat larger Rectox shown in Fig. 7, capable of delivering 
amperes at 20-30 volts. The same provision for wide range 
of adjustment to meet many conditions has been made. The 
unit being much larger than tiie preceding rectifiers was arranged 
for relay rack mounting. 
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Several other developments have been carried on, including 
the magneto power unit, (a combination battery and trickle 
charger) the superimposed ringing battery charger, and various 
units used as valves. The latest development is a rectifier which 
delivers 120 volts and 100 milliamperes with a ripple of less than 
3 per cent in the output wave. This rectifier is shown in Fig. 8. 



Fig. 8—Power Unit, Case Removed. Rated at 120-'Volt 
0.1 Ampere D. C. 

There are two characteristics of importance. First is the 
matter of reliability. I think it is of interest to view the life 
test curve, Fig. 9, showing the average performance of a number 
of units, with a reduction in charging current of 22 per cent in 
years of continuous operation. Those who have had 
experience "^th rectifiers know that such operation, absolutely 
without maintenance or replacements, is really remarkable. 



DAYS OPERATION 

Fig. . 9—Rectox Performance on Life Test 

On all telephone type rectifiers excess transformer capacity is 
provided to permit the voltage to be raised when necessary due 
to aging, thus extending the useful life to some indefinite future 
date. 

The other characteristic is efficiency. Fig. 10 shows the 
efficiency of a 4-disk bridge-connected rectifier rated at 5 d-o. 
volts and delivering 0.5 amperes. This illustrates how the 


efficiency is affected by a change in the operating voltage. In 
the operating range which would be from 3 to 5 volts, efficiency 
is quite satisfactory. 

K. €• White: It may be interesting to mention that the 
Pennsylvania Railroad Co. has applied several of the power 
plants described in this paper to a rather extensive dial telephone 
system in the Western Pennsylvania and Eastern Ohio area. 
This system is illustrated schematically in Pig. 11. 

There are 9 fully automatic, 7 semi-automatic and 8 manual 
telephone P.B.X.’s in this system with rather elaborate inter¬ 
connecting tie lines. Automatic power plants have contributed 
greatly in making it practicable due to the very much lessened 
maintenance required resulting in a considerably smaller operat¬ 
ing personnel. In addition the better-voltage practically fool¬ 
proof operation, and longer battery life make for a much higher 
efficiency than that obtainable in manually-operated plants. 



Pig. 10—Efficiency op Fotjr-Disk Rectox Unit at 0.5 

Ampere 

Some earUer types of automatic power plants of somewhat 
different characteristics were placed in service in this territory 
between 1917 and 1927 and formed a basis for the present design 
which has proven most satisfactory. In fact I can recall no 
power failure in any of these plants installed since the latter date. 
This result is particularly gratifying since there is hardly a 
service where reliability and dependability are more important 
than that required in the operation of a railroad especially in the 
central region of the Pennsylvania Railroad Co. 

It has been especially pleasing to us to receive numerous 
favorable comments on the automatic dial telephone P.B.X. 
system outlined above in which the automatic power plants are 
contributing their share. These comments have come from 
superintendents of our operating and traffic departments as well 
as the rank and file of our yard men. 



Private branch’exchange shovdhg type of power plant and number of dial telephones 
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G. H. Kendricks: When fire destroyed the office of the 
Western Union in Pittsburgh in 1885 the Alleghany County 
Light Company set aside two 600 light d-o. machines for 
its exclusive use, for it was unable to secure quarters large 
enough to replace the gravity battery destroyed. It was 
necessary in order to use this plant to ground the positive 
or negative polarity of these machines in order to give the 
proper current to the Company’s lines. Up until recently the 
telegraph service was a single-wire system, being either grounded 
or “batteried” from the distant end. In order properly to 
distribute the correct amount of current to the lines, artificial 
resistance was introduced in the line next to the battery. This 
was done for various reasons. First, to protect the instruments 
in case of a short circuit or a nearby ground on the line. At this 
particular time tho 16-candle power 110-volt carbon filament 
lamp was used. Gravity battery was still maintained for local 
and sounder service. In order to supply current to the multi¬ 
plex circuits it was necessary to build up with gravity battery 
on top of the 110-volt generators. 

When the First National Bank Building was rebuilt the com¬ 
pany installed the old Siemens-Halske generators used in New 
York and in addition two Western Electric 15-volt generators for 
local sounder service. This, it is understood, was the first tele¬ 
graph office, operated exclusively with generators. At this time 
there were new ways of adding different types of resistance for 
battery leads. The one in question in the new office was a plaster 
of Paris cylinder about 15 in. long by 3 in. in diameter and 
wrapped with No. 36 German silver wire. This was abandoned 
on account of the space occupied. Then the resistance lamp of 
various resistances was introduced, which is used at the present 
time. 

With the introduction of the generators it became necessary 
liO provide some contrivance for dividing current for quadruplex 
pperation which was commonly used at that time. In the gravity 
battery all that was necessary was to tap the battery at the 
required voltage, but with generators with only one voltage it 
was necessary to use a rheostat with German silver wire so as to 
give a proportion from three to one or four to one as the proper 
amount of current for the polar side of the quad and for the com¬ 
mon side of the quad. Quadruplexes have all been discarded 
since the introduction of high-voltage power plants. The 
Western Union operating department is now located on the 15th 
and 16th floors (approx. 25,000 sq. ft.) of the Chamber of Com¬ 
merce Building and today practically 85 per cent of its service 
is worked by printer operation. The power plants today are 
composed of two 26-volt motor-generators, six 110-volt motor- 
generators, three 160-volt motor-generators, and three 240-volt 
motor-generators, occupying a space about 6 ft. by 40 ft. 
(approx. 2,400 sq. ft.) in the main operating room. 

The telegraph company has also introduced in the larger cities, 
pneumatic tubes for carrying messages from the main office to 
the branches. This is done in Pittsburgh by seven 5-hp. motor- 
operated blowers to the branch office, and three 1-hp. motor- 
operated blowers for tubes from one branch office to another 
in the near vicinity of the larger branch offices. 

C. S* Alt: The company with which. I am associated has 
pioneered in the development of emergency engine sets for tele¬ 
phone and telegraph service assisted in a major way by the engi¬ 
neering staff of both systems. 

Although our public service supply of power today is of a high 
order, emergencies do arise which leave us without power, hence 
the call for an emergency power unit. Primarily such a power 
unit must of necessity be easily and quickly started and put into 
service at full load without delay, therefore our development has 
been carried on with this idea always foremost. 

Accomplished accurate speed regulation and governing must 
be adhered to especially so in the a-c. power plants.. Although 
it has not as yet been necessary in the communication service, a 


regulation has been accomplished to meet the needs of parallel 
operation of two or more units. 

Freedom from vibration and its attendant results are also a 
very important item in the operation and development of such 
units. Extreme caution in balance of all moving parts is neces¬ 
sary. No power demand is so exacting in its requirements in this 
respect as the telegraph and telephone service, and the years of 
development bring to one’s mind a number of experiences dealing 
with period and harmonic vibration in buildings peculiarly sus¬ 
ceptible to such problems. 

The supply and handling of fuel for such a unit is aiso a prob¬ 
lem and the telephone and telegraph company experiences have 
proven that gasoline as a fuel is most dependable. Gasoline 
in an office building in the crowded business section of our large 
cities might seem like playing withu great hazard but experience 
has shown that this is not the case as the Laboratories of the 
National Board of Fire Underwriters are continually working 
hand in hand with us in this field and today a gasoline emergency 
power unit can be installed in any building with the full approval 
of this Board. All plants used by the telephone and telegraph 
service are approved and listed by the Underwriter Laboratories. 
Simplification and centralization of engine and fuel controls 
are also very necessary in order that an experienced operator is 
not required to start the unit. Condensed starting instructions 
consisting of as few operations as possible are supplied attached 
to the control panel permitting starting and application of load in 
a matter of seconds. 

Quietness of starting and operation are also needed. Back¬ 
firing of an engine in this service must be guarded against. 
Exhaust silencing is absolutely necessary. The silencer must 
be located and be of sufficient strength to silence and hold exhaust- 
pipe explosions and after firing. 

Guarding of all moving parts on the unit is necessary from a 
safety angle. It is surprising to know the number of people who 
still insist on wiping off, with a piece of waste or rag, a revolving 
shaft or gear. The remedy is to enclose all these dangerous 
items. 

R. L. Dunlap: Four years ago the first automatic power 
plant was put into service in this section at the Pitcairn, Pennsyl¬ 
vania Central Office. Since then 72 of these plants have been 
installed in the Pittsburgh territory. About one third of the 
number is being used at central offices in the smaller towns and 
the rest serve private branch exchanges. Among the branch 
exchanges are department stores, railroads, newspaper offices, 
insurance companies, banks, a telegraph office, a jail, a court 
house, private estates and industrial concerns. 

Before the automatic plants were developed department stores 
were a constant source of worry. Whenever the maintenance 
man read in the newspaper that a large store in the center of 
town was about to have a special sale, he connected a few more 
cable pairs to feed battery to the branch exchange in that store. 
The sale generally ended some time before he remembered to dis¬ 
connect the pairs, and consequently the battery at the branch 
received a moat thorough overcharging. 

•It has been found that the automatic power plant at a private 
branch exchange provides better voltage regulation and longer 
battery life with less m^tenance effort and a saving in power 
consumption. Another factor has been that cable pairs formerly 
used for battery charging can now be used for telephone con¬ 
versations. 

At the same time that automatic charging equipment was being 
developed improvements were made in storage battery design. 
The closed model of today with its built in charge indicators and 
large sediment space differs as greatly from the open type of 5 
years ago as the 1931 model automobile differs from cars of 1925-6. 

R* L* Lunsford t Two of the interesting features of the ringing 
and signaling equipment, namely the mercury switch interrupt¬ 
ers and the inductor alternator, furnish the tones and signals 
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necessary in the supervision of all telephone calls and some are 
heard every time a call is made. 

The mercury interrupter has been developed because of the 
fact that the low-speed interrupters make and break substantial 
currents in circuits having inductance and capacity and it has 
been found impossible to avoid sparking at the brushes with the 
well-known segment type rings. This has resulted in pitting of 
the interrupter segments and has required an undue amount of 
maintenance. 



Fia. 12 —^Mbbctjrt Inteerxjpter Unit 


arrangement was to assemble and hermetically seal them and 
place them in operation. The sparking inside does the rest 
and provides atmospheric nitrogen as soon as the oxygen is 
consumed. 

The brush rigging is similar to that used on existing inter¬ 
rupters. MetaUio brushes with Baylis brush holders are mounted 
so that they slide on the rims of the disks to maintain con¬ 
nections with external circuits. The type of brush used requires 
very little maintenance and is longer wearing than the softer 
carbon brushes used on the old segment type interrupter. 

The tone alternator is the new device mentioned, the develop¬ 
ment of which has just been brought to a satisfactory con¬ 
clusion. This produces the ‘‘high tones*’ and “low tones’* 
formerly obtained by segment type interrupters such as shown 
in Fig. 12 of the paper. On the older type, brushes were used 
riding on segmental rings to interrupt battery current, thus 
furnishing current having about 480 and 153 interruptions 

Cycle-- 
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The interrupter units (see Fig. 12) though old in theory are 
believed to be new in the form in which they are used. They 
consist of either two or three steel disks separated by sheet 
insulators provided with ports or openings and the whole clamped 
tightly together. An annular channel is out in the side of 
each ^sk and a small amount of mercury is placed therein. The 
disks and the interrupter units are so arranged that the channel 
of one disk is adjacent to the channel of the next di sk with 
the insulator separating the two. 

When the interrupter units are partially fdled with mercury 
and rotated on a horizontal axis, contact is made from one 
ring to the other ring by means of the mercury only when a 



Pig. 13— ^Indttctor Alternator for Generating Tones 
Used in Telephone Power Plants 

port of the insulator dips into the pool of mercury. The ports 
^ provided with Lavite washers to withstand the arcing which 
occurs when the contact is made or broken. The number of 
ports, their spacmg around the insulators, the amount of mercury 
in the channels, and the speed of rotation determine the timing 
of the interrupter. 

A rather novel feature of these interrupters is the method 
used in providing an inert gas within them. Several gases were 
tried out but it finally developed that the simplest and best 
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AUDIBLE HINGING CHANNEL 

Fig. 14— Tone Alternator—Showing Wave Shapes of 
Three Channels 


per second. Attempts to reduce maintenance on these rii^^ and 
improve quality of the tone by introducing spark killers made 
the tone practically disappear. 

A multi-channel inductor-type alternator was, therefore, 
developed as shown in Pig. 13, which has some features not used 
to our knowledge in commercial applications. The central 
disk of the rotor generates a continuous high-frequency alter¬ 
nating current for the high-tone channel. When, however, it 
was attempted to use a low-frequency tone generated in the 
same manner, it was found that this tone had insufficient energy 
to go through the repeating coils and other parts of the circuit. 
This explained the results from spark killers on the earlier 
interrupters and indicated that the tone was being transmitted 
by its harmonics rather than its fundamental. Combination 
rotors were, therefore, designed for the alternator which delivered 
a few cycles of high-frequency at a relatively higher voltage 
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alternated with a few more cycles of the same fre<iuenoy at a 
reduced voltage. The rotors for these channels are shown in 
the figure* 

Pig. 14 shows oscillographs of the wave, shapes obtained 
with this machine, the high tone being the continuous channel in 
the center. The low-tone channel shown in the upper curve has 
the same satisfactory penetration as the old sparking interrupters 
with high harmonics but it has the same effect upon the ear as a 
simple sine wave of lower tone. The bottom curve shows a 
composite wave delivering a still lower effective frequency 
provided for audible ringing, which is a tone placed upon the 
circuit of the subscriber being rung and transmitted back to the 


calling party to notify him that the connection has been estab¬ 
lished and ringing is in progress. The manner of mounting both 
the tone alternator and mercury interrupters with their asso¬ 
ciated ringing machine is shown in Fig. 13 of the paper. 

Although these machines are just now being introduced into 
the telephone system, several trial installations in operation 
during the past year or more have shown that the tone is more 
uniform and more satisfactory than anything formerly provided. 
This result is also obtained over long periods without machine 
maintenance from the attendant, whereas the older type 
machines had to be cleaned several times daily in some cases to 
give satisfactory performance. 



Recent Developments in the Operation of 

Overseas Radio Telephone Service 

By F. A. COWAN' 

Member, A. X. £. E. 


J UST a little more than four years' time elapsed 

since the first commercial transatlantic radio tele¬ 
phone service was inaugurated. During this period 
the scope of overseas service has grown so that today a 
telephone user in North America may talk with users 
in Europe, South America, Australia,, one point in 
Africa, and on ships at sea. The establishment of 
these extensive transoceanic ties has been discussed in 
a number of papers® presented at meetings of the 
Institute. ' It is the purpose of this paper to consider 
some of the more recent developments in the operation 
of the overseas services. 

Those portions of the world which could be reached 
by telephone from the United States, Canada, Cuba, 
and Mexico at the end of 1930 are indicated by the 
shaded areas on the map shown in Fig. 1. This map 
also shows the radio telephone links which make the 
overseas connections possible. All of these overseas 
telephone ties are effected by means of radio operating 
on short wavelengths in the range between 12 and 100 
meters (25,000^,000 kc.), with the exception of the 
original circuit between New York and London, which 
operates at a wavelength of about 6,000 meters (60 kc.). 
The extensive use of short wavelengths for radio tele¬ 
phone service was occasioned by the particular condi¬ 
tions which were met in the extensions of the overseas 
services. Such factors as availability of wavelengths, 
susceptibility to noise in transmission across equatorial 
regions, available space on ships, character of trans¬ 
mission variations, as well as economic considerations, 
usually favor the use of short wavelengths. In the 
case of New York-London circuits, which traverse the 
North Atlantic region, however, the greater stability 
of the transmitting medium at long wavelengths 
together with relatively shorter distances and more 
favorable locations for the long-wave receiving stations 
make them somewhat more reliable than short-wave 
circuits. It has been found, however, that conditions 
which affect transmission adversely on long-wave cir¬ 
cuits rarely occm simultaneously with those factors 
which affect the short wavelength circuits, so that 
continmty of service is greatly improved by using the 
two in conjunction. 

1. Engr. Trans. Long Lines Dept., American Tel. & Tel. Co., 
New York, N.Y. 

2. K. W. Waterson and 0. B. Blackwell, A. I. B. E. Journal, 
April, and May 1928, respectively. 

T. G. Miller, A. A. Oswald and Ralph Bown, A. I. E. E. 
Journal, February, April, and May 1930, respectively. 

Lloyd Bspenschied and W. Wilson, A. I. E. E. Journal, July 
1930. 

Presented at the Middle Eastern District Meeting of the 
A. I. E. E., Pittsburgh, Pa., March 11-lS, 19S1. 


Aside from the North Atlantic region, the short 
wavelength circuits appear to offer the most promising 
means of extending the overseas service. This is sub¬ 
stantiated by the excellent performance of the New 
York-Buenos Aires, Argentina, circuit which was put 
in service in the spring of 1930. In view of these con¬ 
siderations, extensions of service now proposed to 
Bermuda and Hawaii will utilize short wavelength 
radio. 

Since the circuit from New York City to Buenos 
Aires employs short wavelength radio and is represen¬ 
tative of circuits recently established and contemplated, 
this particular circuit will be considered in some detail. 
Fig. 2 shows, in schematic form, the layout of the New 
York-Buenos Aires circuit. 

The short-wave transmitting and receiving stations 
in this country for the South American service, as well 
as for the European service, are located near Lawrence- 
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ville, N. J., and Netcong, N. J., respectively. These 
transmitting and receiving centers are about 50 miles 
apart; are about the same distance from New York; 
and are connected by cable with New York City where 
the terminals of all of the overseas and ship-to-shore 
circuits in the Atlantic region are concentrated. In 
South America, the transmitting and receiving stations 
are located at Hurlingham and Platanos, Argentina, 
respectively. Both of these points are within 25 miles 
of the circuit terminal at Buenos Aires. 

The equipment and arrangements at Lawrenceville, 
Netcong, and New York City have been discussed in 
considerable detail in the papers previously referred to. 
The equipment used in South America is practically 
identical with that used in this country. At both 
transmitting points piezo-electric crystal controlled 
short-wave transmitters are used. These transmitters 
employ high-power water-cooled vacuum tubes with 
an unmodulated power output of between 15 and 20 kw. 
which, when modulated 100 per cent, corresponds to a 
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peak power output of between 60 and 80 kw. Direc¬ 
tive antenna arrays are provided for three separate 
wavelengths to care for the changing transmission 
conditions with seasons of the year and hours of the 
day. The directive characteristics of these arrays 
increase the power radiated in the desired direction by 
an amount equivalent to that which would be obtained 
by increasing the transmitter power from 20 to 50 fold, 
depending upon the wavelength being used. 

At the receiving points, directive antenna arrays are 
also employed. These arrays, by virtue of their direc¬ 
tive characteristics, improve the receiving conditions 
by strengthening the signal received from the desired 
direction and reducing the effect of noise or signals com¬ 
ing from other directions. The receiving sets proper 
are of the double detection type and are equipped with 
automatic gain controls to compensate for moment-to- 
moment variations in the strength of the received carrier 
wave. The complete receiving system is capable of util¬ 
izing satisfactorily a signal having a fi'eld strength as 
low as one microvolt per meter when radio noise con¬ 
ditions are satisfactory. This performance has been 
made possible by the selection of a receiving site which 


One index of the effectiveness with which radio tele¬ 
phone circuits are operated is the amount of circuit 
time which is lost. For this reason, this phase of the 
circuit performance is carefully scrutinized. Fig. 3 
gives a comparative analysis of the lost circuit time for 
one month on the New York-Buenos Aires circuit and 
one of the New York-London short-wave circuits. 
It will be noted in each case that the major percentage 
of lost time is due to atmospheric conditions. 

The equipment used in the short-wave radio circuits 
is so designed and constructed as to minimize the 
likelihood of trouble. In addition, spare units of equip¬ 
ment have been provided for replacing equipment 
which woiild be most subject to trouble or which wotild 
require considerable time to repair. These precautions, 
together with a systematic testing routine, make it 
possible to operate the overseas circuits with the small 
amount of lost time, due to equipment troubles, that is 
indicated by Fig. 3. 

The over-all operation of the radio circuits is carried 
out under the supervision of technical operators located 
at the circuit terminals. These operators coordinate 
the activities at their local transmitting and receiving 



is sufficiently isolated to minimize local interference 
and by the careful design of the component parts of 
the receiving system. 

At the terminal points voice-:operated relay switching 
equipment is provided which disables the radio path in 
one direction while speech, is traveling in the opposite 
direction. It also maintains the transmitting side of 
the circuit in a disabled condition when no speech is 
being transmitted. This automatic switching simpli¬ 
fies the transmission problem by resolving the two-way 
circuit into two one-way circuits. The circuits which 
actuate the switching relays are carefully adjusted in 
order to compensate for changing transmission condi¬ 
tions. This minimizes interruptions due to false opera¬ 
tion of the relays caused by abnormal conditions on 
either the radio channel or the land line. 

Once circuits of the type under consideration have 
been established, their performance is controlled 
largely by the condition of the transmitting medium at 
any particular time. Since the control of the medium 
is beyond the scope of human endeavor, the operating 
problem becomes one of maintaining the component 
parts of the system in good condition and operating 
the system as a whole to best advantage. 


stations with those at the distant terminal. In this 
country the technical operators receive advice as to 
what wavelengths are most effective at any time, from 
a channel observing station which is equipped with 
special apparatus for maintaining a continuous check 
on radio transmission conditions. This check on trans¬ 
mission conditions is made by measxuing the field 
strength of foreign stations operating on various wave¬ 
lengths. 

Very accurate measurements of the frequency of the 
local radio telephone transmitters and of associated 
foreign transmitters are also made, periodically, by the 
channel observing station. In case there is any ap¬ 
preciable deviation from the assigned frequency an 
investigation is made immediately, the cause deter¬ 
mined, and the deviation is corrected. 

Fig. 4 shows the results of a series of frequency mea¬ 
surements made during August, 1930, on transmitter 
WLO, which is used in the South American service. 
It will be noted from the chart that the frequency de¬ 
viation was in all cases less than ± 0.01 per cent whereas 
the limit set by the Federal Radio Commission allows 
a deviation of ±0.05 per cent of the carrier frequency. 
In cases of interference to the telephone channels from 
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radio stations assigned to neighboring wavelengths, 
the frequency measurements aid in the correction of the 
difficulty. 

The foregoing describes the steps that are taken to 
secure the most effective operation of the radio tele¬ 
phone circuits in so far as controllable factors are con¬ 
cerned. As previously stated, the variation of the 
transmitting medium is at present the major factor 
limiting the usefulness of short-wave radio channels. 
These variations in the transnaitting medium result in 



Pig. 3—^Analysis op Lost Circvit Time on Short Wave- 
Length Radio Telephone Ciecoits for Avgust 1930 


fluctuations of the momentary values of the signa-l 
strength as well as in a variation of the average signal 
strength throughout the day. The former effect mani¬ 
fests itself either as ordinary or as selective fading, 
depending upon whether or not all frequency compo¬ 
nents of the signals are affected simultaneously to the 
same degree. Ordinary fading is compensated for by 
means of the automatic gain confrol incorporated in 
the receiver and the only effect which is produced when 
this type of fading occurs is an apparent variation of 



PiQ. 4 —^Preqvenot Measvrbacents op Transmitter WLO 
POR Avgvst 1930 Assigned Frequency 21,420 Kc. 


the noise level. Selective fading, however, which 
usually accompanies ordinary fading to varying degrees, 
gives rise to distortion effects and may be sufficient at 
times to rend^ a channel unsuitable for commercial 
transmission on a given wavelength. 

Periods of abnormal activity in the earth’s magnetic 
field, known as “noagnetic storms,” occur at irregular 
periods and are accompanied by decreases in the signal 
strengths at the receiving points to unusable values at 


times. When these storms occur, transmission on all 
frequencies is affected to a greater or lesser degree and 
the time during each 24-hour period when reliable 
transmission can be obtained is reduced materially. 

Fig. 5 shows the average effect of the major magnetic 
disturbances which occurred during 1930, on the avail¬ 
able circuit time of a representative New York-London 
short-wave radio telephone channel. It should not be 
construed from this curve that magnetic storms have 
occurred regularly every two weeks, but rather that 
when they have occurred the available circuit time, for 
several days preceding and following the day on which 
the storm was at its height, has usually been affected 
as shown. 

In view of the adaptability of short-wave telephone 
systems to transmisrion over great distances and the 
fact that rapid progress is being made in improving, 
simplifying, and reducing the cost of these systems, 
they are of outstanding importance in the development 
of world-wide telephonic commxmication. The brief 



CAYS PRCCCDING AND DAYS FOLLOWING 
THE DAY MOST AFFECTED BY MAGNETIC, CONDITIONS 

Pig. 5—^Average Eppbct op Major Magnetic Dis- 
TVRBi.NOBs During 1930 on the Available Circuit Time op a 
Representative New Tork-London Short Wave Radio 
Telephone Channel 


period which has elapsed rince establishing the first 
sho^wave radio telephone chaimel has been one of 
rapid progress in the development and application of 
short-wave systems and they are, at the present time, 
generally accepted as a medium for extending the scope 
of overseas telephone service. 

Short-wave radio telephone circuits have been used 
for the transmission of international broadcast pro¬ 
grams, for conducting joint meetings of international 
conventions, and for telephone interviews. Numerous 
accounts of examples of the latter type of usage have 
been published from time to time by American news¬ 
papers. One of the most notable examples, perhaps, 
was recorded by The New York Times when a pw- 
sonal interview with General Uriburu was obtained 
after the recent revolution in Argentina. Services of 
these types undoubtedly promote mutual understanding 
between the people of various nations and are helpful 
in the cementing of international good will. 
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Discussion 

J. P. Scott: This paper presents an analysis of the lost eireuit 
time by causes (Fig. 3) and indicates the number of days that a 
typical magnetic storm is troublesome (Fig. 5). What is the total 
per cent lost time due to all causes? How frequently are magnetic 
storms usually experienced? 

F# A* Cowant As pointed out in the paper the chief 
cause of lost circuit time is the condition of the transmitting 
medium. The medium varies considerably from day to day, 
season to season, and from year to year. The average percentage 
lost time for one period of several months that I have in mind 
was about 10 per cent for the New York-London long-wave 
circuit, about 25 per cent for the short-wave New York-London 
circuits, and about 6 per cent for the New York-Buenos Aires 
short-wave circuit. The higher percentage lost time on the New 
York-London short-wave circuits than on the New York-Buenos 
Aires circuit is accounted for by the proximity of the transmission 
path to the north magnetic pole of the earth in the case of trans¬ 
mission between New York and London. In view of the fact 
that the factors which affect long- and short-wave transmission 
rarely occur simultaneously, the over-all reliability of the service 
is materially enhanced by using the two tsrpes of facilities in 
conjunction. 

Magnetic storms do not occur with any definite regularity. 
The number varies from year to year. During 1930 there were 
about 12 major magnetic storms. 

W. C. Hechts How are the practical operating hours for the 
several radio circuits affected by differences in time of day at the 
terminals? 

F. A. Cowan: The load distribution curves for the London 
and Buenos Aires service are not materially different from the 
load curve for New York-Chicago service. 

N. S. Hoff: What steps are involved and how much time is 
required from the conception of a radio circuit to the establish¬ 
ment of service? 

F. A. Cowan: Definite arrangements have to be made with a 
foreign correspondent, frequency assignments must be obtained, 
buildings must be designed and constructed, unless already 
available, and equipment and antenna systems must be engi¬ 
neered, constructed, installed, and tested before commercial 
service can be established. This will require anywhere from one 
to two years, depending upon the particular problems involved. 


W. Jj* Shafer: The paper mentions the large gains that have 
been obtained by the use of directive antenna arrays at the trans¬ 
mitter and receiver. Are there possibilities of further substantial 
gains by such means? What limits the gain obtainable in 
practise? 

F. A. Cowan: The gain of the antennas is obtained by 
arranging the elements in such a manner as to direct the energy 
in the desired direction. The method is analogous to the use of a 
reflector behind a light. In view of the fact that the transmitting 
medium is not homogeneous the transmitted waves do not always 
proceed to the distant point by the shortest straight line paths, 
but are sometimes reflected from their course. Consequently, if 
the angle of radiation of the transmitting antenna is made too 
small the waves might miss the receiving antenna at the distant 
station. The gain which it is practicable to obtain by the use of 
directive antenna is limited by this as well as economic con¬ 
siderations. 

L. R. Hurdler: What over-all length of circuit route is 
involved when radio circuits are used in tandem with wire exten¬ 
sions at the radio terminals? 

F. A. Cowan: One of the longest calls, from the standpoint of 
distance, was a call from Los Angeles, California to Melbourne, 
Australia. This call involved a distance of 18,000 or 22,000 
miles, depending upon the direction of transmission between 
London and Sydney. There have been other calls involving 
only one radio link between the West Coast of this country and 
the West Coast of South America, which is roughly 10,000 miles. 
One of the longest calls for the ship-to-shore service was between 
San Francisco and the 8, 8. Belgenland when the ship was in the 
vicinity of Japan. This call was established through the Ocean 
Gate, N. J. ship-to-shore transmitting station and hence the 
circuit length was about 10,000 miles. 

R, T. Griffith: In the answer to the previous question Mr. 
Cowan states that the transmission between London and Sydney 
might be in either direction over the great circle route. How is it 
determined which direction the transmission is in? What arrange¬ 
ments, if any, are made to use the longer great circle route? 

F. A. Cowan: The antennas are ordinarily set up to transmit 
over the shorter great circle route. If it is desired to transmit 
over the longer great circle route, it is necessary to use a dif¬ 
ferent antenna arrangement. 



Temperatures in Electric Power Gables 

Under Variable Loading 

BY ELWOOD A. CHURCH* 

Associate, A. I. E. E. 


Synopsis*—Considerable need has been felt for accurate methods 
of solution of the 'problem of temperature rise under variable loading 
'in order that the maximum use may he made of the large investment 
in power cables. 

In this paper a rigorous solution of the problem of temperature 
rise from sheath surface to conductor is attempted^ making use of 
Bessel funcitons. The heat flow cycle is resolved into harmonics, 
and each harmonic solved separately for temperature at the conductor. 
The various harmonics of temperature are then combined in their 
proper phase relation to obtain the temperature cycle. For purposes 
of assigning emergency ratings a solution ie arrived at for suddenly 
applied steady loads, 'making use of the Fourier integral. 

The problem is solved rigorously for single^conductor cables and 
three~co7iduclor cables of shielded {type construction. Modifi¬ 


cations of the constants of the cables are described which will allow 
the theory to be applied to cables of standard belted construction with 
reasonable accuracy. 

The probable errors involved in the assumptions necessary in the 
solution are discussed. It is believed that knowing the temperature 
of the air at the sheath surface, the temperature of the conductor can 
be calculated within 4 or 5 per cent of the correct value if the constants 
of the cable are known within this accuracy. > 

The method can also be applied to solution of the temperature rise 
of the sheath surface provided the constants of the duct bank are 
known with sufident accuracy. This temperature can be added to 
the temperature rise of the conductor above the sheath temperature 
to obtain the total temperature rise of the conductor above the assumed 
base temperature. 


Introduction 


F airly accurate methods are now available for 
calculating the temperature rise of the conductor 
above the assumed base temperature when the 
load is steady. These give results which are as accurate 
as the known constants of the cable and duct bank. 

Until recently no attempt was made to obtain even a 
moderately rigorous solution for the case of variable 
loading. 

A recent Institute paper^ describes a point-by»point 
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Fig. 1—Cboss-Sections of Cables Showing Direction op 

Heat Flow 


method of solution for variable loading which gives 
fairly accurate results. This point-by-point solution 
is based on the assumption that the temperature of the 
conductor rises exponentially with time which is only 
approximately true. 

♦Electrical Bngg. Dept., Edison Electric Illuminating Co. of 
Boston. 

1. For references see Bibliography. 

Presented at the North Eastern District Meeti'ng of the A. I. E.E., 
Rochester, N. Y., April ^B-May 2,1981* 


The theory presented in this paper tends to show 
that the temperature curve rises faster at first and 
then slower, say one hour after the load is applied, 
than the exponential law would allow. Solutions based 
on the exponential law are thus likely to give lower 
maximum temperatures and greater time lags than 
actual for ordinary load cycles. 

The present paper solves the problem rigorously for 
cables with configuration shown in Figs. lA and 1b. 
The errors involved in applying it to the configuration 
shown in Figs. Ic and Id .are discussed in a subsequent 
paragraph. 

Solution for Daily Load Cycle 
The general expression for heat flow in the conductor 
of either a single-conductor or three-conductor cable, 
assuming constant resistance, circular cross-section of 
conductor, and uniform current distribution, as derived 
in Appendix A is as follows: 

1 dT ScPR bT 

dr2 + r, dr + ttTi^ -CcPcSa . ( 1 ) 


The general expression for heat flow in the insulation 
is the well-known Fourier’s equation, and is as follows: 


b^T 1 bT bT 

dr* r dr “ d< * 


( 2 ) 


where 

T = Tetnperature at any point in the conductor or 
insulation. 

I = Total ciirrent in the conductor. 

R = Resistance of the conductor, at the frequency of 
the current, if altanating current, and the 
average temperature of the conductor. 

r = Radial distance measured from the center of the 
conductor. 

fi = Radius of the conductor. 

C. = Specific heat of the conductor material. 
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Ci = Specific heat of the insulation material. 

Pc = Specific gravity of the conductor material. 

Pi = Specific gravity of the insulation material. 

Sc = Heatresistivity of the conductor material. 

Si — Heat resistivity of the insulation material. 
t = Time. 

When T varies sinusoidally with time, the solution 
of equation (1) is: 


Qi — 


2 T gc ri 7 

Sc 



Qo Sc \ 

TT gc“ ri^ / 


(3) 


<!'■ 



Fia. 2 —Chabt of thm Heat-Flow Constant: <r =» h hi — ii h 


where 

Ti — Vector temperature at surface of conductor. 

T 2 — Vector temperature at surface of insulation. 

T® = Vector temperature of the air at the surface of the 
sheath. 

Qo = Vector heat flow per conductor, equal to the P R 
loss. 

Qi = Vector heat flow per conductor at inside surface 
of the insulation. 

Qs = Vector heat flow per conductor, at outside surface 
of the insulation, or at outside surface of the 
sheath if sheath losses can be neglected, 
ra = O utside radius of the insulation. 

Qc = V (a Cc Pc Sc. 

Qi = \/ CO Ci Pi Si . 

D = Diameter of the sheath. 

K = Surface heat resistivity of the sheath. 

7, a, r, and ^ are complex constants, depending on 
the constants and the configuration of the cable. They 
are analogous to the general circuit constants in the 
solution of a transmission line for voltage and cuirent 
at the terminals and may be designated the heat flow 
constants of the cable. Their derivation is given fully 
in Appendix A. For ease in computation, charts of 
<r, T, and ^ have been prepared and are illustrated in 
Figs. 2 to 4. Curves of the Bessel functions from which 
these charts were computed are shown in Fig. 5. 
Tables of these functions are given in Bibliography 
Nos. 2 and 15. 


11 « h jjru h - h Jjt 
ki « K[\ V j U Fu H V J V ^2* 


or when g,, r i is small, as in cases met with in solution of 
power cables: 


Qi 


Q«~j 


V qj‘ f, 

Sc 


(4) 


The solution of equation (2) when T varies sinusoi¬ 
dally with time is: 

Qi = - fi), (5) 


Q. = 


2ir 
Si a 


(.Tt - Qinf ft ). 


( 6 ) 



ii' « ^0' V Jj A. 1(2 « Kq q rzi 

f(i* * V y ^^0' ^ j q n, k ^ ^ J q n- 


Neglecting the heat storage in the lead sheath, the 
expression for heat flow in the sheath is for a single¬ 
conductor cable: 

Q, =(7) 


and for the three-conductor cable: 

TT D 


Qi = 


BK 


(f 2 - fz) 


Combining equations (4) to (7), the solution for a 
single-conductor cable is given by the following simul¬ 
taneous equations: 


TT ^ Sc 



(Qi ri r Ti - Ti) 


( 8 ) 


K 


(Ti - Tz) 


2 

Si <r 


(Ti - gi Ti yp Ti) 


(9) 


In the solution for a three^conductor cab^e, equation 


(7a) 
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(8) remains the. same and equation (9) is •written as 
follows: 

BK ~ ^ 

Where sheath losses are present in appreciable 
founts a correction can be made to the values of 
in equations (7) or (7a), when an accurate solution is 
desired. 

A sample calculation, showing in detail the method 
employed in the solution of a specific problem is given 
in Appendix D. Pig. 6 shows the results of this calcu¬ 
lation in the form of a curve of temperature against 
time. Briefly, the method is as follows: 

The watts loss in the cable is plotted for the load 
cycle assumed. This curve is analyzed for its principal 
harmonics by well-known methods. The solution for 
temperature is obtained for each harmonic of heat flow 
and the results combined in their proper phase relation 
to give the resultant temperature cycle. Usually 
three or four harmonics will be all that is necessary to 
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solve for unless the rise of watts loss is very rapid, since 
the effects of the small hourly variations in loading on 
the cable have very little effect on the resultant tem¬ 
perature cycle. A proper balance should‘be obtained 
between the labor of solution and the accuracy with 
which it is desired to obtain it. 

The value of Ti, the temperature of the air at the 
outside of the cable, can be obtained in various ways. 
If the cable is installed in a duct and only approximate 
solutions are required, this can be assumed constant at 
the maximum value obtained over a twenty-four hour 
load cycle. Usually will vary from 20 to 30 pw cent 
of the total variation in temperature at the conductor, 
when the cable is installed in an ordinary duct bank. 

If Ti is considered constant its value becomes zero 
in equations (9) and (9a), merely adding to the steady 
state component of the total temp^ature at the con¬ 
ductor wMch^is computed by well-known methods. 
The value of fi/Qa will then be constant in both phase 
and magnitude for any given cable. Tables of 7i/^o 


for the principal harmonics may hence be made up for 
any given cable, as shovm in Table I in Appendix D. 
These may be combined in their proper phase relation 
to obtain a solution for any load cycle. 



Pig. 5—CGE'(rBs of Bessei. Functions of Zero Order 
Curve A—Bessel function of first kind, la x 

Curve B—First derivative of lo V 7 ® with reject to x, V7 /o' v7 x 
Curve O—Bessel function of second kind, Ka j x 
Curve D—First privative of Ka ^ jx with respect to x, vy v7 » 
Examples—^/o V 7*4.2 - 3.86 /146.4^ ; y j 3 4 « 0 .O 6 O / -159.0" 



Pia. 6 —Heat Flow and Temperature Curves for Three- 
Conductor, 400,000-Cm., 28-Kv. Cable 

Curve A—Heat-flow cycle in watts per conductor; jQgg 

Curve B—^Average 72 loss per conductor over 24-hour period 
Curve C—Dielectric loss per conductor for the average temperature 
Curve D—^Temperature cycle for load cycle of curve A; temperature at siir- 
face of conductors 

Curve B—^Average temperature at conductor surface 

Curve F—Temperature for constant load equal to the Tnayfmnrn 

Curve G—^Measured maximum temperature of air at sheath surface 

If some judgment is used in selection of constants of 
the duct bank equation (5) may be used for the solution 
of the air temperature in the duct where Ti in the 
equation represents this temperature and the base 
temperature is considered zero. 
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The air temperatvire then can be expressed as follows: 


(^2 ^0 

TT D' To ’ 


' ( 10 ) 


Where 

S, = h eat resistivi ty of duct structure. 

CO Cc Pe 

Po = specific gravity of the duct structure. 

Co — specific heat of the duct structure. 

D' = inside diameter of duct structure, assuming an 
equivalent cylindrical structm*e. 

<r„ and t« are computed in the same way as cr and r 
in equation (5). 

Various approximate formtilas are given in Appendix 
C for obtaining the functions or* and r* which are out¬ 
side of the range of the charts given in Pigs. 2 and 3. 

On account of the effect of adjacent cables and the 
uncertainty of the constants of the duct bank, the best 
way of obtaining the air temperature at the sheath 
surface is to actually measure it. Opinions differ as 
to the proper method of measuring this temperature in 
the duct outside the lead sheath. It is generally con¬ 
ceded that this temperature is nearly the same through¬ 
out the space between the sheath and the duct and can 
be considered so in the solution for steady heat fiow. 
Since the air has a very low thermal capacity its 
temperature will follow very closely in phase the varia¬ 
tions in the lead sheath. Hence if the maximum 
value of this air temperature, throughout the load cycle 
considered, can be obtained it can be added directly to 
the maximum temperature rise between this air and the 
conductor to obtain the total rise. The error caused by 
these temperature components being out of phase will 
be small since the total variation in the air temperature 
is only about one quarter of the total. 

Maximum reading thermometers inserted between 
the cable and the duct wall seem to be the best method 
provided some means are used to prevent the thermom¬ 
eter from being in direct contact with either the 
sheath or the duct wall. 

A thin shield of heat-insulating material surroimding 
the thermometer seems to be the best method of accom¬ 
plishing this result. The drop in temperature through 
the shield will be negligible compared to the error 
obtained if the thermometer is in direct contact with the 
lead sheath or is enclosed in a metal shield which is in 
direct contact with the sheath. 

Measurements taken in occupied ducts indicate that 
eight to ten feet in the duct is sufficiently far from 
the manhole to obtain an accurate reading. In ducts 
where the temperature was between 60 and 60 deg. 
cent., the difference in temperature between three and 
six feet was only three degrees, and from six to ten 
feet, only about one degree. The air in occupied ducts 
does not have the freedom of circulation it does in 
tmoccupied ducts so the error due to manhole tempera¬ 
tures is minimized. 

If the cable is suspended in air the greatest tempera¬ 


ture which the air attains should be used with proper 
allowance for air movement if there is such. A very 
slight air movement has a very great effect in lowering 
the sheath temperature. This case is subject to even 
greater uncertainty than the case of cables installed in 
the earth so it is exceedingly difficult to obtain an 
accurate solution. The best method of attack is to 
assume a constant maximum for Ta and compute Ti 
from this base temperature. 

Solution foe a Steady Load Suddenly Applied 
The solution for a steady load suddenly applied is 
as follows: 

To = r 8r ~~ sin (litdci. (11) 

TT 0) 

where 

To = The temperature of the conductor at any time t 
after the steady load is applied. 
dr = The real part of the expression, 

’ _ 1 _ 

- gjfi T _5_ go ri y 

Sicr Si c (iSj D + ri Qi Tt \l/) Sc 

where 

ij = 2 K for a single-conductor cable in still air, 

= 6 If for a three-conductor cable in still air, 

— 2 {K + DX) for single-conductor cables in ducts, 
and 

= 6 (If -f D X) for three-conductor cables in ducts, 
where 

N Sc (Te 

^ “ qcD'r, • 

N = Number of cables in the duct bank all assumed to 
be equal and loaded to the same amount. 

The expression 5, an wi d w is much too com¬ 
plicated to integrate by formal means, but it may 
readily be done by graphical methods if some means 
such as a planimeter is available for obtaining the area 
under a curve. The value of the function is plotted for 
different values of t and integrated with respect to w. 
Integrating graphically from 0 to <» offers no difficulty 
here since the function converges rapidly as the value 
of <0 is increased. Usually integrating from 0 to 15 
will give sufficiently accurate results with t less than 
three hours, and from 0 to 8 with t greater than three 
hours. It will seldom be necessary to go beyond ax 
hours in computation of the temperature rise cmrve 
unless overload ratings for long periods are desired. 

The above method is very powerful in the solution 
of all transient problems where the impedance function, 
5, is very complicated as it is in this case. Where 6 
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is a simple function the method offers no advantage 
over otha* better known methods. The philosophy of 
the method is described very fully elsewhere’*'^. 

Results of a calculation of the temperature rise of 
the conductor of a 400 m. c. m, shielded cable are 
shown in Fig. 7. The calculation is carried through in 
brief form in Appendix D. 

A chart showing allowable overloads for various 
time limits and initial loads, computed from these 
curves, is shown in Fig. 8. As an example; suppose four 



HOURS 

Fig. 7—Tbmpbratxtrb Rise Curves; 400,000-Cm. 28-Kv., 
Shielded Cable 

Cui’ve A—Temperature rise; cable suspended In still air 
Curve B—Same conditions as in **A^\ exponential rise assumed 
Curve O—-Temperature rise; four cables in ducts as shown, with all cables 
carrying the same load 


cables each rated at 100 amperes continuous, are carry¬ 
ing a continuous load of 80 amperes each, a load of 134 
amperes, each may be applied for two hours without 
exceeding the temperature limit, with cables of the same 
characteristics as shown in Fig. 8. 

Application to Standard Belted Cable 
The well-known equation for obtaining the steady- 
state tempMa,ture rise of the conductor above the 
outside surface of the insulation is as follows* 


(T^- 


T,) = 


QtSiCr 

2 TT 


( 12 ) 


where G is the geometric factor. 
For the shielded cable, 


Assume that is the total distance from the center 
of the conductor to the lead sheath. Obtain G from 
Simons curves for the cable under consideration'^ and 
solve for an equivalent Si. In average cables this 
equivalent is about double the true value for the 
insulation under consideration. Use this value of Si; 
in equations (8), and (9a). 

This approximate solution has been found to give 
results, 'within 5 or 10 per cent of the 'true value as 
f^ as the variation in the temperature is concerned. 
The average temperature conesponding to the zero 
frequency component of the heat cycle is computed as 
usual by use of equation (12). Hence for ordinary 


load cycles the net error of this approximation cannot 
be over 5 per cent. A rigorous solution for the 
standard cable would involve much more labor which is 
useless until the constants of the cable can be obtained 
with greater accuracy. 

Probable Magnitude of Errors 

The change in resistance and dielectric losses with 
change of temperatme for the ordinary load cycles met 
with in practise will not be over 5 or 6 per cent. 
If it is desired to take this into account a correction 
may be applied to the watts loss curve corresponding 
to the estimated temperature at that time. 

The value of temperature rise to be assumed in 
making this correction can be taken as half the ultimate 
temperature rise produced by the average watts loss 
over an hourly period. This is based on the fact that 
in average cables the temperature at the conductor 
reaches about one-half its ultimate in an hour after a 
steady load is applied.' The error introduced by change 
in resistance will be less than‘half of one per cent if 

this correction is made. 

% 

For sector conductors the heat flow will be more 
concentrated around the regions of smaller radius. 
This will produce a greater temperature rise in these 
regions than elsewhere on the conductor. This effect 
is usually neglected in steady-state solutions, although 
an approximate solution for sector cables is found in 
the Bibliography No. 17. The error in neglecting the 



Pig. 8—Overloads, Based on 100 Per Cent Initial Load, 
'WHICH May be Applied without Exceeding the Temperature 
Rise for 100 Per Cent Initial Continuous Load 

Pour three-conductor 400,000-cm. 28-kv. shielded cables installed in a 
four-duct bank; all assumed to be loaded to the same value 


effect of the sector shape will not be over 1 or 2 per cent. 

Large conductors show considerable proximity effect 
when three are concentrated in the small area inside 
the cable sheath. The current tends to crowd to the 
inside of the cable when three-phase current is flowing. 
However, under the assumed condition of uniform 
current distribution the total variation in temperature 
through the conductor is only one degree for ordinary 
load cycles. The smallness of this variation is due to 
the high heat conductivity of the copper. This can be. 
shown by the solution of equation (14) for the tempera¬ 
ture at the center of the conductor. Hence if the proper 
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equivalent a-c. resistance is used for the cable in ques¬ 
tion, the error in temperature due to unsymmetrical 
current distribution will not be over 1 per cent. Of 
course, this assumes all the losses, excluding dielectric 
losses, are in the conductor. There are undoubtedly 
some losses in the sheath even in three-conductor 
cables, especially where large conductors are close to 
the sheath as they are in shielded cables. Not Icnowing 
definitely where all these losses are located, the con¬ 
servative method would be to assume them all in the 
conductor. 

Neglecting the temperature drop in the copper foil 
around the conductors in shielded cables introduces 
about 8 to 9 per cent error in the steady-state solution. 
A similar error will be introduced in the solution for 
variable load. This error will be minimized in the total 
temperature rise if the steady-state component of the 
temperature cycle is computed taking this drop in the 
foil into account'^. This error is partly compen¬ 
sated for by neglecting the heat storage in the lead 
sheath. 

The over-all error in the method is thus not over 5 
per cent and is probably much less if the watts loss curve 
is corrected for temperature. It is doubtful if the 
value of the insulation heat conductivity is known 
within 5 per cent, plus or minus, so it is useless to expend 
the labor necessary in obtaining greater refinement. 
Conclusions 

Computations based on the theory presented here 
demonstrate that the temperature curve for any cable 
and load cycle may be readily calculated without 
excessive labor with accuracies well within the accuracy 
of the cable constants. The effects of changes in load 
cycle from day to day die out in a few hours so the 
theory can be applied to any day of the week with 
little effect from the previous day’s cycle. 

Assumptions are reduced to a minimum, the order of 
magnitude and direction of the errors are known and 
hence can be allowed for with any necessary accuracy. 

Short-time overload ratings of any duration may be 
readily applied to correspond to any initial loading 
with confidence that the calculated temperature rise 
will not be exceeded. 
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Appendix A 

I—Derivation op Expressions for Heat Flow in 
THE Conductor 

The amount of heat entering an annular ring of 
thickness d r, and distance r from the center, per unit 
length per unit time is, 


b 

S. e>r 


(Tr) = - 


2t / ar 
5c V br 



The amount of heat leaving this annular ring is. 


2 TT 5 
hr 


\r(T-dT)]. 


where 


dT = - dr 


hT 
hr ’ 


This is equal to. 


or 


2 TT , 

/ hT 

h 

- &' 

r hr 

+ T + dr J 

2 TT 

/ hT 

m , a* r 

“ 5„ ' 

V hr 

+ T + rdr-^ 


hT 
5 r 


hT 


Hence the heat stored in the annular ring is, 

hT 

= 27rrpca-^dr. 
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where 

i = Current density in the conductor, 

V = Resistivity of the conductor. 

Hence the expression for heat flow in the conductor is 
as follows: 

1 bT ScPR hT 

d r d r IT fi® d ^ 


The solution for sinusoidal temperature and heat 
waves is, 

f = i /o (Qi rVl') +B So (Qi rVl) . 
Applying the boundary conditions and solving for A 
and S, 

ji _ (Tih-f,h)Io (Qi rVD+ifi ii-TiU)Ro (gt rV?) 

^2 ~ ilki 


For sinusoidal variation of heat and temperature, 

f = r„ 


Hence 


f . 1 dr QoSc . » 

dr* r dr ~TrrJ~ ^ 9c* T. 

The solution of equation (13) when 


(13) 


^ ^ lo (SeT-s/j) + B Ktt (Qc f Vy)® 

where 

io (QcTV j) is a Bessel function of first kind and zero 
_ _ order with semi-imaginary argument. 

Ko(qgr^/j)i8 a Bessel function of second kind and zo'o 
order with semi-imaginary argument, and 
A and S are arbitrary constants to be determined by 
the boundary conditions. 

When j- = 0, ifloWl) = «». 

Hence B must be equal to zero. 

The complete solution of equation (13) is then as 
follows: 


f = AIo (qcrVj) + j 


Qo Se 

X qc^ fi® 


where 

ii = -To (?< rtVl) • 
ii = lo (qi r 2 \/ 7 ) • 
ki = Ro (qi riVl) • 

^2 = Ko (qi Tf\/j) . 

Hence 

(Tik%— Ti ki) (qt-y/ j) Io' r-y/ j) 

^ + (f 2 ii - Ti io) (qi Vj) Ko' (qi rVj) 

^ ^ ^2 k\ — %\ ko 

from which 

^ _ 2 X / qi Ti Ti(ki ix'-io ki')+qi n Todi h'-ki ii') 
^ Si \ ii ki — ii ko 

« _ Ij: (Qi n Ti(ko io'-io ko') -|-g, ro To(ii h'-ki io'Y 
Si\ ioki-i^ko 

where 

ii'= V3{o'(qiTiVl), 
ii = (qiToV']), 

ki' = -s/J Ko' (QiTi-y/ j), 
ko' = y/ J Ko' (qi To-y/ j). 

It can be shown that,* 


Appl 3 dng the boundary conditions and solving for A, 


f=( 


fi+j 


Se Qc 


_\ / {o(gcr Vj) \ . 

X ri* / \ /o(gc r,Vj) / ^ 


SoQo 

IT gc* ri* 


from which 


(14) 


df 

drj 



+y 


Sc Qo \ / to'(qcTi-y/j) \ 
X gc* ri* / \ /o(go nVj) / 


or 


where 

y 


2 X g« ri 7 
Sc 



Qo Sc \ 

xgc*ri* / 


(3) 


{ vy /o' (qc TiV] )■)/ I lo (qc TiVj) } . 


II— Derivation op Expressions for Heat Flow in 
THE Insulation 

By a similar method to that shown in Part I, the 
Fourier equation for heat flow in a cylinder is obtained 
for the heat flow in the insulation, as follows: 

d* T 1 bT dT 

dr* r Tr “ 


ii ki' — ki ii' = — -— and, 

qi ri 


ko io — io ko' =-. 

Qi ^^2 

Hence the following two equations represent com- 
pletely the heat flow and temperature in the insulation: 


2 X 


Qi^^iQiTiTTx - To), 


(5) 


5- 2 X _ _ 

^qiTofTo) , ( 6 ) 

whOTe 

(y ^ io kx ko, 

4' ~ ii! kx — *1 ko', 

T = ix' ko — io kx'. 

The following notations are equivalent for the Bessd 
functions used in the above equations: 

Jo (q rVy) = Ber qr +j Beiqr. 

VjJ (q j) = Ber' qr + j Bd' qr. 

_ Ko (q r Vy) = Ker gr -h y Kd qr . 

V j Ko' (q r-y/ j) = Ker' qr +j Kd' qr . 



September 1931 


CHURCH; TEMPERATURES IN ELECTRIC POWER CABLES 


989 


Appendix B 

Derivation op an Expression for Temperature 
Rise with Suddenly Applied Load 
For a single-conductor cable suspended in still air 
at constant temperature, equations (3), (5), and (9) 
may be combined and an explicit expression obtained 
for the tmperature rise of the conductor above the 
sheath surface, as follows: 

^ TT Qo Ti ' 


\ .<?. „■ 


( __ g, ri 7 \ 

' S{cr Si (r(Si a-D+2 giTs if'K) Sc 

For the three-conductor cable in air, equations (3), 
(5), and (9a) are combined to form the expression, 

( Qoy \ 


m • ( y \ 

^ ^ V IT gri / 

( gt Tj T _6 


( gt fi T _6Z_ gc ri 7 

^ Siff Siff(Si<xD-\-&gir^il;K) Sc ^ 

For single-conductor cables in ducts, 

— Qi Sc O'* 

Substituting for fz in equation (7), the following 
expression is obtained: 

- _ itDTz 

“ (K + D\) ’ 

where 

_ NScCTc 

^ ~ gcD'Tc ' 

Hence for single-conductor cables in ducts, 

.. / Qo y \ .. 


s ./ Qo 7 \ 


gtriT _ 2 (.g -f D X) _gjjjjy 

■ Si O' Si o {Si O'D2giTiil/(KD \)\ Sc ^ 


Similarly for three-conductor cables in ducts, 

' T gcTi f 


It can be shown that.“’’^ 

2 Qo r 1 , . 

To =- I - Or sm CO t dco. 

IT ^ <0 

where 8 is the impedance function corresponding to 
sinusoidal variation ofheatflow from any frequency from 
0 to <». Applidng this formula to equations (15) to 
(18), a solution for temperature can be obtained when a 
rectangular wave of heat of magnitude Qo is suddenly 
applied to each conductor. 

Appendix C 

Approximate Expressions for Some Heat-Plow 
Functions 

The following expressions are well within 1 per cent 
of the exact ones when the limiting conditions specified 
are fulfilled. They can be used where the functions 
required are outside the range of the charts given in 
Figs. 2 to 4. 

When g r is less than 0.3, 

g*r* , g® r* 

hgrVj 

_ - _ g*r® . qr 

V j lo' g ry/ j = — +3 2 

_ _ / g^ r^\ TT g* r* 

KogrVj ^ ( 0 . 116 -In gr)\l-+ —^ 

- ■ j^28 ' •+'4 ( 0 - 116 - In gr) (—4 “) 

VI ^ 0 ' g rVl = -(0.116 « g r)( ) 

g* r*\, wgr 3 g» r» 

“ 64 8 32 

/ / gr \ gr 7rg®r’ gr\ 

+J\ (0.116-?« gr) 1^+-^ j. 

rz . . /g* (rs^-fri*) , rz g*(rs* - ri*)\ 
o = In —+3 (- A - In——- --1 


3 g* r* 
128 


/- 1 -> 

( g» ri T _ 6 (K + D\) _■ g.ri 7 

^ SiO Sio{SioD + 6girzf(K+D\)} Sc ^ 


“ on +’•( 


^t(r 

z^+r 

1 *) 


rz g®(ri 

** - ri*)' 

4 


In ■ 

ri 

4 

gri 


n 


g^rz^ 

qri\ 

2 

In 

Ti 

+ 

4gri 


grz 

1 JUZ - 

ri 

L ■ 

g*ri2 

qrz \ 

2 

in 

r2 

+ 

4grs 

~rr 


7 = 3 g ri/2 


(19) 
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When g r is greater than 2 , 


IL 

V2 


^ + sfr) —f-) 

T )+X-rb ( 


V2 8 


+ ('^+ 8 rr)“‘‘(^--r))) 

SL 


3 

8qr 




qr TT 


) 


+ ('^- 8 f?)*‘(^ +■!■)))• 


V3 Ri' g rv7 

+8Fr ( Vf—r)+^(87'r ““ ('if - F) 


n = 0.707 in. (1.797 cm.). 

Sc = 0.284 deg. cent, per watt per cm.* 

Si = 650 deg. cent, per watt per cm.* 

K = 1,100 deg. cent, per watt per cm.* 

Pe = 6.9 g. per cm.* (Equivalent for stranded cable). 
Pi = 1.16 g. per cm.* 

Cc = 0.000107 watt-hr. per g. 

Ci = 0.000493 watt-hr. per g. 

CO = 0.262 radians per hr. for 24 hr. period. 

Hence for the fundamental component (24 hr. period), 

qiTi = 0.923 Vl-lO X 0.000493 X 650 XO.262 

= 0.288. 

?i(r2-ri) =0.874^1.16 X 0.000493 X 650 XO.262 

= 0.272. 

q, ri =0.923^6.9X0.000107X0.284X0.262 

= 0.00685. 

g«*riV5„=0.00017. 

Entering the charts shown in Figs. 2 to 4 , the follow¬ 
ing values are obtained for the heat flow constants: 

<r = 0.668 -I-y 0.0085 = 0.66 8/0.7°. 

T = 3.47 + y 0.104 = 3.47 /1.7°. 

^ = 1.79 -f-y 0.085 = 1.79 / 2 . 7 °. 

Substituting in equation ( 8 ) and letting equal 1.0 
watt per conductor per foot of cable, 

0.01043-y 0.00017 ri=0.004 6/-0.7° (1.00 j^i/ 1 . 7 °-f 2 ). 

Substituting in equation (9a) and letting Ts = 0 , 
since the base temperature is to be considered constant, 
0.00239 fi = 0.0046 /- 0.7° {Ti - 1.003 f 212.7°. 
Solving these equations for Ti it is seen that, 
fi/Qo = 6.4 3/— 13.9° deg. cent, per watt per conductor 
per foot of cable. 

For the constant or zero frequency component, the 
following expression is used.'* 

Qo/(Ti— T2) = 



When is greater than 5, 

r/<r = Vl ^o' q n Vj / Koqri s/J. 

^/<r = Vy /o' q Ti Vy / Uqri y/j. 

Appendix D 

Sample Calculations 

I. Calculation of the temperature rise from sheath 
s^ace to conductor for a three-conductor 400,000 
cir. mils, shielded cable. 

The constants of the cable are as follows: 

D = 3.1 in. (7.88 cm.). 
ri = 0.363 in. (0.923 cm.). 


61 V«i/5. Si rs Ctanh (t>y/Sc ro/^it, G + ^ 

biCjT 

thermal mhos per foot of cable, where 
Qa = Watts per conductor per foot of cable. 

<l> = IT — Arc of contact of lead sheath and copper 
shield, expressed in radians, and 
<1 = Thickness of copper shield. 

Substituting in this formula, 

(Ti — T 2 )/Qa = 2.45 deg. cent, per watt per conductor 
per foot. 

For the tempOTature rise in the sheath, under steady 
load, 

/m m s 1100 X 3 

{I 2 -I 3)/Q« - 3:14 X 3.1 X 2.54* X 12 “ 

cent, per watt per conductor per foot. 
Hence when Ts = 0 , 
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ri/Qo = 6.82 deg. cent, per watt per conductor per foot, surface to conductor for a three-conductor 400,000 
_ Table I gives the heat flow constats and the value cir. mils shielded cable, suspended in still air, when a 
Ti/Qo with the time lag of Ti behind Qn for all harmonics steady load is suddenly applied. 

up to and including the sixth. The constants of the cable are the same as those in 


TABLE I 
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Discussion 

F* H. Buller: It is interesting to note from Pig. 7 how 
much the percentage temperature rise in the ducts is slowed 
down by the increased heat storage capacity. Actually, how¬ 
ever, the rate of rise in degrees is faster for the cables in ducts 
than in air, as indicated by Pig. 19 of the report of the British 
Electrical and Allied Industries published in the /. E, E, Journal 
for May 1923. 

On page 987 of his paper, Mr. Church states that the heat 
storage capacity of the lead sheath has been neglected. A 
simple calculation shows that in a large cable the thermal 
capacity of the sheath is often equal to 80 per cent of that of 
the conductor and equal to 25 per cent of that of the cable as a 
whole; and if the cable is furnished with a reinforced sheath or 
a heavy armor such as used for buried cables or for exposed bus 
connection cables, the effective thermal capacity of the *‘sheath^* 
may be an even larger percentage. One cannot help but feel 
that Mr. Chmch’s equations should be investigated with a view 
to discovering what the effect of this omission might be of his 
results; and that if the effect is considerable, the equation should 
be revised to include the factor which has been omitted. 

‘Mr. Church gives an integral equation (11) for the thermal 
transient which will occur if a load is suddenly applied to a 
cable. He points out that in most cases this integral is difficult 
to evaluate except by mechanical means. He further mentions 
that when the impedance function is not too complicated, other 
methods are available for obtaining the value of the transient. 
In this connection it might be mentioned that at least two 
methods are known which give an explicit solution in terms of 
Bessel functions and exponentials for the ease of a steady load 
suddenly applied to a cable suspended in still a'ir. One of these 
methods involves the use of the Heaviside operational calculus 
and has been treated by Mr. Shanklin and the present writer 
in an article which is shortly to be published in. the General 
Electric Review. Briefly, this method consists of setting up an 
operational equation from differential equations similar to 
Mr. Church’s equation (2) for the boundary conditions which 
obtain on the cable conductor and sheath and of solving this 
operational equation by the use of the Heaviside expansion 
theorem. This method gives a solution which is mathematically 
more explicit and complete than Mr. Chiurch’s equation (11). 

This, of course, does not mean that Mr. Church’s method is 
without value; for the more complicated case of a cable in ducts 
and possibly also of a cable buried in earth, the integral equation 
offers a practical means of solution which will probably be very 
useful. Mr. Church deserves credit for drawing attention 
to this method. 

The Heaviside operational equation can also be used to give 
results analogous to those obtained by Mr. Church for cyclical 
loads by the use of a very simple substitution. The details of 
this substitution can be found in standard texts on the opera/- 
tional calculus, notably that written by Dr. Berg. Here, again, 
the present writer does not desire to detract from the value of 
Mr. Church’s work but merely to add an alternative procedure 
which may be useful in future investigations along these lines. 

E. A. Ghurchs In Pig. 7 of the paper, the cable and earth 
constants were such that the total final temperatxure difference 


between the region in the earth at constant temperature and the 
conductors, and the final temperature difference between the air 
adjacent to the sheath and the conductors were in the ratio of 
2.74 to one. Assuming a total temperature rise of 75 deg. cent, 
for the cables in ducts, the rise at the end of two hours would 
be 23 deg. cent, and for a cable suspended in air, carrying the 
same load, the rise would be 20 deg. cent. This approximates 
the results given in the Fig. 19 mentioned in Mr. Buller’s dis¬ 
cussion. If, however, the loading on the cables is adjusted to 
give the same ultimate temperature rise when suspended in air, 
the temperature will rise much faster than when the cables are 
in duets embedded in the earth. 

Although the heat storage capacity of the lead sheath may 
be in some cases 25 per cent of the total storage capacity of the 
cable, the actual heat storage in the lead sheath rarely exceeds 
10 or 15 per cent on accoimt of the relatively lower temperature 
of the sheath in comparison with the conductor and insulation 
adjacent to it. The effect of this is small and as stated on 
page 987 is partly compensated for in three-conductor cables 
by neglecting the temperature rise in the copper foil around 
each conductor, the calculation of which would be very difficult 
for variable loading. 

This heat storage may easily be taken into account if it is 
felt that, as in the case of armored cables mentioned by Mr. 
Buller, it is of appreciable amounts. Taking heat storage in the 
sheath into account introduces two more equations of the form 
of equations (5) and (6) into the set of simultaneous equations 
necessary for the solution of the temperature of the cable. 

To show that the effect of the heat storage in the sheath is 
quite small in ordinary cases the following calculation was 
made, for the same size and type of cable as the one described 
in Appendix D of the paper: 

For the lead sheath: 

(r 2 “ n) = 0.125 in. (0.317 cm.) 
r 2 = 1.55 in. (3.94 cm.) 

S = 0.298 deg. cent, per watt per cm.® 
p = 11.4 g. per cm.^ 

C = 0.0000348 watt-hr. per g. 

Hence by the same method as given in Appendix D, 
qri = 0.0201, and 

qr 2 = 0.0219, for the fundamental component of 
the heat-flow cycle. 

Referring to the approximate formulas given in Appendix C 
it can be seen that with r of the order of magnitude obtained 
above, very little error will be introduced even in the third or 
fourth harmonics by assuming that: 

<T — lnr2lri. 

T - l/q n. 

4' = l/<l 

These values when substituted in equations (5) and (6) 
give for the sheath: 


Qi = Q2 


2t 


(Ti - T2) 


Sin r 2 /ri 

which is equivalent to saying that the heat storage in the sheath 
is negligible. 
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Synopsis, The electrical characteristics of the lead sheaths of current density^ voltage drop^ and power loss in the sheath of a three~ 
underground cables can be calculated by the methods used for conductor cable^ (5) two single-^conductor cables with the sheaths 
computing proximity effect. Theoretically^ any group of round openncircuitedf (4) two single-conductor cables with the sheaths 
wires and thin tubes can be calculated. Cases which arc taken up skorindrcuited^ and (5) three single-conductor cables in a plane, 
in this paper are {!) a thin tube and an enclosed wire^ {2) the 


P ROXIMITY effect, that is, unequal distribution of 
alternating current over the cross-section of a 
conductor caused by current in another conductor, 
occurs whenever parallel conductors carry alternating 
current. When the parallel conductors are non-mag- 
netic round wires or infinitely thin round tubes, of any 
grouping whatever, the effective resistance and re¬ 
actance can, theoretically, always be calculated. 
Such a calculation can be carried out for either the loss 
or the voltage drop. The intensity of the electric field 
or the magnetic field at any point, due to the irregular 
current distribution, and the exact amount of shielding, 
can be computed. 

• Ini this paper are given formulas, with numerical 
examples, for some problems connected with sheaths of 
underground cables. These are supplementary to the 
formulas previously published by the writer in the 
Electric Journal.'- 

The problem of the distribution of alternating cur¬ 
rent in a round wire caused by the proximity of a 
current in a small filament parallel to the wire, was 
proposed and solved by Charles Manneback.* It seems 
that this particular problem had not previously been 
proposed or attacked, but it has proved to be a most 
useful problem, as it has led to the solution of many 
others. The resifit of the above problem is a short 
algebraical expression for current density, which has 
the desired characteristic that it gives equal voltage 
drops at all parts of the conductor section. The cur¬ 
rent adds up to zero over the section, that is, it is 
merely a circulating current and does not affect an 
ammeter connected in series with the conductor. It 
is not affected by whatever ammeter current there may 
be and it is not affected by the circulating current caused 
by another outside filament. These currents are simply 
added together, as they separately produce equal 
voltage drops at all parts of the section. The effect of 
an outside round conductor can be found by integrating 
the effect of its filaments. 

•Prof, of Elec. Machinery, Mass. Institute of Technology, 
Cambridge, Mass. 

1. ‘ ‘Losses in Grounded Sheaths of Single-Conductor Cables,” 
by H. B. Dwight, Hleciric Journal, February, 1924, p. 62. 

2. “An Integral Bqtiation for Skin Effect in Parallel Con¬ 
ductors,” Journal of Mathematics and Physics, April, 1922, amd 
Research Bulletin No. SO, Massachusetts Institute of Technology. 

Presented at'the North Eastern District Meeting of the A. I. E. E., 
Rochester, N. Y., April S9-May 2, 19S1. 


The calculation of the circulating current in an 
infinitely thin tube caused by a current I in an outside 
parallel filament has been published by the writer.* 

The result is 


i(a) - 

wh«*e 


00 



wet 


n 


I* +j I''n 
ir+-^s cos«0 


( 1 ) 


c = mean radius of the tube, in cm., 
t = thickness of the tube, in cm. (considered very 
small compared with c), 

s = distance from the filament to the center of the 
tube, in cm.. 


1* 


CO 


2 TT Ct 
p> 


( 2 ) 


0) = 2 x/ 

/ = frequency in cycles per second, 
p, — resistivity of the tube, in abohms per cm. cube. 
This is the same as the last part of (14), reference 3, 
where it is to be noted that the current in the outside 
filament is — I. 

A formula for the. current denaty in a very thin 
tube, caused by a cigrent I in a filament inside the tube,. 
will now be given. If, in reference 3, the filament Y is 
inside the tube, then instead of equation (4) of that 
article we must use 

D s" 

logn—=-;^—COSW0 (3) 

where e is the radius of the tube, in cm. and B is the 
angle indicated in Fig. 1, which is to be used in place 
of Fig. 1 of reference 3. 

The calculation will be the same as the derivation of 


(14) in reference 3, except that in every case 



and 


a” s s" 

—— become —— and ——. The letter c is used in this 

gn C 

paper for the mean radius of the tube or sheath. The 
current density in the tube due to I at Y, Fig. 1, is 

3. Proximity Effect in Wires and Thin TubeSy by H, B. Dwight, 
Teans. a. I. E. E., 1923, p. 860, 
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If three-phase currents are carried by conductors 
^i> Yi, and Ys as in Fig. 2, and the sheath is open- 
drcuited. 
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(5) 

The reactive drop in the filament at X due to the 
element of current etdd^s 

V • 

j o}2ct logn d 6 

taking account of flux up to a certain large distance p. 
Integrating this expression around the circle and 



Fia. 1 —Thin Tube and Enclosed Filament 


adding the drops due to the three power currents and 
the resistance drop, the drop in the sheath is found to be 
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( 6 ) 


where I is in abampores. This formula gives a result 
equal to zero in a numerical problem. The term logn 
denotes natural logarithm. 

The loss in the open-drcuited sheath of a three-phase 
cable is obtained from (5) and is 

Loss in open-circuited lead sheath 
Loss in 3 copper conductors at 0 frequency 


where t is the actual thickness of the lead sheath in 
cm., p, is the resistivity of lead and p. that of copper, 
at the temperatures considered, and where a is the 
radius in cm. of a solid copper wire of the same resistance 
as the stranded copper conductor. The current is 
assumed to be uniformly distributed over the sections 
of the copper conductors. Note that t has here a 
different definition from that in reference 1. Expres¬ 
sion (7) was published by Dr. F. W. Carter, in the 
Proceedings of the Cambridge Philos. Soc., Vol. XXIII, 
1927, p. 905, equation (19). It may be mentioned 
that equation (16) of that paper, for the loss in an 
open-circuited thin tube due to an external filamentary 
current, is the same result as was published by the 
writer in paragraph I, Part II, reference 3, in 1923. 

Example I. Three-conductor, three-phase cable, 
600,000 cir. mils, per conductor, sheath open-circuited, 
c = 4.5 cm., t = 0.40 cm., a = 0.898 cm., p. = 25,000, 
Pe = 2,100 at 76 deg. cent., / = 60 cycles, s = 2.0 cm., 
P = 0.170. 

_ Loss in open-circuited lead sheath 

Loss in 3 copper conductors at 0 frequency 
= 0.05 = 5 per cent. 

^ Example II. Three 1,000,000-cir. mil unsheathed 
single-conductor cables in a 3/16 in. lead sheath or 
pipe, c = 4.55 cm., t = 0.48 cm., a = 1.27 cm., 
P. = 25,000, Pc = 2,100,/ = 60, s = 2.31 cm., P = 0.207. 

Loss in open-circuited lead sheath 
Loss in 3 copper conductors at 0 frequency 
= 0.15 = 15 per cent. 

Note that lead-sheathed, three-conductor cables as 
large as in this example have been manufactured. 

If the pipe were made of iron instead of lead, the loss 
would be expected to be considerably greater. See 
Question No. 2913, Electric Journal, April, 1929, 
page 184, concerning three 1,260,000-cir. mil conduc¬ 
tors in an iron pipe, in which the loss in the pipe was 
neglected. 

The e. m. f. induced in the open-circuited sheaths in a 
single-phase circuit of single-conductor underground 
cables, assuming that the sheaths are infinitely thin, 
though of the same total resistance as the actual lead 
sheaths, and assuming that the main current is uni¬ 
formly distiibuted over tiie cross-sections of the round 
conductors, is given by the following formula. 

Let 
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I _ _£^ p (^ + fe — 1) ! 

2 V - 1) ! A: ! 


where n and Ac denote integere. 

Nn — An + Bn + C„ + . . . 

Voltage drop in abvolts per cm. of sheath, for a 
power current I, 

S _|_ g2 

= y w 2 J logn +3 cal logn-;— 
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( 8 ) 


where if® •= s® + c® and cos a = 


s 

H * 


The term logn 


denotes natural logarithm. The drop in all parts of 



Fia. 2 —Thhbk-Phasb C.abi.b and Sheath 

the sheath is the same. This expression was calcu¬ 
lated for the upper point of the sheath. 

Example III. 2,000,000-cir. mil single-conductor 
cables, single-phase circuit, 60-cycle, sheaths open- 
circuited, c = 2.97 cm., t = 0.357 cm. actual thickness 
of lead sheath, s = 10.66 cm., p, — 25,000. Absolute 
value of drop by formula (8), is w I 2.552. If the first 
term only of (8) is used, the drop is w 12.556. The 
difference is 0.16 per cent which is practically negligible. 

To find the expression for the zero-frequency induc¬ 
tance of the sheath, the terms of (8) which contain co 
to the first power only, are required. This will involve 
An only. At low frequency, I will be less than 1. 

An ^ ^ 1 ^ ^ 

y A® ~ s" « -f- y A® ~ w s’* \ n / 

2c’‘ 

The part independent of A is —-. 

fl S” 


The part of the last line of (8), which involves <a to the 
first power only, is 

■) 

= - 3 0)1 logn (1 -f ) 

This cancels the second part of (8). The third and 
fourth parts contain co to the second and higher powers, 
and so the zero-frequency inductance of the sheath is 

8 

given by 2 logn-, from the first term of (8). The 

c 

so-called frequency terms, that is, terms involving 
frequency to higher powers, are seen from Example III 
to have a negligible effect in a practical case with large 
conductors. Their effect would be less with smaller 
conductors. 

A series of articles has been published from 1923 to 
the present time by W. A. Cramp in the Journal I. E. E. 

s —- c 

(England) stating that a term logn- should be 

c 

used in formulas for loss and voltage drop in sheaths at 

8 

low frequency, in place of the term logn “ used by other 

c 

writers on the subject. 

In case of disagreement between formulas of this type 
for low frequencies, the proximity effect calculation can 
be used as a criterion, for it gives convergent series at 
low frequencies. By computing the terms which are 
being neglected, it can be determined if they are in 
fact negligible. This can be done both by taldng 
numerical examples, and by finding the formula for 
practically zero frequency, as has been done in the 
single-phase problem just taken up. If different 
assumptions have been made, their effect can usually 
be determined by separate proximity effect calculations. 
It is shown in the preceding paragmphs that the 

s 

correct low-frequency term is logn-. The term logn 

c 


-gives results which differ by a considerable 

percentage, as is shoym in Fig. 3. 

Carefully made tests are of value in checking calcu¬ 
lations. A set of such tests has been published by 
W. S. Clark and G. B. Shanklin in the A. I. E. E. 
Teans., 1919, p. 917. The results of a number of their 
measurements on open-circuited sheaths are shdwn by 
circles in Fig. 3. They are seen to agree closely with 
equation (8). Fig. 3 is taken from the thesis of W. M. 
Swingle of Massachusetts Institute of Technology. 

When the measurements given in a set of tests do not 
plot as a smooth curve, or show discrepancies between 
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themselves, internal evidence is given that the tests 
are untrus^orthy at least to the extent indicated by the 
discrepancies. The mutual inductance of non-magnetic 
conductors depends on their size and position, and is a 
constant with vaiying current, the frequency and other 
conditions reported, remaining constant. 

A set of tests on open-circuited sheaths which has 
been referred to quite often by W. A. Cramp is that by 
P. Dunsheath, Journal I. E. E. (England), Vol. 65,1927, 
p. 469. One set of test results on non-magnetic cables 
at 6-in. centers (Table D, page 493 and Fig. 17) shows 
30 per cent change in mutual inductance, while the 
only change reported is that the current changed from 
150 to 300 amperes. This.can be seen by dividing e a c h 



Fig. 3—Mtxttjai, Indvotancb op Cables and Sheaths 


curve, and he showed the same departure of the readings 
from a smooth curve that is shown in Fig. 3 of this 
paper. 

The consideration of the two formulas of Fig. 3 is a 
good illustration of the usefulness of proximity effect 
calculations. The precise values of current and voltage 
in every part can be computed by the proximity effect 
method. The exact amount of shielding due to the 
sheath is calculated. Two diff^ent solutions are ob- 
t^ed for the cases of open-circuited sheaths and short- 
circuited sheaths. The open-drcuited voltage between 
the sheaths suddenly becomes zero when a bond is 
applied and short-circuit current flows, even though the 
sheaths are separated by a considerable 
'Diere is no reason why the voltage between the open- 
drcuited sheaths should gradually approach zero as 
the sheaths come near the position where they touch 
each other. The open-circuit voltage is not zero just 
before they touch. 

It is satisfactory that the formulas given in the pre¬ 
ceding paragraphs are not long. While some proximity 
effect formulas contain many terms, that is not a reason 
for giving up all proximity effect calculations. In cable 
sheath calculations, the higher frequency proximity 
effect t^s are usually of small effect, except for the 
largest sizes of cables. The initial terms can often be 
adjusted to be the same as the most convenient and 
accurate low-frequency formula. It is advisable to 
have the higher frequency terms always available, so 
that one will estimate, almost automatically, whether 
they are needed or not. If they are not needed, they 
win cause little or no ^tra work. If they are needed, 
nothing else but proximity effect terms can take their 
place. 

A number of proximity effect formulas for cable 
.sheaths is given in a technical report of the British 
Electrical and Allied Industries Research Association 
by E. B. Wedmore, P. D. Morgan and S. Whitehead.* 
It may be noted that fomulas (118) and (119) of that 
report are the same as the first terms of the proximity 
effect formulas published in Section V of reference 3. 


value of measured e. m. f. by the corresponding current, 
and shows a serious discrepancy in this set of measure¬ 
ments. Another similar set of measurements at 
different spacings (Table A, p. 492 and Fig. 5) is indi¬ 
cated by crosses and a dotted line in Fig. 3. While tibe 
height of the complete curve might require ffhawging 
owing to incomplete published data, yet the shape of 
the curve shows that the measurements are not precise 
enough to give any evidence that would help toward a 
choice -between the two conflicting formulas illustrated. 
The statement that the dotted line showed that formula 
(8) was correct at close spacings and that the other 
formula was more nearly correct at wide spacings is 
seen to be without justification. These tests were first 
published in Fig. 5 by Mr. Dunsheath in the form of a 


Fonnula (28) of reference 1 for the loss in short- 
drcuit^, non-magnetic sheaths in a single-phase circuit 
can be improved by making it more rapidly convagent 
for wide spacings between the cables. This is done by a 
slight change in the calculation, making the initial terms 
the same as in the usual impedance formula. The two 
formulas give the same numerical results for cases for 
which they are both convergent. 

Using the same notation as described under equa¬ 
tion (1), 

— JO} logn —— 


i CO 2 logn ——|- — El — 
c 2ir ct 


4. Journa 1. E. E. (England), Vol. 67, Maroh, 1929, p. 369. 
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In the equations for B and G„, A = 0. For C and i?„ 
use the formulas for B and (?« respectively, except 
change A to B and F to G. Similarly, for D and I„, 
change A to C and F to H, and so on. 

L ■ ^ P + B + C + . . .. (13) 

Mn = Fn + G„ + Hn + • • • (14) 

_ Loss in sheath _ 

Loss in conductor at zero frequency 


s 

Xm = 2 0 } logn-in absolute units. (20) 

c 

. 140.4 , s 

= 2 TTj —■ logic ohms per 1,000 ft. of cable. 

( 21 ) 

See equations (6), (7), (10) and (11) of the article by 
Donald M. Simmons in the Electric Journal, August 
1925, p. 366. In numerical calculations, resistance 
and reactance should be in the same units. The second 
part of (18) is equivalent to (16). Equation (19) is 
equival«it to (187) of refer^ce 4. 

Example IV. 2,000,000-cir. mil, single-conductor 
cables, single-phase circuit, 60 cycle, c = 2.97 <an., 
t = 0.357 cm. actual thickness of lead sheath, s = 6.30 
cm. (lead sheaths touching) a = 1.796 cm., p, = 25,000, 
Pc = 2,100,/ = 60, P = 0.1005. 

_ Loss in sheath _ 

Loss in conductor at zero frequency 


where o is the radius of a solid copper wire of the same 
resistance as the conductor, and where pc is the resis¬ 
tivity of copper, in the same units as p,. | L |* is the 

square of the absolute value of L. 

For an appro:dmate formula, use 


By using equation (25), reference 1, to calculate the 
drop in the conductor, the effective impedance of the 
conductor with short-circuited sheath is found to be 

00 

Rc+J Xc+3 0 )4: L logn - / co 2 2 

(17) 

where Bo and Xc are the resistance and reactance of the 
conductor without sheath. L and ilf» are complex 
quantities. If the numerical value of (17) is found, the 
real part is the effective redstance, and the unreal part 
is the effective reactance, of the cable with short-cir¬ 
cuited sheath, in a single-phase circuit. The effective 
resistance will be in agreement with the loss in the 
conductor plus the loss in the sheath as given by (15). 

By putting L = P and = 0, the following well- 
known approximate formulas are obtained: 

R,XJ 

Effective resistance = Re + • , v 7 (18) 

T -^m 

Effective reactance = Xe— p, r (19) 

JXs "r" •^m 

where X«, is the mutual reactance of the sheath and the 
conductor, and is given by 


= 49 per cent, by equation (15). 

The result by the approximate formula (16) or (18) is 
41 per cent. These results agree with those in Example 
II, reference 1. The rapidity of convergence of (15) 
of this article is about the same as that of (28), reference 
1, for this example in which the cables are very close 
together. If the cables are on about 6-in. centers, as 
they would be if in ducts, the convergence of (15) 
is more rapid than that of (28), reference 1, and its 
first twm is a better approximate formula. 

It has recently been pointed out in Holland, England, 
and the United States that when three single-conductor 
cables with short-circuited lead sheaths lie in a plane 
and carry balanced three-phase current, the losses in the 
two outer sheaths are not the same. This difference is 
apparent in the zero-frequency expression. To take care 
of this, a formula for the loss in the second outside sheath 
should be added to (32) and (34) of reference 1. Using 
the notation of that article, let 

Po = Ac* + Bco + Ceo “h • . . 

Pn — Adn •+• Bdn + Cdn -|- . . . % ^ 0 

Loss in sheath of second outside cable 
Loss in conductor at zero frequency 

= -^-[2 |p*h+|Pii=*+iF2i*+. . .+ip»i^+. . .] 

( 22 ) 

This gives, for Example V of the above article, a result 
of 1.80 or 180 per cent to compare with 235 per cent in 
the sheath of the first outside cable. 

The writer wishes to acknowledge valuable sugges¬ 
tions from IVEr. R. W. Atkinson, chief electrical engi¬ 
neer of the Standard Underground Cable Company, 
and Mr. K. W. Miller of the Commonwealth Edison 
Company, regarding this paper. 
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In concliision, various problems in proximity effect 
and shielding in wires and thin tubes, can be solved, as 
required. In some cases, it is desired to compute the 
results to show that certain effects are practically 
negligible. In other cases, the effects are of engineer¬ 
ing importance, and the design of conductors will 
depend upon the computed values. 


Discussion 

R. W. Atkinson: I wish to discuss Prof. Dwight’s formula (7) 
relating to sheath losses in three-conductor cables. With the 
large sizes of cables now frequently used, the sheath losses in 
three-conductor cables are not negligible and, therefore, the foi>- 
mula developed by Prof. Dwight will be very useful indeed. The 
formula given is readily available for use and is actually much 
less imposing than might be assumed from its appearance by the 
average engineer. In order, however, to improve the convenience 
of its application, we have transformed it to the following form: 

^ _24:7r*f-sUa^r 1 / 1 \ 



(?') 

P denotes the ratio of sheath loss to zero frequency copper loss 
and the rest of the notation is the same as in Prof. Dwight’s paper. 
The series in the bracket converges so rapidly in aU practical 
cases at commercial frequencies that only the first two terms in 
the bracket need be taken into account. Moreover, at 60 cycles 


the term I* is nearly equal to 



the variation being of the 


order of 2 per cent of the value of P. We may therefore, obtain 
a fair degree of accuracy by neglecting the bracket entirely at 
60 cycles. 

By making a simplifying assumption which neglects the effect 
of the redistribution of flux due to the sheath currents, Mr. Louis 
Meyerhoff of our company has independently derived a fonnula 
for sheath loss. This formula is 


24 7r^PsHa^ r _ 

cpo Pa L ^ ^ 4 c® 



(VII.) 


It will be noted that formulas (VII) and (7') are identical 
except for the term I* which appears in the bracket of the latter 
formula. The value of I* in practical cables at 60 cycles varies 
between 0.02 and 0.05, so that the value of sheath loss as deter¬ 
mined by (VII) is from 2 to 5 per cent higher than the value as 
determined by (7). This indicates the degree of error which may 
bo expected if losses of this type are calculated without taking 
into account the effect of the induced currents on the flux dis¬ 
tribution. . The calculations are greatly simplifled without causing 
serious error.' 


If we take out of formula (7) the factor tt a® and replace it with 
a symbol representing the cross-sectional area of the conductor, 
the formula will apply to stranded as well as to solid conductors. 
We have also found experimentally that it is applicable with 
reasonable accuracy to sector-shaped conductors as well, pro¬ 
vided the current is assumed to be concentrated at the center of 
the small diameter of the sector. 

In order to permit of simpler application of formula (7) all 
dimensions may be expressed in inches and the conductor area in 
circular mils. Substituting for / the value of 60, and for Pe and 
Pa their values at 30 deg. cent. (1,720 and 22,000, respectively) 
and neglecting all terms in the bracket, the formula becomes 


Per cent Pgo 


2.3 s® t A 
lOU 


(.r) 


where 

Per cent Po© 


t 

A 

and c 


is the sheath loss at 60 cycles expressed in per 
cent of the copper loss at zero frequency, 
is the distance in inches between the center of 
each conductor and the center of the cable, 
is the thickness of the lead sheath in inches, 
is the area of each conductor in circular mils, 
is the mean sheath radius, in inches. 


To obtain the loss at any temperature other than 20 deg. cent, 
the value of per cent Peo as obtained by (7*") should be multiplied 
by the factor 


_ 1 _ 

1 + 0.004 {Tc + - '40)’‘ 

in which To and T© are the respective conductor and sheath 
temperatures in degrees centigrade. 

Ordinarily, the values of s and c are not readily available, but 
they can be computed from the following: 

For round conductors, the values are accurately: 


- 1.078 d+ 2.155 a 5 + 


2 


s * 0.578 d + 1.165 a 

For stranded .sector conductors, the values are approximately: 
c = 0.878 d'+ 2.165 a-h b + 


s = 0.471 d’ -I- 1.156 a 

where 

d is the diameter of the conductor in inches, 
d’ is the diameter of a stranded circular conductor of the same 
area as the sector conductor under consideration, 
a is the conductor insulation thickness in inches, 
h is the belt insulation thickness in inches {b — o for type H 
cables) and c, s and t have the same significance as for 
formula (7''). 

It may be pointed out that the above discussion applies only 
to three-conductor cables which do not have a magnetic binder. 

Another source of losses in three-conductor cables is the skin 
effect and proximity effect of the conductors. We have mea¬ 
sured in our laboratory the losses in stranded sector cable of 
various sizes from 350,000 cir. mils to 900,000 cir. mils and have 
found that on the cables tested the value of combined skin effect 
and proximity effect is approximately equal to 90 per cent of the 
skin effect calculated by the standard formula for a round single 
conductor of the same size. By adding this value of skin effect 
and proximity effect to the sheath loss we obtain the total increase 
of a-c. loss over d-c. loss. Theoretically, the combined loss will 
differ somewhat from the simple sum of the two component 
losses, but the order of difference is smaller than the degree of 
accuracy with which we are concerned. 

The apparent a-c. resistance of a cable will also be affected by 
the proximity of other cables, the effect depending upon the 
number, proximity, and physical dimensions of the contiguous 
cables. Each case must be considered as a special problem. It 
seems that a fair approximation of this effect can be obtained by 
making numerical computations on the assumption that the 
induced currents do not affect the flux distribution. This effect 
is being studied. 

H. B. Dwiiilit: The approximate sheath loss formula given 
by Mr. Atkinson is a very appropriate one for this problem. It 
can be used with confidence, as it gives the sheath loss of three- 
conductor cables up to 1,000,000 cir. mils and more, within a 
very few per cent. 

The test results which he gives are of considerable value. 
It is to be hoped that further measurements of effective resistance 
and reactance will be published, for in the cases of stranded 
conductors and laminated busbars, measurements must be 
used as well as calculations. 



Losses in Transformers for Use With 

Mercury Arc Rectifiers 

BY E. V. DeBLIEUX' 

Associate, A. I. £. 


Synopsis.—This paper developes the mathematical formulas and 
discusses the assumption involved in the methods for determining 
the losses of transformers for use with mercury arc rectifiers. The 
methods discussed have been proposed for the A. I. E.E. Standards. 

From test readings of current taken under service conditions, a 
rigid calculation of copper losses is made. From this calculation it 


is shown that the proposed methods give values that are accurate 
within satisfactory limits. 

The paper also presents the advantages of the proposed methods for 
determining the losses of transformers for use with mercury arc 
rectifiers. 

« i|( ;|e « ♦ 


Part I 


A NUMBER of papers and books has been pub¬ 
lished in the last few years which includes tables 
and calculations giving the salient features of the 
various transformer connections which are suitable for 
use with mercury arc rectifiers. 

The calculations set forth in these publications are 
based on the assumption that the secondary current 
waves are rectangular in shape. 

Similarly, calculations of effective values of current 
and of losses are based on this rectangular wave shape 
and on the further assumption that the effective resis¬ 
tance of the winding is the same at all frequencies. 
Since the reactance of the circuit alters the current 
wave shape from the assumed form and as the effective 
resistance is different for the various harmonics which 
go to make up the current waves, calculations based 
on the stated assumptions may be very approximate. 

It is the pwpose of this paper to review these theoreti¬ 
cal calculations, to calculate particularly the copper 
losses of a typical transformer designed for use with 
power rectifiers and, based on the conclusions obtained 
from the calculations, to set forth commercial methods 
of making tests of losses of the commonly used 
connections. 


Current Harmonics 

If a rectifier transformer with p secondary phases 
supplies current to a rectifier and the circuit is assumed 
to be free of reactance, the current per phase will be as 
shown for phases 1 and 2 in Fig. la. Since there are 

2 TT 

p phases each phase will carry current for thfe- por- 

Jr 


tion of a cycle, or with the axis as shown, from — 


TT 

P 


to + -. The magnitude of the current is desig- 

P 

nated by the letter J. 

1. General Trans. Engg. Dept., General Electric Co., Pitts¬ 
field, Mass. 

Preaenled al the North Eastern District Meeting of the A. /. B. E., 
Rochester, N. Y., April 29~May Z, 1981. 


With this arrangement, the wave may be analyzed 
into a series of cosine terms because of its synametry 
about the coordinate axis. The amplitude of the Tith 
harmonic is then— 





J cos n 6 d 6 


2J 
n X 


n X 

sm- 

P 


( 1 ) 


p 


Solving for the harmonics in the secondary current 
wave of a six-phase and a three-phase rectifier trans¬ 
former, the values will be as given in Table 1. 

Pig. 2c shows one of the commonly used six-phase 



rectifier connections. Since current flows in each of the 

2 X 

(6) portions of the winding for-or 1/6 of a cycle the 

P 

values in the p = 6 colunin of Table I will apply to this 
portion of the winding. The (c) portion of the winding 
carries the current of two successive b coils and therefore 
for of a cycle. It is therefore equivalent to a three- 
phase rectifier and the values in the p = 3 column apply 
to this section of the winding. The current which flows 
in the primary coils is the resultant of the currents 
which flow in the b and c secondary coils which are on the 
same leg. The even harmonics of the b and c coils neu- 
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tralize each other because they are, 180 deg. out of 
phase, of equal magnitude and flow through coils having 
equal turns. It is therefore the resultant of the odd 
harmonics that flow in the primary coils. 

Effect of Reactance 

Due to the reactance of the transformer windings 
and the supply lines, it requires a deflnite time for the 
secondary current to rise to its full value at the start of 
each period of conduction and again to decrease to zero 
at the end of the period of conduction. 

As a result the current wave is altered from the shape 
as shown in Fig. la and assumes the shape shown by 
the solid lines of Fig. Ic. 

Figs, lb and Ic show the voltage and current waves 
of anodes 1 and 2 of the coimection shown in Fig. 2c. 
Anode 1 carries the full d-c. current until the point in 
the cycle is reached where the voltage of anodes 1 and 
2 are equal, at which point anode 2 begins burning. 

Beginning at this point two anodes are connected 





Fig. 2 


fflmultaheously to the cathode and constitute an elec¬ 
trical-connection between the connected transformer 
phases, short-circuiting the difference in voltage be¬ 
tween the two phases. This difference in voltage cir¬ 
culates a. current through the loop thus formed, which 
current flows in an oppoate direction to the d-c. current 
carried by phase 1. 

This condition continues until the instantaneous 
value of the circulating current equals the d-c. current 
carried by phase 1 at which time the resultant current 
in phase 1 is zero and its arc goes out thus terminating 
the short circuit and leaving phase 2 carrying the d-c. 
current. ' ' 

By this means, commutation of current is effected. 


TABLE I 

p « 6 p « 3 


Fundamental.100 % —0.318 /do .... 100 %—0.552 7 do 

Second harmonic. 86.8%—0.276 /do.... 50 %—0.276 /dc 

Third.... 66.6%—0.212 /dc 0.00 

Fourth. 43.4%—0.138 /DC -25 %—0.138 /do 

Fifth. 20 %—0.064 /DC -20 %—0.110 /dc 

Sixth. 0.00 _ 0.00 

Seventh. 14.3%—0.045 /dc -14.3%—0.079 /dc 



This period of commutation, i. e., of overlap of current 
of two phases is denoted by u. (See Fig. Ic.) 

Using the instant when anode 2 starts burning 
as the origin and applying Kirchoff’s second law to the 
closed loop through phases 1 and 2— 

d i\ dii 

~^~dr 

in which 

ei and are the instantaneous voltages of jJhase 1 
and phase 2 respectively, 

Ui and 02 are the arc drops of phase 1 and phase 2 
respectively, 

ii and ii are the instantaneous currents of phase 1 
and phase 2 re^ectively. 

L = the mductance of the circuit between anode and 
neutral. 

Assuming the are drop of the two burning anodes to be 
equal the terms Oi and 02 cancel out. 

-Also from Fig. Ic, 

ix ii = J 

Cl = E V 2 cos ^ it i H- —^ ^ 



in which 

E = Effective value of transformer secondary line-to- 
neutral voltage 
t = time 
% = 2 it/ 

Substituting the above values of ex and in (1) and 
solving simultaneously 


- E V2 sin ir/p 
ix = J — -^-(1 — cos u t) 


inwhichZ = (a L 

Equating equation (2) to zero at time t = u, ai which 
timeii = zero, then. 
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It should be noted from Pig. Ic that the effect of 
reactance is to increase the period during which a phase 
carries current by the angle u without altering the 
maximum or average value of the current. 

As a result it is to be expected that the effective value 
of current is decreased. 

The change in mean square value due to this increase 
in the period of conduction may be represented by the 
following equation: 

Aii = -s— n* (1—cos«)®dx+-5— ]iJ—i (l-rCosa:)*da: 

(4) 

Referring to Pig. Ic, the first term represents the ar^ 
(1) the second term represents the area (2) which is the 
same as (4) and the third term represents the area (3) 
which is enclosed in the dotted lines and is the sum of 
(1) and (2). 

Integrating for ii 

Ail = [ 2i*( 2sintt + •jsin2tt) 

— 2 Ji (u— sin u) 1 (5) 


Promthefigurei = i _ cos ^ 

Substituting this value for i in (5) and collecting 
terms: 

(2 + cosu) sintt - (1 + 2 costt) u 
~ ~ 2 TT (1 — cos Uy 

The minus sign indicates that the change in effective 
value of the current is a decrease as was antidpated. 

The effective or root mean square value of I for flat 

topped waves is —= and the mean square value is 

Vp 

J2 

th^efore-. Due to commutation, the mean square 

value therefore becomes 

J J^(2 + cos«)sin^ — (1 + 2cos^) u 
p 2 ~ , 2 ir(l - costt)* 

which expression is equivalent to and may be reduced 
to the forms given by various authors.® 

2. “Mercury Arc Rectifiers and Their Circuits,” Prince and 
Vogdes, p. 115, 

Arehiv. fur EUUrotechnik, Daellenbach and Gerecke, Vol. 14, 
No. 2, Jan. 15,1925, pp. 17-246. 

“Mercury Arc Power Rectifiers,” Maa^ and Winograd, p. 114. 


Equation (6) is based on the assumption that the 
effective transformer resistance is the same for all the 
harmonics which make up the current wave for which 
the expression was derived and that therefore in deter¬ 
mining the effective value of current the harmonics may 
be added in the usual manner to determine the resultant 
r. m. s. value. 

Columns 2, 3, and 4 of Table II show in per cents of 
the fundamental component the magnitude of each of 
the harmonics in the various coil currents. The values 
were obtained when a d-c. current of value J was deliv¬ 
ered by a six-phase rectifier, of the cormeetiori shown in 
Pig. 2c, fed from a system whose capacity is toge com¬ 
pared with that of the rectifier. The harmonics in the pri¬ 
mary and in the anode (6 coil) currents were measured. 
The harmonics in the current of the c coils were, deter¬ 
mined by proportion from the measured reductions of 
the corresponding harmonics in the current of the a arid 
6 coils. 

It will be noted that the actual per cent harmonics in 
the current are not so large as, the theoretical values ip 
Table I and that the ratio between theoretical harmonic 
current and the test value is greater the higher the order 
of the harmonic. 

This is due to the impedance of the circuit which 
increases with the order of the harmonic. 

EPFEcynvB Resistance 

Based on formulas developed over a period of years 
and tests of a large number of transformers a formula 
for eddy loss in transformer windings has been devel¬ 
oped, in which the eddy current loss varies approxi¬ 
mately in accordance with the.following equation: 

Watts (eddy loss) = 0.86 Y (7) 

in which 

X = frequency and Y represents the sum of the other 
factors which determine the eddy loss; 

It should be noted that in this expression the eddy 
loss varies in accordance with slightly less than the 
square of the frequency instead of with the square as 
given in various other similar formulas, and therefore, 
calculations based on it will give lower losses than the 
conventional formulas.® For a given winding all of 
the factors that enter in the Y term of equation (7) are 
constant, therefore the proportionate resistance to the 
various harmonics will be as determined from equation 
(7) and as given in columns 5 and 6 of Table II. 

In connection with the loss values determined later 
in the paper, it should be noted from columns 5 and 6 
of Table II that the effective resistance at fundamental 

3. “Magnetic Leakage in Transformers,” J. M. Weed, G. E. 
Review , Vol. 15, p. 759, Deo. 1912. 

"Reduction of Eddy Current Losses , J. M. Lyons, A. I. E. 13. 
JovsNAii, July, 1913. • • ■ 

“Eddy Currents in Large Slot Wound Conductors,” A. 13. 
Field, Proc. A./. H. E., 1905, p. 659. , 

“Stray Losses in A-C. Armature Windings,” Dr. 1. Rusoh, 
Elektrotechnik und Maschinenbau , Nos. 4 and 5; Jan.-1910. 
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TABLE II 


1 2 3 4 5 6 7 8 9 

Order of harmonic Test amplitude (peak yalues) Effective coll resistance Effective values of I (see eQuation (8) 

a b c a b c 

coil coU 0 6 and c coil coil coil 


D. O. 


62.6 . 

.. 60.3. 

. . 1 

1 


1 

Ril 7 

1 . 


100 . 

1 100 

.. 1.05... 

. 1.12 . 

. 1.44. 

. 1.96. 

. 2.62. 

. 3.46. 

.102.5 ... 



2 . 


73 ... 

42 3 

.105.8 ... 

...106.8 

3. 


41.5 . 

.. 0 . 

!! 1.18 ! 


.... 88.6 ... 

... 60.7 

4. 


23.6 . 

13 56 


.... 38,0 ... 
.... 14.3 ... 

. .. 

8 . 

6 . 


7.7 . 

.. 7.7. 

.. 2.03... 

. 11.0 ... 

... 21.9 
... 14.33 

7. 

. 6.7 . 

6.7 

6 7 

.. 2.2 ... 

.5.6. 

.6.9 . 

. 8.36. 

.9.99. 

. 11.8 . 



... 13.6 

8 . 


8.0 . 

4 61 

8.44 ... 

.... 13.6 

9. 

. 3,8 . 

7.6 .. . 


! 4.07 ! 

* 

.... 21.0 ... 

... 12.1 

10 . 


6.3 . 

.. 3.07.. . 

7.68 ... 

.... 21.4 


11 . 


2.6 . 

.. 2.6 . 

.. 6.61... 

. 5.88 ... 

.... 16.75 
.... 8.6 

... 9.7 

... 8.6 

12 . 

13..;.., 


2.2 . 

.. 2.2 . 

.. 7.18... 

.16.8. 

.17.6. 

.18.66. 




14. 


8.3 . 

. 1.81. 

• O • 9 • t p 

.... 8.76 ... 

... 8.76 

16. 


3.0 ... - 


.. 9.02... 

. ... 

.. •. lo.... 

.... 12.96 

... 7 .68 

16. 


2.0 . 


. 4.6 ... 



. 1.17. 


. 22.86 . 

.26.6 . 

.30.9 . 




17. 


0.9 . 

0.9 . 

.. 11 . 21 ..! 

..13.44... 

Q no 

.... u.o/ ... 

. . . 0.0 

18. 

19. 


0.96. 

. 0.95. 

9 O pUA • • • 

. 3.46 ... 

.... 4.65 ... 

.... 5.29 ... 

... 4 . 65 

... 6.29 

20 . 


1.4. 

. 0.78. 


- - - - 3^ 


Q 1 A 

A tttt 

21 . 

.;. 0.7 . 

1 .3 


..16.08,!! 

.37.2 . 

. 

.... O . lO ... 

.... 7.93 

... 4.00 

22 . 


0.8 . 


. 2.87 ... 



, 0.48. 


.40.76. 

.44.2 . 


_ _ - 


28 . 


0.34 . 

. 0.34 . 

..18.96... 

. 1. 48 .,. 

.... 0.11 ... 

.... 2.26 ... 

... 3.06 

... 2.26 

24 . 









26 . 


0.43 . 

. 0.43 . 

.. 21 . 86 ... 

. 61.1 . 

. 2 . 01 ... 

.... 3.08 ... 

... 3.076 

R. m. 8 . a-c. componeutin percent of fundamental. . 




76.6 

.113.6 

07 1 

Calculated r. m. s, a-c. component (from Table I) . 




. 0.816. 


. . . Of . 1 

n J.71 

Test r. m. 

8 . a-c. component . 





0 . 835 

.... U tOiO ... 

A QA1 

. . . U.9if 1 

A A01 

D-c. component . 





n 

. . . . U.oOl ... 

1 AOR 

... U«4ol 

Oalc. r. m 

s. (a-c. H- d-c.) (From Table I) . 




; 0,816. 

. .. . U. 10 ^ 0 . . . 

.«. 0.324 

A K77 

Testr.m. 

s. (a-c. + d-c). 





0.836 

.... U . 4UO . . . 

A 9QA 

• « . U. 0 /< 

A KD/l 

Test r. m. 

8 . in per cent of calc. r. m. s 





. 102.2 .!! 

.... U.OsO . . . 

.... 97.5 ... 

... O•o84 
... 101.2 


frequency for the a coils is 5 per cent, and for the 6 and 
c coils is 12 per cent, greater than the corresponding 
d-c. resistance, indicating an eddy and stray loss of 5 
per cent for the a coils and 12 par cent for the b and c 
coils, which are conservative values. 

Copper Loss Calculation 
From Table II the loss produced by each harmonic 
may be sepmately determined. 

In order to make the application general, the effective 
coil resistance to a given harmonic, has be^ expressed 
in terms of the resistance to the fundamental as de¬ 
veloped from the following equations: 

Watts loss = Rh = Ja* K Rf=(h VKY Rf=P Rf (8) 
in which 

Ih ?= EJffective value of harmonic current 
Rh = Effective coil r^tance at harmonic frequency 
Rf = Effective coil resistance at fxmdamental 
frequency 



I =IhVE 

Comparing the percentage values of I' given in 
columns 8 and 9 of Table II with the corresponding 
values of Table I expressed on a percentage baas, shows 
that they are approximately the same, indicating that 
for each harmonic the effect with respect to the copper 
losses of the reduction of effective current value due to 


the reactance of the circuit is approximately balanced 
by the effect of the increase in effective resistance with 
the ordw of the harmonic. 

The percentage values of I' will therefore be as shown 
in columns 7, 8, and 9 of Table II for windings a, b, e 
respectively. 

With this change aU harmonics have been expressed 
on the basis of the same resistance and the r. m. s. 
v^ue of the series of harmonics which flow in each 
winding may be determined from the square root of the 
sum of their squares. This determination gives for the 
a, b, and c coils re^ectivdy, the values shown at tibe 
bottom of columns 7,8 and 9 of Table II. 

For the particular transformer used for the test, which 
is of average design, the losses in the various windings 
wesTB distributed approximately as shown below when 
based on the theoretical r. m. s. values of current given 
in Table I. 

Winding (a) (6) (c) 

Copper loss 42% 33% 25% 

Correcting these percentages for the difference be¬ 
tween the theoretical r. m. s. vjdues on which they are 
based and the test values of Table II, the following 
percentages are obtained. 

Winding (a) (b) (c) 

Copper loss 43 32.2 26.3 

The sum of the losses Of the three windings is 100.5 
per cent indicating that the actual losses are 0.5 per 
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cent greater than the value calculated from the theo¬ 
retical r. m. s. values of current. Making a similar cal¬ 
culation using the values of Table I gives 133.6 per 
cent losses. 

There are several points in regard to this calculation 
which should be pointed out. The supply voltage wave 
contained a number of harmonics of small magnitude 
which slightly increased the magnitude of the current 
harmonics and for which no correction was made. The 
magnitude of these harmonics is given in Table III. 

It should be noted from Table II that due to the 
harmonics in the supply voltage, the 19th and 26th 
harmonics in the high-voltage winding are larger than 

TABLE in 


Per cent volts a-c. 

Harmonic supply rectifier shut 

down 


Fundamental.100 

6 . 0.50 

7 . 0,44 


11 . 0.11 

13. 0.06 

.. 0.32 


19.. 0.06 

23. 0.016 

25.. 0.020 


the 17th and 28rd harmonics respectively, whereas 
from theoretical calculations, they should be smaller. 

Had the tests been made on a connection such as is 
shown in Fig. 2a or 2b the harmonic currents in the 
secondary windings would be those for a three-phase 
circuit, since these coimections have multiple three- 
phase secondaries. The magnitude of the harmonics 
would therefore approximate those of the c coils of 
the transformer tested. Since the primary harmonic 
currents are proportional to the secondary currents, the 
accuracy of the primary winding copper loss determina¬ 
tion would approximate that of the test. 

The tested connection which has been discussed in 
detail is thffl*efore representative of the results which 
would be obtained for any one of the three commonly 
used connections illustrated. 

Conclusion 

The transformer copper losses are dependent on the 
magnitude of the harmonics in the current waves which 
harmonics vary in magnitude depending on the reac¬ 
tance of the load and of the supply, both of which are 
variable, as well as on the reactance of the rectifier 
transformer. 

A calculation of losses based on the r. m. s. values of 
current for flat-topped waves without overlapping 
(Table I), gives results of the correct magnitude. 

Therefore, the proposed A. I. E. E. Standards for 
Mercury Arc Rectifiers which recompaends that the cal¬ 
culation of losses of rectifier transformers be based on 
flat-topped waves without overlapping, wiU give values 
which are accurate within satisfactory limits. Calcula¬ 


tion by this method has a number of advantages in 
addition to eliminating uncertain reactance calculations. 
These advantages are listed below: 

1. It eliminates involved mathematical calculations. 

2. It eliminates factors which are design features 
and known only to the manufacturer. 

3. It enables purchaser to check the manufacturer’s 
calculations. 

4. It gives safe values of current from which the 
purchaser may determine the sizes of cables to use in 
making connections. 

5. It reduces cost and shortens the time of delivery 
since it obviates the necessity of having the m^ufac- 
turer set up the complete apparatus, duplicating the 
supply and load reactances and measuring losses by tiie 
input-output method. As is well known, the input- 
output method is subject to considerable inaccuracy 
due to the fact that it involves the determination of the 
difference between two large quantities. 

6. As will be shown in the third part of the paper, 
it permits separate and direct measuremait of the 
losses of the transformer by the usual methods em¬ 
ployed in testing power transformers. 

Part II 

It is the purpose of this section of the paper to 
develop the mathematical basis of the methods of deter¬ 
mining the copper losses of power transforma*s for use 
with rectifiers which are proposed for the A. I. E. E. 
Standards for Mercury Arc Rectifiers. Proof will also 
be developed that the proposed methods give the losses 
which would be obtained under rectifier operation with 
flat top secondary current waves without overlapping, 
it being the conclusion from Part I that the loss thus 
obtained is equivalent, within satisfactory limits of ac¬ 
curacy, to that obtained with the actual wave forms 
obtained under service conditions. 

The three most commonly used transforms* connec¬ 
tions are shown in Figs. 2a, 2b, and 2c. 

It should be noticed that two of the circuits a and 6 
have multiple secondaries and that the third c has a 
single interconnected secondary. As a result different 
tests are proposed for the two types of dreuits to obtain 
the desired results. The various other transformer 
connections used at times, fall into one or the other 
of these classes. 

Under rectifier operation each anode and the asso¬ 
ciated transformer winding carries one block of current 
per cycle as shown in Fig. 1. In order to avoid the 
saturation of the transformer cores by the direct current 
carried by the secondaries, an even number of anod^ 
and associated transformer secondary windings, di¬ 
vided into pairs displaced 180 degrees electrically are 
provided. 

Undffl: this condition the primaries carry blocks of 
current amilar to those in the secondaries but only 180 
degrees apart, the alternate blocks being of opposite 
sign. 
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The heating effect of such a current will be twice that 
of a current consisting of pulses in one direction only 
and the r. jm. s. value of the primary current will there¬ 
fore be V? times that of the secondary current when 
the transformation ratio is unity. 

Testing of Transformers with Multiple 
Secondaries . 

Considering the connection shown in Fig. 2a: 

If Jp is the primary current, I, the secondary current, 
and the transformation ratio is unify, then as has been 
shown in the preceding paragraph Ip = \/21,. 

If Rp = resistance of one primary coil 
and R, = resistance of one secondary coil 
then total copper loss PF«. = 3 Bp -H 61,* R, 

. — 3 7“p (Rp -1- Rt) (9) 

If only one secondary winding is diort-circuited for 
the copper loss test, then Ip will equal I, instead of \/21, 
and the resist^ce will be R,. 

The total copper loss for this test will therefore be 
,= ,3/> Rp + 3 Ip2 B. = 3 Ip^ (Rp -I- B.) (10) 

whicii is identical with equation (9) and tiiOTefore gives 
the correct loss. 

Considering the transformer connection shown in 
Fig. 2b: 

For this connection .flie transformer copper losses 
under rectifier operation will be 

W^=B Ip* Bp -H121.* B. (11) 

The various s3m!ibols have the same meaning as ex¬ 
plained in the preceding paragraph for the connection 
of Fig. 2a. 

It can be shown that for the connection of Fig. 2b. 

Ia = 0.364 Ip 

Substituting this value for I, in equation (11) 

Wc = 3 Ip* Bp + 1.59 Ip* B, (12) 

Two tests will be required to determine the copper 
losses of this connection. For the first test two of the 
secondary wyes are short-circuited and the losses mea¬ 
sured wi'^ rated rinusoidal current held in the primary. 
Assuming a 1:1 ratio of transformation the total copper 
losses will be: 

I/i = 3 Ip* Bp -t- 1.5 Ip* B. (13) 

For the second test all four secondary wyes are short- 
cnreuited and losses measured as in the first test. For 
the second test the losses will be: 

L2 = 3 Ip* Bp -H 0.76 Ip* B. (14) 

Solving equations (13) and (14) simultaneously for 
Bpand B. 


Bp = 


21/2 — Li 

3 Ip* 


(15) 



Ll — 1/2 

0.75 Ip* 


(16) 


Substituting these values of Bp and R, in equation (12) 
= 1.12Li-O.I 2 L 2 (17) 


which is an expression for the transformer copper lost 
in terms of the loss measurements of the two tests 
connections. 

It is essential to successful rectifier operation that the 
multiple secondary circuits be so placed with respect to 
the primary that each can operate independently as the 
full secondary. For this reason short-circuiting only 
half of the secondary coils does not alter materially the 
magnitude or distribution of the stray losses. Further¬ 
more, the slight alt^tion that does occur tends to raise 
the reactance and therrfore the losses. The increase is 
slight, however, as tests of a number of transformers 
give values of impedance with one-half of the secondary 
short-circuited that average only 5 per cent higher than 
the value with the full secondary shorted-circuited. 
The maximum increase in reactance obtained in the 
extTOTae case was less than 10 per cent. 

Testing of Transformers with a Single Set of 
Secondary Windings 

Under rectifier operation assuming flat-topped waves 
.without over-lapping each of the outer 6 coils (Fig. 2c) 


TEST No. I 



TEST No. 2 




of the secondary carry the full d-c. for one-sixth of a 
cycle. Its effective value therefore, is 



(18) 


Similarly the inner c coils carry the total d-c. for one- 
third of a cycle and the effective value is 



(19) 


Assuming a 1:1 ratio of primary to one secondary coil 

T _ 

‘ “ V6 


( 20 ) 
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The copper losses are th^efore 

Wc« = 6 Ii?Rb + S 1/ Rc + 31.® Ra (21) 

Substituting in (21) for h, and !» their values from 
equations (18), (19), and (20) 

Wcu = (2 R, + Rb + R.) / dc * ( 22 ) 

From (20) 

VQlo 

J-DC — 9 


Substituting this value for 7 dc in (22) 

PTc* = (3 R« + 1.6 Rfc + 1.5 Rc) la^ (23) 

In order to make an independent test of the powCT 
transformer and obtain the losses for rectifier operation 
as given in equation (23) three copper loss teste will be 
made to obtain three equations and permit solving for 
the three unknowns—the effective a-c. resistance of the 
three sections of the windings. 

The three test connections are shown in Fig. 3. 
Denoting the loss which will be measured in teste (1), 
(2), and (3) by Li, La, and Ls respectively, the loss 
equations will be as follows: 

Li = 3Ri + 61.* Rt = 1/(3 Ri + 2 R») (24) 

La = 3 7/ Rx + 3 (V3 1.y Rs + 6 7/ R, 

= 7/ (3 Rx + 3 Ra + 2 Ri) (25) 

L, - 37/Rx + 37.*Ra + 37.2R3 

= 7p* (3 Rx + Rj + Ri) (26) 

Solving equations (24), (25), and (26) simultaneously 

forRx, RajUndRs 

Li - Li = Z 7p* Ra therefore Ra = ~\jT^ (^^^ 


Li - La = 7p* (Rs - Ri) therefore 

Xix — Lj ^ 2 Lx + La — 3 L 3 

Ra - jy- + Ra = 3 j^a 

Li 2 Ra 6 La — 2 hi — Lx 
“ 3 7p* ~ 3~ “ 9 7p* 


(28) 

(29) 


Substituting in (23) the values of Rx, Ra and R 3 , from 
equations (27), (28) and (29) and collecting terms 

Lx "I" 2 La *4“ 3 La 

Wcu = 


6 


(30) 


which is an expression for the copper loss in t^s of the 
measured copper loss of the three test coimections. 

Part III 

Iron Loss 


Conclusions 

It is therefore possible to test the main transformers 
of the various rectifier connections independently of the 
rectifiers, ma king the tests by the simple methods used 
for ordinary power transformers. From the readings 
thus obtained the losses which would be obtained under 
rectifier operation with flat-topped waves and no ovct- 
lapping may be determined. This loss as shown in the 
first part of the paper, approximates within satisfac¬ 
tory limits the loss obtained under actual operating 
conditions. 


Discussion 

W. M. Goodhue: Referring to equation (2), the symbol L 
is used as the inductance of the circxiit between anode and 
neutral and this implies that the inductance of the two anode 
circuits are equal to each other and are constant at all times. 

If transformers having oixly one (two-terminal) secondary coil 
and one primary coil per “window” of the transformer could be 
used, the leakage flux paths would have a definite shape and a 
single value of leakage inductance could be used, provided the 
exciting current required for the iiron is neglected. But with 
rectifiers, however, this arrangement is impracticable, since 
the d-c. component in the secondary current cannot be reflected 
in the primary and the iron would therefore be saturated in a 
single direction and to an extreme degree. Hence with reotiflers 
at least two secondary coils (or a three-teimiinal coil) per window 
must be used, so that the d-c. components of their m. m. fs. 
may oppose each other. In Fig. 2c, either coils 61 and 5j, or 
coils hi, hi and cm etc. must all occupy one window. Thus the 
two coils coiresponding to the two anodes which are filing 
simultaneously must, at least in many parts of the cycle, occupy 
the same window. Under these conditions the leakage fluX' 
paths must be changing shape with time as the propoxrtion of 
current between the two anode currents changes with time, 
the sum of the two currents at all times during the commutation 
period being nearly constant. This requires that at least three 
different leakage flux components (or self a,nd inutual induc¬ 
tances) must be considered instead of one single inductance as 
in equation (2). A rigorous solution of these conditions would 
lead to differential equations of at least the third order it all 
unknowns but one are to be eliminated. Under these conditions 
it may be shown that the use of several constant self and mutual 
inductances is sound with the changii^ shape of the flux path, 
and with undetermined and peculiar wave forms. 

The use of such constant inductances presumes that the 
leakage flux can be divided into components, each leakage flxix 
being proportional to the m. m. f. producing it, and of constant 
shape, each m. m. f. being taken singly. This holds true in 
spite of the fact that one m. m. f. when acting alone would 
saturate the iron. To show that this presumption is correct 
requires an analysis of the boundary condition of the uns<auraied 
iron when one m. m. f. aione is actii^; this, analysis may. be 
rigorously made by the use of vector methods. Let A be the 
vector potential of the magnetic field intensity H, that fe Cml 
A H; A, however, may be restricted by making Div A = 0; 
Curl H = Curl Curl A - — A‘ A, where A* is the Laplacian 


While the current waves are distorted due to the har¬ 
monics discussed in the previous sections of this paper, 
the voltage wave impressed on the primary, when the 
rectifier is fed from a system whose capacity is reason¬ 
ably large, approximates a sine wave. 

The core loss tests diould therefore be made in the 
same manner as for ordinary power temsformers. 


operator, so that A is of potential function form with 

Cxirl H replaciixg the density of charge, p, in elMtrosta.tics; 
that is, 

- A* A = 4Tr f-^^CurlH^ = ir p. 
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Where 

A p - vector potential of point p. 
dv ^ element of volume. 

Tp = length of line drawn from P to d 


Curl H 


rp 


d V 


^ Curl H = current density (of winding). 


the resistance drops be considered. In addition, the fact that 
the arc drops are not equal at each instant and that there is a 
ripple in the d-c. current must also be considered. 

In order to simplify the calculations incidental to commercial 
design, these refinements have been eliminated and the simple 
formula given*in equation (2) obtained. This simplification 
was justified both by test results and the following considerations: 

During the interval when current is commutating between 
two anodes the current in the other anodes which are active, is 


To take account of the boundary condition H = 0 at an iron 
surface with one m. m. f. acting alone, set A = 0 at the iron 
surface. This gives a vector surface charge, (Ti, induced on the 
iron surface (analogous to electrostatic induced charge). Then 
the total A due to one m. m. f. acting alone is, wdth its cr, de¬ 
noted by A pi 




Curl Hi 


d V + 


Tp 


dS 


Curl Hi is 0.4 TT times the current density (amperes ^er 
sq. cm.) in the coil containing m. m. f., Fi and <Ti is an induced 
vector charge due to this same m. m. f., so that Ai is completely 
determined. Thus Curl Ai is determined, giving Hi the leakage 
field density due to one m. m. f. alone with the boundary condi¬ 
tion of unsaturated iron. As cr depends only on the geometry 
and the current density. Hi is proportional to the m. m. f., P 2 . 
For similar reasons any one of the three constant self and three 
mutual leakage inductances may likewise be used, all of them 
being needed in the differential equations. Propagation and 
distributed capacitance effects have, however, been neglected; 
proximity effect on the leakage inductances with certain con¬ 
nections (as conductors in parallel) may occur also, although 
with conductors in series, it is chiefly the equivalent resistance 
which is affected. 

Referring again to equation (2) the resistance drops have 
been neglected. These resistance drops are not negligible during 
commutation, because of the small magnitude of the e. m. fs. 
involved. Also there appear to be errors made in the signs and 
time origins of si and 02 , for ei and 62 essentially oppose each 
other at the moment of commutation, considering the closed 
loop, through phases 1 and 2 , Hence ei and 62 should have 
opposite signs if on the same side of the equation rather than 
the same sign as given in equation ( 2 ). 

Furthermore, on page 1005 it is stated that the core loss test is 
to be made in a manner similar to that used in ordinary power 
transformers. It should be remembered, however, that the 
exciting current of ordinary transformers is exceedingly small. 
Even if ai circuit is used which, with proper placing of the coils 
in the windows of the transformer or transformers avoids 
extreme saturations due to the full effect of the working load 
m. m. f., a very slight unbalance due to mechanical and elec¬ 
trical discrepancies in the accuracy of construction and operation 
of the entire system would produce very considerable saturation. 
Some method of testing can probably be devised whereby this 
cpndition may be sinulated as for example by circulating a direct 
current of the correct magnitude in addition to the worldng 
alternating exciting current through the windings. The result 
could then be plotted in some such form as per cent increase 
in core loss as a function of the per cent unbalance under several 
operating conditions. To obtain the direct-current component, 
a small direct-current e: m. f. might be inserted during the core 
loss test in series between the supply alternator and the trans¬ 
former, using a direct-current ammeter to indicate the amount 
of unbalance. 


E* DeBlieuxs It must be recognized that a rigorous 
solution of the conditions duriug commutation requires, as 
pointed out by Mr. Goodhue, that the mutual inductances and 



Pig. 1 



Pig. 2 

fairly constant. As a result the mutual effects between the coils 
active in the commutation and other coils are small. For some 
connections such as Pig. 2a when current is commutating between 
two anodes all other secondary coils of the same legs with the two 
involved in the commutation are idle. Therefore, there are no 
mutual effects in this case. The same is true of Pig. 2c with the 
exception that for commutations such as between anodes 2 and a 
there is an inductive effect between coils B 2 and Bz, but as the 
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primary instead of flowing in the opposite direction as 
stated above. 

The equivalent circuit with negative impedance 
coupling may be used for maldng calculations but can¬ 
not be produced by using simply resistances, reactance 
coils, and condensers because oft he negative resistance 
component in the coupling impedance. However a 









in paths Pn, and Pa and interlink with the con¬ 
ductors in circuits 1 and 2,1 and 8 and 2 and 3. Because 
of the directions of the currents and the arrangement of 
the circuit the mutual fluxes in each path flow in oppo¬ 
sition to each other. There are three distinct trans¬ 
former relations due to the magnetic coupling between 
the circuits which are shown schematically in the 
diagram in Pig. 4. 

In circuit 1, in Pig. 3, there is a voltage E from the 
generator, an induced voltage Zis due to current flow¬ 
ing in circuit 2 and an induced voltage 2’u /.i due to 
current in circuit 3. In circxiit 2, there is an induced 


Fig. 2—Equivalent Cincuir op Two-Circuit Transformer 
Employing Negativb Impedance Coupling 

negative impedance device is stated to have been used 
in a form of Wheatstone bridgfe for measuring the 
capacities in cables.- 

There appears to be no advantage to be gained by 
using the equivalent circuit in Pig. 2 instead of that in 
Pig. 1. The circuit in Pig. 2 has been given to show 
how the relative directions of the currents in two 
coupled circuits can be reversed by the use of negative 
coupling because this principle will be employed later 
in some of the equivalent circuits of the three-circuit 
transformer. 

Three-Circuit Transformer 
Case. I. In the three-circuit transformer the first 
case to be considered is where the magnetic circuits are 



Fig. 3—Diagram Describing Conditions in Thanspormbr 
IN Case I (a) 

sp arranged that it is impossible for mutual fluxes to 
exist which interlink with the conductors in each of the 
three circuits. The diagram in Pig. 3 shows a circuit 
arrangement in which the conductors in each circuit are 
represented by coils which are placed so that their axes 
are parallel to each other. The current in the coils is 
assumed to be flowing in the directions indicated by the 
arrows and the coils are wound so that the fluxes due to 
the ampere-tums in each coil flow through the coils from 
left to right. There are three stray fluxes, that inter¬ 
link with conductors in only one circuit,' which flow in 
the paths Pi, Pa and Ps and six mutual fluxes that flow 

2. “Direct Capacity Moasuremeiits,” by George A. Campbell, 
Bdl System, Technical Journal, July 1922, pp. 24 and 29. 



Pig. 4—Schematic Diagram Describing Tbansformbr 
Relations between Three Coupled Circuits 


voltage Zn h due to current in circuit 1 and an induced 
voltage Zm Is due to current flowing in circuit 3 and in 
circuit 3 there are induced voltages Zn h and Zs 3 h due 
to current flowing in circuits 1 and 2. The voltage rela¬ 
tions in the three circuits may be expressed in the fol¬ 
lowing equations. 


E + Zn I2 + Zn Iz = Zi Ji 

(6) 

Zn I\ + Zn Iz = Zi I2 

(7) 

Zn Ii + Zn li = Z^ Iz 

(8) 


in which Zn, Zn and Zsa represent the mutual im¬ 
pedance due to the flux interlinking with circuits 1 and 
2,1 and 3 and 2 and 8; Zi, Z^ and Z» are the total im¬ 
pedances in each circuit and Ij, I* and I» represent 
respectively the current in each circuit. 

Equations (6) (7) and (8) may also be written, 

E= iZi—Zn—Zn)Ii-\rZniIi—Ii)-i-Zn(.Ii—Ia) (9) 
0 = (Zi—Zn—Z2t)Ii+ZniIi—Ii)-\-Zi3(It—l3) ( 10 ) 
0 = (Za—Zn—Zis) If^-Zn (Is~Ii)-\-Zia ( 11 ) 



Fig. 5—^Equivalent Circuit, Case I (o) 


The equivalent circuit of the three-drcuit trans¬ 
former, in the case under consideration, may be drawn 
from the voltage relations expressed by the equations 
as shown in Pig. 5. 

In the equations given above and in the equivalent 
circuit external loads on the transformer have not been 
considered. Any external loads, or impedances not 
directly coupled with the adjacent circuits, would be 
included in the total impedances Zi, Zi or Za in the 
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equations and included in the diagram in the smes 
impedances Zp = Zi — Zn — Zu, Z, = Zi — Zx^ — Zn 
or Zt = Zz — Zxt — Ziz in the corresponding circuit. 

Case II. When the coils and the magnetic circuit in a 
three-circuit transformer are so arranged that there is a 
path for magnetic flux whidi interlink with all three 
circuits the condition may be described schematically as 
shown in the diagram in Fig. 6 in which the coils are 
represented by heavy black lines and the directions of 
the current flowing in the coils and the directions of the 
fluxes are as indicated by the arrows. There are stray 
fluxes flowing in the paths Pi, Pz, and Pz and mutual 
fluxes which interlink with only two circuits in paths 



Pia. 6 —^Diagram Dbscribino Conditions in Transformer 
IN Case II (h) 

Pu, Pit, and Piz and mutual fluxes that interlink with 
all three circuits flow in the path Pm*. The magnetic 
coupling between circuits 1 and 2 is catised by the fluxes 
that flow in the paths P 12 and Pizz that are due to the 
ampere-turns in coils 1 and 2. The mutual impedance 
Zii, in this case, represents the impedance due to all 
flux interlinkages between circuits 1 and 2. In a 
amilar manner the mutual fluxes which interlink with 
conductors in circuits 1 and 3 may be seen to flow in tiie 
paths Pia and Puz and the mutual impedance is repre¬ 
sented by Ziz. The mutual fluxes interlinking with 
circuits 2 and 3 flow in the paths Pzz and P 123 and the 
mutual impedance due to these fluxes is represented by 
Zzz. When a mutual flux flowing through any coil is in 
the same direction as the stray flux the induced voltage 
due to the mutual flux is in the same direction as the in¬ 
duced voltage due to self induction and when the mutual 
flux is in the opposite direction it induces a voltage in an 
opposite direction to that due to self induction. In 
each circuit there is, in addition to the voltage due to 
self induction, an induced voltage due to interlinkage of 
flux caused by ampa^tums in each of the other coils. 

The voltage equations which include these induced 
voltages may now be written from an inspection of the 
diagram in Ilg. 6 to describe the relations in the trans¬ 
forms as follows: 

E + Ziz Iz + ^i» It = Zi h ( 12 ) 

Zizll “ Zzzit “ Zziz ( 1 ^) 

Zizh — Zztiz = Zzit (14) 

By comparing these equations with equations ( 6 ), (7) 

and ( 8 ) it will be seen that they are of the same form 


except for the negative signs before the terms - Zzz Iz 
and - Zzi It. If the negative signs are assumed to in¬ 
dicate a negative impedance the equations may be 
rewritten as in the following equations (15), (16) and 
(17) which are in the same form as equations (9), ( 10 ) 
and ( 11 ). 

E = (Zi—Ziz— Ziz)Ii~\-Ziz (,Iv~Itd~^Eiz (Ji—Iz) ( 15 ) 
0 = (^Zz—Ziz-\~Zzz)Iz'\~Ziz(Iz~Ii)'hi — Zzt)(,Iz~It) (16) 
0 = (Zz—Zit-\~Zzt^It-\~Ziz(Iz~Ii)'\~(. Zzz)(,Iz Iz) (17) 

The equivalent drcuit of the transforms in the 
present case may now be drawn to express the voltage 
relations described by the equations as shown in the 
diagram in Fig. 7. 

In deriving the equivalent circuit, circuit 1 has been 
assumed to be the primary and circuits 2 and 3 two 
secondary circuits, but circuit 2 might have been selected 
as the primary, and circuits 1 and 3 the secondary cir¬ 
cuits. By following the same line of reasoning the 
equivalent circuit would then have the same form as 
that in Fig. 7 but the mutual impedance between cir¬ 
cuits 1 and 3 would have the negative sign instead of the 
impedance between drcuits 2 and 3. The mutual 
impedances would have been Zu, — Zn and Zzt and the 
series impedances Zp = Zi— Ziz + ■^ 13 , Z, — Zz— Zn 
— Zzz and Zt = Zz + Ziz — Zzz. In a rimilar manner cir¬ 
cuit 3 might have been tiiken as the primary and drcuits 
1 and 2 as secondary drcuits in which case the mutual 
impedances would be - Zn, Zn and ^ 2 s and the series 
impedances Zp = Zi Zn — Zn, Z, = Zz Zn — Zzz 
and Zt — Zz — Zn — Zzt- It will be seen in each case 
that the series impedances are such that the total open 
circuit impedance in each circuit is 2ti, Zz or Zz. If the 
three equivalent circuits that have been described are 
each equivalent circuits of the transformer they must be 
equivalent to each other and any one may be substituted 



Fig. 7—^EQxnrALBNT Circuit, Case II (A) 

in place of another. For instance when a potential is 
applied to circuit 1 the three equivalent drcuits are as 
shown in the diagrams in Figs. 7, 8 , and 9. 

The circuit in Fig. 7 represents tiie condition in the 
transformer when the zero phase direction of the current 
in circuit 1 is assumed to be in one direction and the cur¬ 
rents in drcuits 2 and 3 are in the opposite direction. 
Fig. 8 represents the condition when the currents in dr¬ 
cuits 1 and 3 are assumed to be in the same direction and 
the current in circuit 2 is in the opposite. The diagram 
in Fig. 9 indicates that tihe currents in circuits 1 and 2 
are in the same direction and that in circuit 3 is in the 
oppodte direction. There is still anotha* equivalent 
drcuit in which all three of the mutual impedances are 
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negative impedances which represent the condition 
when the currents in all three windings are assumed to 
flow in the same direction. 

In the equivalent circuit in Fig. 5, which represents 
the case where there is no mutual flux which threads all 
three windings, it will be seen that the mutual im¬ 
pedances are all positive. The signs of any two of the 
mutual impedances may be changed from positive to 
negative and the circuit will still be theoretically the 



Pig. 8 —Equivalent Cibcuit. Case II (flr) 


becomes as shown in the diagram in Fig. 10 in which the 
impedance Za. = Zn Zn/Z^, Z^ = Ziz — (Ziz Ztz 
+ Zi^)IZz,Zc — Ziz — (ZizZiz + Ziz^)fZz‘ 

The circuit is clearly an equivalent circuit of a two- 
circuit transformer in which Zu + Zx is the mutual 
impedance and Zi — Zn — Zn + Za is the series im¬ 
pedance in circuit 1 and Zz — Zn — Zzz + Z-b is the 
SOTies impedance in circuit 2. If Zn' represents the 
mutual impedance and Zp' and Z,' the series impedance 
in circuits 1 and 2 respectively and Zi the total im¬ 
pedance in the primary and Zz' the total impedance in 
the secondary we have 



= Zp 

+ Zo = Zi 

— Z 12 — 

Zi3^ Zi3 Z 23 

Zz 

(18) 

z,' 

= z. 

+ Zb Z 2 

•— Z 12 

Ziz Z 23 + z^^ 
Zz 

(19) 


equivalent of the transformer and equivalent to the 
circuit in the diagram in Fig. 5, provided corresponding 
changes are made in regard to the assumption as to the 
direction of the flow of current in the windings of the 
transformer. 

It can be seen that the mutual impedances in all of the 
equivalent circuits are connected together in the form of 
a Y. These impedances may be replaced in any of the 
circuits by an equivalent A combination of impedances 
which will give a form of circuit from which calculations 
can be more easily made. The present circuits have a 
Y combination of impedances within a delta combina¬ 
tion and when the proposed substitution is made the 
arrangement will be a A within a A combination with 
the adjacent sides of the two deltas connected in paral¬ 
lel as shown in Fig 14. 

Two-Circuit Transporme® Theory Applied to the 
Three-Circuit Transformer 

In either of the two cases of the three-circuit trans¬ 
former it may be that the impedance in one of the 



Pig. 9 —Equivalent Cibcuit, Case II (/) 

secondary circuits remains unchanged in which case the 
other two circuits may be considered as a two-drcuit 
transformer. To describe this condition consider the 
equivalent circuit in Fig. 5 and assume that the im¬ 
pedance in circuit 8 does not change. The impedances 
Ziz, Zzz and Z, ^ Zz- Zn - Zzz are then to be con¬ 
sidered as constant quantities. By referring to the 
Hiagra-m it can be seen that these impedances are con¬ 
nected together in the form of a A. The A arrangement 
can be replaced in the usual manner by an equivalent Y 
combination. When this change is made the circuit 




Zl3 Z23 

(20) 

Zi2 = Z12 + Za = 

Z12 + 

Zz 


Zz 



(21) 


- 

—A 




L ^ 2 2 J 



1 




Pia. 10 —^Bqitivalent Circuit of a Thrbb-Circuit Trans¬ 
former Reduced to a Two-Circuit Transformer 


Zz' =Zz-—^ (22) 

£tZ 

The last three equations are the most important 
because they fully describe the impedance characteristics 
of the two-circuit transformer. 

In any of the equivalent circuits that have been dis¬ 
cussed no matter what the signs are before the mutual 
impedances when reduced to a two-circuit transformer 
the total impfedance of the primary Zi and of the secon¬ 
dary drcuit Z^ are the same as expressed in equations 
(21) and (22). In a Case I problem, when there is no 
mutual flux through all three windings, the mutual 
impedance will be as given by equation (20) or by 
equation (23). 

Ziz'= -Ziz- (23) 

and in a Case II problem the mutual impedances vdll be 
as given in equations (24) or (25) 


Z 12 ' — 

1 

Zi3 Z 23 

Z 3 

(24) 

II 

+ 

1 

Zi3 Z 28 

Zz 

(25) 
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In the following table the circuits o, b, c and d are 
equivalent to each other and represent the conditions 
described in the problem in Case I and circuits e, f, g and 
h are equivalent circuits representing conditions in the 
problem in Case II. The circuits in either case differ 


The two-circuit transformer theory has been applied 
to describe conditions in circuits 1 and 2 when takei:i 
in the presence of circuit 3. In a similar mannei* 
equivalent circuits can be drawn that are equivalent to 
the transformer as regards circuits 1 and 3 in th.o 


IMPEDANCES IN EQUIVALENT CIRCUITS 




Mutual impedances 


Two-circuit diagram 


Equivalent 
circuit shown 

circuit 

Problem 

diagram 

^1' . 

Za' 

Zia' 

a . 

.CAJan T 



Z 2 »^ 

Z \2 Z23 

.... Pigs. 5 and 10 

b . 

» 

, , , , Zl 9 « ““ ZlUt ~~ . , 

^ Zs 


Z3 


e . 

II 

' • • ♦ * ♦ < 

, — ZiVt Zi^t 

• M 

« 

Zis Z28 

- Zii - 2 , • 


d . 

m 

.... — Z12, — Zi.1, Z23 

a 




e .Case II.— Zi 2 t — Zi3t “* Z 2 S 

f . “ . Zli, Zi 3 , Z23 

. “ . -Z12. — Zi3, Z23 

h ... ♦. “ ♦....... Zij, Zi,i, — Z 23 _ 


— + 


Zn Z23 
Zi 


Zi2 


Zi3 Zaa 

Z 3 


Fig. 9 
Pig. 8 
Pig. 7 


from each other because the equations from w’hich they 
are derived are based on a different assumption as to the 
directions in which the currents in the tensformer are 
flowing. The directions in which the currents in each 
circuit are assumed to floware indicated in the diagramin 
Fig. 11. In the table the characteristic impedances of the 



Case I. 

CaseH, 


1 LluSumJ 


(a) 

sluiMlttlj 

sltuOluJ 



1 LsuuSiul 


(b) 

sLuIiuiua) 



1 LttiSuuftsJ 


(0 

sluScHiJ 

sljuiiuSuJ 



1 luauutt) 


(d) 

zluSuuii) 

sliuutttil 



Fid. 11— Showing Rbiiatite Dihbotions of the Cubhents 

IN THE TbANSFOBMEB 

two-circuit transformer are given in terms of the charac¬ 
teristics of the three-drcuit transformer. A set of three 
fundamental equations may be written in a form which 
will correspond with any one of the equivalent circuits 
described in the table. These equations are expressed 
in terms of the three-drcuit characteristic impedances 
and the currents lult, and Is. In any set of equations 
the current 13 may be eliminated algebraically vrith the 
result that two equations are obtained which describe 
the conditions in circuits 1 and 2 and also furnish a 
proof that the corresponding equivalent circuit shown 
in Big. 10 truly represents the conditions in the 
transformer. 


presence of circuit 2 and there are circuits which are 
equivalent to drcuits 2 and 3 when taken in the presence 
of circuit 1. 

Ratio op Turns in the Windings 
IN THE Transformer 

' Nothing has been said in the present discussion in 
regard to the ratio of the number of turns in the wind¬ 
ings of the transformer and it is not ordinarily necessary 
to consider the number of turns in mal^g circait; 
calculations but the equivalent circuit is sometimes used 
to study conditions that exist within the transformer 
and for this purpose the equivalent circuit may be re¬ 
duced to a circuit which represents a transforms that; 
has a 1:1:1 ratio of the numbs of turns in the windings . 
If 02 represents the ratio of turns between the primary 
and secondary and oj -the ratio of turns between the 
primary and tertiary windings, the impedances in the 
transforms may be reduced to primary terms by multi¬ 
plying the total impedance Z 2 of the secondary by 02 * and 
the total impedance Z 3 of the tstiary by Os®, the mutual 
impedances Zn and Zn by 02 and Os respectively and 
the mutual impedance Zi 3 by 02 Og; furthermore, the 
voltages in circuits 2 and 3 would vary directly in pro¬ 
portion to the ratio of the numbs of tuiPs in the wind¬ 
ings and the currents would vary inversely as the ratio 
of the number of turns. 

Conditions m the Magnetic Circuit 
In the transformer described in Case I, the condition.^ 
in the magnetic circuit can be determined from the 
currents, voltages, and impedances in the elstrical 
circuits. The ampse-tums are determined from the 
currents flowing and the numbs of turns in the wind¬ 
ings. The permeances of the various paths in the ma^.. 
netic circuits may be determined hrom the inductancee 
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in the electrical circuits, because it is well known that 
the inductances may be written directly in terms of 
permeances.’ The flux which intarlinks with the con¬ 
ductors in a coil may be determined from the induced 
voltage they produce, provided it is sufficiently accurate 
to assume that all lines of force interlink with all con¬ 
volutions in the coil. 

In the particular problem given above in Case I 
it is possible to determine the permeances of the various 
paths described in the magnetic circuit shown in Fig. 3. 
But in more complicated problems in Case I and those 
in Case II as shown in Fig. 6 it does not appear to be 
posrible to separate the permeance of the path Piaa. 
from the permeances of the paths Pu, Pis and P 23 and 
it appears to be imposable to separate the permeances 
of the paths for the stray flux from the permeances 
of the paths in which there are mutual fluxes. 

Discussion op the Equivalent Circuit op the 
THREE-ClRCUrr Transpormer 

Two very simple problems of the three-circuit trans¬ 
former have been considered in each of which there is 
only one coil in each circuit and one path for the mutual 
flux which interlink with each pair of coils. In prac¬ 
tise there may he a number of coils in each circuit and 
a number of paths for the mutual flux. The fluxes in 
each path between two circuits, including the path 
which interlinks with the conductors in all three cir¬ 
cuits, cause a component of the total mutual impedance 
between the circuits. Each component may be repre¬ 
sented in the equivalent circuit by a positive or negative 
component of coupling impedance, depending upon the 
direction of the fluxes flowing in the mutual path, and 
the sum of the components determines the sign of the 
resultant coupling impedance. 

It has been shown that there are eight possible com¬ 
binations of positive or negative coupling impedances 
in the equivalent circuit, four of which represent the 
conditions described in the problem in Case I and the 
other four conditions in the problem in Case II. A 
proof of this statement can be given in either case of the 
three-circuit transformer for any condition that may 
exist as follows: 

Consider the equivalent circuits h and g shown in 
the diagrams in Figs. 7 and 8 . The circuit in Fig. 7 
r^resents conditions in the transformer as expressed 


by the following equations, 

El -h Zt 2 li "t" Zit Iz ~ Z\ Ii (26) 

Ez -|- Z 12 1\ — Zzz Iz — Ziz Iz (27) 

Ez H" Ziz h ~ Zzz Iz =“ Z!z Iz (28) 

and the circuit in Fig. 8 expresses the conditions in the 
transformer as described by the equations, 

Ei-4-^i2l2-^isls = (29) 

Ez "I" ^12 II "b ^23 Iz “ Zz Iz (80) 

Ez ~ Zizli -h Z'zzlz “ Zz Iz (31) 


3. “The Magnetic Cirouit,” by V. Karapetoff, Fourth 
Edition, published by McGraw-Hill Book Co., page 9 and 
Article 58. 


In these equations it has been assumed that there may 
be an a-c. potential applied in each of the three circuits. 

By ftxamining the equations it will be seen that the 
expressions become identical if the sign of the current Iz 
and the applied potential Ez are reversed in either set of 
equations. Both sets of equations as they are written 
give the same result in that they accuratdy describe the 
magnitude and phase of the currents flowing in the 
transformer. The difference in the equations is due to 
the fact that they are based on a different assumption 
as to the zero phase direction of the current I 3 and the 
potential Ez which can be seen by referring to the di¬ 
agrams in Fig. 11. In the same manner the other two 
equivalent circuits e and / in Case II can be shown to be 
equivalent to the circuits in Figs. 7 and 8 and it can also 
be proven that the four equivalent circuits o, 6 , c and d 
in Case I are equivalent to each otho" and equivalent 
to the transformer. 

A three-circuit transformer when separated from its 
external loads may have one side of each of the three 
circuits connected to a common terminal in which case 
it can be treated as a network having four external 
terminals. It is well known that such a network cannot 
be represented theoretically by an equivalent circuit 
having less than six impedances. The equivalent 
circuits that have been given cannot be reduced to a 
circuit having a smaller number of impedances unless it 
is found to be permissible in some cases to make assump¬ 
tions that will simplify the problem. 

There are equivalent circuits used in the design of 
power transformers and autotransformers which have 
been derived by an entirely different method of reason¬ 
ing by Boyajian^ and MacLeod’ on the assumption that 
the magnetizing currents are negligible or that the 
mutual impedances are infinite as compared with other 
impedances in the circuit. Some of these equivalent 
circuits contain only three impedances and are claimed 
to give very satisfactory results in solving three-circuit 
transformer problfflns that arise in power work. 

The present investigation of the theory of the three- 
circuit transformer was undertaken in connection with a 
study of the a-c. intermittent train control system of the 
type installed on the Chicago, Indianapolis and Louis¬ 
ville Railway. 

Numerical Example 

Consider three coils each mounted on a laminated 
iron core and arranged as shown in the sketch in Fig. 12 
and assume an a-c. potential of 16 volts at a frequency of 
360 cycles per second applied to the primary circuit. 
An ammeter (Ii) and a condenser Ci are connected in 
series with the generator in the primary, a load conrist- 

4 . Theory of Three-Circuit Tranzjormere, by A. Boyajian, 
A. I. E. B. Trans., 1924, p. 608. 

“New Theory of Transformers and Autotransformer Circuits,” 
by A. Boyajian, Oeneral Electric Review, February 1929, p. 110. 

5. “New Equivalent Circuits for Autotransformers and 
Transformers with Tapped Secondaries,” by D. R. MacLeod, 
Oeneral Eketrie Review, Febraary 1929, p. 120. 
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ing of an ammeter (li) and condenser Ca in the secon¬ 
dary and a load connected in the tertiary consisting of 
the ammeter (Is). It is required to compute the im¬ 
pedances in the equivalent circuit and the current 
flowing in each of the coils. The arrangement of the 
circuit is the seime as shown schematically in Fig. 3 and 
the currents are assumed to flow in the directions indi¬ 
cated by the arrows. The phase relations of the cur¬ 
rents in the equivalent circuit have been computed with 
reference to the phase of the voltage of the generator as 
standard phase. The phase angles of the currents 1 2 
and Is as determined by calculation are interpreted to 
mean their phase relative to the zero phase Sections 
shown in Fig. 12 at the instant the voltage of the 
generator is a maximum in the direction indicated. The 
condition described is a problem in Case I in which the 
mutual impedances in the equivalent circrdt are all 
poative impedances and are arranged as shown in the 
diagram in Fig. 13. 

Impedance of Coils. 

Primary. Zt = 309" ri = 13.02“ Xi = 308.7" 
Li = 136.5 mh. phase an^e 87 deg. 35 min., power 



Fig. 12— Abbangbmsint ot Theeb CovpiiBd Cibouits 
Explained in the Nembeicaii Example 

factor 0.0421, d-c. reastance 9.15", iron loss resistance 
8.87". 

Winding. 900 turns. No. 23 A. W. G., s. c. c. copper 
wire. 

Secondary, Z 2 = 233" rz = 10.96" X 2 == 232.8“ 
Z/s = 103.0 mh. phase angle 87 deg. 18 min., power 
factor 0.0470, d-c. resistance 6.32", iron loss resistance 
4.64". 

Winding. 800 turns, No. 22 A. W. G., s. e. c. copper 
wire. 

Tertiary. Za = 182" ra = 10.8" Xa = 181.6" 
La = 80.3 mh. phase angle 86 deg. 36 min., power 
factor 0.0594, d-c. resistance 5.2", iron loss resistance 
5.6". 

Winding. 700 turns, No. 22 A. W. G., s. c. c. copper 
wire. 

Impedance of Loads. 

Primary. Ammeter resistance 1.18", condenser 
Cx = 1.638 juf., Zoi = 270". 

Secondary, Ammeter reastance 2.37", condenser 
C 2 = 2.00 /d., X 02 = 221". 

Tertiary. Ammeter resistance 9.6". 


Total Impedances. 

The total impedance in each circuit consists of the 
sum of the impedance of the coil and the external load 
in the circuit. The values are calculated to be as 
follows, 

Zi = 14.2 -t- 3 38.7 = 41.233 Z 69° 51'ohms 

Z 2 = 13.33 +3 11.8 = 17.809 / 41° 32' ohms 

Za = 20.4 -f; 181.6 = 182.742 Z 83°35'ohms 

Mviual Reactances. 

The mutual reactances between the circuits have been 



Fig. 13—Equivalent Circuit Described in Numerical 
Example 

determined from tests that were made on the coils when 
arranged as shown in the sketch in Fig. 12. The results 
of the tests are: 

Xii = 2 irfMii = 15.74 ohms, Mn = 6.96mh. 

Z 18 = 2 irfMia = 24.6 ohms, M 13 = 10.88 mh. 

Xia = 2 irfMaa = 7.02ohms, Maa = 3.11 mh. 

Mutual Resista/nces. 

The resistive components of the mutual impedances, 
designated fiis. Bis and Bas,have been separated from the 
iron loss resistance in the coils in each circuit by assum¬ 
ing that the resistances vary in proportion to the cor¬ 
responding reactances. The re^tance Bis + Bis has 
been separated from the iron loss resistance in circuit 1, 
the reastance Bis + Bss from the iron loss resistance in 
circuit 2 and the resistance Bis + Bss from the iron loss 
reastance in circuit 3. From the values of these re- 



Fig. 14—^A Fobm op Cibcdit which is Equivalent to the 
C iBouiT Shown in Fig. 13 

sistances the resistance Bis + Bis + Bss has been ob¬ 
tained. The latter resistance is then separated into 
the resistances Bis, Bis and Bss, the values of which 
have been determined to be as follows: 

Bis = 0.322" Bis = 0.502" Bss = 0.143" 
Mutual Impedances. 

The resistive and reactive components of the mutual 
impedances have been determined and from these values 
the mutual impedances may be given: 

Zia = 0.322 -hi 15.74 = 15.744 Z 88°50' ohms 

Zia = 0.602 -hi24.6 = 24.605 Z 88°60' ohms 

Zaa = 0.143 -h 3 7.02 = 7.021 Z 88°50' ohms 
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Senes Impedances. 

The series impedances Zp, Z, and Zt have been deter¬ 
mined from the equations: 

Zp = Zi — Zi2 — Zii 

Z, = Zi — Zi2 — Zm 
Z t Zi — Zi3 — Zit 

■ Numerical values computed from the equations are: 

Zp = 13.376- j 1.64 = 13.476 \ 69“ 69' ohms 

Z, = 12.866 - 3 10.96 = 16.901 \ 40“ 26' ohms 

Z, = 19.766 -fj 149.98 *= 161.375 Z 82“ 30'ohms 

A Impedances. 

The mutual impedances shown in Fig. 13 are con¬ 
nected in the form of a Y and may be replaced by the A 
combination consisting of impedances Zi, Z„ and Zn 
arranged as shown in the circuit in Fig. 14 by employ¬ 
ing the well-known equations, 

^23 


Zm — >^12 + + 7 

^13 


Ziz Zm 

Zn — Zxi -j- Zii -+* 7 

Numerical values computed from the equations are: 

Zi = 1.943 + j 95.509 = 95.539 Z 88“ 50' ohms 
= 0.656 -t- j 27.262 = 27.258 Z 88“ 60' ohms 

Zn = 0.869 + y 42.591 = 42.601 Z 88“ 50' ohms 

The equivalent circuit in Fig. 14 has been reduced to 
a simpler form of circmt consisting of a series and mul¬ 
tiple arrangement of impedances from which the cim- 
rents in the various branches of the circuit can be easily 
computed. The required values of current h, I 2 andls 
flowing in the three coils in the circuit have been com¬ 
puted and found to be: 

11 = 0 445 \ 43“ 29' ampere 

1 2 = 0.421 Z 4“ 50' ampere 

Is = 0 0718 \ 28“ 32'ampere 

The values of the currents h, I 2 and Is when sub¬ 
stituted in equations (6), (7) and (8), together with 
numerical values of the applied voltage and impedances 
in the transformer, will be found to satisfy the equa¬ 
tions. This proves that the results of calculations made 
from the equivalent circuit are the same as might have 
been obtained by a solution of the oripnal equations. 



Equivalent Circuits of Imperfect Condensers 

BY C. L. DAWES* and W. M. GOODHUEf 

Member, A. I. E. E. Non-member 


Introduction 


T he plates of conunerdal condensers must neces¬ 
sarily be held in mechanical separation by some 
substance which is a dielectric. Since such sub¬ 
stances cannot be perfect dielectrics, the condensers 
when connected across alternating voltage must absorb 
power. It is customary to simulate the electrical per¬ 
formance of such condensers, either by an equivalent 
series circuit consisting of a perfect condenser C, and a 
resistance R„ Fig. 1; or by an equivalent parallel circuit 
consisting of a perfect condenser Cp in parallel with a 
resistance Rp, Rg. 2. In the study of dielectric phe¬ 
nomena both methods are employed. Sometimes with 
the equivalent parallel circuit, a conductance (tp = 1/Rp 
is used rather than the parallel resistance Rp, since such 
conductance frequently gives results which are more 
convenient in form than those given by resistance. 

It frequently happens that equivalent series and 
parallel capacitances and equivalent series and parallel 
resistances are used indiscriminately without designa¬ 
tion as to whether the equivalent series or equivalent 
parallel circuit is intended. With usual types of con¬ 
densers this ordinarily does not cause confusion, since 
the power factor of most condensers is comparatively 
low. Under these conditions, the equivalent series 
capacitance C* is almost equal in magnitude to the 
equivalent parallel capacitance Cp, so that it is not 
necessary to make designation; the eqmvalent parallel 
resistance Rp is so large in magnitude as compared with 
theequivalentseries resistance iZ.that there isUttledoubt 
as to which is intended. However, as the study of dielec¬ 
tric and ionization phenomena progresses, it is becoming 



Pig. 1—^Equitalent Series Ciectjit 

more common to find that the equivalent series resis¬ 
tance and the equivalent parallel r^stance (see Fig. 9) 
may be ofnearly the same order of magnitude; also the 

*Asst. Prof. Eleo. Eiigg., Harvard Engg. School, Cambridge, 
Mass. 

flnstruotor in Elec. Bngg., Harvard Eng®;. School, Cambridge, 
Mass. 

Presented at the NoHh Eastern District Meeting of the A. I. E. J5., 
Rochester, N. Y., April Z9~MayB, 1981. 


equivalent series capacitance may be quite different in 
magnitude from the equivalent parallel capacitance. 
(See Fig. 11.) These conditions occur particularly in 
ionized gases whose power factor is ordinarily high. 
Tha-efore, it becomes important not only to discriminate 
between equivalent series and parallel circuits, but 



Pig. 2—^Eqvitalbmt Parallbl Circuit 


also to investigate the relations existing among their 
various parameters. 

Relationships Among EQurvALBNT-CiRcuiT 
Parameters 

The relationships existing among the parameters of 
equivalent series and. parallel circuits are well known 
and are as follows: 

C. 


Rp — R, 


1 + R,^ C.’^ cQg 
C.*co* 


( 2 ) 


wha^ w is 2 IT /, / being the frequency. The other 
quantities are given in Figs. 1 and 2. 

The power factor of the condenser must be the same 
whether an equivalent series or an equivalent parallel 
circuit is considered. In terms of equivalent series- 
circuit parameters 


(Power factor) = 



R, C, w 
<o« + l 


From (1), (2) and (3) 

• 

(3) 


II 

1 

• (P. F.)* 

(4) 


C. = - 

C, (P. F.)* 

R.* C.* ft)* 

(5) 

If R, C» ft) = 

Then 

Rp = B* 

1 + 1)® 

(6) 
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c, 

1 + »»* 


C. (P. F.)» 


(7) 


The power factor in terms of parallel parameters 


Power factor = 


1 

•s/1 + Cp* 0)2 


1 

VI + 5* 


( 8 ) 


where 5 = RpCp (>}= tan 6 = cot 6 is the power-factor 
angle of the condenser; ^ is the angle of defect. 

Consider first an impregnated-paper, high-voltage, 
underground cable having good dielectric character¬ 
istics. Fig. 3 shows the power-factor, the power and 
the capacitance cizrves taken at 20 deg. cent, of a 
typical cable of this character. (300,000 cir. mils, 6/32 
in. (0.476) cm. wall.) It is to be noted that there is no 
evidence of gaseous ionization in this cable, since the 
power-factor and the capacitance characteristics are 
both linear and horizontal. The equivalent series resis¬ 
tance per foot R, of this cable is fotmd to be constant 
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Fig. .3—Papbu Cabm Chabactebistics Without 
Ionization 

300,000 cir. ijiils, 0/32 in. wali, Impregnated paper 


Thus with dielectrics of very low power factor the 
equivalent parallel resistance is practically equal to the 
equivalent series resistapce multipled by 1 /r/®, where 
1 / = ft, C, to; the equivalent series and parallel ca¬ 
pacitances are practically equal. Hence, with dielec¬ 
trics of very low power factor, the capacitance as a rule 
may be given without designating whether equivalent 
series or equivalent parallel capacitance is meant. 

After this same cable (Fig. 3) had undergone 150 
hours of accelerated life test, at an avraage voltage 
gradient of 225 volts per mil, and under weekly cycles 
of both voltage-gradient variation (from zero to 225 
volts per mil) and temperature variation (from 20 deg. 
to 65 deg. cent.) both its power factor and capacitance 
increased. 

At 30 kilovolts and 63 deg. cent., the power factor is 
now 0.1209 and the measured equivalent series capac¬ 
itance is 147 per foot. The equivalent series 
resistance per foot of this cable is now found to be 
2.20 X 10® ohms. 

The equivalent parallel resistance per foot from 
equation ( 2 ) is now 

/ H- 0.01483 \ 

Rp = 2.20 X 10® ( 0.01483 / “ ^ 

ohms, as .compared with 5.96 X 10® ohms, its former 
value. It is to be noted in the first instance, when 
the power factor of this cable is 0.00373,. that is 
entirely negligible in comparison with unity; but with 
the power factor equal to 0.1209, the value of 17 ® is just 
becoming appreciable in comparison with unity, its 
value being approximately 0.015. 

The equivalent parallel capacitance now becomes, 
from equation ( 1 ), 

147.0 

= 1 -t- 0.01483 145.0aaf- 


at all voltages, up to 40 kv. at least, and is equal to 
8.25 X 10® ohms. Likewise, the equivalent series 
capacitance per foot C. is found to be practically con¬ 
stant and equal to 119.8 md. From equation ( 2 ) the 
equivalent parallel resistance per foot is found to be 


Rp 


= 8.25 X 10® ( 


1 + 1.388 X 10-® \ 
1.388 X 10-® / 


= 5.96 X 10® ohms. 

It is to be noted that with this dielectric whose power 
factor is low, i?® (equation ( 6 )) is small compared with 
unity and 

Rp = approximately. ( 6 a) 


The equivalent paralld capacitance per foot 


Cp 


119.8 X 10-®® 

1 + 1.388 X 10-® 


119.8 Hid. 


which is substantially equal to the equivalent series 
capacitance per foot. 


Likewise the equivalent parallel capacitance now 
differs from the equivalent series capacitance by 1.5 
per cent. The power factor 0.1209 is large for dielec¬ 
trics, but even so the difference between equivalent 
series and parallel capacitance is almost negligible. 

Hence, with most of the usual dielectrics, the differ¬ 
ence between the equivalent series capacitance and the 
equivalent parallel capacitance is small and generally 
may be neglected. 

Composite Solid and Gaseous Dielectrics 
When a dielectric circuit consists of a solid dielectric 
in series with a film of gas, as a rule it behaves like a 
simple invariable dielectric up to the ionizatidn voltage 
of the gas, the only loss being that in the solid dielectric. 
When the gas becomes ionized, however, its losses be¬ 
come relatively large and its electrical parameters such 
as capacitance, permittivity, equivjdent series and 
parallel resistance vary with the current density, the 
functions usually being non-linear. The actual mech¬ 
anism of the ionization and its physical interpretation 
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are not simple and need not be considered at this time. 
Moreover, the authors know of no combination of cir¬ 
cuit parameters which can simulate the electrical be¬ 
havior of such films imder all conditions. However, 
at any single value of current density, the electrical 
behavior, so far as the fundamental components of the 
voltage and current waves are concerned, can be simu¬ 
lated either by suitable resistance and capacitance in 
series, or by suitable resistance and capacitance in 
parallel. This method is used in tins paper. 

It has been found experimentally that the power loss 



Pio. 4 —Equivalent Sbbibs Rbsistancb otf Q-lass-Ionized 
Air Film Model, with 2.17 Mm. Air Gap, at 60 Cycles, 23 
Deo. Cent., and 764 Mm. Pressure 


in ionized gas films is a simple linear function of the 
current density. 

For example, let the value of current at which ioniza¬ 
tion begins be Ij,. Since the power P increases as a 
linear function of the current density after ionizalion 
begins, its equation becomes 

Pi = kiI-Io) (9) 

where A; is a constant. 

Neglecting harmonics, atroom temperature the power 
in the solid dielectric varies as the current squared and 
the total power in the composite dielectric becomes 

P = kiP + k(I-Io) (10) 

Since no ionization loss occurs until I > Jo, the second 
term of equation (10) vanishes for all values of J ^ J,. 
Hence it follows that the first derivative of the function 
is discontinuous at the point, J = J«. 

If R» is the equivalent series resistance of the com¬ 
posite dielectaic, 

r. P , k klo 

Ra j2 ~ kd J (11) 

Equation (11) is composed of three simple functions, 
a linear function whose graph is parallel to the current 
axis, a rectangular hyperbola in the first quadrant and 
an “inverse square” function in the fourth quadrant. 
Pig. 4 shows this B,-function and its components for 
2.17-mm. film of dry air at 28 deg. cent, a barometer 
pressin-e of 76.2 cm. and a frequency of 60 cycles per 
second. The value of kd is so small, being only 0.0091, 
that it cannot be shown with the scale used in Fig. 4. 


It is to be noted that R, rises rapidly to a maximum 
and then decreases. By differentiating (11) with re¬ 
spect to the current and equating the first differential 
coefficient to zero, it is found that the maximum value 
R,' of R, occurs when 

I = 2Io (12) 

k 

and R,' = Ad + (13) 

Due to occluded gases, the dielectric of high-voltage 
cables is a composite one of solid and gaseous dielectric, 
the gaseous didectric becoming ionized after the voltage 
becomes sufficiently large. 

The characteristics of high-voltage cables are now 
generally given by power-factor, power and capacitance 
curves as in Fig. 3. These three characteristics for a 
cable having negligible ionization are shown in Fig. 8. 
When considerable ionization exists in a cable, however, 
the power-factor, power and capacitance characteristics 
have the gaiOTal appearance of the curves given in 
Fig. 5, which are the characteristics of a 300,000 cir.-mil 
6/32-in. (0.476-cm.) wall, impregnated-paper cable. 
Both the power-factor and capacitance curves have a 
discontinuity in their slopes at the ionization voltage of 
the cables, and then rise rapidly with further increase in 
voltage. If the voltage is .carried to a sufficiently high 
value, the power-factor curve will rise to amaximumand 
then decrease; the capacitance curve, however, in¬ 
creases indefinitely; 

These three characteristic cable curves of power 
factor, power and capacitance are obtained either 
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Fig. 6—Paper Cable Characteristics with Ionization 
300.000 cir. mils, 6/32 in. wall, impregnated paper 


directly or are determined vrith little computation from 
data obtained from the methods of bridge measurement 
now in common use. The bridges which are now 
commonly used to measure the characteristics of dielec¬ 
trics at high voltage are the Heaviside t 3 T)e used by the 
authors and the Schering type.’' These give directly 
the equivalent series capacitance. In fact, most tsrpes 
of capacitance bridges give directly the equivalent smes 
capacitance.* 

Clark and Shanklin,* who were among the pioneers in 


1. For references see Bibliography. 
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the study of ionization in high-voltage cables, measured 
the power taken by cables with a compensated electro¬ 
dynamometer and in their publications used equivalent 
parallel resistance as a distinctive cable characte*- 
istic. At room temperature, the equivalent parallel 
resistance of cables is found to remain substantially 
constant until after ionization begins; then a discon¬ 
tinuity occurs in the slope of the curve, after which the 
equivalent parallel resistance decreases, at first rapidly 
and then at a decreasing rate until it reaches a mini¬ 
mum. Fig. 6 shows a typical curve of this chj^cter 
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Fig. 6—Equivalent Parallel Resistance op 300,000 Cir. 
Mils, 6/32 In. Wall, Impregnated Paper Cable 


whole does not represent any simple curve or combina¬ 
tion of simple curves. This is evident firom a study of 
Fig. 6 . However, if the equivalent parallel conductance 
Gp be used, an equation is obtained which may be 
analyzed into three terms representing three simple 
graphic functions. That is. 


Gp = 


P 


K + 



Kl PjQ 


(16) 


The first t^m K of (16) depends on the properties of 
the solid dielectric and is a straight line parallel to the 
voltage axis; the second- term is a rectangular hyper¬ 
bola l yng in the first quadrant and the third term is an 
inverse square function lying in the fourth quadrant. 
Hence, this function is very similar to (11). Each term 
of (16) is plotted separately in Fig. 7 for the cable whose 
characteristics are given in Fig. 6 ; also the resultant 
characteistic Gp is plotted, being obtained by com¬ 
bining these three component curves. 

In the region of successive ionization, where (16) does 
not apply, the computed curve *is shown dotted. Ex¬ 
cept in the region of successive ionization, the actual 
Gp-curve obtained experimentally, and shown solid, 
coincides with the curve obtained either by combining 
the component curves or by computation from (16). 

It is shown in the Bibliography 5, equation ( 12 ) that 


for the cable whose characteristics are given in Fig. 5. 
This equivalent parallel resistance curve is in distinc¬ 
tion to the power-factor curve, which also has a dis¬ 
continuity in its slope at the ionization voltage, but 
thereafter shows increasing rather than decreasing 
values and reaches a maximum, rather than aminimum. 

With our present knowledge of ionization phenomena, 
it is now possible to derive an analytical expression for 
fhia equivalent parallel resistance characteristic. The 
power due to the combined solid-dielectric and ioniza¬ 
tion power loss is given by 

P = KE^'+Ki(E-Eo) (14) 

where K is the solid-dielectric power coefficient, Ki is 
the ionization-power coefficient and Eo is the intercept 
of the ionization-power curve with the E-axis. The 
second term of equation (14) is zero when E = Eo. 
Moreover, in a cable the gas films do not all ionize 
simultaneously as does a single uniform fiat gas film, 
(Big. 4). They ionize successively outwards as the 
voltage increases.® Equation (14) therefore, does not 
apply during this interval of successive ionization, that 
is between the values E = Eg and E = Ei where Eg is 
the voltage at which ionization just begins in a cable and 
El is the voltage at which the ionization power curve 
becomes a straight line. 

The equivalent parallel reastance 

E* E^ 

Rp- p - KE^ + KiiE-Eg) '• '' 

Although both the numerator and denominator of 
(15) are simple algebraic expressions, tiie equation ^ a 



Fig. 7—Equivalent Parallel Conductance or 300,000 Cir. 
Mils, 6/32 In. Wall, Single-Conductor Cable 

the power factor of a composite dielectric contisting of a 
solid dielectric and a gaseous medium is approximately 

given by ) when the power 

factor is not large. C is either the equivalent series or 
parallel capacitance, since the two are nearly equal when 
the power factor is not large;. co is 2 ir times the 
frequency. 

Hence equation (16) is identical in form with the 
equation for power factor, differing only by the co¬ 
efficient “TT— • 

O CO 
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By finding tHe first differential coefficient of either 
<1S) or (16) vdth respect to E and equating to zero, the 
minimum value of Rp and the maximum value of Gp 
occurs when 

E = 2Ep (17) 

From, (17) and (16) the maximum value of Gp 

Gp' = K (18) 

(See Bibliography 6, equation (S).) 

This relationship is illustrated in Fig. 7, where E„ 
equals 11.6 kv. and the maximum value of Gp, Gp', 
occurs at 23 kv. 

For cables having ionization (or other dielectrics 
having ionization) it also becomes possible to express 
analytically the equivalent series resistance as a func¬ 
tion of voltage. The power 

P = PR. = KE^ + Ki (E-Eo) 

Hence 

„ ^ {KE^ + Ki(E- Eo) } (g.s C,^ + 1 ) 

E^ 0® CO® 

If the power factor of the cable or similar dielectric is 



Fia. 8—7EquiVALBNT Seeibs Resistance oe 300,000 Cib. Mils, 
6/32 In. Wall, Sinqlb-Condvctob Cable 

not excessive, H.® C,® co® is negligible compared with 
unity and 

“* ~ C,® CO® C,® CO® H® C.® CO® ^PP*’0™f‘ately 

(19) 

If the variation of capacitance with voltage, which in 
cables is usually small, (see Fig. 6) be neglected, the 
equivalent-series-resistance characteristic consists of a 
linear function whose graph is parallel to the £'-axis, a 
rectangular hyperbola in the first quadrant and an in¬ 
verse square function lying in the fourth quadrant. 
The equivalent-series-resistance function and its three 
component curves are shown graphically in Fig. 8 for 
the same cable whose equivalent parallel resistance and 
conductance are given in Figs. 6 and 7. This fimction 
is similar in character to the equivalent, parallel conduc¬ 
tance function (equation (16) and Fig. 7) and the power- 


factor fimction.®’® The maximum value of R, occurs 
when E = 2Ee and its value is 

“ C® «® 4E<, ) 

It appears, therefore, that many functions relating to 
ionization phenomena are functions of the charactm* 
of (11) and (14). 

There also follows another interesting relationship 
when the power factor is not large and the change in 
capacitance is small. 

From (11) and (16) 

PP P 

R> = -jT = (approximately) and Gp = 

Hence 

(approximately) 

Thus, at constant frequency, if the change in capaci¬ 
tance is small, the jB,-function differs from the Gp- 
function by a constant quantity only. That this is true 
may be seen by a study of Fig. 7 which shows the R, 
function for the same cable. 

Equivalent Circuits qp Ionized Gases 

At any single value of current density and at the fun¬ 
damental frequency, ionized gaseous media, when con¬ 
sidered alone, behave like very leaky condensers. They 
may therefore be represented by equivalent series and 
parallel parameters. But it is found that these param¬ 
eters are quite divergent from those obtained with the 
usual dielectrics. Furthermore, they are much more 
difficult to evMuate from measurement data than the 
dielectrics which have just been considered. For ex¬ 
ample, when gaseous films become ionized, a relatively 
large energy loss results and this loss increases as a 
linear function of the current density, as has already 
been stated. Also, because of the effects of space 
charge, the measured capacitance increases with in¬ 
creasing current density and may reach values which are 
several times greater than the non-ionized value. 
Hence, the apparent dielectric constant of the ionized 
gas film will ordinarily have values which are several 
times the non-ionized value of unity. 

These effects cause the power factor to reach values 
which are much higher than the values ordinarily met 
in composite solid and ionized dielectrics such as cables, 
(see Fig. 11). Hence, the approximations which are 
frequently made with dielectrics, such as assuming that 
the equivalent series and the equivalent parallel ca¬ 
pacitances are substantially equal, are ho longer valid. 

In Fig. 9 are shown the equivalent series resistance 
and the equivalent parallel resistance of a 1.53-mm. air 
film as a function of current density, the frequency 
being 60 cycles and the pressure 764 mm. The equiva¬ 
lent series resistance obviously is zero until ionization 
begins. It then rises rapidly to a maximum after which 
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it decreases, its graph approaching a horizontal line as 
an asymptote. The anal 3 d;ical function giving the 
variation of equivalent series resistance ft, with current 
density is readily derived from (9) 

/2R. = A:(I-/,) (22) 

k (I - Io) k k lo 

(23) 


ft, = 


P 


P 


the power-factor curves which we have so far obtained 
experimentally for gas films have not shown a maxi¬ 
mum, but continue to increase with the current density. 

The equivalent series permittivity at the maximum 
current density of 11.5 microamperes per sq. cm. ob¬ 
tained and shown in Fig. 11 has a value of 24, which 
illustrates the enormous changes in capacitance which 


The first tam in (23) is the equation of the well- 
known rectangular hyperbola and the second term is an 
inverse square function lying in the fourth quadrant. 
Each component function for the 1.53-mm. air film of 
Fig. 9 is shown in Fig. 10. The resultant curve ft, is 
the equivalent series resistance, which has a maximum 
value and is similar to the ft,-curve. Fig. 9. 

The maximum value is readily found by differen- 
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PiQ. 10 —^Analysis of Equivalent Sebibs Resistance 
Function of Ionized Am Film 

gas films undergo when ionized. Furthermore, instead 
of being approximately equal to the equivalent parallel 
capacitance, the equivalent series capacitance reach^ 
a value at the maximum current density shown in Pig. 
11 which is approximately six times the value of the 
equivalent parallel capacitance. Hence, when ana¬ 
lyzing capadtance relations in ionized gas films, it 
becomes important to specify whether the equivalent 
series or equivalent parallel capacitance is intended. 

It does not appear possible at this time to derive from 


PiQ. 9 —Equivalent Sebies and Faballel Resistance of 
1.53 Mm. Ionized Aib Film 

dating (23) with respect to I and equating the first 
differential coefficient to zero. For the maximiun value 
ft,' of ft,, 

I = 2J, (24) 

Prom (23) and (24) 

«•' - - 4 V 

(See Fig. 28, Bibliography 6 and equation (4) Bib¬ 
liography 6.) 

These relationships are very similar to those for the 
power-factor, the eqmvalent parallel conductance, and 
the equivalent series resistance characteristics of a cable 
in which ionization exists. (Figs. 5,7, and 8.) 

Fig. 11 shows graphically the equivalent series ca¬ 
pacitance, and the equivalent parallel capacitance per 
cm. cube (or permittivity) of a 1.59-mm. air film as 
functions of current density. Also the powar-factor 
function is given. It will be noted that the power 
factor of such a film increases up to nearly 90 per cent, 
which is a very much higher value than occurs even 
with Composite solid and ionized didectrics, such as 
impregnated-paper cables. (See Pig. 5.) Unlike the 
power-factor curve for cables having ionization (Fig. 5), 
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Pig. 11—^Equivalent Sebibs and Paballel Capacitance of 
Ionized Aib Film 


fundamental considerations any simple equations which 
give the equivalent series capacitance, and the equiva¬ 
lent parallel capacitance characteristics shown in 
Pig. 11. . 

For example, with the equivalent series circuit 


I 


E 



+ 


1 

(C. CO)* 


EC, CO 
CO* -I- 1 


(26) 


C, 


i_ I 
" VH* - (I 


(27) 
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From (22), P = P R, = k (J — lo); substituting for 
fl,in(27) 



_ I _ 

■vl®’— 


0) ViE ly -k^ (I- loY 

This is not a simple function and it cannot be readily 
separated into simple component curves. Moreov^, 
no approximate algebraic relationship even between E 
and I has yet been foomd. We do know that E increases 
to a maximum, and then decreases (see Fig. 10, Bib¬ 
liography 6). However, when equation (28) is plotted 
as in Fig. 11 (which gives permittivity rather than total 
capacitance) it is found that C, increases at a slightly 
greater rate than the current density. A graphical 
analysis shows the equation of this curve to be 

k, = A + B (I- (29) 
where K is the equivalent series permittivity and A and 
B are constants. Specifically for Fig. 11. 

k.=‘l + 1.28 (I- 0.8)i-‘» (30) 

Also, the equivalent parallel permittivity kp is plotted 
^ a function of current density in Fig. 11. Again the 
explicit function for this cimve is far from being simple 
and it does not appear that the curve can be analyzed 
into simple fundamental cmwes. Also the equivalent 
series permittivity (or capacitance) characteristic con¬ 
caves upvsrards: the equivalent parallel permittivity 
(or capacitance) characteristic concaves downwards. 

From the foregoing relationships, it appears that as 
a rule equivalent series resistance gives the simple rela¬ 
tionships when the current is the independent variable; 
equivalent parallel conductance and resistance give the 
simple relationships when the voltage is the independent 
variable. 

Harmonics 

It is well known that because of the variable charac¬ 
ter of the parameters of ionized gas films, a simple 
harmonic voltage wave cannot produce a simple har¬ 
monic cuirent wave, and a simple harmonic current 
wave in such gas films cannot produce a simple harmonic 
voltage wave across the gas films. In practise, flat 
ionized gas films as a rule can exist only under the con¬ 
ditions of “restricted ionization.” That is, the volt- 
ampere characteristics of the ionized gas film alone are 
highly unstable, and without a stabilizing impedance in 
series the cumulative reactions woiild cause a power arc 
to develop almost instantly. Solid dielectric in series 
with the gas film acts to stabilize tbe current and volt¬ 
age across the film in the same manner as ballast sta¬ 
bilizes a power arc. If a simple harmonic voltage wave 
is impressed across the ionized gas film and solid dielec¬ 
tric in series, the current wave cannot be a simple 
hajmonic wave because it is determined in part by the 


variable impedance of the ionized gas film. However, 
if the impedance of the solid dielectric is large in com¬ 
parison with that of the ionized gas film, the current 
wave under these conditions may be nearly a sine wave. 
Under these conditions, the voltage across the ionized 
gas film cannot be a sine wave because of the variable 
character of the gas-film impedance. 

Oscillograms show that with short air-gaps and com¬ 
paratively low voltage, the current wave contains har¬ 
monics ranging from the lowest harmonics, well up 
through the audio-frequency range; at the higher volt¬ 
ages, and also with air films of greater thickness, the 
current wave contains harmonics from the lowest to 
probably well beyond the audio-frequency range. 
When such waves are studied with the usual Duddell 
string-type oscillograph vibrator, it is found that the 
harmonics near the resonant frequency of the vibrator 
cause it to vibrate with large amplitude at its own reso¬ 
nant frequency, thusaccentuating on the oscillogram the 
harmonics of this particular frequency. Moreover, 
such vibrators cannot respond to the high frequencies 



Pig. 12—Oscilloqbam op Ionization Cubbent pob Aib Gap 
1.59 Mm., Voltage 5,500, Pbequbnct 60 Cycles 

that some waves must contain. Hence, such oscillo¬ 
grams may not always give a true representation of the 
wave; they do, however, give useful information, in 
that they show changes in the wave shapes and in the 
lower frequency harmonics that ionization produces in 
such current waves under different conditions. As an 
example, the oscillogram* in Fig. 12 shows the voltage 
and current waves for a 1.59-inm. film of dry air, at 
5,600 volts r. m. s. and at a frequency of 60 cycles per 
second. The voltage wave is not that across the gas 
film itself, but across the gas film and a slab of glass in 
series. However, the glass has a very high dielectric 
constant and very low power loss so that its impedance 
is small compared with that of the gas film. The volt¬ 
age at which this oscillogram was taken is known to be 
well above the ionization voltage. It will be noted that 
the current increases almost sinusoidally with voltage 
until the voltage is suflSciently high to start ionization. 
At the instant of initial ionization, high-frequency 
harmonics occur in the current wave. These are im- 

*A vacuum-tube amplifier of the type developed by S. K. 
Waldorf was used in obtaining this oscillogram. See Bibli¬ 
ography?. 
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mediately followed by a sudden increase or large peak 
in the current wave. 

This oscillogram shows that the harmonics of lower 
frequencies have the greatest effect on the wave dis¬ 
tortion; also the wave has a considerable number of 
harmonics of high order. For more accurate reproduc¬ 
tion of such waves, a cathode-ray type of oscillograph 
should be used. However, it is difficult to obtain suf¬ 
ficient current sensitivity with this type of oscillograph. 
Owing to the difficulty of making suitable potential 
connection across the gas film itself, oscillograms of this 
potential, so far as is known, have not as yet been ob¬ 
tained. (A complete series of oscillograms for different 
conditions of ionization will be published later.) 

Definitions of Diblecteics with Ionization 

The presence of the foregoing harmonies makes am¬ 
biguous many of the terms and definitions which are 
applicable to dielectrics that are practically invariable 
or in which the ionization is so small that it has but 
little influence on the wave shape.’ In view of the 
rapidly increasing study of gaseous ionization, it has 
become almost necessary to agree on some definitions 
of the parametCTS of ionized gas both when alone and 
when in combination with solid dielectrics. 

One method is to base definitions on r. m. s. values. 
For example, if the voltage E and current I are mea¬ 
sured or computed on a r. m. s. basis the equivalent 
series resistance Ra = F/I*, where P is the power in 

1 I 

watts; and the capacitance C, == ^ 

These parameters might then be called the r. m. s. 
equivalent series resistance; the r. m. s. equivalent 
series capacitance; etc. 

On the other hand, if the characteristics of the gas 
film are measured in a bridge having invariable param¬ 
eters in three of its arms such as a standard air con¬ 
dense and resistances, and a harmonic voltage is applied 
across the bridge, the bridge can be balanced with a 
detector, which responds only to the fundamental fre¬ 
quency. A vibration galvanometer is an example of 
such a detector. The parameters determined under 
such conditions might well be termed fundamental 
equivalent series resistance; fundamental equivalent 
series capacitance; etc. 

It is conceivable that definitions depending on param- 
etCTS other than the foregoing may also be evolved. 
The authors believe, howevOT, in view of the magmtude 
and large number of harmonics which are present in the 
current wave, particularly, and the complications which 
these harmonicsintroduce, thatfor the present at least the 
more simple definitions of the parametOTS of ionized gas 
films based on fundamental frequencies should be used. 

Conclusions 

1. The electrical characteristics of imperfect con- 
den^rs at any one frequency may be represented by 
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resistance and cjapacitance in series, and by resistancie 
and capacitance in parallel; definite algebraic relation¬ 
ships exist among the parameters of such equivalent 
series and parallel circuit. 

2. Even with dielectrics having relatively high 
power factor, the equivalent smes and parallel capac¬ 
itances are substantially equal. 

8 . With composite dielectrics consisting of an 
invariable dielectric in series with ionized gas films, the 
equivalent series resistance characteristic and the 
equivalent parallel conductance characteristic are very 
fiiTYiilflr to the power-factor characteristic provided the 
total change in capacitance is not lai^e. 

4. Ionized gas films have such high losses and high 
power factor that approximations which are applicable 
to ordinary dielectrics are not applicable to them. 

6 . With increasing knowledge of the laws of ioniza¬ 
tion, it is becoming possible to express series and p^al- 
lel parameters of ionized gas films as explicit functions 
of Imown quantities. 

6 . The usual dielectric definitions are not applicable 
to ionized gas films, and to dielectrics contmning such 
films; some appropriate definitions ^ould be formu¬ 
lated; and it is recommended that these defimtions be 
based on the first harmonic components of the voltage 
and current waves. 

The authors are indebted to Professor H. E. Clifford, 
De^ of the Harvard Engineering School, for his helpful 
suggestions in the preparation of this paper. 
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Discussion 

M. G. Maltl* Prof. Dawes and Mr. Goodhue have pointed 
out some very valuable and pertinent faets relative to the 
representation of imperfeet condensers by equivalent oirouite. 
Their treatment is complete and straightforward when, and if, 
a sine voltage, impressed on an imperfeet condenser, produces 
a sine current. But the variation of the characteristics of an 
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imperfect condenser with impressed voltage is non-linear. 
Hence with a sine impressed voltage a non-sine current (Fig. 12 
of the paper) is obtained. Moreover the distortion suffered by 
the current is a function of the nature of the dielectric used, its 
temperature, its humidity, the magnitude and wave form of the 
impressed e. m, f. and other factors. Under these conditions 
it becomes difficult to conceive of a series or a parallel circuit, 
consisting of a variable resistance and capacitance, which would 
simulate the behavior of an imperfect condenser. Thus such a 
circuit can not possibly give the e. m. f. and current oscillograms 
shown in Fig. 12 of the paper. 

The writer is of the opinion that equivalent circuits should be 
altogether abandoned and the facts studied directly from the 
oscillograms. Thus Fig. 12 gives the e. m. f. and current curves 
of an imperfect condenser. The instantaneous power supplied 
to the condenser may be easily obtained by multiplying corre¬ 
sponding ordinates of e and i and plotting the products to a 
convenient scale. The average power dissipated in the con¬ 
denser is the average ordinate of the instantaneous power curve. 
Here we have a means of determining the e. m. f. current, and 
power relations of an imperfect condenser. No mention is 
made of an equivalent series or parallel circuit because, physi¬ 
cally, there is no such a thing. The imperfect condenser is an 
entity which behaves uniquely and cannot be imitated by an 
equivalent circuit. 

C* L. Dawes: The statement of Prof. Malti that the varia 
tion of the characteristics of imperfect condensers is non-linear, 
in a strict sense, is undoubtedly true. That is, the absorption 
loss does not vary as the voltage squared and the conductance 
may vary with the voltage gradient. There are, however, many 
imperfect condensers in which the total loss as measured by 
precision methods is found to vary sensibly as the voltage 
squared. The dielectrics of such condensers must then have 
characteristics which are practically linear and they will not 
therefore produce any appreciable distortion in the current 
wave when a sine wave of voltage is impressed across them. 
For all practical purposes then it becomes possible to simulate 
such condensers either by an equivalent series circuit or by an 
equivalent parallel circuit. For example, we have, found that 
cable paper when impregnated with the higher grades .of cable- 
impregnating compounds appears to have characteristics at 
room temperature which are practically linear, provided all 
occluded gases are substantially removed. 

It is true, however, as Prof. Malti points out, that it would be 
difficult or perhaps impossible to devise either an equivalent 
series circuit or an equivalent parallel circuit that would simulate 
under all conditions dielectrics having non-linear characteristics. 
The authors were well aware of this fact as is shown in the state¬ 
ment at the top of page 1032 inwhich they state that they “know 
of no combination of circuit parameters which can simulate the 
electrical behavior of such (gas) films under all conditions.” 
However, in spite of the fact that such equivalent circuits can¬ 
not under all conditions simulate dielectrics having non-linear 
characteristics they frequently are very useful for purposes of 


analysis and I cannot agree with Prof. Malti that they should 
be abandoned entirely. For example a knowledge of the power 
loss in such dielectrics often is very important as with high- 
voltage cables. If the impressed voltage wave is sinusoidal the 
power loss is given by Gp where E is the r. m. s. value of the 
impressed voltage and Gp is the equivalent parallel conductance 
determined for the fundamental component of current. Gp 
will vary with E as is shown for example in Pig. 7, but the loss 
at any particular voltage may be readily determined by using 
the value of Gp corresponding to that voltage. Likewise if the 
current wave is sinusoidal, the power loss is given by where 
I is the r. m. s. value of the current and R» is the equivalent 
series resistauce to the fundamental. 

To depend entirely on oscillograms for the determination of 
the electrical properties of imperfect condensers, as suggested 
by Prof. Malti, would, I believe, be not only inconvenient but 
would frequently be unsatisfactory as regards accuracy. For 
example, before the oscillogram shown in Fig. 12 could be ob¬ 
tained it was necessary to construct and adjust a 7-tube amplifier, 
as well as to devise and test out an elaborate shielding system. 
The taking, developing, printing, and calibrating of the oscillo¬ 
gram was in itself a relatively laborious procedure. To obtain 
the power by multiplying together the instantaneous values of 
E and I in itself is also laborious, and is also subject to errors in 
calibration and in the fact that the width of line is relatively 
large as compared with the amplitude. Hence the value of 
power obtained by this method would undoubtedly be less 
precise than the value obtained by the use of an equivalent 
circuit. 

There are, however, special problems such for example as 
occur when both voltage and current waves are non-sinusoidal 
where the use of such oscillograms are necessary if accurate 
analyses are to be made. We are confronted with several of 
this type of problem at the present time. 

As a matter of fact from an analytical point of view, non-linear 
dielectric characteristics are not different from non-linear mag¬ 
netic characteristics. The analysis of dielectric phenomena is 
however more recent and is ,therefore less understood. For 
convenience in solving practical problems we have become 
accustomed to represent the circuit linked by magnetic material, 
even though it has non-linear characteristics, by equivalent 
series and parallel circuits. A common example is the equiva¬ 
lent parallel circuit so frequently used to represent the no-load 
conditions of transformers and induction motors. Rigorous 
analysis would require the use of oscillograms of voltage and 
current, as suggested by Prof. Malti for the dielectric circuit. 
As a matter of practical convenience, however, we actually use 
either an equivalent series or parallel circuit under all conditions 
of operation, although such do not, strictly speaking, simulate 
the actual circuit under all conditions. This same practical 
necessity, I believe, will necessitate in many instances the use 
of equivalent circuits to simulate the behavior of dielectric 
circuits, even although such circuits do not simulate rigorously 
the actual circuit. 
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W HEN a new and useful m^hine is first intro¬ 
duced, nobody thinks much about possible 
refinements. Thus when electric motors were 
first used, reliability was the essential quality. Soon 
afterward price became of importance and still later 
efficiency was considered. Now at the present time 
attention is being turned to noise and in the not too 
distant future, appearance will become of distinct 
importance. 

When the public has had some means of expressing 
its opinion quietness has always been demanded. In 
the case of the automobile this demand has led to the 
development of a machine that is unbelievably quiet 
especially to those who drove cars twenty years ago. 
On the other hand, it is hard to see why the public 
has not protested long ago against the needless noise 
of street cars and trains. Little progress has been 
made in this direction in thirty years and it is only now 
that the competition of quieter vehicles is forcing those 
responsible to take some action. 

Where an electric motor is used to drive a washing 
machine or a mangle, noise is not so important, but if a 
motor is used to drive an electric refrigerator the case is 
quite different. The motor is usually located in close 
proximity to the living quarters and is in operation 
much of the time and at any time of night or day. 
Obviously such a motor must be qxiiet. 

Need op Methods op Measurement 
The point has now been reached where the need of 
adequate means for measuring noise is felt. At present 
the intensity of a noise is stated about as accurately as 
the Irishman's reply who when asked how largeacertain 
object was said it was about as large as a lump of coal. 
Two distinct t 3 rpes of measuring devices are needed. 
One should, if possible, give with a single reading an 
indication of the intensity of a sound; much as an am¬ 
meter gives at once the current in a circuit. The other 
should make possible the analysis of a soimd into its 
components in much the same manner that the com¬ 
ponents of a current can be analyzed by means of an 
oscillograph. The first t 3 rpe vdll be useful to the man¬ 
ufacturers and users of machinery in determining quickly 
and easily whether or not a machine comes within 
certain prescribed limits of quietness. The second 
type will be useful to the designer of machinery to 
enable him to determine and eliminate the sources of 
noise. 

1. Prof, of Bleoteieal Engg. University of Michigan, Ann 
Arbor, Mich. 
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The inspection of parts by ear for undue noise is old 
in industry. Thus in the manufacture of gears, an 
inspector runs the different gears and accepts or rejects 
them in accordance with his judgment. An average 
gear may be provided which the inspector may use as a 
standard of comparison. Such an inspection while 
better than nothing is very imperfect. Probably no 
two people hear things alike and the sensitivity of the 
ear differs from day to day. 

One gear manufacturer to test the accuracy of sound 
inspection submitted 100 gears to one of his inspectors. 
Of these 95 were passed and 5 rejected. Another 
inspector who knew nothing of the first inspection 
passed 93 and rejected 7. Only one or two of the gears 
were rejected by both inspectors. A few days later the 
same gears were again submitted to the first injector 
who did not know that he had previously inspected 
them. This time he rejected 11. Of the 11, only one 
had been included in the first five. The other ten he 
had previously passed. 

The accuracy of a direct comparison method may be 
greatly improved if a nximber of observers is used. A 
prominent laboratory was recently called upon to rate a 
considerable number of motors in regard to noise. 
These motors were all of the same horsepower and 
speed. For comparison, five motors were selected and 
arbitrarily given ratings from 1 to 5, No. 1 being an 
exceedingly quiet motor. No. 5 a very noisy one while 
No. 3 was supposed to represent about the average. 
Six observers compared the motors with these stand¬ 
ards. Occasionally all the ratings would agree, par¬ 
ticularly in the case of very quiet motors, but in other 
instances the same motor would be rafed all the way 
from 1 to 3 by different observers. The average of the 
six ratings was probably fairly reliable. 

In somewhat similar tests conducted by a prominent 
manufacturer a standard of noise was provided as well 
as the motor under test. The observer placed himself 
between the two motors and varied his position until 
they sounded equally noisy. This method is similar 
to that used in the photometry of lamps. 

Difficulties of the Problem 

When an attempt is made to develop an instrument 
which will give an objective indication of the degree of 
noise from a pven source serious difficulties are en¬ 
countered. If it were merely a question of measuring 
the physical intensity of the sound the difficulties 
would not be so great. Unfortunately the effect upon 
the human ear is not directly proportional to the 
physical intensity of the sound. A sound of very high 
pitch, for example, cannot be heard at all and the same 
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is trae of sounds of very low pitch. Moreover the 
range which the ear can hear varies with different 
persons and at different times. The problem is further 
complicated by the fact that what is really desired is to 
find out how disagreeable a certain noise is. Some 
sounds, sudi as the scratching of a slate pencil upon a 
date, while not vay loud are exceedingly disagreeable. 

It is hard to see how an instrument can be made which 
will take all these things into account. 

Reflections 

Another difficulty arises from the fact that in an 
ordinary room we hear not only the sound itself but 
many reflections of the soimd. A sound indoors at a 
certain distance may easily produce ten times the effect 
of the same sound at the same distance ih open ah. 
Moreover in any ordinary room there wiU be certain 
points at which the sound will be focused and will 
consequently be much louder than at othOT parts of the 
room or pCThaps at the object emitting the sound. 
When trying to measure sound by using a microphone 
as a pick-up it has frequently been observed that the 
sound three feet from the motor under test may be 
much louder than at a distance of one foot from the 
motor. Of course one obvious remedy is to make the 
test in a sound proof room. This while possible in the 
laboratory would introduce serious difficulties if an 
attempt was made to make sound measurements in the 

course of routine production. 

Another method that has been used with some success 
is to provide a very large rotating vane. This tends to 
break up reflections and prevent them concentrating 
at any given point. 

Measurement op Vibration 

One interesting suggestion is that the noise itself 
should not measured but the vibration which produc^ 
it. If a transformer, for example, produces noise it is 
because certain parts of the tranrformer are -ribiating. 
If it is posable to measure the vibration it will ^ve a 
reasonably accurate indication of the intensity of the 
sound. This method has actually been applied to the 
routine testing of roller bearings. In this case the 
problem is much simplified in that the objects to be 
tested differ if at all only in size. It would not be so 
easy to apply this to the case of electric motors, for 
example, where much of the sound comes from the 
rotating parts. 

Analysis into Components 
As previously indicated we can analyze the sound 
into its various components and determine the intensity 
of each of these components. One method conasts in 
using a microphone to pick up the sounds and generate a 
feeble dectric current. This is amplified by vacuum 
tubes and then passed through a variable filter, so that 
only one component at a time passes beyond the filter. 
This component can then be measured by a galvanom¬ 


eter or similar indicating device. This method, wUle 
obviously slow, gives complete information in regard to 

thesoundproduced. Inordertodetermineitseffectupon 
the ear it would be necessary to^gntoeachfrequency 
an arbitrary importance depending upon the effect of 
the particular frequency upon the average human ear. 

It would not appear that such a method could be n^de 
sufficiently quick and simple so that it co^d be used in 
routine production. It is, however, obviously of great 
value to the designer, in helping him to reduce noise. 

Organizations Interested 
Several manufacturers of various tsqies of machinery 
have become greatly interested in methods for mean¬ 
ing accurately and quickly the noises produced by their 
product. In the past five years approximately $250,000 
has been spent upon such projects at the Univ^ity of 
Michigan alone and methods have been devised for 
measuring the noise produced in ball and roller bearings, 
gears, electric carpet sweepou, and similar devic^. 
Instruments have been constructed and are used m 

routine production in several factories. 

Certain national sodeties, among them the National 
Electrical Manufacturers Association and the Ammcan 
Society of Mechanical Engineers, have become inter¬ 
ested in the problem of noise and have appointed wm- 
mittees to consider the subjwt. The National 
Electrical Manufacturers Assodation’s committee was 
instructed, first, to find or devise a method of measuring 
the noise produced by electrical machinery, secondly, 
when such a device had been found to formulate 
standards of allowable noise in electrical machinery. 
Some of the difficulties in the first part of this problem 
have already been indicated. When we consider the 
enormous variation in horsepower, speed, fr^uency, 
number of phases, etc. of electric motors alone it will be 
apparent that the difficulties of the second part of the 
asdgnment are no less. 

Conclusion 

It is very evident that the American people as well as 
the manufacturers of electrical machinery are becoming 
**noise consdous.” Great progress has been made in 
the past few years in devidng means of measuring noise 
as well as improving machinery so that it will be less 
noisy. Although the difficulties of the problem are 
great there is reason to hope that some device will in the 
near future be perfected to give an immediate indication 
of the effect of any given noise upon the human ear. 
After all what is desired is to eliminate noise. But with 
such an instrument available progr^ will be much 
more rapid. A definite measure of noise in place of the 
present very imperfect estimate based entirdy upon 
personal judgment will then have been achieved. 


Discussion 

For discussion of this pajier see page 1071. 
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Synopsis.—This paper describes a visual indicating meter for meter to sounds of short duration The aim has been to make the 
the measurement of noise and other sounds. Its design is based on meter both simple in operation and portable. An attachment for the 
the known characteristics of sound and hearing^ which are suwr frequency analysis of noise is under development. Several fields 
marized. Particular attention has been paid to the response of the of use of the meter and analyzer are indicated. 


F or the measurement of acoustic noises of various 
kinds, the advantages of a visual indicating meter 
are generally recognized. This paper describes 
such a meter which has recently been developed in the 
Bell System. As this meter measures noise and sounds 
in general, it has been called a “sound meter.” In 
designing this meter the aim has been to have its indi¬ 
cations in close accord with the present information 
as to the response of the ear, in so far as is practicable 
in a simple portable device. In this regard, particular 
attention has been paid to the response of the meter 
to sounds of short duration which frequently are an 
important part of noise. There is under development 
also an attachment for this sound meter to permit the 
analysis of sound both on a single-frequency and a 
band-frequency basis. 

To indicate the requirements for a meter of this type 
this paper discusses the characteristics of noise and 
hearing, and the attributes which it is desirable that a 
meter for noise measurement should have in order that 
its indications be correlatable with the effects of noise. 

What a Meter fob Noise Should Measure 

Every noise problem arises from the fact that noise 
is objectionable, i. e., produces certain undesirable 
effects upon people (such as interference witb hearing, 
annoyance, effect on working efficiency, effect on 
health). It might appear desirable, therefore, to con¬ 
struct a meter which would measure these effects 
directly. Most of them, however, are dependent upon 
the psychology of the individual and require for their 
evaluation a large amount of fvuther investigation. 
Furthermore, a meter for measuring one effect probably 
would have different characteristics from a meter for 
measuring some other effect, leading to a diversity of 
meters whose readings would not be comparable. 

On the other hand, a meter giving a purely objective 
description of the noise, i. e., measuring the physical 
characteristics of acoustic waves, would also be unde¬ 
sirable, as the measurements would bear an unknown 

♦Bell Telephone Laboratories, New York, N, Y. 
fAmerioan Telephone and Telegraph Company, New York, 
N. Y. 
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relation to the noise as people would hear it, and, 
therefore, to the effects produced by the noise. 

Thwe remains as a practical solution of the problem 
of noise measurement, a meter having as far as practica¬ 
ble the attributes of hearing. This is a logical solution, 
since when measuring noise with an indicating meter, 
the ear is replaced by the meter. Since reactions to 
noise are dependent upon hearing, the i^dinp of a 
meter based upon hearing should be correlatable with 
noise effects. 

The sound meter described in this paper is of this 
type. It aims to fill a need now felt in many diverse 
Idnds of noise problems for a rather simple meter which 
can be made generally available and can be used with 
some facility to obtain a large variety of noise data. 
With preliminary mod^ of such a meter, much valu¬ 
able information has already been obtained, some of 
which is summarized herein. Such data should be of 
assistance in laboratory studies of the various reactions 
of people to noise.* As laboratory data on the effects 
of given noises on. human beings become available, 
approximate relations between sound meter readings 
and the amounts of effect of various types can be 
obtained. 

As the basis for the design of the sound meter, loud¬ 
ness has been employed, since loudness is the most 
elemental and nniversaUy. appreciated attribute of 
noise. Since the loudness of a sound dep^ds on its 
intensity (sound power passing through unit area), 
frequency, duration, and complexity of wave shape, 
the effects of each of these upon loudness must be 
considered in determining the requirements for such a^ 
meter. 

ESSENTIAIiS OF THE SOUND METER 

The sound meter discussed in this paper consists of 
a sound pick-up for converting acoustic into electrical 
energy; a five-stage vacuum tube amplifier; a calibrated 
gain control; an electrical network for weighting energies 
at different frequencies in a manner similar to that in 
which they are weighted for loudness by the ear; a full- 
wave rectifier and a visual indicating meter having a 
time of response similar to that of the ear; and suitable 
means for making an over-all acoustic calibration of the 

1. For references see Bibliograpliy. 
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instrument. The calibrated gain control makes it 
possible to measiu-e sound levels over a range of 90 db. 
(corresponding to a range of 1,000,000,000:1 in input 
powers) on a d-c. meter having an effective range of 
only 15 db. The sound meter proper comprises two 
units: the amplifier unit, and a battery box which also 
contains the calibrating equipment and has space for 
carrying the sound pick-up. Fig. 1 shows a schematic 
diagram of the complete measuring set while Figs. 2 



Fig. 1 —Schematic Diagram of Sound Meter Circuit 


and 3 show the external appearance of an experimental 
model of the meter and battery-box. 

The sound meta: is calibrated in terms of a 1,000- 
cycle pressure of 0.001 d 3 nae per sq. cm. in a free pro¬ 
gressive wave. This value is called “reference sound 
level” and has been chosen because it is a convenient 
reference point and for a 1,000-cycle tone is near the 
threshold of audibility for an average observer in a 
completely quiet place.* The level of a sound is taken 
as the level of a 1,000-cycle tone which gives a meter 
reading equal to that given by the sound in question. 



Pig. 2—^Modbl of Sound Meter 


^d is expressed in decibels above this reference point. 
The advantage of this reference point is that it is 
definite and reproducible, and does not depend on 
phonal equation. It can be related to the threshold 
of audibility, as accurately as the latter is known. 


Characebeistics op Noise 
The characteristics of noise must be studied si 
they deten nine the range over which the characteris 

1 5 10 db. above 
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of hearing must be considered and impose very severe 
requirements on measuring apparatus. Noises vary 
widely in intensity, frequency, duration, and wave 
shape. 

Noise covers the entire audible range of intensities. 
It varies from the barely audible ticking of a watch 
to the screaming of a steam whistle or the detonation of 
heavy artillery which may actually damage the ear of a 
nearby observer. Fig. 4** illustrates the levels of some 
commonly encountered noises.-’* The available data are 
not detailed enough to determine accurately the range 
of noise levels to be expected in specific types of loca¬ 
tion where particular kinds of machinery may be 
installed. 

As to the frequency range covered by noise, building 
vibrations sometimes are of such low frequency that 
the listener is in doubt whether he can heiu- a sound or 
only feel vibration; on the other hand, some noises 



Pig. 3 —Modei, of Sound Meter Battery Bfix 


involve very high frequencies, as, for instance, the 
scraping of a knife on glass or the jingling of keys. 
Most noises are composed of a large number of 
frequencies. 

The duration characteristics of noises vary widely. 
A noise may be steady, like the hum of rotating ma¬ 
chinery; it may vary in definite cycles, as the noise of an 
oscillating fan; it may increase to a maximum and from 
thM’e on decrease till it disappears, as the roar of a 
passing train or an aiiplane. A great deal of noise 
consists of one or more isolated peaks, like the ban^ng 
of a door, hammer blows, etc.; or of a series of peaks 
with or without steady noise. Fig. 5 gives a diagram of 
noise measured in a restaurant. This figure indicates 
the magnit ude and frequency of occurrence of the clearly 

**The “zero noise level” of this figure was delermiiiod as the 
threshold of audibility for certain common types of noise. 
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discernible peaks which stood out above the general 
noise level, and the causes of these peaks. In noise 
produced by a great many sources at different distances, 
as for instance, street noise, generally the nearby noise 
peaks stand out, whereas those farther away tend to 
merge with the general noise. 

Some noises have very peaked wave shapes. For 
common noises such as ordinary room or street noise, 
the ratio of the maximum instantaneous pressure to the 
r. m. s. pressure over an interval of a few tenths of a 
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CITY NOISE ABATEMENT COMMISSION 

0 DATA OBTAINED AT TELEPHONE LOCATIONS 

BY JOINT SUBCOMMITTEE ON DEVELOPMENT 
AND RESEARCH, NATIONAL ELECTRIC LIGHT 
ASSOCIATION AND BELL TELEPHONE SYSTEM. 
0 DATA OBTAINED BY ELECTRICAL 

RESEARCH PRODUCTS, INC. 


Pia. 4 —Levulb of Noises 


second probably varies from 5 to 10. For noises con¬ 
sisting of hammer blows, the banging of doors, etc., 
this ratio may be as high as 30 or 40. 

Characteristics op Hearing Affecting Noise 
Perception 

The exact relations between the physical properties 
of a sound and its perception include psychological 
factors which are difficult to measure.^ It is not the 
object of this paper to discuss these relations in detail, 
as a great deal has been published on this subject. 
Some of this work is referred to herein. The principal 
question of interest in the design of the sound meter is 
how the sensation of loudness is related to the physical 
properties of a sound, such as intensity, frequency, 
duration, and complexity of wave shape. These 
relations are indicated in the following. 

The relationship between the loudness of a sound and 
its intensity and frequency is quite complicated. To 
produce a given loudness, low frequency tones require 
more intensity than those of higher frequency (500 to 


5,000 cycles); and the loudness of low frequency tones 
increases more rapidly with increasing intensity than 
does that of the higher frequencies Curves showing 
the relation between the loudness of pure tones and 
their frequency and intensity are given in the Bibli¬ 
ography. 

The loudness of tones of very short duration, less than 
a few tenths of a second, is a function of the time during 
which the tone pCTsists. The available information on 
this subject is rather meager. Fig. 6 indicates the rela¬ 
tion between loudness and duration for short tones,^ 
and indicates that the ear fully appreciates the loudness 
of a tone persisting for two-tenths of a second. More 
work along these lines, however, will be necessary, 
especially to determine how the relationship applies to 
complex sounds. 

The relation between loudness and complexity of 
wave shape of sounds is extremely involved* and is by 
no means fully understood. It appears that for very 
low levels, the contribution from different frequency 
bands to the total loudness of a complex sound is ap¬ 
proximately proportional to the squares of the pressures 
in these bands as compared to threshold pressure. 
At high levels, the loudness of a complex sound seems 
to be materially affected by the non-linear characteristic 
of the ear, and the relations become much more complex. 

Fundamental Design 

Consideration will now be given to the way in which 
the sound meter meets the requirements imposed on it 
by the characteristics of noise and hearing. 

Intensity Range. While an extremely wide range 
would be necessary to cover all possible tjrpes of noise. 



PEAKS PER MINUTE 


Pia. 


5—Aveuagb Noise Peaks in a Restaurant Classified 
According to Sources 


it is generally unnecessary for practical purposes to 
measure accurately extremely low or high noise levels. 
The sound meter has been provided with a range from 
about 10 to about 100 db. above reference sound level, 
which should be satisfactory in a very large majority 
of cases. It is direct reading in decibels above reference 
sound level. 

Frequency Weighting. From the data given in the 
Bibliography,* the curves of Fig. 7 have been plotted 
to show how the shape of frequency-weighting curves 
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based on loudness would change with variations 
in the level of the sound being measured. On thi? 
account, consideration has been ,@ven to the pro¬ 
vision of an adjustable frequency weighting in the 
soxmd meter. For general use, such refinement does 
not seem necessary, since it would appreciably change 
the results of only a very small proportion of the mea¬ 
surements. It will be seen from Fig. 7 that only at low 
frequencies are there large divergences between the 
different curves. Some experimental data are available 
on the differences in meter readings obtained with 
weightings corresponding to the 30- and 60-db. curves. 


Source of noise Difference in readings 


Electric drill. 0 db. 

Electric fan, 1 ft. from pick-up. 4 db. 

Several telephone ringer bells. not greater than 1 db. 


From consideration of the above and in view of the 
complications which a variable frequency weighting 
would entail, it seems desirable to employ a single 
weighting based on a loudness curve at a medium level. 
The sound meter weighting is based on the 40-db. level 
in the range 60-4,000 cycles, where experimental data 
are available. Outside this range its characteristic 
does not differ greatly from that of the threshold of 
audibility. 

Duration Characteristics. The response of the meter 
to sotmds of short duration approximately simulates 
that of the ear, as can be readily demonstrated by 
watching the movements of the meter needle and listen¬ 
ing to the variation of the noise being measured. In 
such a test it will be observed that the visual and aural 
impressions are approximately synchronized. 



PiQ, 0 _Relative Loudness op Tones op Short Duration 

Data taken from artido by V. Beicfisy In Phosikalische ZeUtchrift XXX. 
192fl,p.,118 

The output meter used gives a full deflection on pulses 
of noise lasting about 0.2 second or more. It does not 
overshoot more than about 0.5 db. With these char¬ 
acteristics there is no difficulty in reading noise peaks to 
within ± 1 db. The measurement of non-recumng 
rapidly varying noises has been peatly facilitated by 
the use of an output meter having a long and easily 
readable db. scale. 


The following test results illustrate how the readings 
of a meter are affected by its dynamic characteristics. 
Certain peaked noises were measured by the sound 
meter and by another meter identical except for its 
dynamic characteristics, which were as follows: when a 
pure tone was applied, the second meter took about 5 
seconds to come within 0.5 db. of its ultimate steady- 
state value. The difference in maximum readings on 



Loudness at Various Loudness Levels 

Data taken from article by B, A. Kingsbury, “A Direct Comparison 
of the Loudness of Pure Tones,’ ’ Phus, Rcu,^ April 1927, p. 588 

these noises was as follows, the slower meter reading 
lower. 

Approximate difference 


Type of noise in maximum readings 


Short blast from automobile horn. 25 db. 

Sharp blow on large metal can. 30 db. 

Single short piaao'uote-----;.15-30 db. 

Hammer blow on metal plate. 25 db. 

Cough... 20 db. 


Response to Complex Waves. Taking account of 


present knowledge as to the way in which the ear com¬ 
bines components of a complex sound, practical con¬ 
siderations have been controlling in the design of the 
meter. The rule of combination employed by the 
meter is known and simple, and is not a poorer approxi¬ 
mation to the performance of the ear, as far as this is 
known, than other practicable rules. The rectifier 
employed is of the full-wave type, and approximately 
follows a “square law;” that is, the meter readings are 
approximately the same when a sinusoidal voltage is 
impressed on the rectifier as when there is impressed a 
steady complex voltage having the same r. m. s. value. 
With a square law device, the meter indication is a 
fimction merely of the avwage impressed power, and 
not of wave shape. With devices following other 
simple laws, the meter indication, in general, is a func¬ 
tion of the impressed wave shape, even for waves dif¬ 
fering only in the phases of their components. Since 
phase relations would be changed in the sound meter 
circuit, any dependence on phase would be arbitrary. 
With rectifiers not of the full-wave type, the meter indi- 
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cation may depend on which way the connection be¬ 
tween pick-up and amplifier happens to be poled. 

Practical Design 

In addition to the above, a number of practical re¬ 
quirements has been met in the design of the sound 
meter. 

Portability. The general usefulness of the sound 
meter depends to a large extent upon its portability, as 
in most cases of noise measurement it is necessary to 
take the metm* to the location of the noise. In the in- 
twests of portability, a light and effident type of ampli¬ 
fier has been designed, and the battaty supply has been 
reduced to the minimum consistent with reasonable life. 
The sound meter proper consists of two rmits, which 
together are portable by one man. 

Froin the standpoint of both portability and cost, 
the analyzing equipment was built as a separate 
attachment. 

Linearity. In designing a soimd meter to cover a 
wide range of levels, and especially with an amplifier 
using a frequency-weighting network having a high 
loss at low frequences, spedal precautions are neces¬ 
sary to reduce non-linearity to a minimum. Non¬ 
linearity in the sense used here means the failure of the 
meter to read correctly differences in sound level; it 
may be due either to feed-back fium a high level part 
of the circuit to a low level part, or to overloading in 
circuit elements for which the transmission loss varies 
with level. It is by no means suffident for the meter 
to measure single frequencies without overloading since 
mRny noises have very peaked wave shapes. 

The sound meter amplifier has been designed so that 
non-linearity is negligible. It can handle without 
overloading pure tones as low as 20 cydes, and complex 
voltage waves having ordinary peak factors. Since 
measurements are seldom made near the upper end of 
the meter scale, there is for most noises a working 
factor of safety. 

Skidding. Since sound meters may be mnployed to 
measure noise levels in the presence of strong electro¬ 
magnetic or electrostatic fields, they should be suf- 
fidently shielded to make the effects of stray fields 
negligible. This is particularly important when an 
analyzer attachment is used. 

The sound meter is practically completely shielded 
against electrostatic fields. It was necessary to com¬ 
promise between portability and complete protection 
from stray electromagnetic fields. The electromagnetic 
shewing is sufficient for ordinary purposes, and there 
are several features which compensate for the fact 
that it is not complete. In most locations where intense 
magnetic fields are encountered, the noise levels are so 
high that no material error should be introduced even 
by a moderate effect from such stray fields. Also, since 
the sound meter is readily movable, in many cases the 
effects of electromagnetic fields can be made negligible 
by properly orienting or locating the meter. 


Method of Calibration. The primary absolute cali¬ 
bration of the sound meter was made by placing the 
sound pick-up in a 1,000-eyele free progressive wave 
at a point at which the pressure was determined from 
Rayleigh disk measurements.® This wave was essen¬ 
tially plane in so far as its effect on the pick-up is con¬ 
cerned. By means of the calibrating control on the 
meter amplifier, the gain was then adjusted to make the 
meter read the levd of the 1,000-cycle wave in decibels 
above reference sound level. The meter reading for 
given acoustic pressures at other frequencies can be 
found from the frequency characteristic of the sound 
meter. 

Great care has been taken to make the sound meter 
amplifier as stable as possible. In addition, in order to 
verify in the field that the meter is reading correctly, a 
means of making an over-all acoustic calibration has 
been included. The apparatus for this secondary cali¬ 
bration consists of a very stable type of telephone receiver, 
a small 2,000-cycle oscillator for energizing the receiver 
with a known current, and a means of coupling the 
receiver to the sound pick-up in order to produce a 
definite acoustic pressure on the pick-up diaphram. 
The frequency of 2,000 cycles was chosen since at this 
point the-sensitivity of the sound meter is greatest, and 
the frequency characteristic is practically flat in this 
region. When the battery voltages are within their 
normal limits, calibration once a day is sufficient. 
The process of calibration is a very simple one, requiring 
only a few seconds. 

. Individual soimd meters will have the same electrical 
characteristics within very close limits. 

Analyzer Attachment 

The frequency analysis of noise can be performed 
easily and accurately by means of electrical circuits. 
Means for making two types of frequency analysis are 
provided in the analyzer attachment, single-frequency 
analysis and analysis into frequency bands several hun¬ 
dred cycles wide. 

For continuous-spectrum noises or other noises which 
have their frequency components very closely spaced, a 
single-frequency anal37sis is not practicable because of 
the insufficient resolving power of any available 
resonant circuits, and consequently wide-band analysis 
must be employed. These noises are those which 
either do not contain predominant single-frequency 
components or else are a mixture of noises from so 
many sources that the individual frequency components 
from any one source have lost their significance. Street 
noise, office noise from typewriters and computing 
machines, and noise from a large number of factory 
machines are examples. 

In the development of the analyzer attachment, much 
assistance has been obtained from the work done by 
others on the development of harmonic analyzers, 
especially those for use in studies of inductive inter¬ 
ference on telephone circuits.”' In recent work eon- 
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siderable effort has been exerted to design an instrument 
which is truly portable, and at the same time is very 
simple to operate. 

The selectivity, sensitivity, and modulation require-, 
ments in an analyzer depend upon the types of noise to 
be analyzed and the purposes of the analysis. These 
requirements have teen considered together since 
small components of a noise cannot be measured if 
other components; including undesired modulation 
products, affect the indication of the anal 3 rzer appre¬ 
ciably. When the analsrzer is arranged for single- 
frequency analysis, the response curve in the immediate 
neighborhood of the tuned frequency wll be sufficiently 
flat so that small variations in the frequency of the noise 
component being measured will not cause large varia¬ 
tions in the reading of the indicating meter; this curve, 
however, will not be flat over so great a range that the 
accurate location of low-frequency components will be 
difficult or the discrimination against adjacent com¬ 
ponents suffer. 


Uses 

The field of usefulness of the sound meter is as yet 
only partially developed, as it is applicable in the solu- 
Uon of a ^at many acoustic and noise problems. 
Before considering the uses it is desirable to have in 
mind certam limitations. 

Limitatiom. A soimd meter cannot discriminate 
between noise and desired sounds, nor can it pick out 
drfrpl!f«a combimtion of noises unless this noise 

to measure a single noise whose source is known, some- 
^temporarily. 

a certain machine in a factory room, it mav be 

in this room,^and 

o ^he ®tr^t noise and noise from oth^^^S 

more telowTf* bacl^ound is 20 db. or 

b-k-' 

itssuiToundiniffi TheST* i acoustic properties of 
must be consWere?^ 

measumments S: xn^e 

present, and the characteristics tv absorption 
the audible spectrum. Alloi^e^or 
made when appl 3 dng the resnltQ rkf • mxist be 

made in a pSL lo«S^ 

to predict the am^SiSC^^^ " 

some other location.».M * m 

-pother limitation is the effect nf ti,- i 
Pick-up. Small changes in the dkf r, ^ 
to the pick-up, particularly when th?d1^“ *^® 
selves are short, may resdt t ‘^’stances them- 

measumi note level. Certata 


directive than others; this must be taken into account 
in determining the best location for the sound pick-up. 

General Noise Measurements. Many general noise 
measurements may be made with the meter without 
the analyzer attac^ent. Meters have been employed 
in telephone, municipal, and industrial surveys to 
determine points where noise conditions are most 
severe, and have yielded valuable data on the relative 
contributions of various sources to the total noise. 
Information of this type is essential in preparing any 
well-founded engining plan for the reduction of noise. 

The effect of noise on the efl^iciency of workers is a 
matter of gromng public concern. Architects and 
builders are being called upon to plan their structures 
so that they will be quiet. The meter can be used to 
aid in ascertaining desired levels of noise in various 
cases, and to determine when these levels have been 
met. It can also be used to measure the noise pro¬ 
duced by a machine, which will be of value in fore¬ 
sting the noise conditions which will obtain in the 
buildmg containing the machine and in related loca- 
hom. Meter measurements may be made in residen¬ 
tial neighborhoods prior to and after installation of 
pos pl^ts, substations, etc., where it is desirable 
to know the effect, if any, on the general noise level in 
the neighborhood caused by such installations 

in tbe selection of the name “sound 
meter, the meter ^n be used to measure sounds other 
recording and broadcasting of 
jioa t ^ “nsic, valuable data may be obtained by the 
of this iMtrument. Optimum sound levels may be 
detuned for speech and music in various situaW 
studies may be made of the sound distribution through-' 
.out a studio; and meter determination of balance of 

permitting standardization 
of methods with consequent saving in time. 

The analyzer may be used to obtain more 

fr^ovi”Sr^^'®“ obtained 

So^w I “measurements. With this information it 

effects ^FoTS^ ^ T^^® estimates of particular 

. example, analysis will generally be re- 

macHti^ whether an undesired sound such as 

Tte deSr 1".5® by ^be gen^a not 

use of sound 

of the “materials, detemination 

choice of m^als whki^°ni®( ^ 

feature is iSporteS^^i ®^ This 

A determination of of machinery noise, 

produced bv a mnAii* existing in the noise 

as to the eonferibuHn«®t machine, accurate data 

vidual source in the ml® 1^® indi- 

e m the machine. Such data have been 
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applied in the redesign of machines to reduce noise, 
and in many cases have permitted of carefully planned 
designs involving the minimum of changes to secure 
given results. 

The control of uniformity of manufactured products 
by means of acoustic measurement offers a wide potential 
field of application of the sound meter. It is antici¬ 
pated that the results in this field will be most valuable 
when careful single frequency analysis is jnade of the 
particular machine or process under study by means of 
special adaptations of the meter constructed for the 
particular problem. 

Meamremenl of Electrical Qtmntities. The sound 
meter is to be provided with a suitable electrical input, 
so that it can also be used to measure electrical levels 
(or to analyze electrical quantities) in cases where the 
frequency weighting and other features provided are 
suitable. 

Conclusion 

This paper has outlined the general requirements for 
an indicating meter for measuring noise and has de¬ 
scribed a meter meeting these requirements which has 
been developed. In the design of this meter, great 
care has been exercised to have it both simple and 
portable. It is believed that this new meter will pro¬ 
vide a valuable tool in studying a great many noise and 
sound problems. 
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The Measurement of Machinery Noise 

BY H. B. MABVIN* 
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Syn 0 p^i$,—The audio noise meter described in this paper is a use of a mechanical '"hand pass filter"^ of four stages. Some test 
pifftabh- imtramentfor viensuring and analyzing noise and vibration results and a discussion of the measuremerit problem are given.. 
of mnehinery. The analyser obtams its high selectivity through the ♦ ♦ ♦ ♦ * 


Introduction 

T he purpose of this paper is to describe a new 
instrument for measuring the loudness and fre¬ 
quency composition of noise and to present some 
tj'pieal test results. The description is preceded by a 
brief discussion of some aspects of the problem. 

Noise is a comprehensive term which includes almost 
all sounds except speech and music. The usual noises 
created by machinery are recmrent and approximately 
steady as contrasted with the random character of 


is diflScult to establish and reproduce. This is because 
the relation between sensation and exciting stimulus 
(measured in physical units) is not a simple one. It is 
approximately a logarithmic one over part of the range. 
Accordingly a logarithmic scale in which loudness is 
expressed as the number of decibels* above threshold of 
audibility is here used. This choice of threshold or 
zero loudness as a reference point is chiefly because 
results are then comparable with published data on 
room and street noise.^ 


street noise. 


-- They are caused by vibration 

machine as a whole or in parts. The vibrating parts various intensities has been shown by B. A. Kings- 
radiate sound waves which reach the ear directly and series of contours of equal loudness. The 

also set up vibration waves which travel through the contour which at 700 cycles is 30 decibels above 
si^ports to floors, etc., which radiate sound waves, threshold of audibility of the average ear has been used 
iw noise perceived is usually a mixture of the direct ^ basis of the response-frequency characteristic 
and indirect radiation. of the noise meter for total loudness. In the analysis 

in order to control noise, an understanding of the frequency-weighting by the instrument is 

and mode of transmission is necessary. It is necessary, since only one frequency is present at a 
in this nGid that Tn^^a.«:nrinor iTicfTnivvtAvt-i-c, ___tirriA 'P’ha Irvin/lviAori r\C __ » • 


m this field that measuring instruments are especially 
helpful. Information may now be obtained with 
instruments of the strength of the source of noise, and 
of Its magnitude and quality in space. Coincidence of 

frequency of machines 
'^bration frequency due to magnetic forces 

3.?n ^ ^ ^ for design 

nervous systems 


^ -- - la present at a 

time. The loudness of each component is measured 
^OTately and referred to the equal loudness contours. 
This method gives greatest sensitivity. 

Much information can be obtained by analysis of 
noise which is not obtained from total noise tests. In 
the case of ma^inery noise, high selectivity or ability 
to separate adjacent harmonics is essential because the 
noi^ contains harmonics of rotational frequency which 
is ofto 60 cycles or less. This requirement led to the 

anri’nrin-n rvf « _i j.. i, ... 


T also important but satisfactory is otten 60 cycles or less. This requiremek led to the 
easurement have not yet been developed, adoption of a mechanical type of Alter which offers the 
Units and Methods possibihties of a high degree of selectivity with small 

. Size and wAicrVif 


Units and Methods 

It IS dMirable to measure vibration amplitudes of 
the machine, the loudness of the noise, and the fre¬ 
quency and loudness of each component. The measure 


j • 1 ® wiiu small 

size and weight. 

The portable audio noise meter to be described is 
capable of making the above measurements. The 
method mvolves conversion of sound into electric cur¬ 
rent by a microphone, amplification, detection by a 


machineanditssupport,andloudnessatvLiousDofrS Sr amplification, detection by a 

m s^ce around it. The response of the insWe^ “^“‘^eter, and calibration by com- 

shyld correspond with the loudness heSd. panson with sounds of known loudness. 

brightaS^heavte^^^^^ corresponds more or less to Description op Audio Noise Meter 

<*c. noise meter tacontd^d in 

been a problem long gnoo ofsee ae ahown In Fig. 1. One case eontaina"the 

smaflest pe meptible increment, but tiS"^/"oru*'’* ~2 - - ““PMon and has space to hold the sound 

•G.n.CilEtetri.Co..S»hm«,t,dy,NT “ 0 nmt ^ in M.ptou W. 

1. Decibct-the Name for the • r, 1930 d 791 Joubnab A. 1. E. E., Sept. 
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pick-up and tripod. Another contains batteries. The 
third contains the analyw. This arrangement was 
chosen so that the meter may be used with or without 
the analyzer. Fig. 4 illustrates the circuits. 

The sound pick-up consists of a condenser microphone 



Pia. 1—AtTDio Noise Meter Set Up por Analysis 




2—^AtJDTO Noise Meter—^Amplifier Unit 



3—^AtJDio Noise Meter—Analyzer Unit 

and a three-stage amplifier enclosed in a separate metal 
case, shown mounted on a tripod in Fig. 1 and packed 
for carrying in Fig. 2. Power for the amplifier is ob¬ 
tained from the battery unit. 


The amplifier unit consists of a four-stage amplifier 
with calibrated output meter of the rectifier-milU- 
ammeter t 3 T)e, a calibrated attenuator, and an ear 
compensation network. Scale and dial are marked in 
decibels. Fig. 6 shows response of the noise meter for 
constant loudness tones of different frequencies. Tests 
have shown the readings to be closely proportional to 
loudness over the range of the instrument. 

The analyzer shown in Fig. 3 may be connected be¬ 
tween sound pick-up and amplifier to obtain harmonic 
analysis of noises. This anal 3 rzer has been designed to 
have high selectivity to obtain complete separation of 



H 

■K 


n 

■ 


Souna Pickup. 


Jtna/^zer 

1 

Amplifier- Mefer 


190 /efts ’B' 
4.S vo/h 


Fig, 4—Schematic Diagram op Audio Noise Meter 

harmonics, yet sufficiently broad at resonance so that 
small variations of si)eed or frequency do not seriously 
affect operation. The results are accomplished by an 
electro-mechanical filtw as shown schematically in 
Fig. 6. The complex current to be analyzed is passed 
through windings on the poles of the driving magnet 
and a sinusoidal current from a variable frequency 
vacuum tube oscillator is passed through an exciting 
winding. The resultant flux in the air gap produces a 
torque on an armature or vibrator equal in frequency to 



Pig. 5—^Mechanical Filter Used in Analyzer 

the difference between the complex wave and the ana¬ 
lyzing sine wave and proportional to the product of 
their amplitudes. The moment of inertia of the arma¬ 
ture and the moment of compliance of its supporting 
stem are designed to give angular vibration resonance 
at 6,000 cycles. Four vibrators are tuned to the same 
frequency and coupled in tandem by wires xmder ten¬ 
sion. A pCTmanent magnet and associated pole wind¬ 
ings are mounted in such relation to the fourth vibrator 
that its motion induces in the windings a voltage pro¬ 
portional to the velocity of angular vibration. Mass 
and compliance of the vibrators and tension of the 
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coupling wires are adjusted so that the combination has 
characteristics similar to an electrical “band pass filter.” 

In the equivalent circuit of Fig. 5, inductance repre¬ 
sents moment of inertia, series capacitance represents 
moment of compliance of vibrator stem, shunt capaci¬ 
tance represents longitudinal compliance of coupling 
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Pig. (»—Re.sponsb of Audio Noise Meter to Tones of 30 
Loudness 
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Pig. 7 


In operation the frequency of the oscillator is varied 
slowly from 6,000 to 11,000 cycles. Whenever the 
difference between this and the frequency of a harmonic 
in the complex wave equals 6,000, the analyzer responds. 
The frequency range is therefore 5,000 cycles maximum. 
The minimum is at present 30 cycles. This heterodyne 
method of analysis has an important property; namely, 
a selectivity which is the same for all harmonics. 

The combination of analyzer and amplifier units has 
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Pig. 9—Noise Analtsis of 30&-Watt TuANSFoitMisu. Pund- 
mental of the Semes is 120 Cycdes Pbu Smi. 

a broad field of usefulness. It may be used directly on 
electnc circuits of suitable voltage for harmonic analy¬ 
sis where phase angles are not needed and is particularly 
useful on hj;hw harmonics where analysis from oscillo- 
rams IS difficult. In addition to sound analysis, it may 
attachments for the analysis of mechanical 

In the m^s^ement of vibration, a device, shown in 
g. 10, IS held against the machine and connected to 
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H Hp., 1.8W Synchronous Motor, 

No Load ’ Three-Phase, 220 Vows, 

persec. liarmonio series Is rotational ftequency. 30 cycles 

wires, and resistance represents pWtP«,v.» .l- , 


Pig, 10—Vibration Pick-Up 
’if The vibration generates a voltage pro- 

Sinop fVi armonic analysis measurements are possible 

an idea of the Lenirth ^^ ®®^ej«ent gives 
be used to sutmlpniPTif source and may 

surement substitute for sound mea- 
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Results 

The uses of an audio noise meter are manifold. For 
some work, a total noise test is sufficient as for example 
comparing noise levels in factories, test booths, etc., 
and acceptance testing of machinery. If tests are made 
with the idea of changing design, harmonic analysis is 
most useful. Fig. 8 shows an analysis of noise from a 
small synchronous motor, in which the noise arises 
principally from higher harmonics of rotational fre¬ 
quency which is 30 cycles. Fundamental, second and 
third harmonics are below threshold while harmonics 
as high as the 74th produce appreciable noise. In 
sjmchronous apparatus nearly all noises are multiples 
of rotational frequency but in induction motors and 
other variable speed machines there are usually two 
series, one referred to power supply frequency and one 
to rotational frequency. 

Analysis of hum from a 325-watt 60-cycle 110-: 1100- 
volt transformer is shown in Fig. 9. Core clamps were 
loosened and the applied voltage was raised 20 per cent 
above normal in order to increase the amount and com¬ 
plexity of the noise. Here again the harmonics fall in one 
series having a fundamental of 120 cycles per sec. All 
harmonics up to the 15th are present in a measurable 
amount but the fundamental is inaudible. This would 
probably not be surmised in a listening test owing to 
imagination, which would supply a fundamental in order 
to be logical. The effect of loading the transformer is 
to decrease the total noise, but the analysis shows that 
some harmonics notably second, sixth, and tenth are 
weakened much more than the average. 

Calibration 

Laboratory calibration is. made by comparison with 


primary sound standards on sine-wave tones of variable 
loudness and frequency. The instrument contains 
voltmeters for checking battery condition but in addi¬ 
tion a convenient scheme is used for an over-all one 
point check which can be made in the field. This is 
accomplished by plugging a telephone receiver used 
with the noise meter into the output circuit and placing 
the receiver against the microphone. The attenuator 
having been set at a predetermined point, the amplifica¬ 
tion is adjusted by an auxiliary control until the noise 
meter is on the verge of self-oscillation. Since the osdl- 
lation is due to acoustic feed-back, the amplifier is 
again stable when the receiver is removed and is ad¬ 
justed to a standard sensitivity. 

Conclusions 

Although knowledge of the sense of hearing is incom¬ 
plete, it is felt that the instrument described serves a 
very useful purpose in studying machinery noise, the 
r pa-TiTifir of its generation and transmission, its composi¬ 
tion and magnitude. 

A new analyzer having a high degree of selectivity 
and convenience of operation has been developed and 
combined'With sound and vibration pick-up devices so 
that quantitative analyses can be made on electrical, 
mechanical, and acoustical waves. 

Acknowledgment is made of the able work of Messrs. 
M. S. Mead and T. M. Berry in the development of the 
noise meter and analyzer, and of C. D. Greentree in the 
development of the vibration pick-up. 


Discussion 

For discussion of this paper see page 1071. 



Induction Regulator Noise 


BY J. P. FOLTZ* 

iVssociate, A. I. E. E. 

I N recent years designers of machines have been con¬ 
fronted with the necessity of making them operate 
with a minimum of noise. This has been brought 
about by a general rebellion of the public against un¬ 
necessary noises. The Noise Commission in New York 
City is both an effect and a cause to bring about further 
action on the subject. For many years there has been 
some agitation along this line, but lately it has become 
an important factor affecting the sale of the machines. 

At the same time the design of quiet machinery has 
been made more difficult due to a tendency to reduce the 
size and weight of machines. This makes it necessary 
to work electrical and magnetic materials harder, figure 
stresses higher and allow greater deflections. With the 
improvement of electrical and magnetic properties of 
materials it is possible to build machines smaller from 
an electrical point of view. This produces a weaker 
structure mechanically which will vibrate more since 
the forces involved have not been changed or may even 
have been increased under certain conditions. It is 
necessary then for the engineer to look to improvements 
in mechanical design which will overcome these difficul¬ 
ties that are being aggravated by the trend in electrical 
design. 

One of the most important prerequisites to the study 
of noise in induction regulators is the establishment of a 
method whereby quantitative measurements of noise 
can be made. Surroundings have a very large affect 
on the values of sound intensity obtained by sound 
measurement for any particular machine, so for con¬ 
sistent results all sound measurements would have to 
be made under identical conditions, as regards not only 
background noises, but also surfaces in the vicinity. 
Induction regulators, however, are usually too heavy to 
handle readily mthout heavy cranes and it is therefore 
quite inconvenient to move them to a place suitable 
for making sound measxirements. 

In order to eliminate many of these difficulties it has 
been found desirable to measure surface vibration in¬ 
stead of sound produced. That the surface vibration 
bears a quantitative relation to the sound produced can 
be seen from the fact that in regulators there are no fans 
or other moving parts which might act on the air di¬ 
rectly to produce a sound; therefore, the sound must all be 
radiated from some vibrating surface. By following this 
idea afi the need for special surroundings is eliminated 
and direct comparison of machines is possible on the 
test floor during working hours and with a minimum 
expenditur e of time. This principle also makes it 

Pittsbur Jr Pa Westinghouse Elec. & Mfg. Co., East 
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possible to make representative measurements on the 
various elements of the machine tracing the vibration 
to its source and determining the effect of different 
conditions on the source. 

The noise produced by induction regulators and trans¬ 
formers is quite simple in character as compared with 
noise produced by rotating machinery. The noise, 
exclusive of clicking of relays during the period of volt¬ 
age adjustment is radiated directly from the tank walls, 
cooling tubes, and boxes housing the control panels 
which fasten directly on to the side of the regulator, and 
has a fundamental frequency double that of the supply 
voltage. There may be harmonics of the fundamental 
present depending on the supply voltage, but they are 
usually not large where the voltage supply is reasonably 
pure. 

Experience gained on small single-phase regulators in 
the past has indicated that invariably noise could be 
reduced by a well-balanced gap and small clearances in 
the bearings. More recent experience, however, gained 


D 



Fig. 1—Deformation of Stator into an Elliptical Shape 
BY THE Forces of the Field—Shown Exaggerated 

with larger machines, has shown that there are several 
types of vibration, especially in larger regulators, which 
no amount of accuracy as to fits and centering will cure. 

^ According to the source, regulator vibration may be 
divided under three headings. In its elementary form 
an induction regulator consists of a stator of hollow 
cylindrical shape built of steel punching rings stacked to 
a considerable length and assembled in a frame, a rotor 
separated from the stator by a small air gap and held 
concentric by means of bearings fastened to the stator 
at either end. This whole assembly is immersed in, a 
tank of oil for cooling and insulation. Both stator and 
rotor are slotted to provide space for the coils. The 
coils on the rotor are usually the primary and are con¬ 
nected across the supply line. 

The force due to the flux across the gap is radial and 
is balanced. Its only effect then is to deform the stator 
into an ellipse, in the two-pole regulator, with minor 
axis corresponding to maximum of flux wave. This 
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deformation is shown much exaggerated in Fig. 1. In 
the case of a single-phase machine the position of the 
deformation does not move but its amplitude changes 
with time since the field is alternating. Since the parts 
are not polarized', both halves of the cycle produce the 
same deflection in the same direction and the resulting 
vibration has a frequency double that of the line. In 
the case of a three-phase machine the value of the field 
does not change but the axis or maximum point moves 
aroimd the gap at ssmchronous speed. In this case the 



Fig* 2—-Vibration oi' Stator Under Radiad Forces op 
Field—Shown Exaggekated 

The drawing is not quite accurate since the end portions vibrate sonio 
but the increased rigidity due to the end frames prevents the ends vibrating 
as much as the center 

deformation does not change magnitude but rotates in 
space with the field. The result of this deformation 
into an elliptical shape is a vibration of the stator in a 
radid direction. This may be termed “hoop vibration” 
to distinguish it from the other types to be mentioned 
later. This vibration is transmitted directly through 
the oil to the tank. Fig. 2 gives an exaggerated view 
of this motion. 

If the rotor is out of center or eccentric with regard 
to the stator (as shown exaggerated in Fig. 3) the forces 



Pie. 3 —^Exaggerated Sketch Showing Rotor out op Center 
IN Stator 

on either side of the rotor are not balanced and there is a 
force tending to vibrate the rotor and stator as beams 
supported at the ends. This vibration is transmitted to 
the tank partly through the top and partly through the 
oil directly from the stator. 

A third t 3 pe of -dbration, evident in some single-phase 
regulators, is torsional. Torsional vibrations are car¬ 
ried to the cover through the worm and segment. While 
this type does not contribute much to the noise directly, 
if of considerable magnitude, it is liable to cause impact 


between worm and segment with a resultant rattle that 
is quite objectionable. 

These types of vibration are the same frequency but it 
is necessary to distinguish between them when the 
question of source or cause of vibration arises. 

The more important type of vibration in large three- 
phase two-pole regulators is produced by the elliptical 
deformation of the stator under the action of the field. 
In the case of four-pole machines the field acts at four 
points with the result that the effective rigidity of the 
stator is increased and the deflection decreased. Most 
machines, however, are of the two-pole tspe, since they 
are more economical of floor space. Then this type of 
vibration becomes the most important in larger ma¬ 
chines. In small machines the stator rigidity is high 
enough to limit this vibration to a point where the other 
types become of importance. 

In designing regulators it is desirable to calculate the 
probable amount of vibration that will be produced in 
the finished machine. It is possible to do this approxi¬ 
mately by the usual theoretical formula provided cer¬ 
tain assumptions and approximations are made. 



Fig. 4—Relative Motion Between Core and Frame 

X—vibration amplitiido on stator 
0 —^Vibration aiuplitudo on framo 
JHinching bars at 0-45-90-135-180 dogroes 

In the case of hoop vibration the annular rigidity of 
the stator is the factor controlling the amplitude, so 
the amplitude of vibration is the same as the static 
deflection under the load produced by the force of the 
field. In the case of a three-phase regulator the field is 
fairly well distributed and it may be considered as 
having a sine wave of distribution. Then for a two-pole 
regulator the deflection can be calculated approximately 
by the following expression: 

18EI 

g = maximum magnetic force—Ib. per inch of 
circumference. 

Ri = radius to neutral axis of ring. 

R 2 = radius at air gap. 

In computing I it is necessary to correct for the fact 
that the stator is built from punchings. In this ex- 
ample I is calculated as 76 per cent of J for a solid ring 
of the dimensions of the stator exclusive of teeth. 

♦“Etude Meneaaiquo Bt Uswage Des Machines Blectriquet/' 
by H. De Pistoye, p. 560. 
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Aj-'ain the / of the frame should be included but the 
fnifne and punching are not rigidly connected so the 
two moments of inertia will be added. Fig. 4 gives 
tfoinparative readings on frame and core of a large 
regulator operating at rated voltage and frequency. 
This shows the flexibility between frame and core. 
W hen computing go it is necessary to correct for the 
effect of slotting. A discussion of this problem is given 
in the appendix. 

q = 

L = length of core 
F = factor to correct for slotting 
For a representative three-phase two-pole regulator 
the following values have been computed using a value 
of F for the punchings 76 per cent of the J ,of a solid ring, 
ff. » 


Ri = 13 in. 

Fa =9.6 in. 

I punchings 114 in.< 

I frame4in.< 

I total 118 in.< 

g = 2101b. 

= 0.07 X 10-»in.deflection. 

Double amplitude as calculated = 2 X 0.07 = 0.14 
X 10~’m. The measured double amplitude (average 
of several readings) was 0.19 x 10-* inches. 

If the rotor is slightly eccentric in the air gap the 

forces of the field on either side of the stator do not bal' 
ance and the mtnr fc ^ _■, 



f C —^ tae scacor as a beam, Wheri 

field changes this deflection takes the form of avi- 

vSe a^-^^ency double that of the supply 



1 vioranon within limits 

more importance in f f “ vibration is of 

rtbmtion, is doabfs torsional 



worm and segment there i.« in the 

«ble spring cSSnfrif aifSr 
com^ lar^e, higher fremiPTiM vibration be- 

“"Pact bcfareJ,^^™® mtrcduced due to 

^ The inttcducHou S'bffitri'^ "bjcctiou- 
ot bct^ceu 


uiiucuity preveiiung cne viorauon reaching the cover 
and preventing impact between worm and segment. 

While the vibration has its origin in the stator core 
it must pass through the oil and move the tank wall 
before it can be radiated as sound. The oil is nearly 
incompressible and serves to carry the vibration to the 
tank. The tank however, does not follow the core. 
It appears to have a number of locally resonant regions 
on the surface whose positions are not at all definitely 
determined. These do not nece.ssarily locate them¬ 
selves symmetrically on two similar machines or even on 
the two sides of one machine. They even quite fre¬ 
quently shift position without any apparent reason so 
that It IS seldom possible to check amplitude measure¬ 
ments made on a particular point on the tank. As a 
result, in oMer to compare machines, it is necessary to 
take a number of readings in both a vertical and horizon- 
tai plane and obtain an average. 

The pres^ce of cooling tubes further complicates 
the action of the tank wall. Tubes are liable to be re- 
somnt in themselves. This should be guarded againS 
not only because of the noise caused, but because due 
to the toge amplitudes that occur at resonance it is 

r^tmg m a leak. In these tubes one may find any- 

^^wo^ outside the region between these two 
mrem^ This resonance region can be computed 
by consideration of weight of tube full of oil inertia of 
cro^ section and length. It is then the prlC o thl 

at any place 

2^lSy ' ’ iniietermLte 

ments and some knowledge of the magnetic, electrical 
^ ^dammtal mechanical conditions in the general 
it?s induction reilator 

foie accords lo S 

importancfbf the relative 

expect from a nfw dJ^i n to 

tnr morr u ^ design. Each portion of the retnik- 

Wne Um factors which 

™l“« "■<«• to the actual 

regards noise. ^ Performance of new designs as 
to X ""•“oyWge their indebtednees 
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Ai>pendix 

In calculating the force between stator and rotor in 
an induction regulator it is necessary to tak-o into con¬ 
sideration the effect of the slotting of both stator and 
rotor. The effect of the slots is to increase the reluc¬ 
tance of the gap. The flux does not decrease, however, 
since the voltage induced by it in the primary must 
balance the supply voltage. The result is an increase 
of energy in the gap or an increase of force between the 
stator and rotor. The exact amount of this force will 
vary with the relative position of teeth on the stator and 
rotor. By use of the fundamental equation of potential 
magnetic energy and Carter’s coefficients for calculating 
reluctance of a gap between toothed surfaces, it is pos¬ 
sible to obtain a factor representing the average over 
the pole face of the increase of force due to slotting or 
due to concentration of flux in the gap over a tooth. 

If W represents the potential magnetic energy in the 
field between any two magnetic bodies separated by an 
air gap and r is the reluctance of the gap: 

W = kr (l>^ 

where k is a constant depending on the units used. 

Suppose the gap is decreased a differential amount 
d ff; thi.s will change the reluctance by d r, then the 
change in energy 

dw = k4>-dr (1) 

Also if / is the force between the two bodies 

dw = -fdg (2) 

PYom (1) and (2) 

2dr 


k (j> 


dg 


(3) 


The sign indicates that when the body moves in the 
direction of the force the field does work and hence loses 
energy. 

In the ease of two smooth surfaces separated by an 
air gap where the gap is uniform 

r = Cg 
and 

-T7 =• C (4) 


fi = ~ k d>^C 
h = -k<i>^C 


d V 
d g 


from (3) and (4) 
from (3) and (5) 


The change in force 

Using Carter's coefficients to determine v 


+ 


V — 


5 5 c 


d V 
dg 


/g 6 \ b / b 6*\ 


(»+ 


5c 


)■ 


= V 


where 6 and c represent slot dimensions as shown in 
Fig. 5. 

In order to find the increase of force due to slotting 

one member, it is necessary to evaluate for both 

dg 


c 


I 


T~ 




U’. 




Fia. 6 


When the surfaces are slotted, the reluctance will vary 
not only with the gap but also with the dimensions and 
number of slots. If the increase in reluctance due to 
slotting is taken care of by means of Carter's coefficients 
then 

r = C» 

where v equals Carter’s coefficient times the actual air 
gap. Then 


d r dv 
dg ~ ^ dg 


(5) 


when approaches unity we have the condition of 
smooth surfaces. 

Then if/i and/a represent the force between the two 
surfaces with and without slots respectively 


stator and rotor. Then according to the use of Carter’s 
coefficient, the factor by which the force calctilated for 


uniform gap must be multiplied is 


dv 
dg * 


A similar fac¬ 


tor exists to correct for slotting the other member, so the 
total correction factor 

/ == ». »r 

where and v, represent values for rotor and stator re¬ 
spectively. The average total force then between the 
rotor and stator, where both are slotted, is the force 
calculated for smooth surfaces having a similar gap and 
flux density, multiplied by F. 


Discussion 

For discussion of this paper see page 1071. 



Magnetic Noise in Synchronous Machines 

liV <^)UE-NTIN GRAHAMn STERLING BECKWITH* and FRANK H. MILLIKEN* 
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SynopsiH.—Mfiffnelic noise in synchronous machines is shown The vibrating part of the structure is usually the slafor but may ha 
in hi tif ta n principal kinds. One is a vibration in the tooth fre^ the rotor and in nearly aU cases of trouhlrsome noise mechanical 
quntcy range which mually occurs whether load is present or not; resonance is present. Some measurements of vilmiliou on noisy 
thf other has twice line frequency and is dependent on load current, machines aregiveri. 


W HILE magnetic noise in s 3 mchronous machines, 
particularly of the low-speed class, has often 
been a source of annoyance both to designers 
and operators, the literature on the general subject of 
noise is notably free from any discussion of the specific 
causes of noise in this class of machines. It is proposed 
in this paper to point out some of these causes and to 
show the extent to which noise may be controlled by 
the designer. 

^'hen the noise problem in s3nichronous machines 
was first investigated several years ago there was a 
great deal of speculation concerning the pmticular part 
of the machine that produced the principal vibration. 
Suspicion was cast on the stator teeth, on the overhang¬ 
ing tips of the poles, and on the poles as a whole. It 
finally became evident, however, that one of the princi¬ 
pal sources of trouble was the vibration of the stator as 
a unit. Any condition which caused the stator to 
change from a circle to an ellipse periodically was likely 
to produce noise. Further investigation has revealed 
other sources of noise, particularly in the rotor, which 
may be almost as important as that in the stator. 

cases of stator vibration arise 
from flux distnbutions wbch, because of unequal mag- 

SifJ! r "" ^ “'“‘O' to 

elliptic^ shape. This requires, in effect, a two-pole 

It the normal distribution. 

It wll be shown later that them are several wav^b 
w ic such a flux (fetribution can be set up. In addi¬ 
tion, It IS also possible to have a four-pole distrihutirm 
(or any lai^r number) which will tend to distort the 

s^or at four (or mom) points. Since the siXSi^t 

more ngid with respect to forces of 

rr^u:nZZf:ft::st ^ 

: 

succeeding spider arms ' 

poles to vibrate circumf^ntialb^T^tv^ ^ ^ 

Co., E... 1 


.V.* * ft. 


n curling in gears. 

s Under certain conditions it is possible to have mag- 
)f netic forces tending to pull the rotor out of center, 
c This requires a distribution of force having only one 
i wavelength in the circumference of the machine. It 
3 might be called, by analogy, a one-pole distribution and 
if is similar to what occurs when the air gap is unequal. 

Such forces are found in induction motors' due to com- 
5 binations of rotor and stator harmonics, but are seldom 
^ encountered in synchronous machines. They would 
; occur if odd numbers of slots were used, but since the 
_ number of slots is almost invariably an even number, 

. especially in large machines, this type of vibration rarely 
; occurs and will not be discussed here in detail. 

CONSTOERATION OP PERIODIC FORCES 
Two important classes of noise or vibnition with 
, reference to frequency have been noted and these will 
be discussed under separate headings!. The first is 
tooth frequency noise, usually occurring at no-load and 
independent of armature current, but sometimes pro¬ 
portional to or increasing with armature current. Al¬ 
though called tooth frequency, it may be slightiy 
^ater or 1^ than tooth frequency, due to the rotation 

at ^ type of noise is not present 

at no-load, but depends upon the armature current for 

“"d fa thus much lower in tone 
^the oto type of It is, in fact, usually 

of as a lubraUon and while still in the audible 
ra^e, it is more often felt than heard 

b, Mueneies may 

notbeeonsidSh«. 'h“y 

-■rr YtST '*1“" 

eoBsider theetaS‘'irflrarf''“i" 

over one staf-nr fn 15 moves 

pointrin fa^K. 1 

Thus the flux in ‘‘ minimum, 

time a tootrpLr? ^ ""5" 

between that pole^and^r^of the niagnetic pull 

spending eyefe If through a corre- 

~-If the number of slots per pole is an 
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integer, each pole on the rotor is passing through the 
same cycle at the same time. That is, the variation 
in magnetic pull is in time phase in all poles. If the 
rotor is centrally located the result is simply a variation 
in the radial pull which is the same across each axis. 

Suppose now that the number of slots per pole is not 
an integer. Then the magnetic pull of all poles is not 




S ^ 

Fia. 1 —Position of Maximum and Minimum Pbkmeancb 

a. PoBitiion of maximum permeance 

b. Position of minimum permeance 

in time phase and it becomes necessary to e Yam iTi e the 
relative position of slots and poles in more detail. 

The simplest case is that in which the number of slots 
per pole consists of an integer plus a fraction having one 
in the numerator, such as 5 1/7. It is evident that if 
No. 1 pole has maximum flux at a given instant, No. 2 
pole, being 1/7 tooth pitch from the same relative slot 
position, will have slightly less flux. Each succeeding 







Fig. 2—Distortion of Stator Dub to Four-Pole Type 

OF Pull 

pole will have a little less flux than the preceding one 
until the minimum is reached, after which there will be 
a gradual increase. If the machine under consideration 
has fourteen poles there will be two areas diametrically 
opposite having high flux density and two areas on an 
axis at 90 degrees to these having low density. The 
result is a higher magnetic pull along one axis and a 
tendency to give the stator an elliptical shape. In the 
case of a 28-pole machine having the same number of 
slots per pole there would be four high density areas and 
four low density areas giving a distortion as shown in 
Fig. 2. 

It liow remains to see what happens to the magnetic 
pull or stator distortion as the field member rotates. 


Using the example above, it may readily be seen that 
when the rotor has moved 1/7 tooth pitch the point of 
maximum density has shifted from Pole No. 1 to Pole 
No. 2. When a tooth pitch has been traversed, the point 
of high density has moved seven pole pitches as measured 
on ihe rotor. With reference to the stator the distorting 
force has moved seven pole pitches plus one tooth pitch. 

Thus it may be seen that a given point on the stator 
goes through a complete cycle from maximum pull 
through minimum pull and back to maximum, while 
the rotor moves slightly less than one tooth pitch. It is 



Fig. 3—^Vakiation op Pui,i, on One Pole 

a. Variation of pull on one polo as it movas over on© tooth pitch 

b. Variation of pull-por-pole over a group of d polos (Case 1) 

shown in Appendix 1 that for the general case the 
frequency of the deformation is: tooth frequency -|- 
twice line frequency [slots per pole — nearest integer]. 

It is also shown as Case 1 in Appendix 1 that in order 
to have a gradual distribution of density or pull over a 
group of adjacent poles, certain fractional numbers of 
slots must be used. With certain other fractional 


Pro. 4—^Variation op Pot,!, on One Pole (Cases 2 and 3) 

a. Variation of pull-por-polo over a group of d poles (Oase 2) 

b. Variation of pull-per-pole over a group of d poles (Oase 3) 

numbers it is shown that the poles having high density 
at a given instant are so alternated with poles of low • 
density that the frame deformation is of a different 
form. The curves of magnetic ptill plotted against pole 
position in these cases have two or more maximum 
points as shown in Fig. 4. To continue the example of 
a machine having 14 poles, the predominant component 
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of the pull now has the effect of a rotor of more than two 
poles. Due to the greater rigidity of the frame, a pull 
of short wavelength is usually unimportant. There 
may be a small component of pull which has a two-pole 
distribution, but its magnitude is so much less than the 
Case 1 distribution shown in Fig. 3b that there is seldom 
any trouble from noise. As a result, it is possible to 
classify fractional slot machines into those that are 
usually free from serious no-load noise (Case 2, Case 3, 
etc.) and those that are quite susceptible to it (Case 1). 

Pole-Frequency Forces. It has previously been 
pointed out- that the armature m. m. f. waves of ma¬ 
chines having fractional slot windings contain compo¬ 
nents of low harmonic order. With certain slot ar¬ 
rangements there may be a component wave of m. m. f., 
and flux, having a two-pole distribution. Other com¬ 
ponents may exist at the same time which are also of 
fewer poles than the actual number of .poles on the 
machine. Considering first, for simplicity, a two-pole 
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length of tooth (N inches (*t; 

Pig. 5—Reso.v^ Pbequbwcy of Statok Teeth 
for Tangential Vibration 

di^ribution superposed on the main distribution nf 
tin reqr^ment for elliptical distor- 

wu uoise. itte difference, however is tVinf 
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wo components of flux differing in harmonic order by two, 
ull there will be a resulting modulated wave which gives the 
;re same effect as a simple two-pole distribution.^' When 
>le the order of magnitudes is examined it is found that 
he these modulated waves are really the important ones, 
m Since it is posdble to have a two-pole pull due to a 
to single sub-harmonic and at the same time to have corn- 
re binations of two higher harmonics each giving an elfec- 
3, tive two-pole pull, it becomes necessaiy to combine the 
two or more sets in the proper phase relation. In some 
m cases the several components may add in such a way as 
a- to partly cancel one another while in other cases they 
0 - add to form a higher total. 

r- The elimination of any one unwanted harmonic can 
be accomplished by changing the coil grouping’ in two 
1 - relatively simple ways--even though it is complicated 
)f somewhat in a machine with paralleled armature circuits 
e by the fact that any change made must be duplicated in 
e each parallel of every phase. The firet method is 
m^ely to cut out coils whose electrical position coincides 
with the vector position of the hannonic to be elimi¬ 
nated. The second way is to shift coils from one phase 
p-oup to the next adjacent group in such a way that the 
woublesome harmonic is decreased without reducing 
the terminal voltage of the machine apprec;iably. 

Mechanicai, Aspects 

The Mdstence of various forces tending (.o distort the 
m^hme has been established. It has been pointed out 
tiiat the most serious cases of trouble arise from the 
wo-pole type of pull, since forces distributed in this 
way produce the greatest deflection. Experience how- 
evj, seems to show that nearly all cases of objSnabTe 
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laminations become so much dead weight attached to 
the frame but add nothing to its stiffness. The follow¬ 
ing formula developed by Timoshenko^ for simple rings 
has been applied to complete stators in a number of 
cases and has given useful results, as shown by Table 
I and by the comparison between calculated and test 
results in Figs. 7 and 8 . 


TABLJC t NATURAL FREQUENCIES QF STATOIiS OP TYPICAL 
SYNCHRONOUS MOTORS FOR COMPRESSOR DRIVE 



Natural frequency of stator 

film suitable for 

i «2 i *3 

i -4- 

i i «0 

100 hi). 300 r. p. m. 

100 lip. 277 r. p. m. 

200 hp. 200 p, p. m. 

400 hp. 200 r. p. ni . 

000 lip. ino r, p. Ill. 


1,030. 

mo. 

400. 

370. 

290. 

1.670. .2,460 
1.120. .1.640 
760. .1,UK) 
020.. 900 
470. . 000 


/ - 

g EI i- (1- 

iy 


7 A (1 + p) 

— (1) 


where E = Modulus of elasticity. 

y A — Weight of ring per circumferential 
inch. 

r — Mean radius of ring. 

I = Moment of inertia of frame (punch- 
ings considered as dead weight). 
i = Wavelengths per circumference. 

g — Acceleration of gravity. 

Rotor Vibration. While it has been shown that stator 
vibration is of consequence only when there is a force 
tending toward elliptical distortion of the frame, rotor 
vibration may also be set up by a periodic variation in 
the magnitude of the normal radial gap force, such as 
that occurring in integral slot machines. 

Rotor resonance is affected so much by the rotor arms 
that it is not susceptible to such accurate calculation as 
the stator. Two formulas,® however, have been found 
useful in giving the probable upper and lower bounds of 
resonant frequency for radial vibration of therim. One, 
for a section of rim pivoted at both ends, is: 


. __ / gEI 

^ 2 TT r^y y ^ 


( 2 ) 


Where g, E, I, r, and 7 A are the same as in formula 
( 1 ), and a is the angle subtended by the rim segment. 
a = 0 - 20° - 40" - 60° - 80° - 100° 

0, = 00 - 321- 78.5 - 33.6- 17.8- 10.65 
The other, for a section of rim fixed at both ends, is: 


/ = 


Cl 

2 TT r® 


gEI 
7 A 


(3) 


4. ‘‘Vibratioa Problems in Engineering,” S. Timoshenko, 
p. 297, Van Nostrand Co. 

6 . “Vibration of Frames of Electric Machines,” Den .J. P. 
Hartog, AfiME, presented May, 1927. 


Where g, E, I, r, and 7 A are the same as in formula 
(1), and a is the angle subtended by the rim segment. 
ot = 20° - 40° - 60° - 80° - 100° 

Cl = 504- 124- 53.8- 29.2- 17.9 
A formula for the resonant frequency of gears with 
different modeh of rim vibration is also available,® 
and has been found useful, but requires so much em¬ 
pirical correction when applied to plate spiders that it 
will not be given or discussed here. 

Stator Tooth Vibration. Tangential vibration of the 
stator teeth is often thought of as the simplest and most 
probable fonn of mechanical vibration causing tooth- 
frequency noise. If it be agreed that resonance is 
necessary for appreciable tooth motion, then Fig. 5 
shows^ that almost all machines are out of the range 



Fio. 6—^Maonitudb op Vibbation at Vauious Points 
Abound the Statob 

where tooth resonant frequency approaches tooth fre¬ 
quency. The assumption that resonance is essential 
is justified by past experience, and appears reasonable 
from a consideration of the stiffness of the teeth. 

Test Results. Figs. 6 to 9 show the results of several 
vibration tests of machines having pole frequency vi¬ 
bration. The measurements were made by amplifying 
the resistance variations in a phonograph pick-up the 
needle of which followed the motion of the frame. The 
accuracy of this method is indicated by the consistency 
of the test points. 

Fig. 6 shows the variation in the amplitude of the 
vibration at different points around the circumference. 
(The nodes could be located easily by feeling the frame.) 
The picture of the machine in the center of the figure is 

0. “Natural Frequoney of Goars,” R. E. Peterson, ASME, 
prosontod December, 1929. 

7. Resonant Frequency for Wedges and for Rectangular 
Teeth from S. Timoshenko, Vibration Problems in Engineering, 
pages 234 and 267. Factors for tapered teeth derived by E. A. 
Tulus of Westinghouse Elec. & Mfg. Co. 
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correctly oriented with the vibration curve. Measure¬ 
ments were made on the back of the punchings half way 
between the ends of the core although the results would 
have been the same had they been made at any point 
on the same axial line. 

Fig. 7 shows the change of vibration amplitude as the 
supply frequency is varied. The calculated resonant 
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Vibration of a stator in the tooth-frequency range has 
not been measured accurately although it has been 
observed and definitely identified. One machine ex¬ 
hibiting this type of vibration had eight distinct nodes 
(the four-pole type of pull). The number of slots per 
pole was such as to give a vibrating frequency of 635 
cycles while the calculated resonant frequency of the 
frame for this mode of vibration was 645 cycles. The 
same frame was later tested with four-node (two-pole) 
vibration and a resonant frequency of 115 cycles was 
found. Since there is definite ratio between the 
resonant frequencies for the four-node and the eight- 
node type of vibration as shown by equation (I) it 
can be concluded that the resonant frequency for the 
eight-node case was actually 623 cycles. This value 


Fto. 7 —Resonance Cckve fob Vibbation of the Ttpb 
Shown in Fig. 6 

frequency for the frame is shown on the curve. In 
malang the calculation the punchings were added as 
ead weight but the armature copp«* was not included 
.Slime It IS probable that the slot clearance, flexibility of 
end vnndmgs and damping effect of insulation may 
cau^ the effective mass to be zero or even negative. 

i„. ^ ® . r® a machine which was 

later braced to add stiffness to the structure. The re¬ 
duction m vibration at the operating point (mcvcle 

was not m comparison with frames of similar sizes 
Md tjTite but happened to have a natural period which 
gave unfortunate results. wnicn 

Fig. 9 is an exceedingly interesting curve showing a 
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Appendix 1 

thith'l.'Tlf nn ** moves 

«, nepresontMi by the curve 

■fLi r ^ fractional slot windings 

each pole pa^es through tlie same cycle but not fn 

to, be dryided in d parte where d is the denominator of 
tte fr^on enpreasing the slots per pole. Then a‘ a 

tto hiSSion of’ll* 

lines f <^ho vertical 

lines. The particular point on the curve annlvintf to 

^y ^ven pole is found from a consideration of the 

fraction expressing the slots per pole. ® 

Let, slots per pole = any integer d: 

d 

nnnna to be considered depending 

ad^nt tali hi™ “ ]'*' ^ 'V“ ^ 

adjacent noii?= T .u taken from 

tween the center of ooil xf , , ^ is, be- 

integral nuTw r * ^ P*^^® 2 there is an 

Thus the pull of *^®®**' P^tch. 

tooth pitch A - 

poles is given in ^b. ® 
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It can be seen that a similar condition would exist if 

« = — 1 . 

Case n = d= 2. When n = + 2 adjacent poles 
will have values of pull taken from every second 
division of the curve in Pig. 3a, since each pole is an 
integral number of tooth pitches plus 2/d tooth pitch 
from the pole next to it. The curve of pull for a group 
of d poles in this case takes the form shown in Fig. 4a. 
A similar curve is obtained if » = - 2. 

Case d; n = d= S. Case % = ± 4, etc. Curves 
are obtained similar to Fig. 4 with three, four, etc., 
waves per group of d poles. 

It is possible to have vibration in any of these cases, 
but experience indicates that it is usually the Tnai^hinPR 
haying Case 1 distribution that produce troublesome 
noise. Thus machines having a number of slots per 
pole consisting of an integer plus a fraction having 
numerator equal to plus or minus one are most likely to 
be noisy. 

In Pig. 4b a smooth curve has been drawn through a 
very few points so as to give a curve which exactly 
repeats. This simplification of representing a few 
points by a single harmonic curve, even if the curve 
passas through all the points, is not quite exact. Fur¬ 
thermore, the assumption that the pull of each pole may 
be concentrated on its centerline is not strictly true. 
For these reasons the analysis must be taken as an 
approximate one which is convenient for illustration 
and which, fortunately, is close enough to the facts to 
give practical working rules. It may be possible, 
however, in Cases 2,3,4, etc. to have a small component 
of force distributed in space as in Case 1 (but traveling 
at a different speed) and, if a resonant condition exists, 
to have troublesome vibration. No such cases, how¬ 
ever, have been observed. 

Frequency of Vtlraiion. For Case 1 distribution it is 
evident that the wave of force moves one pole pitch on 
the rotor while the rotor itself moves 1/d tooth pitch. 
When n — + 1 the wave of force moves against the 
direction of rotation and when n — — 1 it moves with 
rotation. Since the wavelength of the force wave is d 
pole pitches it is evident that the frequency of the force 
with reference to the rotor is 2/s where / is line fre¬ 
quency and s is slots per pole. That is, it is tooth 
frequency. During one cycle with respect to the rotor 
the wave is carried forward or backward one tooth 
pitch by the motion of the rotor. Since there are s d 
t^th per wavelength the frequency of the vibration 
with respect to the stator is increased or decreased by 
1/s d times the rotor frequency. Or, stator frequency 

equals 2/s ± —j-. 


For Cases 2, 3, etc., where there are n wavelengths in 
s d teeth, stator frequency equals 


2/s± 


2fn 
d ’ 


This can be expressed as: 

Tooth frequency -|- twice line frequency [slots pm* pole 
— nearest integer] ( 4 ) 

Appendix 2 

Since any given harmonic of flux will not have the 
same effect in producing pull when it exists by itself 
as when it is superposed on other harmonics, as illus¬ 
trated graphically in Fig. 10, it is necessary to consider 
all harmonics together and take cross-products into 
account in obtaining pull from flux. In the following 
analysis, however, only the harmonics cutting the 
stator with 60-cycle frequency will be considered, as 
the others can contribute nothing to the 60-cycle vi¬ 
bration phenomena observed. Thus the harmonics 
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left to consider will be only the fundamental of field 
flux and harmonics due to the armature magnetomotive 
force. 

The general Fourier equation for flux is: 

4> = S A« sin (n (0 + /3„) ± cjf) (5) 

where n = order of harmonic (n — 1 for two pole 
harmonic) 

0 = physical degrees 

0n = phase position of «th harmonic (physi- 
' cal degrees) 

CO * 2 r/ 
t = time 

As indicated® in Table II, the numerical summation is 

TABLE II—POSSIBLE SUB-SYNOHRONOUS HARMONICS 
(For three-phase machines with an oven number of slots and 60-degree 
_phase belts) 

s=^«=asssass:^sss^^=ssBS8asss^=s=sBS8aaas=sss=ssss=s=sas=BssssssssassssB) 

1 . For machines with 10 +12 JK poles, 

Possible harmonics are.+l, - 5 , + 7 , —11, +13, -17, +10. etc. 

2. F'or machines with 14 +12 K poles. 

Possible harmonics are.-l, +6, —7, +11, -13, +17, -10. etc, 

3. I?or macliines with 8 + 12 if poles, 

Possible harmonics are.+2, -4, +8, -10, +14, -16. +20, etc. 

4. For machines with 4 + 12 K poles. 

Possible harmonics are.-2, +4, —8, +10, "-14, + 16, -20, etc. 

K " any positive integer, including zero. 

Negative harmonics rotate rotorwise. 

Positive harmonics rotate counter-rotorwise. 

Machines with Ok poles are omitted since no two-pole pull exists in 
these cases. 

8 . Table II was derived from formulas developed in The 
M, M. F, Wave of Polyphase Windings, Graham, A. I. E. E. 
Tkans., 1927, Vol. XLVI, p. 19. 
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consicJerdbly simplified by the fact that all harmonics 
do nut exist in any one machine. 

Sub-stituting the values « = +1, —5, +7, —11, +13, 
17.. . etc. (where + or — refer to direction of rota¬ 
tion i and squaring: 

I'- = constant X pull = 2 A„“sin® (n (6 + / 8 „) ± w t) 

n 

r 2 12A„sin(n(d+0,)i;c.>«) SA„+, sin{(«+!) (0 

rt « = l 

+ 0n+i)±a)t)] (6) 

Where the second summation of the second term is 
performed for every value of n in the first summation 
i 1 . e., it is a doubly infinite series). 

Using the relations: 

sin 2 a = 1/2 - 1/2 cos 2 a 

and, 2 sin a sin 0 = cos (a - / 3 ) - cos (a + j 3 ) 

and n^leeting the components that do not vary with 
time, it will be found that, for the values of n given 
above ( + 1, —5, +7, —11, etc.) the “two-pole” travel¬ 
ing harmonics of pull are: 

- 1/2 A;- cos (2 0 + 2 01 - 2 w 0 
+ 2 A, An .2 cos { 2 0 + « 0. + (« + 2) 0„+* - 2 a> t} 

(7) 

'Sp here n in the summation takes only the values 
o, 11,17,23, etc. 

Similarly, the four-pole traveling harmonics of pull 
are: 


S A„A„+ 4 COs (4 0- w 0„ + (» + 4)0„+4 +2 cot) (8) 

n 

Where n takes only the values 1,7,13,19, etc. 

Harmonics producing 6 , 8 , 10, etc., pole pulls can be 
obtained by the same process. 

For a machine in which the third or fourth series of 
harmonics is indicated in Table II, the process can 
be carried through in the same manner, and, for 
the two-pole pull, gives the following: 

S An A „+2 cos (2 0 - « 0 „ + (« + 2 ) 0 ,.+s - 2 CO t) ( 9 ) 

where « = 2,8,14,20 . . . etc., in the summation. 

For four-pole pull the components are: 

- I/ 2 A 2 COS (4 0 + 402 + 2 cot] 

+ S A„ A „+4 cos [4 0 - w 0„ + (n + 4) 0,,.^ 

n 

+ 2 CO t] (10) 

Where « = 4,10,.16,22, etc., in the summation. 

The above analysis applies to machines with an even 
number of slots. A machine with an odd number of 
slots, can be considered as half of a machine with an 
even number of slots, and the results determined and 
interpreted accordingly. 


Discussion 

For discussion of this paper see page 1071, 



Elastic Supports for Isolating Rotating 

Machinery 

BY E. H. HULL* and W. C. STEWART* 

Non-member Associate, A I. E. E. 


I N spite of the increasing refinement in the design of 
electrical machinery, the combination of high rota- 
^ tiye speeds, smaller machine parts, and less massive 
buildings, makes the problem of noise constantly more 
acute. In gen^l, two types of noise originate from 
el^trical machinery; direct air noise, and noise trans¬ 
mitted through the machine foundations to the frame¬ 
work of the building in which the apparatus is installed.^ 
Difficulties of the latter type may often be remedied by 
a properly designed elastic support between the ma¬ 
chine and building. 

Elastic supports can be made to isolate from two 
types of disturbance; shocks of any frequency typified 
by the automobile spring suspension, or from vibration 
of one or several known and constant frequencies. The 
supports described in this paper fall in the second class. 
The function of these supports is to isolate, not absorb, 
vibration. 

The effect of such a support may be demonstrated 
with the apparatus shown in Pig. 1 . The mass M, 



Fio. 1 —Demonbi'kation Apparatus 


weight and the impressed force shifts through 180 deg., 
and at progressively higher speeds the weight amplitude 
becomes smaller, until, at a high speed, the weight re¬ 
mains practically stationary. Substantially the same 
phenomena is shown by a shaft while passing through 
its critical ^eed. The curve marked 6 = 0 in Pig. 2 
shows the relation between amplitude (ordinate) and 
speed (abscissa). Prom this curve it can be seen that 
the elastic support is not useful until a speed well above 
the critical speed is reached, 

Pig. 3 represents the general case in which a machine 



Pig. 2—^Tbansmissibimty Curves 


of mass M is supported by a spring of stiffness k, having 
a damping constant 6 . A sinusoidal force of maxi¬ 
mum value F and angular velocity co, is impressed 
on the mass. A certain proportion of P is trans¬ 
mitted to the base through the support and appears 
as a sinusoidal force of maximum value /. Call the 
ratio of the force transmitted to the force impressed 
the transmissibility e. Appendix I gives in equation ( 4 ) 


constrained to move in a vertical direction, is supported 
through a spring, k, from the piston, P, which moves 
through a constant amplitude in approximately simple 
harmonic motion. M is elastically supported. At a 
very low speed the weight moves through the same am¬ 
plitude and in phase with the driving member; with 
increasing speed the weight amplitude becomes larger 
imtil a maximum is reached at the critical speed of the 
system. Here the phase between the amplitude of the 

“"GonGral Electric Co., Schenootady, N. Y. 

1 . Por references see end of paper. 

Presented at the North Eastern District Meeting of the A. I. E. E., 
Rochester, N. Y., April S9-May S, 1931. 


^ _/_ y/b^ os^ -f- k^ 

^ + (k — M £ 0 *)* 

When 6 = 0 this reduces to 

•-7Z)U7 ® 

\ tOc / 

where co, — nI- the critical speed of the system. 

As before the curve marked 6 = 0 in Mg. 2 gives the 
values of transmissibility, e, plotted against a ratio of 
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impressed frequency, co, to the natural frequency of 
the system, When the damping, that is, friction in 
the support, is increased, more force is transmitted to 
the fovmdation. Curves marked b = 0.6 and b = 1.0 
show this effect plainly. 

In our model (Fig. 1) the disturbing medium is an 
impressed amplitude on the spring, whereas in the 
actual case the disturbance is a force impressed on the 
mass. It can be shown, however, that the same ex¬ 
pression for transmissibility is obtained in each case. 

Several materials are available for elastic support. 
Metal springs may usually be designed to fit any given 
installation, but they require considerable space, and 
the ratio of stiffnesses in the various directions cannot 
be easily varied. Metal has an obvious advantage in 
its resistance to deterioration of all sorts. 

Some materials such as cork, felt, and gelatinous 
substances, show a gradually decreasing thickn ess under 
load which solidifies the material, raising the stiffness, 
and hence raising the transmissibility of any support in 
which they may be used. Also, the damping is usually 
high in such material. 

Rubber compoxmds containing a large percentage of 
pure rubber form a convenient substance for use in 



Fia. 3—E3I.ASTICAIII.T Mounted Mass with Electkical 

Analogy 

supports. Small volumes only are necessary, the na¬ 
tural life is fairly long, and may be extended with 
antioxidants. Oil slowly dissolves rubber, but protec¬ 
tion can be arranged in most cases. Once its elastic 
properties are imderstood supports may be designed 
for nearly any combination of stiffness. Damping in 
rubber is not suflftciently high to cause increased trans¬ 
missibility. 

Damping in tlie support itself is detrimental since it 
must be designed to operate where damping raises the 
transmissibility. On the other hand damping in the 
foundation under the elastic support is beneficial. In 
the case of a lightly constructed building this damping 
would decrease resonance effects in the floors and walls, 
and decease the amplitude at any frequency. 

The noise and vibration of machines which may be 
transmitted through the foundation, and which may 
be isolated by an elastic mounting, fall into three gen¬ 
eral classes: imbalance, mechanical brush and bearing 
noise, and magnetic noise. Vibration due to unbalance 
occurs at rotational frequency which usually is near 
1,200 r, p. m. or 20 cycles per second. These, frequen¬ 
cies are too low to cause noise at the amplitudes ordi¬ 


narily encountered, but may cause excessive motion of 
the foundations occasionally resulting in rattles. 

Bearing noise is negligible in journal bearings. Ball 
bearings, however, cause considerable direct air noise 
and in some cases are the source of noise which is trans¬ 
mitted to the foundations. Brush noise transmitted 
to the foundations is not serious in the case of slip-ring 
motors. 

Magnetic forces in the machine are the greatest 
source of noise. In a-c. machines the fundamental 
noise frequency is twice the applied electrical frequency 
or 120 cycles for 60-cycle machines. Harmonics of 
this fundamental frequency and other high frequencies 
also occur, but of relatively less intensity. 

Elastic mountings used to isolate the above noises 
and vibrations usually do not constitute a simple sys¬ 
tem. In general, six natural frequencies of the machine 
on its mounting occur. These frequencies have been 
calculated by the expressions given in. Appendix II and 
checked by observations. The modes of vibration of 
the machine at these frequencies are approximately as 
follows: 

1. Angular motion about a horizontal axis parallel 
to the shaft. 

2. Linear motion in a horizontal direction perpen¬ 
dicular to the shaft. 

8 . Angular motion about a horizontal axis perpen¬ 
dicular to the shaft. 

4. Linear motion in a horizontal direction parallel 
to the shaft. 

5. Linear motion in a vertical direction. 

6 . Angular motion about a vertical axis. 

The elasticity of the mounting must be adjusted to 
the machine so that none of these resonant frequencies 
coincides with that of any disturbing force. If this 
occurs, the amplitude becomes large and the transmis¬ 
sibility high in the direction of resonance. 

As described above, there is a wide variety of noise 
and vibration frequencies to be isolated, wMch range 
from the rotational frequency, the lowest, to the high 
magnetic disturbances which may be several hundred 
cycles per second. By inspection of the formula for the 
transmissibility, it is seen that if a mounting is designed 
to isolate a certain frequency, the higher frequencies 
will be isolated more effectively. For this reason the 
high frequencies, unless their amplitudes are greater 
than ordinarily encountered, do not present any 
difficulty. 

The foundation upon which the machine is mounted 
affects the mounting design. Noise problems at the 
present concern installations in hotels, apartment houses, 
schools, and office buildings, where the foundation is 
usually a concrete floor. This floor is most sensitive to 
forces transmitted from the motor in a vertical direction 
which tend to bend the floor slab. For this reason the 
transmitted force normal to the floor should be given 
particular attention. 
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Damping, as has been described above, is beneficial 
in the foundation as it reduces the vibration amplitude 
of the floor which is the source of sound radiation. 
This is particularly true for high frequencies as they are 
damped more than the low frequencies. 

Since the high frequencies are isolated best by the 
mounting and are also damped most by the foundation, 
there usually remain only two frequencies which are 
troublesome. These are the rotational frequency and 
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the fundamental magnetic frequency. In estimating 
the transmissibility of a proposed mounting, the lowest 
disturbing frequency should be used as the impressed 
frequency in the calculation. The vertical resonant 
frequency of the mounting .should be used as this deter¬ 
mines the transmission normal to the foundation. The 
other five re.sonant frequencies, howevar, should also 
be comparatively low. 

Elastically mounted machines may be separated into 
two classes depending upon whether they transmit 
torque to apparatus on a separate base or are self 
contained. Motor-generator sets are an example of the 
latter class. The stiffness of the support for these sets 
is not limited by the stability of the system against 
external forces such as belt pull. Hence the vertical 
natural frequency can be made sufficiently low to iso¬ 
late the unbalance vibration of the machine, which is 
the lowest frequency of disturbance present. For these 
low frequency vibrations, which are below the audible 

CO 

range, a ratio of-of 2 or 3 is sufficient. 

A number of motor-generator sets has recently been 
mounted on rubber pads with success. In specifying 
rubber pads for a mounting of this kind account must 
be taken of the variable elastic properties of the ma¬ 
terial. Rubber is practically incompressible if entirely 
confined. When the material is compressed, the de¬ 
flection is taken up by a change in shape rather than a 
change of volume. If the change in shape is restrained, 
the material becomes stiffer. For this reason Young's 
modulus in compression increases rapidly with an in- 
<a*ease of the area of a rubber pad with respect to its 
thickness. If the area is very large and the rubber 
thin, the result is almost total confinement of the rubber 


and a correspondingly high stiffness. Fig. 4 shows a 
curve of Young’s modulus in compression for 1 in. thick 
soft rubber as a function of the area. 

The modulus of rubber also increases considerably 
with the deflection. For a given sample of rubber, the 
stiffness increases with load on the rubber. These 
variations of stiffness of rubber may be combined for 
the purpose of specifying the size of pad to be used 
under machines of various weights. Fig. 5 shows a 
useful arrangement of the data. This curve gives the 
area of a pad of rubber to be used for various loads to 
give a constant value of the vertical natural frequency 
of the system. This natural frequency is the criterion 
of transmissibility of the mounting. The curves given 
here are for 10 and 14 cycles. Similar curves can be 
drawn for other frequencies. 

Four pads of suitable proportion to give the motor- 
generator set the proper vertical natural frequency are 
chosen from the above curve. These pads are slipped 
under the corners of the base between flat surfaces. 

In the more general motor applications the mounting 
is of the first class as it must withstand belt pull. The 
mounting must have sufficient elasticity in the direction 
of the disturbing force to give satisfactory isolation, yet 
be sufficiently stiff to satisfy the requirements of belt 
operation. Mountings of this t 3 q)e have been used to 
isolate the torque pulsation of single-phase motors. 
The support can be made elastic in a torsional direction 
and stiff radially. This is an easy solution of the con¬ 
flict between the requirements of elasticity for isolation, 
and rigidity against belt pull. The result is that the 
torque pulsation at 120 cycles is satisfactorily isolated. 
There remains some 120-cycle vibration in other direc¬ 
tions which occturs both in single-phase and polsiphase 
motors. 
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ITia. 6 —Area op Rubber Pab REoriBED fob Various Loads 

AND FrEQUENCT 

The application of a mounting to pol3^hase motors 
is more difficult. The magnetic vibration in this type 
of machine may be in any direction, therefore the stiff¬ 
ness must be low in all directions in order to isolate the 
vibration. On the other hand, the mounting must be 
sufficiently stiff to withstand belt pull which usually 
makes it impossible to isolate the low frequency un¬ 
balance vibration. This vibration can be cured at the 
source by an acciuate running balance. 
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Fij?. 6 is an illustration of a mounting as worked out 
for a polyphase induction motor having a speed range 
from 50 to 100 per cent normal speed. To isolate the 
120 -eycle magnetic frequency the ratio of the impressed 
to the natural frequency should be about 8, or for 120- 
cycle vibration the natural frequency should be 16 
cycles. This is in the usual range of rotational fre- 
ciuency and resonance may occur. The six natural 
frefjuencies of the mounting mentioned above were 
adjusted, by varying the size and disposition of the 
rubber, to be either above or below the range of running 
speeds. 

This mounting has been compared with all of the 
usual types of mountings on a specially prepared sound 
box. This box consists of an elastically mounted con¬ 
crete slab upon which the motor and mounting to be 
tested are placed. The slab serves as a roof to a box 
large enough for an observer to enter comfortably. 
The box sides and door are made of sound proof ma¬ 
terial which prevents the transmission of extraneous 
sounds. The only sound which can be heard inside the 


maximum amplitude of 2 mils at a low frequency, due to 
forces transmitted through the belt from the fan. This 
slight motion is not objectionable. 

To summarize; elastic supports are useful only when 

the ratio is greater than 1.41. A ratio of 2 or 3 is 

0)e 

sufficient for unbalance vibration, while a ratio of 7 or 8 
is necessary for noise isolation. Damping in the elastic 
membCT of a support is undesirable since it causes in¬ 
creased transmission; on the other hand damping is 
beneficial when present in the foundations. If the 
mounting is designed to isolate the low disturbing fre¬ 
quencies, the higher frequencies will take cfxre of them¬ 
selves. In the general case, the mounting has six 
natural frequencies, none of which should occur within 
ten per cent of the running range. In addition, for 
machines which transmit torque, the mounting must be 
sufficiently rigid in the direction of belt pull to allow 
stable belt operation. 

In conclusion we wish to exi>ress our gratitude to 
Mr. A. L. Kimball of this laboratory for the ideas and 





Kici. c;—I nstallation Under Motor Driving Ventilating 

Fan 

box is the radiated noise from the concrete roof, which 
is a measure of the transmission through the elastic 
mounting. Results of tests on the sound box show 
that this mounting compares very favorably in sound 
transmission with the mountings tested thus far. 

Fig. 6 shows this mounting installed under an in¬ 
duction motor driving a ventilating fan in a large office 
building. Power is transmitted to the fan through 
a V-belt drive. The belt guard was not fastened to 
the motor as is usually the case for this would form a 
ngid contact with the foundations and transmit noise, 
r lexible leads were also used to prevent vibration being 
transmitted to the control panel and thence to the 
foundation. The steel plate underneath the elastic 
mounting is not necessary for its operation but is used 
in this particular case to make connection with the 
foundation bolts which were not located properly for 
this mountmg. No noise transmitted from the motor 

could be det^ted in the floor. The motor S w^ 

stable throughout the speed range, vibrating through a 


assistance which he contributed while thi.s work was 
being carried out. 

Appendix I 

Derivation OP THE Expression for Transmissibility 
‘ OP an Elastic Support 

Problems in mechanical sinusoidal motion may be 
solved, for the steady-state conditions, by setting up 
the analogous electrical circuit, solving that by the use 
of complex quantities, and then substituting the me¬ 
chanical terms for their electrical analogies.’’ Table I 
shows these equivalents. This process involves the 
difficulty of transforming to the electrical system and 
back again, as well as the objectionable fact that the 
result appears in terms of velocity (current) rather than 
amplitude (charge). 

Certain changes allow the problem to be solved di¬ 
rectly in mechanical units as shown below. 




Dividing by w gives 


Phase angles computed from (2) will be the comple¬ 
ments of the proper phase angles. Multiplying uZhy 
3 to remedy this difficulty gives® 

F F 

( 3 ) 

where = mechanical impedance, or amplitude im¬ 
pedance, which can be formed from the following com- 

^ ^ electrical impedance is set up from w, 
L, C, and R. ' 
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TABLE I-ELECTRO-MECHANICAL EQUIVALENTS 



Mochatiical 

Flectrlcal 

M, 

. .Mass. 

L .. .Inductance 

tK ♦ 

. .Velocity. 

i... .current 

X, , 

.. Amplitude... 

tj. . .charge 

b, . 

.. Friction coof.. 

ii... Resistance 

1 

1 


k • 

StilTnoss *' * 

C ... Capacity 

Z.. 

.. Impedance .. 

Z.. .Impedance 

r.. 

. .Force. 

/?. ..Voltage 

Zm 

.. HcM^iianicai 



impedmice. 

j t>) Z 


Viscous friction (proportional to velocity) is repre¬ 
sented byj CO 6. 

Mass reaction is represented by—M CO*. 

Spring reaction is represented by k. 

Two general rules based on amplitude may be given 
for adding the mechanical components of impedance, 
just as two rules are given, based on current, for obtain¬ 
ing impedance in electrical problems. 

1 . When various components of a system have the 
same amplitude impressed upon them, their impedances 
are added directly to obtain the total impedance. 

2. If it is possible for two or more parts of a system 
to divide an impressed amplitude between them, de¬ 
pending on their impedances, then the reeiprcx^l of the 
total impedance is the sum of the reciprocals of the 
individual impedances. 

The analogy with the series and parallel cases in elec¬ 
trical theory is obvious. 

Referring to Fig. 3 the transmissibility* of the 

/ 

mounting, e, equals where F is the maximum value 

of the impressed force and / is the maximum value of 
the alternating force on the foundation. In this case 
the mass, spring, and damping elements have the same 
amplitude impressed upon each, hence they are in series 
and their impedances add. 

F 

From (3) x - tt-—^; 

jh u k — M 0)^ 

Also/ - X (jb 0 ) + k) 

Solving for F and taking the ratio gives 

_ / _ }b (a + k 

^ ~ F ~jbo) + k — Mci^ 

Taking the absolute magnitude 3 rields 

Vft* «* -I- ** 

Vb^ + (k- M CO*)* ^ ^ 

When 6 = 0 

ifc-lfco* or since 10 .* = -^ 


or since Wc® == 


h 


This expression becomes negative at values of 
CO > coc, indicating that F and / are opposite in phase. 
Since we are not interested in phase relations this si gn 
may be reversed, giving 

Appendix 11 

Resonant Speeds op an Elastic Mounting 
The six resonant speeds of a m^hine resting on elastic 
feet may be calculated using the symbols givmi below, 
fc* = Stiffness of the support in the X direction 
. ky = Stiffness of the support in the Y direction 
ka = Stiffness of the support in the 2^ direction 
Ix — Moment of inertia about the JC-axis 
ly = Moment of inertia about the F-axis 
I a = Moment of inertia about the 2^-axis 
M = Mass of the machine 

X = Linear amplitude of vibration of the center of 
gravity along the Z-axis 

4> = Angular amplitude of vibration about the 
2 -axis 

(t) = Angular velocity of the impressed vibration 
T - Maximum value of a sinusoidal applied torque. 


( r 





Pio. 7 


Y 

Pro. 8 


Assuming symmetry of the feet about the F-axis as 
shown in Fig. 7 the equation of linear motion along the 
X-axis for xeto applied force is 

(M CO* — A,) * Ri kx cos a = 0 (1) 

The corresponding equation of angular motion about 
the 2-axis for applied torque = T 
[/, d^—B^Qcx cos* a-\-ky sin* Q:)]^-f a; Ri A, cos ck = — T 

( 2 ) 

Solving equations (1) and (2) simultaneously for ^ 

._ -r(Mco*-A») 

(Jlf CO* - A.) [Ja CO* - Bi* (A, cos* a 
+ ky sin* a) ] — Bi* A** cos* a 

Resonance occurs when the amplitude of vibration, 
is infinite. Accordingly, setting the denominator of 
(3) equal to zero and solving for co, we get two different 
numerical values, which are 


COo* + C06* 


fCOo* + C06*\* 
, 2 / 


COo* C0»® 
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liluS 


und 


1 

2 

■/ OJa* + 

' 2 ' 1 + ** cot*aJ 

ky 

k. 

where «.* = ^ 


. fZl* (fc: 

t cos* a + ky sin* a) 

tCh'" “ 

I. 

Wa represents the natural frequency of this system if 
the machine is constrained to move as a unit in the 
X-direction and is not allowed to oscillate torsionally 
about the Z-axis. Wi is the natural frequency which 
would occur if the machine were allowed to oscillate 
about the 2^-axis but prevented from moving linearly 
along the X-axis. 

In a similar manner, two resonant frenquendes may 
be found in the Y-Z plane (see Fig. 8). They are 

1 a>c- + cOrf- , 

/Cf)e^ + 0)e^ CO/ -ij 

and 

2 / J 

ky -1 

i Wc* + COeT 

r/COc^ + + CO/ 

2 

2 l+-|f_cot*^ 

L J 


where 



J? 2 * (k, cos* p +ky sin* |8) 

«,*= - Y. 

There remain two resonances, one for linear motion 
along the T-axis, cot, and another for angular motion 
about the F-axis, 

These are. 



kx fii* sin* iS + /?»* sin* f) 

_ 
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Noise Mitigation in Substations 

BY E. A. BISHOPi 

Associate. A. I. E. 


I T is the intention of this paper to deal with the noise 
encountered in several types of substations and the 
methods employed to reduce or eliminate the noise. 
The following classes of substations will be considered 
in the order named: 230-volt direct current located in a 
downtown district; 600-volt direct current for traction 
service; 1,500-volt direct current for electrified suburban 
service and a-c. remote-controlled distribution sub¬ 
station. 

Since the problem of noise due to converters is com¬ 
mon to three of the types of substations mentioned it 
may be well to discuss it first. The noise emanating 
from converters is due to the following causes: d-c. 
commutation, windage, magnetic noises, a-c. brushes on 
slip rings, and vibration of the building housing the 
equipment. Commutation noise has two elements, 
(1) caused by brushes riding on the commutator bars, 
and is of a mild scraping nature, and (2) caused by the 
commutator slots passing under the brushes. With a 
commutator in good condition, the latter noise is not 
troublesome, but high mica or commutator bars causes 
a chattering noise which is rather objectionable. Wind¬ 
age depending upon the speed of the machine can be 
anything from a gentle murmur to a very high pitched 
and penetrating whistle. Magnetic noises are usually 
so low pitched that they are drowned out by the other 
noises present. Brushes on the slip rings contribute a 
rasping noise. 

Vibration in substation structures is rather unusual 
and occurs chiefly if the unit, for any reason, runs open 
phase. When it occurs it is very pronounced, not 
necessarily adjacent to the unit but at points very re¬ 
mote from the unit. For example, in a substation 
located in the sub-basement of an office building, the 
vibration due to open-phase operation has been very 
pronounced thirteen floors above, yet the operator in 
charge was not aware of anything wrong. The noise 
encountered in any unit is in direct relation to the speed 
and frequency of the unit. For example, the slow-speed 
25-cycle units were very seldom the cause of any serious 
complaints but with the advent of the higher speed 60- 
cycle units the complaints began to multiply very 
rapidly. 

The first measure employed to reduce the noise com¬ 
ing from the 60-cycle units was to have the manufac¬ 
turers provide as a part of the unit a semi-enclosure 
consisting of a sheet metal housing, with wire glass 
doors and windows, enveloping the d-c. end of the 
converter. Whenever any attempt is made to enclose 
a converter, a secondary problem of ventilation is im- 

1 . Field Engineer, Commonwealth Edison Co., Chicago, HI. 
Presented at the North Eastern District Meeting of the A. I. E. E.^ 
Rochester^ N, F., April 2Q-^May 19S1. 


mediately manifest. In fact, the two problems go 
hand in hand right through the entire consideration. 
Therefore, when considering noise mitigation it is neces¬ 
sary to consider ventilation. In the case of the semi¬ 
enclosures, the ventilation of the converters was accom¬ 
plished by leaving an opening in the front end of the 
hoiising approximately the same size as the opening in¬ 
side the commutator. Cool air' was then drawn into 
the armature through the commutator, passed through 
the ventilating slots of the armature core and windings 
and discharged through a chimney on top of the enclo¬ 
sure. The chimney in some cases was connected by 
means of a duct to a point outside the substation. In 
others it simply discharged in the converter room. The 
semi-enclosures were first applied to lighting converters 
and made quite a reduction in noise. They were not 
quite satisfactory from a standpoint of either ventilation 
or accessibility for maintenance work around the 
commutator. 

Three 600-volt railway converters with semi-enclor 
sures were ordered, but when they were installed; the 
enclosures were omitted as the hazard due to commuta¬ 
tor flashover was great and it was not deemed advisable 
to take the risk. One of the units was installedin a new 
substation in an apartment district. As a result of 
serious complaints from neighbors the semi-enclosure 
was installed. It was felt that the noise reduction was 
not sufficient so a total enclosure consisting of one-half 
inch thick transite supported on a structural steel 
framework was installed. The inside of this enclosure 
was lined with one inch thick asbestos hair felt. A 
baffled chimney on top of the housing permitted the 
air to be discharged and deadened a large part of the 
noise. 

From a noise reduction view point the total enclosure 
was rather successful since it eliminated the complaints, 
but the problem pf heating was quite serious. For¬ 
tunately the layout was such that a blower to force air 
through the housing could be installed with slight 
expense. A new problem then presented itself. When 
flashovers occurred small particles of hot copper or 
carbon were discharged into hair felt lining. This ma¬ 
terial did not bumreadily but would continue to smolder 
due to the draft of air, making it necessary to use a fibre 
extinguisher. This was overcome by again lining inside 
the hair felt with one-eighth inch porous asbestos paper. 
The thin asbestos could not be applied to the baffles in 
the chinaney so the baffles were omitted. Although the 
relatively poorer noise absorbing quality of the thin 
asbestos slightly decreased the over-all noise reduction, 
the net result was satisfactory. 

The general outcome of the above was the develop¬ 
ment of the total enclosure. It was designed along two 
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general lines by the two principal manufacturers. The 
lirst con.sisted simply of a cubical shaped housing eom- 
}>ietely enveloping the entire converter, the dimensions 
being such that the sides were a few inches dear of the 
machine bedplate at all points. A partition at the main 
field yoke divided the housing into two sections. For 
ventilation the air is admitted at the d-c. side of the unit 
through opening in the foundation. The air flows up 
past the commutator and d-c. brush rigging, into main 
and booster armatures, past the a-c. rings and brushes, 
and is discharged through a ehiminey located in the top 
on the a-c. side. A duct connects the chimney to the 
outside air. A blower is required either on the intake 
or discharge side to circulate the air. 

The second design, while completely enveloping the 
converter conforms to the general shape of the unit, 
that is rounded off at the top. The method of ventila¬ 
tion is identical with the first design. The advantages 
of the total enclosure are; (1) better noise reduction, 
0) better ventilation of the equipment, and (3) suf¬ 
ficient space available for maintenance and minor 
repairs. The disadvantages are: (1) complete dis- 
j^mbly for major repairs and (2) added cost due to 
elaborate ventilation facilities which are required. 

In a recent installation the problem of noise being 
wmmum^ted to adjacent parts of a large downtown 
building had to be solved. In this case the situation 
^ very mtical. The least amount of noise or vibra- 
^ annoying to a large theater located 
immediately over the substation space. The following 

^ installation. The 
conve^m and trMsformers were supported on a cork 
nsulated foundation to isolate vibration from the re¬ 
minder of the structure. The blowers and motora were 
likewise moimted on cork foundations. The connection 
exhaust ducts was made with a canvas joint. 

fietible^rniil^ted MpiX^T^TbS”^^^^ 

the mam copper comections and In 

Hatataha^;S?ed "» «™- 

~ owned 

the substationXd XcXT 

wasfflled vdthgrounXorkXsS^ff 
pnncipal purpose of this filir^ ^S>”‘^®'\ 

value as the air space wouldXvXht “Nation 
well, but rather to prevent an of very 

inaterial such as brick bats wii* of solid 

of commStit^ ®ohd 
building. vibration to the adjacent 


At the present time, there is under consideration the 
problem of noise mitigation in 1,600-volt traction sub¬ 
stations. The units installed consist of two 750-voIt 
machines having their commutators connected in series. 
They have a speed of 600 r. p. m. and give rise to an 
extremely high-pitched penetrating noise. The noise 
consists principally of two elements, one due to com¬ 
mutators and the other to windage. The air emerging 
from the armature radial ventilating slots impinges on 
the field pole tips and is alternately cut off and allowed 
to flow freely as it passes the field poles. The resultant 
whistle is responsible for an objectionable portion of the 
noise. The manufacturer h^ designed a new form of 
pole tip which has its .edges gradually rounded off thus 
eliminating the sudden cutoff of air. He claims that a 
very appreciable reduction in noise can be obtained by 
substitutingthenewpole tips. There isnoauthentic data 
on the amount of noise reduction obtainable by u.se of 
the new pole tips. This company has at present in 
operation slow-speed 230-volt converters equipped with 
both types of pole pieces and comparative tests are 
rader way to determine the relative merits of the two 
^s. UMortunately these tests will not be concluded 
m time to melude the results in this paper. 

The alternate scheme for mitigating the noi.se i.s to 

n? 1 resultant hazards 

ot 1,600-volt flashovers and the cost of providing ven- 

adaptable to 
as noise 

triS b^thTS^^’^T convertors, have been 

tned but they have not proved successful. 

state^tiiif?® equipment it should be 

stated that from a noise mitigating standnoint Hip 

operation is silent except the hum 

improved 

ginal installations and is now satisfactory, 
n a-c. distribqtion substations, the character r»f (Kn 

SSfS con^S S 

rSSoi 7 transformere and induction 

oSSo^of t^! i ^ to 

The noise in a-c equipment. 

as in d-e. ^ intense 

level of their above the noi.se 

transmitted throuSXdrtfr,^^*! 

and thence through to an adi?^ outside walls 

This difficultv wof „ * ^ adjoining apartment house. 

‘rolled e>d»tSin°Ze “ remote-con- 

in an open court adSXtX !! ^ ® 

adjacent to the building which houses 
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the switching equipment and regulators. One end and 
side of the court usually consist of brick walls with small 
openings for ventilation. The third side is a wire mesh 
screen containing the gate for admitting apparatus. 
The noise is confined to the court by placing sound ab¬ 
sorbing felt over the wire mesh screen and by construct¬ 
ing a roof consisting of sheet metal arc-shaped sections 
having the under side covered with sound absorbing felt. 
These sections are arranged with respect to each other 
so as to baffle the sound waves and at the same time 
permit free passage of air. 

In summarizing the situation at least as far as rotating 
equipment is concerned very little has been accom¬ 
plished toward reducing the noise inherent in the 
machines. Practically all efforts up to the present time 
have been toward confining the noise to the equip¬ 
ment and involved with it is the serious problem of 
ventilation. 


Discussion 

MEASUREMENT OP NOISE IN ELECTRICAL 
MACHINERY 

(Bailey) 

INDICATING METER FOR MEASUREMENT AND 
ANALYSIS OF NOISE 

(Castneu, Dietze, Stanton, and Tucker) 

MEASUREMENT OF MACHINERY NOISE 

(Marvin) 

INDUCTION REGULATOR NOISE 

(Foltz and Shirk) 

MAGNETIC NOISE IN SYNCHRONOUS MACHINES 

(Graham, Beckwith, and Milliken) 

ELASTIC SUPPORTS FOR ISOLATING ROTATING 
MACHINERY 

(Hull and Stewart) 

NOISE MITIGATION IN SUBSTATIONS 

(Bishop) 

R- E» Pumphreys What is generally accepted to be one of 
the principal sources of magnetic noise in synchronous machines, 
namely, the periodic variation in magnetic pull as the poles 
pass the stator tooth, has been described by Messrs. Graham, 
Beckwith, and Milliken in a very clear manner* While it has 
been known for some time that such a variation in radial pull 
existed, the methods of calculating the extent' of this variation 
have been laborious and unsatisfactory. 8ome three or foilr 
years ago in collaboration with Mr. H. D. Taylor we carried 
out a series of investigations to determine by actual test the 
magnitude of the forces involved, their relation to various design 
details of the pole face such as width, radius of pole arc, amor- 
tisseur winding slots, etc. The testing equipment consisted 
essentially of a section of stator core so supported that the force 
exerted on it by a single pair of poles could be accurately mea¬ 
sured. Means were provided for preserving the proper air gap 
and rotating the poles past the stator teeth, recording readings of 
the pull for various positions. Some 90 odd combinations were. 
tested and have provided the basis for an approximate quan¬ 
titative analysis of the results to be expected from a given design. 

Fig. 1 shows some of the results of these tests plotted in per 
cent pulsation against pole face width per stator slot pitch. 
Maximum pull always occurred with the pole center directly 
opposite either a stator tooth or slot. Pulsation was arbitrarily 
taken as the difference in pull between these two positions, and 
per cent pulsation was defined as this difference divided by the 


average. The effect of roimding the pole face, that is, of in¬ 
creasing the ratio of maximum to minimum gap is clearly shown. 

E* J« Abbott < The availability of noise meters as portable 
and convenient as those described should greatly encourage 
the use of sound measurements of machinery noises. The 
desirability of having such apparatus can be especially appre¬ 
ciated by those who have transported bulky laboratory analyzers 
and amplifiers for field measurements. 

Experience at the University of Michigan indicates that one 
or two weighting curves is hardly sufficient for the range of 
sounds likely to be encountered. We have measured noises 
from electric refrigerators in the neighborhood of 25 db. above 
the 1,000-cycle threshold, and also noises from large reduction- 
gear units which were from 90 to 100 db. above the 1,000-cycle 
tlireshold. Enormously different weighting circuits are re¬ 
quired in such cases. 

Even with convenient and accurate apparatus for measuring 
the magnitude of sound at a given point in space, the problem 
of rating machines for noise in terms of meter measurements 
is far from being solved. One would naturally assume that 
good comparative measurements on a group of similar machines 
could be obtained by placing the microphone at the same 



Fia, 1. Per Cent of Radial Magnetic Pull in Per 
Cent Average Pull for Various Pole Face Widths and 
Radii 

relative position for each machine. Experience shows that this 
usually is not the ease. The discrepancies encountered in such 
cases are usually very much greater than the difference between 
the loudest and quietest machines in the group. 

In case of the large reduction-gear units mentioned above, 
readings were made at 10 stations at corresponding iwsitions 
on each side of eight identically constructed units. The value 
obtained by averaging the ten readings on each machine agreed 
perfectly with aural observations, but this was by no means 
true for the individual stations. For example, machine 2, 
which was the next to the loudest on the average, was the 
quietest of the group at microphone stations 1 and 10, and the 
loudest at stations 5 to 9. Machine 1, which was the quietest 
of the group, measured next to the loudest at station 10^ and 
the quietest at several other stations. Machine 3, which was 
the fourth in loudness, measured the quietest of the group lat 
stations 9 and 10, and next to loudest at stations 2 and 3. At 
station 6, machine 4, the noisiest of the group, measured almost 
the same as machines 1, 11, and 12 which were the quietest of 
the group. These results are by no means unusual, but rather 
the ordinary experience. 
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Tlie causes of these large variations in sound from point to 
point and from instant to instant lie not only in the familiar 
acoustic standing wave patterns due to sound reflection from 
neighboring objects, which are troublesome enough; but also 
in the nature of the source itself, which is usually even more 
important. Machinery does not seem to vibrate as a whole at 
audio frequencies, but breaks up into a large number of small 
areas vibrating with different phases and magnitudes. Each of 
these radiates its own set of sound waves, the largest of which 
by no means come from the region nearest the original source 
of the noise. Insignificant variations in design, materials, 
construction, speed, load or other causes may entirely shift 
these patterns on the machine without greatly changing their 
average value. Hence the inconsistent readings obtained with 
a given microphone position on different machines. 

The difficulties listed above can usually be overcome if time 
and conditions permit the averaging of a large number of read¬ 
ings. At the University we have had considerable success in 
obtaining such averages rapidly by installing the machine to 
be measured in a very reverberant room. A large moving 
metallic reflector serves to shift the sound energy continually, 
and by moving the microphone and using a slow-acting indicator 
meter to average-out short time variations in the intensity at 
the microphone it has been possible to obtain very satisfactory 
total noise measurements and frequency analyses. 

Obviously this method is not applicable for impulsive noises, 
and in many practical oases it is not feasible to remove the 
machine to be measured to the laboratory. The frequency of 
the noise from most machines cannot be “warbled” several times 
a second to obtain an average, and the possibilities of moving 
the microphone often are limited if measurements must be made 
close to an irregular-shaped machine in order to reduce the 
effect of extraneous noise. In consideration of these practical 
aspects of sound measurement it appears that considerable 
remains to be done before machine noise measurement is on a 
production basis. 

H* D* Taylor: Messrs. Graham, Beckwith, and Milliken 
have described a theory to account for tooth-frequency noise 
which is very similar to one developed by some of my associates 
and confirmed by several years* experience in designing and 
testing low-speed s 3 niohronous machines. Continual progress 
has been made—and is still being made—on this problem. But, 
generally speaking, it seems well established that the noise is 
usually due to vibration of the stator at about tooth frequency, 
and that the vibration is caused by pulsation of the radial mag¬ 
netic pull of the field poles as they revolve past the stator slots 
and is independent of stator load current. Our experience con¬ 
firms the authors* statement to the effect that the worst cases of 
noise are likely to be associated with pole and slot combinations 
giving a nearly but not quite integral number of slots per pole. 

With respect to frequency of the noise, our analysis indicated 
that it should be a multiple of twice the line voltage frequency,— 
2f X (integer nearest to the number of slots per pole); and this 
rule was confirmed by a number of observations. The authors’ 
rule gives slightly different results. 

Supplementing the authors’ illustration of the production of 
tooth-frequency vibration and noise by pulsation of the magnetic 
pull of the poles in moving over one tooth-pitch (Pig, 3), I should 
like to call attention to the magnitude of the forces involved. 
At ordinary magnetic densities, the average radial pull is about 
25 lb. per square inch of pole face area,—^which amounts to 
several hundred pounds per pole even for quite small pole pieces. 
Furthermore, for such design proportions ah are illustrated in the 
authors’ Fig. 1, the amount of pulsation may be as high as 20 
per cent—that is, 10 per cent above and below the average. 
Considering the fact that vibration amplitudes of only a few 
tenths of a mil at the frequencies in question will produce large 
volumes of noise, it is not surprising that such forces have been 
making themselves heard. 


In order to avoid noise from this source, there would seem to 
be two general courses of action: (1) to make the stator con¬ 
struction rigid enough to eliminate these almost microscopic 
deformations; or (2) to eliminate the fluctuations in magnetic 
pull by suitable control of the design details. Our experience 
has in^cated that the latter course is likely to be more successful. 
We have made tests which show conclusively that by proper 
proportioning, pole pieces of almost any dimensions can be 
designed for practically zero pulsation; also, that the noise usually 
disappears when such poles are substituted in noisy machines of 
the type described by the authors. 

We have observed a number of cases of other types of tooth- 
frequency noise in synchronous machines,—^notably: 

(1) Cases involving poles having little or no pulsation, but 
with a decided tendency to have the flux, and pull, swing from 
side to side of the pole piece,—the number of slots per pole being 
an integral number plus one-half. 

(2) Cases intermediate between these and the type described 
by the authors, in which the flux-swinging action and the pulsa¬ 
tion effect are cumulative. 

(3) One case of tooth-frequency noise which was almost 
entirely dependent on load current in the stator, and which 
seemed to be associated with the use of a very nearly but not quite 
integral number of stator slots per pole per phase. 

The first and second types responded to the same kind of 
treatment as I have described for simple pulsation; the load 
noise was eliminated by changing the number of stator slots. 

€• E. Ktlbourne; The paper by Messrs. Graham, Beck¬ 
with, and Milliken states that the stator is the chief source of 
the noise generating vibrations^ but that the rotor may also 
contribute to the trouble. In a number of observations made on 
machines having several types of rotors, cast laminated steel 
plate, circular disk centers with welded rims, and keyed rims with 
structural centers, I have never found a case where the noise could 
be traced directly to the rotor. An analysis of the noise frequency 
and the stator vibration frequency has shown them to coincide 
and a stethoscopic analysis of the stator itself has always, with 
the exception of localized resonant areas, yielded an increase in 
the volume of noise as the stator core was approached. I should 
like to ask the authors if in their experience they have found 
eases where the rotors did vibrate and how they assured them¬ 
selves that it was the rotors. The authors give some equations 
for the frequencies of rotor vibration and state that approximate 
resonant frequencies can be determined. I should like to ask if 
the approximations so obtained are close enough for actual use. 

The paper shows that the effect of the traveling waves of 
force on the stator is to produce an elliptical distortion of the 
frame. It states Timoshenko’s equation of such vibration as 
applied to a thin ring and uses the results to determine the 
natural frequency of the stator. This application is justifiable 
as a first approximation and gives good results for a small 
number of nodes; but as the number of nodes and consequently 
frequency increases, some of the assumptions made in the de¬ 
duction of the equations, lead to results containing considerable 
error. 

Timoshenko’s equation is based on the assumption that the 
cross-sectional dimensions of the ring are small in comparison 
with the radius of its center line. A more general equation for 
the vibration of a homogeneous ring has been obtained by Mr. 
A. L. Ruiz as part of an investigation on stator vibration now in 
progress. This equation is limited only by the following assump¬ 
tions. 

1. A stator frame may be treated as a thick circular ring of 
uniform cross section. 

2. The cross section is made up of punchings, air, and 
structural parts. 

3. The neutral axis of the section passes through the center 
of gravity. 
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4. The energy of deformation of each cross section is 
negligible. 

5. There are no damping or frictional losses. 

6. There are suspended masses at a distance from the center 
of gravity which move with the section, adding to its kinetic 
energy, but not adding to its stiffness. 

The first two assumptions are necessary to justify the applica¬ 
tion of the equation to a frame having feet. Experimental results 
have shown that these approximations do not introduce much 
error if the frame is of the type usually used in low-speed ma¬ 
chinery. The next three assumptions seem justifiable from the 
physics of the problem. The last assumption is in accordance 
with the conclusions drawn by the authors of the paper, namely 
that the laminations add to the weight of the section but do not 
add to its stifiness. This statement must be modified as the 
frequency increases. At low frequencies, where the wavelength 
is long, it is practically true, but as the frequencies become higher, 
and the wavelengths shorter, the laminations do add stiffness to 
the frame. 

The method of attack is to set up expressions for the potential 
and kinetic energies of deformation of a circular ring. The 
general expressions for these are: 
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Hamilton’s Principle, namely 
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is then applied and the resulting expression is solved for a par¬ 
ticular solution involving w, which is 2 TT times the vibration 
frequency, and n which is the number of nodes in the circum¬ 
ference. The general expression is: 




This expression is unwieldy to handle though perfectly possible 
of solution. Numerical substitution for a given value of n will 
yield a cubic in the smallest positive root of which is the desired 
result. 



Fig. 2—^Nodb Location pob Six-Node Vibration, Force 
Applied at A 


A number of approximations which approach Timoshenko’s 
assumption and eventually reduce to it, considerably simplify 
the labor of calculation. If we treat the motion as being inex- 
tensional letting s = 0, the result is: 
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If in addition shearing deformation is neglected, there is: 
(n> - 1)» + 2 JIf (»« - 1) + p o (n» + 1) I 


EI 

- (n* - 1)» = 0 (7) 
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If the dead we^hts are also neglected there is; 


(n’ - 1)* + P o (n* + 1) 


El 

(«* - 1 )» = 0 
a’ 


( 8 ) 

And finally if rotary inertia is neglected the solution becomes 
Timoslienko’s eq.uation: 


p a (n» + 1) («* - 1)’ = 0 


(9) 


Details of the solution are not given here as it is hoped that 
•when the investigation is complete there -will be sufficient useful 
information to make publication of the 'whole advisable. 
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In our study of the phenomena a number of commercial stator 
frames complete but “without coils were set up in a laboratory 
and vibrated by means of a magnet excited from a vtwriable fre-“ 
•quency source. Applied frequency was varied from 60 to nearly 
1,000 cycles and whenever a resonant point was detected a 
detailed study of the frame was made. With resonant frequencies 
applied a stethoscopic examination of the punchings, side plates, 
and wrapper plate showed that the frame was vibrating as a 
"v^ole, and the nodes were thus located more accurately than 
they could have been by hand. Amplitude-frequency curves 
taken at these points showed the nature and range of the resonant 
condition. In aU cases the lower numbers of nodes were located 


as if the frame were a true ring, thereby justifying the first two 
assumptions. As the frequency was increased the effect of the 
feet became more pronounced and a shifting of the nodes from 
symmetrical positions resulted. 

Results obtained on a frame used for about 200-hp., 300 r. p. m. 
motors are shown in a number of figures. Pig. 2 shows the loca¬ 
tion of nodes for six-node vibrations. The results of amplitude 
frequency measurements for the 4- and 6-node vibrations are 
shown in Table I and the latter plotted in Fig. 3. The general 
shapes of these curves check well with similar results obtained 
by the authors of the paper. A plot of resonant frequencies 
against number of nodes was made and compared with the 
theoretical results obtained from equations (5), (6), (7), (8) and 
(9). This is shown in Fig. 4. It will be noted that as the ap¬ 
proximation approaches the true equation, the error decreases. 
Therefore, if is logical to expect that the use of equation (9) will 
generally lead to considerable error. 

TABLE I—resonance CURVES 


Pour-node 

frequency 

cyclos/sec. 

Vibration ampU- 
tude corrected to 
constant force 

Six-node 

frequency 

cycles 

Vibration ampli¬ 
tude corrected to 
constant force 

156. 

.0.046. 

_370 . 

.0.145 

168. 

.0.167. 

....372 . 

.0.216 

160. 

.0.890. 

....374 . 

.0.260 

161. 

.1*388. 

....376 . 


162. 

.4.33. 

....377.6. 

.0.430 

163. 

.1.48 . 

....379.6. 

.0.680 

166. 

.0.980. 

....382.8. 

.0.434 

166. 

.0.668. 

....386 . 

.0.216 

170. 

.0.206.. 

.389 . 

.0.142 

174. 

.0.117 



Maximum force.33.0 lb... 

....Maximum 

force_68.0 lb. 


In conclusion, I wish to express my belief that frame resonance 
is an important contributor to synchronous machine noise, and 
that the authors have made a valuable addition to our knowledge 
of the noise problem. 

Nomenclature 

a = radius of neutral axis of ring, 

0 — angular coordinate of any point P on the neutral axis. 

u = normal displacement of p, positive inwards. 
w = tangential displacement of P. 

xb 

— = slope of deformed curve when the frame is in vibration 

^ (shear neglected). 

e « extension of the neutral axis. 

i. = time. 

p = mass of ring and added weight per unit length of are of 
neutral axis. 

I = area moment of inertia of ring section, 

J mass moment of inertia of unit cross section of ring and 
added mass, about the center of gravity of the ring 
section. 

M = moment of mass per unit length of added mass about 
center of gravity. 

T « totalkineticenergy of vibration. 

V = total potential energy of deformation. 

E = Youngs modulus. 

G = modulus of rigidity. 

A = cross-sectional area of ring section. 

Aj' « shear factor for cross section. 

II AG . 

bending moment at P. 

Q « shear at P. 

8 «= tension along neutral axis at P. 
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J« A. Jackson: It seems to me that we are not going to 
comiilotely solve oiir noise troubles in buildings until there is a 
much closer cooperation between the electrical industry ^ and the 
architects and consulting engineers. There has been a strong 
tendency within the last few years to reduce the cost of buildings, 
t.he result, being to make them much lighter and with much 
thinner walls, doors, and ceilings. Little attention seems to be 
paid to the fact that this makes them vibrate more readily and 
act as sounding boards. Therefoi’c, the problem of preventing 
objectionable noises in inhabited space is a more ditlicult one. 
This fact does not sooni to be fully recognized by many of those 
in the arcliit<Kd.ural and building engiiiooring professions, with 
the result that when a noise complaint docs arise the machinery 
manufacturer is asked and expected to bear all expense for 
curing the trouble. 1 think it is generally agreed that rotating 
electrical macjhincry and, for that matter, most other rotating 
macjhinery cannot bo made absolutely noiseless without incurring 
a prohibitive cost and being unduly largo and, that all inanu* 
facturers are now doing a good job in making their equipment 
as quiet as is coinnK3rcialIy possible. 

It. is tli(^ duty of the architects and ongineors to so design and 
ttcousti(jally treat their buildings so that such noises as do re¬ 
main in th(^ el(}ct.riol machinery will not bocomo objectionable. 
Electrical engineers should do all they can in the necessary 
<jooperative and educational work with the architects and 
building Cjiigineers to bring about this much desired condition. 

£• Stevens: Vibration and noise have always existed in 
power plants, but with tho adoption of the lighter forms of 
switcli})oard manufactured of stool, those have fiome to have a 
more than unpleasant signilioance. We have had in one ease 
a false operation of a relay which dumped a load of some 2,000 kw. 
Another instance may be cited in which the false operation of 
tho relay dumped a load of 120,000 kw. Tho false operation of 
th(3 relay was caused by vibration in the panel of the switch¬ 
board. Tho vibration in tlie building was not of such a magni¬ 
tude as to cause any complaint. Tt was just the ordinary 
vibration which is common in the modern power plant. Drastic 
sK'ps worc3 taken to remedy those conditions. In one case the 
relays were moved to an entirely difiPorent switchboard. In 
another case, they wore set up first to twice the gap and later to 
four time.s the gap at which they were designed to operate. 

The false operation of relays is not the only difficulty which 
attends vibration in a switchboard. The graph drawing instru¬ 
ment and the integrating instruments sufTer inaccuracies in 
tluiir measurement and require frequent attention to keep them 
in ormrating condition* In some cases jewel bearings have 
been injurcjd and broken. Our organization felt that this was a 
matter which called for a rather thorough investigation, the 
purpose of which should bo to determine the source of vibration 
and the mode of propagation from tho source to the switchboard; 
and if possible tlie magnitude of vibration under which instru- 
memts wotdd operate successfully. In order to make tho study 
as liroad as possible we invited and secured the cooperation of 
Sargent and Lundy of Chicago. A group of five men was 
organizod into a surveying committee. In ten stations visited 
measurements were taken of vibration of noise; tests of fre¬ 
quencies; and a very searching examination for minute vibrations 
which are too small to register on the usual vibromotors. In 
one case, records were also taken with a vibrograph. There 
wore probably over live thousand observations, which have yet 
to be assembled in proper form for determining the parallels 
and div(5rgencies in the various indications. 

Dclimte measureraents indicate that noise is accountable in 
cc3rtain cases for at least a part of the vibrations in switch¬ 
boards and sometimes in much heavier structures. It is, there¬ 
fore, necessary that a measuring instrument which is to be 
fully useful in surveying the effects of noise in a power plant, 
should not only measure tho effect upon tho human ear or tho 


auditory effect, but should also be prepared to measure its 
probable vibration effect on the physical elements of the plant. 

It is a well-known fact that a resonant condition will greatly 
magnify any impressed vibration. In the study of one of our 
plants we found three conditions in our switchboards; when the 
board was first delivered the blank panels had a vibration fre¬ 
quency of ajjproximately 26 cycles per second. This is below 
the frequency of the vibrations impressed by the machine which 
operated at 1,800 r.p.m. or 30 cycles per second, but is too close 
to this frequency for a satisfactory quieting of the vibrations. 
The board was found to vibrate violently in certain places but 
no measurements were made. The manufacturer suggested the 
addition of certain sjtiffeners. These were applied and this 
condition changed the vibration period of the panels to some¬ 
what over 40 per second. This is sufficiently above the fre¬ 
quency of the machine so that a rather small vibration might 
have been expected except for the fact that many of the panels 
are loaded with equipment which tends to lower their frequency. 
This is the purpose of the panel, that is, to support equipment. 
Further study of the natural frequency of the panel revealed 
the fact that the relays whicli had suffered most from the vibra¬ 
tion wore almost exactly the correct weight to bring the frequency 
down from somewhat over 40 to 30 per second, or in perfect 
resonance with the frequency of the impressed vibration from 
the turbine. 

The relative magnitude of some of these vibrations is shown 
in the following figures. In one of the plants the turbo generator 
had a maximum transverse vibration of 1.4 mills (thousandths 
of an inch). In general the floor of the operating room had 
smaller vibrations than this, or a maximum transverse vibration 
of one mill. The floor immediately around the switchboard 
and on which the switchboard rested had a maximum transverse 
vibration, that is to say, a vibration normal to the plane of the 
panels of the board of 0.4 mills. The switchboard relay panels 
had a maximum vibration of 20.0 mills at tho point before 
mentioned as being in resonance. 

Trouble is also experienced with the vibration of the modem 
type of steel office furniture. A desk on the floor of the room 
in which the vertical vibration is 0.4 mills was found to have a 
vibration at the point where the chief operator was expected to 
write of 4.5 mills. This was rather a poor place on wiiich to 
write but the effect on the telephone was even worse. It broke 
up the speaker’s voice into a series of beats which were absolutely 
unintelligible tio the listener at the other end of the wire. It is 
suspected that some of this vibration might be due to air borne 
waves or noise. Tlie human ear does not appreciate air borne 
waves of low frequency although many can hear distinct sound 
vibrations as low as 28 per second. There is no reason to believe 
that because these loAV-frequenoy atmospheric vibrations are 
not heard that they may not be present and may not influence 
structures which may be in resonance with their frequency. 
At one station measurements were made on the switchboard in 
the operating room, following which the doors between the 
operating room and the turbine room were opened. An in¬ 
crease in the sound readings taken with a Western Electric 3-A 
audiometer was 30 per cent. The increase in the amplitude of 
vibrations of tho panels was approximately 20 per cent. 

Noise conditions present a practical problem calling for 
immediate and perhaps drastic steps to overcome the conditions 
which have arisen from the step-by-step reduction in weights 
of mechanical equipment and structures. The manufacturers 
are not being accused of skimping their work but the reduction 
of weights is a natural evolution brought about by the necessity 
for loss weight per kilowatt if machines of the vast magnitude of 
today are to be manufactured. 

Designers of power plants, engineers, and designers of ma^ 
chinery and equipment should assemble into an organized body 
which will attack this problem and correlate the point of view 
of the two interests involved. 
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E. H. Hull and W. C. Stewart* Mr. P. E. Stevens in his 
discussion describes the excessive vibration of a switchboard 
panel due to forces transmitted to it both through the air and 
through the foundations. Such vibration can be limited by the 
proper use of an elastic mounting. Fig. 2 of the paper shows 
the transmissibility € as a function of the ratio of the disturbing 
frequency to the natural frequency of a mounting. € may be 
either the ratio of the force transmitted to the foundation to 
the disturbing force or the ratio of the amplitude of an elastically 
mounted body to that of a vibrating foundation.* 

The latter case, of course, applies to the mounting of a switch¬ 
board panel to isolate it from foundation vibration. The 
switchboard, as originally installed, had a natural frequency of 
26 cycles, which presumably was due to elasticity in the mounting 
of the panel. This gives a frequency ratio of 1.15. Referring 
to curve marked h - 0.5 in Pig. 2 of the paper, this ratio gives 
€ = 1.8. The panel was then stiffened until the natural fre¬ 
quency reached 40 cycles. This gives a frequency ratio of 0.75 
and again e =1.8. Therefore, the motion of the panel would 
be exactly the same after stiffening as it was originally. Further 
stiffening would reduce the panel amplitude slightly until for 
an infinitely rigid mounting e = 1.0 or the panel has the same 
amplitude as the fioor. 

Thus no amount of stiffening could reduce the panel ampli¬ 
tude below that of the foundation. On the other hand, by 
decreasing the mounting stiffness and lowering the natural 
frequency to 10 cycles, the frequency ratio would be 3.0 and e 
would be reduced to 0.24. This means that the panel amplitude 
would be about M of that of the foundation. 

If the panel vibration is due to air borne forces alone, a very 
rigid mounting would be desirable, providing that resonance 
occurred somewhat above the disturbing frequency, as the 
motion of the panel would be zero for infinite stiffness. In the 
case of large air forces, where the foundation vibration is negligi¬ 
ble, relays and instruments may be supported elastically from 
the panel, as the air force on them would be small due to the 
small area. If still better isolation is desired, the instruments 
could be elastically supported within cabinets fastened to the 
panel. The elastic support would isolate the vibration of the 

♦See **Influence of Damping in the Elastic Mounting of Vibrating 
Machines,*’ by E H. Hull presented at the Applied Mechanics Meeting 
of the A. S. M. E., Purdue University, Jimo 16,1931 


board from the instruments and the cabinet would protect thorn 
from airforces. 

Sterling Beckwith: The rule for frequency of t.he stator 
vibrations given by Mr. H. D. Taylor is the same as the rule 
developed in the paper, but has been further simplified. This 
simplified rule is: vibration frequency = twice line frequency 
[integer nearest to the number of slots per pole]. 

Fig. 1 of the discussion by Mr. R. E. Pumplirey is very valu¬ 
able, although one must not regard it as indicating a “cure-all” 
for any type of machine, as the ratio of maximum gap to mini¬ 
mum gap, and the number of slots per pole usually cannot be 
varied to reduce per cent pulsation without undesirably affecting 
other machine characteristics such as load loss, pole-face loss, 
machine size, core loss, telephone interference factor, etc. 

Noise due to resonant vibration of parts of the rotor has been 
identified only by “circumstantial evidence” as it is exceedingly 
difficult to measure actual vibration of a rotating structure when 
vibration amplitudes are only a few mils or less. The circum¬ 
stantial evidence may be listed as follows: 

1. Changing spider construction on a line of machines built 
of the same parts has been found to affect probability of certain 
types of noise in the machines. 

2. Six slots per pole has been found to cure tooth frequency 
noise on a certain size machine with a six-arm spider, which 
machine is noisy with four and a half slots per pole; whereas, on 
a similar, but slightly smaller machine with a four-arm spider, 
six slots per pole was noisy and four and a hall* slots per pole was 
quiet. The formulas for rotor resonance given in the paper 
indicated that the above resull.s could have been anticipated. 

3. Where tooth-frequency noise has been due to the statoi*, 
the vibration has been easily detected, so that wIkju similar 
machines are noisy without any type of stator vibration of a 
comparable order of magnitude, the rotor must be the source of 
the trouble. 

The work of A. L. Ruiz in obtaining an exact mathomaliical 
solution for resonance frequency of different modes of st.at.or 
vibration is very valuable. The graphical summary in Fig. 4 
shows at a glance both the relative error in the simple fonnula 
and the accuracy of the complete formula. It is hoped that the 
possibility of publishing the details of Mr. Ruiz^ work and the 
results of the complete investigation of whicli this work is a part 
will become a reality in the near future. 



Lightning 

Characteristics of Lightning—-Induced Voltages—-Direct 
Strokes—Coordination—Transmission Line Design 

BY F. W. PEEK, Jr.* 

Fellow, A. I. B. E. 


I. Introduction 

I T is the purpose of this paper to show how the various 
characteristics of lightning can be obtained from 
measurements on lines, and how the results can be 
applied in design. OseiUograms of traveling waves give a 
remark(d>ly complete and easily read story of the life and 
characterisHcs of Oie lightning which produces them. For 
example, such oscillograms give data from which the 
height, the time of discharge, the current and the volt¬ 
age of the clouds producing them can be estimated. 
Induced voltages on any given transmission line can be 
found from these data. Direct stroke and induced 
voltages can be determined from direct-stroke currents, 
etc. Many measurements have been made during the 
past five years on the lines of the Pennsylvania Power & 
Light Company, the American Gas & Electric Company 
and elsewhere. 

In making the analytical study, curves are plotted 
showing how voltage, time, and current are numeri¬ 
cally interrelated over a wide range, for compari¬ 
son with measured values from which the actual 
limits must be finally determined. Lightning measure¬ 
ments are very difficult; many are known to be 
accurate, while others are still uncertain. It is not 
possible, for instance, to fix the range of direct-stroke 
current until further measurements are available. 
Although some numerical values will probably be 
modified and their relative importance changed, as the 
reliability of field measurements is improved, the 
methods of analysis will remain unchanged and valuable 
in interpreting and utilizing data. This study should 
also point the way for future experiments. To avoid 
confusion, the derivation of the mathematical equations 
has been confined to the appendix or references in the 
Bibliography. Some actual designs are made for pur¬ 
pose of illustration. 

II. Voltages on Lines and Methods op 
Controlling Them 

Induced Voltages. Since voltages on lines are caused 
by induction or direct strokes, it is of practical impor¬ 
tance to be able to estimate the numerical value of these 
voltages for different tower designs. When voltages 
occur by induction they are of a polarity opposite to 
that of the cloud and can be calculated by the following 
formula^’**’ 

__ V = gha (1) 

*Chief Engineer, General Electric Co., Pittsfield, Maes. 

1. For references see Bibliography. 

Presented at the North Eaelem District Meeting of the A. I. E. E., 
Rochester, N. Y., April 89-May S, 19S1. 


Where V is the voltage above ground, g is the gradient 
in volts per foot established by fairly good measure¬ 
ments to be about 100,000. a is a factor depending 
upon the time of cloud discharge and distribution of 
bound charge and is always less than unity. Values of 
a calculated from the rate of cloud discharge and used 
in former calculations are given in Fig. 1. The ex¬ 
ponential rate of cloud discharge used in these curves 
probably more nearly represents actual conditions than 
any other, a is the factor for the induced voltage 
during the forming period at the origin, while a' is for 
the resulting free traveling wave.* In order to use 
these curves to determine a, and thus the induced 
voltages possible or probable, it is necessary to have 



Pig. I —a FOB Induced Voltages (Exponential Discharge) 


measured values of the time of the cloud discharge. 
As already mentioned, cathode-ray oscillograms of 
traveling waves of induced lightning voltages taken 
reasonably near the source of the disturbance, and not 
badly distorted by sparkover, losses or refiections give 
practically the complete life history and characteristics 
of the stroke. In fact, the time from zero to crest is a 
measure of the length of bound charge, while the time 
from crest to zero on the falling wave is the time of 
doud discharge. The equivalent distance for one-half 
the time to crest also approximates the height of the 
doud. 

There is a large number of such osdllograms vrith 
voltage and polarity available. Fig. 2 (inset) is a typical 
wave shape for a large group of these oscillograms. 
From this osdllogram the time of discharge is 11 micro¬ 
seconds. The length of the bound charge is 4 micro- 
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seconds or 4,000 ft., while the height of the cloud is 


4,000 

2 


2,000 ft. 


the voltage during the fonning period by the ratio of 
a' 

-• Traveling waves are also rapidly reduced by 


When the waves become distorted the front is not of 
value in obtaining information on the cloud height or 
length of bound charge since the values are too high. 
The lengthened tail would indicate a longer time than 
actually obtained. However, an approximation of the 
time of discharge is twice the time from crest to half 
voltage on the tail. Only the first loop is of interest 
for this purpose. A wave often persists for a number 
of loops due to refiections, etc. The complete wave 
is important from the standpoint of internal stresses in 
apparatus. The total length of a direct-stroke wave, 
if not completely chopped by an insulator sparkover, 
would indicate the time of discharge. 

Measurements of a large number of oscillograms of 
ligh tn i ng voltages obtained in Pennsylvania and Ohio 
are given in Table I and plotted in Fig. 2. This curve 
includes all voltage oscillograms not causing line spark- 
over. The majority of the waves in Fig. 2 are of (-|-) 
polarity and probably induced. A boimd charge vary¬ 
ing from one to several thousand feet in length and a 
cloud height varying from 500 to several thousand feet 
are indicated. The voltage of the lightning bolt can be 
estimated by multiplying the height by the cloud in 
feet by 100,000 the gradient. This gives 150,000,000 
for a 1,500-ft. cloud. While great accriracy is not 
claimed, these data give the best available information 
on the time of cloud discharge. The time for the volt¬ 
ages to reach maximum on a short antenna is also a 
measure of the time of cloud discharge. Very little 
data are available from tiiis source, but ten readings 
give a cloud discharge time of less than 5 microseconds. 



Pig. 2—Mbasuebd Time op Cloud Discharge 

u, „.0., 

**”“ oldMiatge aeeurale 


‘tale, values of 



^ “ 2.000,OOoT rrS 

The voltage of the free traveling wave is lower thi 


attenuation. The voltages in Table I, measured at a 
considerable distance from the distimbance are there¬ 
fore much lower than at the source. Since the object 
of Fig. 2 was to determine the time of cloud discharge, 
low-voltage values not causing sparkovers and as free 
as possible from distortion were purposely selected. 


Fig. 3—.Vaeiation op a with Lightning Currents and 
Time op Cloud Discharge for Dippebent Cloud Heights 

. (Based upon point cloud and linear rate of cloud dlschargo) 



When the time and manner of the discharge is fixed the 
current is also fixed. In this study two tsrpes of dis¬ 
charge, exponential and linear, approximately repre¬ 
senting respectively the maximum and minimum 
current range, are used. An example is of interest. 
Assume a cloud 1,000 ft. high and a 10 microsecond 
time of discharge. For exponential discharge, oc from 
Fig. 1 is 0.28. The corresponding induced voltage on a 
line 60 ft. high is 1,400 lev. See Fig. 6. The current 
corresponding to a from Fig. 3 is about 400,000 amperes. 
The current re<iuirements are thus quite large and con¬ 
firmation by actual current measurements is necessary 
before final conclusions are drawn. In this connection, 
the fusing effects of high currents for short times shown 
in Fig. 14 are of into'est. See Section III. For a 10 
microsecond linear discharge, a from Fig. 3 is 0.10, and 
the corresponding current value is 170,000 amperes. 
For a given current, the induced voltages for both types 
of discharge are the same but tiie time for the linear 
discharge is one-third that of the exponential. 

The range of a can be arrived at by starting from 
direct-stroke current measurements instead of time. 
In fact, certain direct stroke and induced voltage rela¬ 
tions are interdependent and one cannot be changed 
without consideration of the other. An instrument 
which records only when the current is considerably 
above the maximum value possible by induced voltages, 
was developed to differentiate between induced an(i 
direct-stroke currents in towers. As tiie readings are 
proportional to the current in the tower, the use of the 
instrument has been extended to current measure- 
m«its.“’^* While readings as high as several hundred 
thousand amperes are indicated, further calibration is 
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TABLE I—MEASURED TIME OP CLOUD DISCHARGE 


American Gas & Electric Company—1929 
Penn. Power & Light Company—1929 


OticUlu^ratu luiiubur 

(IJ 

Measured time 
cif cloud (ILscharii^o 

M «(JC. 

Waves not Coincident with Ti4p-out (See Pig. 2) 

Approximate per cent 

Waves over 

Voltage Polarity 60 fi sec. All waves 

a 

(Prom Pig. 1) 
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(2) Waves Ooincident with Trip-out 
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necessary. This instrument has shown the polarity 
of most direct strokes to be (—). One measiirement of a 
direct-stroke current from a different source and made 
in an entirely different manner indicates 160,000 
amperes and about 30 microseconds time of discharge.” 
For a 1,000 meter cloud discharge, a is 0.10 from Fig. 1. 
The current corresponding to a = 0.10 and H = 1,000 
(from Fig. 3) is 170,000 amperes, a remarkably good 
check. However, further data are necessary before 
definite conclusions can be drawn. 

Values of a, based upon linear discharge,'f or various cur¬ 
rents and cloud heights are given in Fg. 3. The comes- 
ponding values of time for cloud discharge are also given 
in the curve on the left hand side of the fiigure. Values of 
current for exponential discharge can beobtained by find¬ 
ing a for the given time from Fig. 1 and reading the am¬ 
peres from the right hand curve in Fg. 3. It is of interest 


that a value of a of 0.7 obtains when the time of doud 
discharge is equal to the time for a wave to travel from 
cloud to ground. This should be the maximum posable 
value of a. The actual maximum may be 0.45 or that 
corresponding to the time required for the wave to 
travel from cloud to ground and return. The extent 
that this range of values occurs in practise can only be 
determined from observations. A further examination 
of the curves shows that very low values of a can be 
obtained for special cases. In an example frequently 
cited as a proof that only very low induced voltages are 
possible, the special case of 200,000 amperes and a 5,000 
ft. cloud height was taken.' This gives a value of a 
(from Fg. 3) of 0.024 or a voltage of 120,000 on a 50-ft. 
line. The calculations were really made as in equation 
(1). The assumption of a 5,000-ft. cloud is largely 
responsible for the low valuesi The time of cloud dis- 
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chaise for this particular case is 200 microseconds. 
The wide range of possibilities illtistrated in Table II 
shows that it is unsafe to generalize from a special case. 

TABLE It—VARIATION OF INDUCED VOLTAGES WITH 
DIFFERENT ASSUMPTIONS AS TO CLOUD HEIGHT 
AND LIGHTNING CURRENT 


LINEAR DISCHARGE 
Line 50 ft. High 
(No Ground Wires) 


Cloud 

height 

feet 

Lightning 

current 

amperes 

(assumed) 

a 

(calculated) 

Induced 

voltages 

kv. 

(calc.) 

Approximate 
time of 
discharge 

jLtsec. 

(calc.) 

500.... 

....600,000. 

...0.70 _ 

.3,600.... 

. 0.5 

1 ,000.... 

....600,000...,. 

...0.36 _ 

.1,800.... 

. 3. 

2 ,000.... 

....600,000. 

...0.18 _ 

. 900.... 

. 11. 

500.... 

_200,000. 

...0.24 _ 

.1,200.... 

. 2. 

1 ,000.... 

.,.,300,000. 

...0.18 . 

. 900.... 

. 6. 

2 ,000.... 

....300,000. 

...0.09 . 

- 450.... 

.22. 

♦5,000.... 

... .200,000. 

...0.024. 

- 120.... 

.200. 


Line 80 ft. high 



(No Ground Wires) 


500_ 

_600,000. 

..0.70 . 

-5,760.... 

. 0.6 

1,000 _ 

....600,000. 

...0.36 . 

.2,880.... 

. 3. 

2,000 _ 

....600,000. 

...0.18. 

-1,440.... 

. 11. 

1,000 . 

... .300,000. 

..0.18 . 

_1,440.... 


*5,000. 

... .200,000. 

..0.024. 

- 190.... 

.200. 

T 

» —a/~ 


0 .6/ 

60/ 


1000 

— 1 Of *= 

1000 H ^ 

oH 


500.. .. 
1 . 000 ,... 
2 , 000 .... 

500.. ., 
1 , 000 .... 
2 , 000 .... 


EXPONENTIAL DISCHARGE 
Line 50 ft. High 

... .200,000.0.25 1,260. 

.... 410,000.0.25 1,260 

....840,000.0.25 .1,250. 

Line SO ft. High 

-200,000.0.25 2,000. 

-410.000.0,25 2,000. 

-840.000.0.25 2,000. 


. 90.000.125.1,000. 12 

‘•‘XM.195.000.125... i (Wi .09 

. .125.!!i!ooo!!:;.';: ;; 45 .’ 

H = Cloud height in feet, 
f * current in amperes. 

9 « volts per ft.—100.000. 

♦Special case frequenUy cited (See BlWlography No. 5 ). 

induced voltage values based upon as- 

f® II lor a 50-ft. and 

80-ft. conductor height (from Figs. 1 and 3). 

Equation (1) becomes 

y = gh a (a ( 2 ) 

wten the ground wire protective ratio factor .<o is added. 

9 = 100,000 
= 100,000 ft a 0) 

V - lightning voltage 

or mO, high ^round^ 

«oatedt-l*h”SS 

a = usually less than 0.5 ^ 


The polarity of the induced voltage is opposite to 
that of the cloud. 

A large variation of a and induced voltages is possible 
for the values of current and cloud height assumed. 
The lightning sparkover for a 230-kv. line with 14 sus¬ 
pension insulator units and the }4/5 wave is about 
1,950 kv.; the corresponding voltage for the lJ^/40 
wave is about 1,300 kv. The effects of the }4/5 labora¬ 
tory wave correspond to steep or short lightning waves; 
and the effects of the 1 J^/40 laboratory wave to the less 
abrupt and longer lightning waves. It is believed that 
the 1)4/40 waves apply more generally to the lower, 
voltages. Table II shows that under certain assump¬ 
tions induced voltages caused by nearby strokes to 
ground could exceed the line insulation strength and 
cause sparkover of high-voltage lines. It also shows 
that imder other assumptions nearby strokes could 
occur without causing sparkover on such lines. This 



100 200 300 400 500 600 700 80G| 

CURRENT IN THOUSANDS OF AMPERES 

PiQ. 4 —Voltages Induced on Lines 50 Pt. and 80 Pt. High 
FOR Various Lightning Currents from a 1 , 000 -Pt. Cloud 

seems to account for conflicting reports or observations 
on the magnitude of induced voltages caused by nearby 
lightning strokes. With ground wires the above volt¬ 
ages could be reduced to one-half or less. 

Table II and Fig. 4 indicate that a line insulated for 
230 kv. (14 to 16 units), and without ground wires, 
could have occasional ^arkovers by induction; that it is 
unsafe to assume induced voltages negligible until more 
data are available; that the addition of ground wires 
should eliminate sparkovers caused by induction; that 
higher lines or lines of the same height but with less 
ii^ulation should have ^arkover unless special ground 
wire arrangements are made. 

A ground re^tance of less than 50 ohms is desirable 
from the standpoint of induced voltages. For this 
resistance the ground wire efficiency is reduced in the 
order of 25 per cent. It is indicated later that resis¬ 
tances ^ low as 5 ohms might be desirable from the 
standpoint of direct strokes. 

Fig. 4 shows the induced voltages on lines 50 ft. and 
80 ft. high corre^onding to various assumed li ghtning 
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currents from a cloud 1,000 ft. above ground. The 
sparkover voltages for different line insulation for the 
J4/5 and the 1J4/40 waves are also indicated. 

Kg. 5 shows the number of insulators necessary to 
resist induced lightning voltages calculated for various 
currents from a cloud 1,000 ft. high. These curves 
show that the proportion of sparkovers due to induced 
voltages would be expected to increase rapidly as the 
line insulation is reduced below 14 units when the insula¬ 
tion strength is based upon the ^/5 wave. The bene¬ 
ficial effect of the ground wire is also shown. 

In Fig. 6 induced voltages are plotted for different 
values of time of cloud discharge. Fig. 6 is of 
interest because by comparing with Fig. 2 the possible 
voltages due to measured values of time of cloud dis¬ 
charge can be obtained. Based upon the measured 
time of discharge, a cloud 2,000 ft. high and a line 50 ft. 
high, 10 per cent of the discharges could induce a volt¬ 
age over 2,600 kv.; 20 per cent over 1,600 kv.; 40 per 
cent over 1,150 kv.; and 60 per cent over 800 kv. The 
data given in Table I were, in most cases, for waves 
originating a number of miles from the oscillograph. 
Due to distortion, the actual time is shorter than mea¬ 
sured. Most of the waves in Fig. 2 were ( -|- ) and 
probably induced. The voltages at tiie source were 
probably over twice the measured values. A similar 
study was made of the front of waves.“ The data are 


Direct Strokes 

Chance of Being Struck. The chance of a line being 
struck increases with increasing height of line. On a 
flat plane without projections, a tower may be hit when 
the distance from the projection of the storm center is 
less than four to ten times its height. This factor is 
based on the assumption that the nearest object will be 
hit and has been called the direct hit ratio, r.®’® Tests 



Fig. 6—^Voltages Induced on Lines 50 Ft. and 80 Ft. High 
FOR Different Values op Time of Cloud Discharge 

made on models in the laboratory check this ratio. The 
higher the cloud compared to the line, the greater this 
factor. The ratio r for different cloud-tower ratios is 
given in Table III. 

TABLE III—DIRECT-HIT RATIO 



Fig. 5—^Number of Standard SJ^-In. by 10-In. Suspension 
Insulators 

Necessary to resist induced lightning voltages caused by various currents 
from a l, 000 -ft. cloud 

given in Table IV. An average clpud height of 1,600 
ft. is indicated, with a range of 500 to 5,000 ft. 

It can be concluded that: 

1. Low lines are desirable. 

2. Ground wires dre desirable. 

3. As the insulation is reduced or the conductor 
height increased, induced voltage sparkover becomes 
inCTeasingly important. 

4. Induced voltage troubles can be eliminated by 
ground wires. 

6. Measurements made from cathode-ray oscillo¬ 
grams give data for estimating the induced voltage 
on any line. Further measur^ents are necessary to 
establish numerical values definitely. 


Cloud height H 
Tower h( 3 lght " T 


60 . 10 

40.9 

30.7.5 

20 . 6 

. _ 10 . 4 _ 

Danger zone when storm center is over a strip 2 r p ft. vride with towei 
as center. 

The direct-hit ratio r is approximate and corresponds to the ( — ) cloud. 
The danger zone is less with the ( + ) cloud. This seems to be due to 
the fact that corona streamers from a ( + ) point (tower) are of much 
greater length, and thus more directive than from a ( — ) point (tower). 
For a ( + ) cloud the direct-hit ratio of four corresponds to an if/p ratio 
of about twenty. For laboratory tests see Bibliography reference 3 » 
p. 289. 

An example of the use of Table III follows: 

With a ground wire or tower 50 ft. high and a cloud 
1,000 ft. high 



andr = 6 


A direct stroke may go to the ground or to a 60-ft. tower 
when the projection of the storm center comes within 
300 ft. of the tower. In this case, a direct hit may take 
place to the tower when it is above a zone 600 ft. wide 
with the line as center. For a 100-ft. towdr and a 1,000- 
ft. cloud this strip would be 800 ft. wide. 


_ 1,000 

V ~ 100 


10 


r = 4 


4 X 100 X 2 = 800 = width of danger zone 
The hazard is thus greater for the taller tower. 
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When there are projections on the plane the chance 
of a given object being hit is very greatly reduced as 
shown in Fig. 7. Fig. 7a shows that a lightning stroke 
may begin to hit the tower when x and y become equal. 
Passing to Fig. 7b, a tree half the height of the tower and 
liftif way between it and p would take the strokes since 



Pig. 7—Lightning Hazards 


the distance z would then be shorter than the distances 
y and x. The direct-hit ratio is approximate since it 
also depends upon polarity.® See note on Table III. 

It is thus apparent that trees of even moderate height, 
within sevCTal tower lengths of the line, very greatly 
reduce the danger zone and the chance of a direct stroke 
to the line. Furthermore, many lines are brought 
through a right-of-way with trees practically equal to 
the line height. The hazard of direct strokes to such 
lines should be very small. It is a good reason for a low 
tower since the hazard is reduced to a much greater 
extent than would be indicated by the direct reduction 
in height. This follows because the chance of being 

TABLE IV—PBEOBNTAGB OP LIGHTNING WAVES OP VARIOUS 
FRONTS MEASURED ON TRANSMISSION LINES 


Per cent 
of 

waves 

Measured 
wave 
front 
(jn sec.) 

Estimated 
front at 
origin 
ifji sec.) 

Olotid 

height 

Impulse ratio for broak- 
down^® on rising front 
of waves 

(Time from Oolumn No. 3) 

Insulators Gap 

20 ..,. 

.1. 

....0.5..... 

. .. 500. 

2 2 

f> , 1:1 

40.... 


_1.0. 

... 1,000. 

1 Q 

2 2 

50.... 


_1.5. 

, .. 1,500. 

1 7 

2 0 

60.... 


_2.0. 

.. .2,000. 

1 f> 

1 ft 

80. 



. .3.630. 

-1.5. 

..1.0 


hit depends largely upon the relative heights of the line 
and secondary objects. It should be pointed out that 
a tree can d^ect a lightning stroke or “attract” light¬ 
ning as readily as a metal tower because the charging 
takes place with small currents over a relatively long 
time. It also follows that the chance of any particular 
tower being struck does not depend upon its footing 
reastamce. The resulting voltage on the insulators 
following a hit does, however, depend almost directly 
on this resistance. ' 

Fig. 7e illustrates a line on a high point. If storms 
pass over such a point the hazard may be great. A 
consideration of the hazard of a line being struck em¬ 
phasizes the importance of a tower relatively low com¬ 
pared to trees, etc. 

lAne VoUayes Due to Direct Hits. Usually the tower 


is more likely to be struck than the line. When a tower 
is struck the resulting voltage from line to tower or 
groxmd wire, or across the insulator string, is 

Vs==KIR (3) 

Where A is a constant depending upon the tower and 
ground wire configuration, I is the current in the tower, 
which will be less than the current in tjie stroke by the 
current in the ground wire, and R is the tower footing 
resistance; 0.80 may be taken as ah average value of K 
for purpose of calculation.' 

This formula shows the importance of keeping the 
tower footing resistance very low if immunity from 
direct-stroke sparkovers is to be hoped for. It was 
shown above that a line with ground wires and 14 to 
16 insulator units should be free from sparkovers due to 
induced voltages. It is now of interest to test such a 
line from the standpoint of direct strokes to the tower. 
Assume I — 100,000 amperes in the tower 
K = 0.8 and R — AO ohms 

then V = 100,000 X 40 X 0.8 = 3,200,000 volts 
The resistance R measured by a megger or at low voltage 
will be somewhat greater than the high-voltage light¬ 
ning value. A heavy direct stroke with a 40-ohm tower 
footing resistance would thus cause a sparkover. Fur¬ 
thermore, it would be necessary to keep the footing re¬ 
sistance to about 20 ohms to prevent sparkover at 
100,000 amperes on a line insulated with 14 units. See 
Fig. 8. Thus: 

V = 100,000 X 20 X 0.8 = 1,600,000 volts 
If 400,000 amperes obtains in direct strokes a 6-ohm 
tower footing resistance would cause 1,600 kv. Since 
a given current is associated with a given time of dis- 
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8 —Lightning and 00-CycDB Spabkoveu op Insudator 
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charge, it is possible to estimate the current and thus 
possible direct-stroke voltages from the oscillograms 
discussed above. 

It is important to establish the actual range of direct- 
stroke currents by field measurements. For high currents 
a low resistance is necessary to make a line immune 
from outages due to direct hits at the tower. 

The maximum insulator voltage at the tower struck 
is limited by the footing resistance but the tail of the 
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wave is rapidly reduced by reflections on the ground 
wire from the towers on either side. This reduction 
begins when the wave on the ground wire has traveled to 
the other tower and back. For a 1,000-ft. span the 

2 X span 

time IS —— = 2 microseconds; for a 500-ft. 

span it is 1 microsecond. The effect is that of applying 
a shorter wave across the insulators for the shorter span. 
The sparkover voltage is, greater for the shorter waves. 
This is one advantage of the short span. Curves for 



Fia. {)—C^AI.CXJI.A’Tl'iD BuiiATION OF SUM OP TOWBH 
CutiitKNTs TO Totao ClnnuKUT IN Lioutnino BoIiT Fon Towbu 
WITH DiffbbbntFootino Rksiotancks 

(Fur moter luoaHtiring inaxiiiniin instantanoous crest currents) 

sparkover in Yi, 1, 2, and 4, microseconds are plotted 
in Fig. 8. The 1 and 2 microsecond waves correspond 
to the waves for 500- and 1,000-ft. spans respectively. 
It will be noted that the J^/5 laboratory curve falls 
between these values and should thus apply to direct- 
stroke sparkovers on the usual line. As already noted, 
when a tower is hit the total current of the stroke does 
not go directly to ground; part goes to ground through 
the ground wire to other towers. The division depends 
largely on the footing resistances. When the footing 
resistance is low, the total current of the stroke may be 
obtained approximately by adding the currents of the 
various towers. (See Fig. 9.) 

It might appear that in certain cases a direct stroke 
could be steep enough to produce sufficient voltage be¬ 
tween line and tower to cause sparkover even with zero 
footing resistance. This does not appear probable on a 
high-voltage line and the usual tower. On a 50-ft. 
tower the reflected wave would begin to reduce the 
voltage in about 0.1 microsecond. A front increasing 
at from 10,000,000 to 20,000,000 volts per microsecond 
would be necessary. 

Location of Ground Wire to Shield ConducUns from 
Initial Hits. The ground wire or wires should be at a 
sufficient distance above the line wires to “attract” the 
lightning and thus take the initial hit. The shielding 
effect of a ground wire depends upon its vertical height 
relative to the line wire, and to the horizontal distance 
between the projections of the two wires. If this 
horizontal distance is X and the vertical height of the 
line wire is h, the ground wire should have a vertical 
height greater than y. 


y can be obtained from Fig. 10 or calculated from the 
equation 

which gives y and h for equal hits, y should be at least 
10 per cent greato* than the calculated value for pro¬ 
tection of h. Fig. 10 curves are for a cloud height 
H - 1,000 ft. While this position of the ground wire 
may shield the line wire from the initial hit, it does not 
follow that a side flash or sparkover will not take place 
from the struck ground Avire to the line if certain other 
conditions are not fulfilled. This is so if the hit takes 
place at some distance from the tower and the effect 
is maximum for a hit at the center of the span. 

Direct-Hit Wire—Protection from Side Flashes. The 
only difference between the effect of a direct hit at the 
tower and one somewhere on the grotmd wire is that 
caused by the time taken by the wave to travel from the 
point hit to ground and for the reflected wave to travel 
back. This is so because the point struck does not 
"know” there is a ground vmtil the reflected wave re¬ 
turns. Since the reflected wave is of opposite polarity 
it begins to reduce the voltage at this point upon its 
arrival. If the front of the direct-stroke voltage is not 
steep enough to reach a dangerous voltage before the 
wave returns, sparkover will not occur between the 
ground wire and the line if the ground resistance is low 
enough. The time required for the return wave is one 
microsecond for every thousand feet of complete travel. 
The maximum distance to the ground would occur for a 
hit in the center of the ^an. There are several ways 



Fig. 10—Location op Gkound Wire to Take Initiai. Hit 

by which this factor can be taken care of, as for example: 

a. Very high direct-hit wires. 

b. Short spans or short distance between ground 
vdre grounds. 

c. A moderately high direct-hit wire and a moderate 
length of span. 

d. By separate towers or lines to take direct hits. 
With the high direct-hit wire the separation between 

ground wire and the line wire requires a longer time for 
the voltage to reach the sparkover value. Because of 
its height it is undearable from the standpoint of 
“attracting” direct hits and not being very effective as a 
ground wire. With long spans 1,000 ft. or more and 
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abrapt direct strokes the separation between this wire 
and the line or ground wire at the center of the span 
should be 25 ft. to 50 ft. or more. Methods of stringing 
may permit greater clearance at the center of the span. 
These distances for different lengths of span can be ob¬ 
tained from Fig. 11. The minimum distance required 
on the assumption of 10,000,000 volts reaching the line 
is given at the intersection of the sparkover curve and 
the curve of voltage between ground wire and line wire. 



Pig. 11—^Minimum Clbabancb Necessary to Prevent 
Sparkover prom Ground Wire to Line for a Direct Hit to 
Ground Wire in Center op Span 

The sparkover curve is based upon the point gap spark- 
over with voltage rising to breakdown value in the time 
for the wave to travel to the tower and back."*’* 
Usually it may not be necessary to design for a hit at 
the center of the span ance the chances of such a hit 
are small. Further experience with direct-hit wires of 
varying heights on sections of operating lines is 
desirable. 

Immunity from Outages Due to Direct Hits. This 
discussion shows that if lightning strikes the tower. 



Pig. 12 Towers with Induced Voltage and Direct- 
Stbokb Protection 

immumty from sparkover can be approached only with 
very low tower footing resistance and 2S0-kv. insulation 
(14 to 16 units). Direct-stroke wires in addition to the 
ground wires may be necessary. A line with com- 
pamhvely short spans (500 ft.) and a direct-hit wire 
sufficiently high to take the initial strokes from the 
ground wires, as well as the line wire, may generally be 
more ^acticable tlm excessively high direct-hit wires, 
(oee Fig. 12.) This same effect could be obtained 
on a long span line by placing a ground wire or direct- 
s^ke wire sufficiently high to take the initial dis- 
^ what is, in effect, a short ^an line. This 

couid be accomplished by permitting the main towers 


to support the direct-stroke wire and using the inter¬ 
mediate towers for grounding purposes only. 

Low-Footing Resistance. Low-footing reastance can 
usually be obtained by means of buried wires connected 
to the tower legs. These wires may be either extended 
out radially from the tower or extended directly from 
the towers along the line. Radial wires of moderate 
length should usually be more effective. These have 
been called counterpoise wires, a term having a some¬ 
what different meaning in radio. However, the method 
used will be governed largely by cost. 

Protection Against Direct Strokes When Towers Have 
High-Footing Resistance. In certain parts of the 
coimtry where thwe is little or no soil and the towers 
are located in rock it may be very difficult or impossible 
to reduce ground resistances low enough to prevent 
direct-stroke outages. On the other hand, resistances 
low enough for the induced voltage ground wire may be 
practicable. When economic conditions permit, this 
can be taken care of by extending parallel lines at a 
distance x on either side of the sections of the transmis- 
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PiG. 13 —Special Type op Construction fob Protection 
Against Induced Voltages and Direct Strokes 

sion line. The object of these lines is to “attract” the 
stroke away from the transmission line and thus prevent 
it from being hit. For ideal protection a cloud directly 
ovOThead should be nearer the direct-stroke line the 
main line as shown in Fig. 18. The minimum height of 
these lines Z, can be calculated from the formula 



This line need not have low-footing resistance and the 
conductor need not be any larger than mechanical 
conditions require. This form of protection would in 
many ways seem ideal. 

Another solution, possibly not economical, would be 
a very low line with a net fence and net top. Towers 
placed to take all of the direct hits could also be used 
for this purpose.® 

Dischargers or Diverters. It is possible to prevent 
outages by some form of discharge device or diverter at 
the tower permitting the lightning to discharge freely to 
pound but preventing the power current from follow¬ 
ing. The requirements for such a device are much 
more severe for direct strokes than for induced voltages. 
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In the case of (direct strokes the resistance must be very 
low. The fused grading shield i^lpperating successfully 
in practise. Other devices have also been successful 
but they are still in the developmental stage. One 
weakness of such a device is that when located at the 
tower it would not necessarily prevent a power arc 
between line and ground wire due to a light ning dis¬ 
chargee at the center of the ^an. 

III. Operating Experience 

The Ground Wire. There is now overwhelming op¬ 
erating evidence of the value of the ground wire in 
reducing outages, operating reports generally indicating 
a reduction varying from two to one, to ten to one after 
the installation of ground wires. Probably bettor re¬ 
sults will be obtained with more attention to location 
and grounds. Measurements of the protective ratio of 
ground wires on full size outdoor antennas give good 
agreement with the values in Table V obtained from 
laboratory measurements on models. These ratios are 
lower than those obtained mathematically where corona 
is neglected. 

The value of the ground wire for direct-stroke protec¬ 
tion has also been indicated. This applies to the ground 
wire as usually located, as well as the high direct-stroke 
wire, both of which have been expmmented with on the 
lines of the Pennsylvania Power & Light Company. 
On one bad section of this line the outages were 6,9, and 
14 respectively in the years 1926, 1927, and 1928. 
During 1929 the ground resistances on this section were 
reduced from 50 to 160 ohms to values of the order of 
one. ohm and the usual ground wire was unchanged. 
There were no outages on the section in 1929 and 
1930. “Diverts” wires or high-ground wires erected 
about 60 ft. over the line wires on another section were 
struck without outages.** 

Direct Strokes vs. Induced Voltages as a Cause of 
Outages. It is very difficult to decide definitely whether 
an outage is caused by induced voltages or direct 
strokes even when lines are equipped with instruments 
for that purpose. There is very good evidence that 70 
per cent of the outages oh the 220-kv. (14 to 16 insulator 
units) lines of the Pennsylvania Power & light Com¬ 
pany were caused by direct hits. A result of this order 
might be expected from the analy^ above, particularly 
from the results in Figs. 2 and 6. 

A very interesting analysis of outages on the 132-kv. 
lines of the American Gas & Electric Company has been 
made by Mr. Spom.® Table VII in this paper shows 
that 8 outages out of 12 occurred where the footing 
resistance was less than 6 ohms. In the remaining 4 
the resistances varied &om 18 to 33 ohms. Similar data 
are given for other lines. These data would at first 
appear to be at variance with the conclusion that low- 
ground resistance is important, because more flashovers 
occurred on the towers of low-groxmd resistance than on 
those of high resistance. A possible explanation is as 
follows: 


TABLE V—EFFECT OF GROUND WIRES ON LIGHTNING 
INDUCED VOLTAGES 
(From Tests on Models) 









Protective 



Arrangement 


ratio 







1 

0.50 
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o 

2 

0.44 




1 

2 

3 

3 

0.50 







1 

0.40 




0 

0 

0 

2 

0.34 







3 

0.40 







1 

0.34 




o 

o 

o 

2 

0.28 







3 

0.34 







1 

0.28 



. 

0 

0 

0 . 

2 

0.25 







3 

0.28 







1 

0.43 



0 



o 

2 

0.50 


0 




o 

3 

0.62 



0 



o 









1 

0.34 



o 
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2 

0.39 
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0 

3 

0.48 
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0.40 
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0.48 
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0.36 
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0 
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0.36 
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0.35 


0 
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0.43 
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1 

0.25 



0 



0 

2 

0.30 


0 




0 

3 

0.37 



0 



0 




o Indicates conductor 
. indicates ground wire 

Voltage with ground wire 


Protective ratio 


Voltage without ground wire 

Average values for various relative conductor and ground wire distances 
' that have been used in practise. 

Includes corona effect. 


PROTECTIVE RATIOS 
w 

Showing Effect of Varying Distance between Line Wire and G-round Wire 

A 60 ft. 

Values of If 


X 

60 ft. 

70 ft. 

80 ft. 

90 ft. 

100 ft. 

125 ft. 

0 ft. 

..,.0.41.. 

...0.48,. 

...0.53. 

_0.68.... 

..0.63... 

...0.73 

10 ft. 

....0.46.. 

. ..0.60.. 

...0.65. 

_0.59.... 

..0.64... 

...0.74 

20 ft_ 

_0.61.. 

...0.63.. 

...0.67. 

_0.61.... 

..0.66... 

...0,75 




5 « 80 ft. 







Values of y 



X 

60 ft. 

70 ft. 

80 ft. 

90 ft. 

100 ft. 

126 ft. 

0 ft. 



...0 

_0.39.... 

..0.43,. . 

...0.52 

10 ft. 

... * 

. . . . . 

...0.39. 

_0.41.... 

..0.46... 

...0.54 

20 ft. 



...0.44. 

.0.46.... 

..0.47,.. 

...0.56 


For a single groimd wire. 

X horizontal distance between projections of ground wire and phase 
wire. 

y - vertical height of gn:’Ouiid wire. 
h « vertical height of line wire. 
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For the lower ground resistance values sparkover 
by direct strokes would not be expected, while for 
the high^ values direct-stroke outages would be ex¬ 
pected from application of equation (3). On the other 
hand, most of the footing resistance values are low 
enough so as not to affect materially the effxdency of 
the ground wire for induced voltages. Approximately 
equal effects would be expected from induced voltages 
ais recorded in the tables. Thus 100 per cent of the 
outages could be accounted for by induced voltages and 
83 per cent by direct hits at the tower. Therefore the 
cause of outages might be 66 to 100 per cent by induc¬ 
tion or up to 33 per cent by direct hits and the remainder 
by induction. The percentage of direct-hit outages 
might be increased somewhat by side flashes from hits 
out on the span. 

Lightning has been observed to strike near lines 
without causing induced voltages high enough to flash- 
over insulation; it has also been observed to strike at a 
distance with simultaneous splintering on wood poles or 
insulator flashovers on steel towers. Because of the 
short duration of the phenomena, exactly what happens 
is frequently imcertain. However, as pointed out above, 
induced voltages would be expected to vary widely 



0 20 40 60 


riME IN MICRO-SECONDS 


Fig. 14—Citrkbnt Required to Vaporize Wire for Various 
Time Lengths of Current Application 


with the character of the discharge. The reported 
observations are, therefore, not contradictory. 

On July 16, 1930 a radio antenna of No. 12 copper 
wire was struck at Pittsfield, Massachusetts. One 
hundred feet of the wire was completely vaporized by 
the Ughtning current. The middle curve in Fig. 14 
gives the calculated current necessary to vaporize a No. 
12 copper wire for varying time.* It is of interest that 
this current is 800,000 amperes at 20 microseconds; 
510,000 amperes at 50 microseconds and 112,000 am¬ 
peres at 1,000 microseconds. No. 14 rubber-covered 
copper wire used on telephone circuits and house wiring 
is also frequently fused. 

In order to give the various factors the "proper weight 
in tower design it is important to obtain more data on how 
freguerUly ffie conditions necessary to came high induced 
voltages occur during storms and also on the hazard of a 
line being struck. 

*T]iese curves are based upon 4.Q kw. seconds to vaporize 1 
inch of No. 14 copper wire. 


IV. Tower Design 

Several different tower designs will now be consid¬ 
ered for the purpose of illustrating the application of 
the above principles. 

2S0-Kv. Line Conductors in Horizontal Plane 

Assume that a single-circuit steel tower will be used 
with conductors in a horizontal plane and limited to an 
average height of 50 ft. 

With two ground wires the general arrangement 
would be as in Fig. 12a. Take a = 0.45 as the prob¬ 
able maximum value, then 

Induced VoUages 

V = gha = m X50 X 0.45 = 2,250 (1) 

or with ground wires when w = 0.5 

y = fffea w = 1,126 (2) 

The footing resistance should be less than 50 ohms and 
preferably not over 25 from the standpoint of induction. 
From Fig. 8, eight insulator units would be sufficient 
with the J^/5 wave or twelve on the 1^/40 wave. 
Thus induced voltages are readily, taken care of if 
ground wires are used. 

Direct-Hit VoUages V = KIR = 0.8 IR (3) 

Take! = 200,000 
then for K = 25 ohms 

y = 0.8 X 200,000 X 25 = 4,000,000 volts = 4,000 kv. 
This is a high voltage for which to insulate. Reduce 
the footing resistance, then 

R = 12 ohms 
y = 1,920 kv. 

This requires 14 units on the H/6 wave which seems 
reasonable for most direct strokes (See Fig. 8). How¬ 
ever, a more conservative arrangement, until more in¬ 
formation is available on the common direct-stroke 
currents, would be 5-ohm resistance and 14 to 16 units. 
It will be noted that up to the present the induced and 
direct-stroke requirements are the same except that the 
direct stroke necessitates a lower ground resistance. 
The clearance from the conductor to tower can be ob¬ 
tained from the point gap curve in Fig. 8. 

Shielding the Line Wires from Direct Hits. It is now 
necessary to determine if the ground wires are high 
enough to shield the conductor from the initial hit. 
Referring to Fig. 10, for X = 10 ft. and fe = 55 ft. at 
the tower, y must be greater than 60. Insulator lengths 
and other considerations have fixed y at 70 ft. The 
shielding condition is more than met without impairing 
the efficiency of the ground wires. 

Diredt Hits to Ground Wires at .CerUer of Span. To 
provide against direct hits from the ground wire to the 
line at the center of the span consideration of a further 
condition is necessary. 

If the span is 600 ft. the requirement is a minimum 
clearance of 20 feet. See Fig. 11. A somewhat greater 
clearance at the center of the span can probably be 
provided for without greatly reducing the ground wire 
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efficiency. Check the clearance decided upon with the 
protective ratio in Table V to see if the value is greater 
than 0.5 as used above. 

With a 1,500-ft. span the requirement is greater than 
29 ft. and the ground wire is reduced in efficiency. 

From the calculation of the voltage due to direct 
strokes with a 5-ohm ground it is seen that 14 to 16 
units are necessaiy. It would tlien appear that 230-kv. 
insulation is necessary where protection from direct 
strokes i.«5 desired. The tower in Fig. 12a seems to meet 
the requirements for 230-kv. insulation both from the 
usual induced voltage and direct-stroke standpoints, 
with a possible small factor of safety for mid-span hits 
on the longer span. It meets the induced voltage 
conditions for 138-kv. insulation but not all of the 
direct-stroke conditions. A one-ohm tower resistance 
would be desirable. Operating experience is desirable 
mth direct-hit vrires of different heights on sections of lines 
exposed to lightning. Good results have been obtained 
with the usual gi*ound wire with low-footing resistance 
as noted above. 

If longer spans are used or greater safety factor for 
mid-span hits is desired, the height of the ground wire 
may be increased as in Fig. 12b with 16-unit insulation. 
This could be done without too great reduction in the 
induced voltage efficiency. 

For lines of lower voltage or at lower insulation .a 
combination of direct-stroke wires can be used as in 
Fig. 12c. Figs. 12b and 12c have the disadvantage of 
increasing the hazard of being hit. For high insulation, 
the ground wires in Fig. 12c could be omitted, leaving 
only the single direct-stroke wire properly located to 
take direct hits. 

Conductors in Vertical Plane. 

A tower with a vertical conductor arrangement in¬ 
creases the difficulty of designing a line highly resistant 
to lightning. See Fig. 12d. 

( 

Induced Voltages. V = h g a <a ~ 100 h a u 

= 100 X 80 X 0.45 X 0.5 = 1,800 kv. 
would require 14 to 16 insulator units with ground wires 
for the J4/5 wave. See Fig. 8. 

Direct-Hit Voltages. With 12-ohm footing resistance 
—200,000 amperes 

y = KI K = 0.8 X 200 X 12 = 1,920 
Requires 14 to 16 units for the J^/5 wave. 

Obtain clearance to tower from gap curves (Fi'g. 8). 

Shield Wire. The 15-ft. clearance between line and 
ground wires should be sufficient for shielding. 

Direct Hits to Ground Wires at Center of Span. If 
desired, a direct hit wire can be provided as shown by 
dotted line. 

With this tower the number of direct hits should be 
greater than for towOT 12 a. 

Short Spans Important 

Since the height of the direct hit wire must be in¬ 
creased with increasing span length, short spans be¬ 


tween ground wire grotmds are important. As already 
noted, short spans also increase the effectiveness of the 
insulation. 

Special Method of Protection Against Direct Hits. 

Where Ipw-ground resistances are not possible, or are 
difficult to obtain, the arrangement in Fig. 13 could be 
used. In fact, if economically feasible it would be ideal 
for any condition since it takes the hit away from the 
tower. The usual tower is used with the ground wires 
that are necessary for induced voltages. The ground 
resistance of these wires need not be particularly low. 
At either side, at a distance from the line about equal to 
the height of the ground wire, shielding wires are erected 
and grounded at each pole. No care need be taken in 
obtaining low-ground resistance. The wire need not be 
larger than mechanical conditions demand. The ob¬ 
ject of -these wires is to take the direct hits and thus 
prevent the line from bdng struck. 

With the ground wire height y = 60 and the distance 
between ground wire and shielding wire x = 60, the 
minimum height of the shield wire is « » 62 from 


ii-( 

y .V- 

' X V 

J ^ 1 

. H J [ 

. H ) 


The same effect is obtained by trees along the right-of- 
way of many lines. Z should be at least 10 per cent 
greater than the calculated value. Direct-stroke towers 
could also be used. 

The towers shown in Figs. 12 and IS are not intended for 
definite designs hut merely for the purpose of illustralion. 

The above principles can be used in the design of lines 
with wood pole towers. With such towers advantage 
should be taken of the wood to increase the insulator 
sparkover. The lightning strength of wood has already 
been given elsewhere.®'* 

V. Wave Shapes—Cooedination 

From the above analysis it appears that the steep 
wave-front effects, causing insulator sparkover on the 
more highly insulated or higher voltage lines, are ap¬ 
proximated by the fi/S wave. This applies particu¬ 
larly to direct strokes to the ground wire or to tower, or 
severe induced voltages. The J/^/5 curve should then 
apply in determining the lightning strength under such 
conditions. When a direct stroke goes to a line wire, 
high sparkover values such as are caused by the J-^/5 
wave will occur but the resulting wave on the line is 
likely to be very long. 

Lower induced voltages may have very long waves. 
While voltages of such waves will not usually reach 
sufficiently high values to cause sparkover on the highly 
insulated lines, they may be the predominant cause of 
trouble on the lower voltage lines, especially on distribur 
tion circuits. The lJ-^/40 wave approximates the ef¬ 
fects of this t 3 T)e of lightning voltage as the lower ex¬ 
treme. Both waves should be considered in the design 
of the lower voltage lines. 

The coordination of line insulation with apparatus 
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insulation has been so successful in practise that it will 
probably soon be in general use. In adjusting the 
sparkover values of the various insulations and gaps for 
purposes of coordination it is important to have the 
relative values hold for any possible lightning wave. 
Usually, if the coordination adjustment is fnade with 
the 3^/5 wave, the same relative sparkovCT positions of 
the various insulators will remain the same for any 
wave. However, it may sometimes be desirable to 
know the relative voltages for a long wave as well as a 
short one. All conditions are well covered by tests with 
the 34/5 and the 134/40 waves. A wave falling 
between the two and giving an impulse ratio of about 
1.5 might also be useful. Further information on light¬ 
ning strength for different waves can be fovmd else- 
where.“ 

VI. Conclusions 

1. The cloud height, the charge, the time of dis¬ 
charge, and the current and voltage of the bolt can be 
estimated from lightning oscillograms on transmission 
lines. 

2. An independent check on oscillographic measure¬ 
ments can be obtained from direct-stroke current 
measurements. 

8. Transmission line voltages due to induction and 
direct strokes can be calculated from the above 
information. 

4. In some instances more accurate field measure¬ 
ments are necessary before final conclusions can be 
reached. 

5. Line sparkover can be caused by either induced 
voltages or direct hits. As line insulation is increased, 
the direct hit becomes of increasing importance as the 
cause of sparkover. 

6. Induced voltages can be reduced to safe values 
on high-voltage lines by groxmd wires. An important 
factor in direct-stroke protection is low tower footing 
retistance. 

7. The general requirements for a safe line from the 
standpoint of direct hits or induced voltages are the 
samft. They are; low lines, short spans, low tower foot¬ 
ing resistance, and ground wir^. However, direct 
strokes require lower footing resistance and higher 
groimd wires. 

8. The ligh tning strength of insulators for induced 
voltages and direct strokes can be estimated. 

• 9. A lightning proof line seems feasible. Special 
designs are discussed. 

10. Methods of tower design are illustrated. 

11. More accurate field measurements are desirable 
to det«mine the numerical range of voltage, current, 
etc. 

The valuable assistance of Mr. L. V. Bewley in de¬ 
veloping formulas, making calculations and preparing 
the appendix is acknowledged. 


Mathematical Appendix 


Induced Strokes 
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/ (a:) = Distribution of voltage due to instantaneous 
release of bound charge. 

F (t) = Law of cloud discharge 
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(1—6 ® exponential law 
= Time of cloud discharge 
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Zii . . . 
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= theoretical protec 
tive ratio for line 
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h = Heights of the conductors 
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= 60 log* = self surge impedance 


= 60 log* 
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mutual surge impedance 


(oj) / b F (t) 

e' = f[X+V{t-T)]—^dT (2) 

= voltage of the free traveling wave 
y = a (3) 

V' = oi'gh((c), (4) 


bF (t) 

I = Q —r-— = Cloud discharge current (5) 

0 t 

Q = Initial charge of cloud. 

By (5) and (1) 

e = J {/[a:-ho(<-T)]-f/lx-»(«-T)]}I (t) d t (6) 

Front of free wave ~ L ;; 2 H 
Total length of free wave ~ (L + T) 

'fjiz).dx 

L = -=*' length of equivalent rectan¬ 

gular bound charge (7) 
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Direct Strokes 


Stroke at tower 

Voltages 

Stroke at mid-span 
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211 « Equivalent self surge impedance of all ground wires. 

2 ir - Equivalent mutual surge impedance of all ground wires to any line 
wire r. 

Zq « Surge impedance of lightning bolt. 
li = Tower footing resistance. 

E - Voltage of incident wave from lightning stroke. 

In terms of the current in the tower the voltages are (for a strike at the 
tower) 

«= Vtower ^ E I 

VUne 

~ It I ( “a, ) 

Ordinarily zir/zn » 0.20 so that 

Vinatil* " 0.80 E I 
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Lightning Discharges and Line Protective 

Measures 

BY C. L. FORTESCUE* and R. N. CONWELLt 

Fellow. A. I. B. B. Fellow, A. I. B. B. 

Synopsis,—This paper describes the mechanics of the develop- Experience obtained on the SSO-kv. lines of the Public Service 
merU of a lightning stroke in a cloud and the formation of a surge Electric and Oas Company is offered to svibstantiale the belief that 
on a line. It shows that the energy of a stroke can vary between wide induced surges are of rdativdy small importance and that the direct 
limits so that the actual surge on the line m,ay be of practically any stroke is the criterionfor good design. 

magnitude. The effects of line construction on the character of surges impressed 

Fundamental types of high-tension line construction are analyzed on the terminal substation apparatus is discussed to indicate the 
to show the perf ormance that would be obtained with them. degree of protection that would be required. 


A n understanding of the formation of lightning 
surges on transmission lines is essential to the 
study of the problem of protecting lines and sub¬ 
stations against these surges. In the study of li g h tning 
protection, the magnitude and wave form of the surges 
formed on the line are of fundamental importance; 
attenuation also becomes important when considering 
the surges to which a substation noay be subjected 
during any thunderstorm. 

Complete data on the limiting value of lightning 
stroke potentials are not available, but from known 
data the approximate values of potentials that may be 
encountered may be estimated. The highest surge yet 
recorded on any transmission line occurred during the 
past season on a 110-kv. wood pole line in Arkansas. 
This surge was formed on the line as the result of a 
stroke of lightning which splintered the pole finm top 
to bottom; a side flash from the transmission line 
jumped 25 ft. of air to a neighboring telephone line. 
The cathode-ray oscillograph, located four miles from 
the point at which the lightning struck the line, gave an 
oscillogram of a surge which reached its maximum of 
5,000 kv. in one microsecond. From known data it 
has been estimated that, at the point struck, the poten¬ 
tial due to the lightning stroke must have reached a 
value of approximately 15,000 kv. before flashover took 
place from line to ground over the wood pole. From 
laboratory data on creosoted wood poles and needle 
gaps it is estimated that the rate of rise of the potential 
due to the lightning stroke before flashover took place 
must have been between 10,000 kv. and 20,000 kv. per 
microsecond. 

Mechanism of Lightning Strokes 
To understand the factors that have a bearing on the 
limitation of the potential of the lightning stroke when 
it hits a line or, what amounts to the same thing, the 
maximum limit of the lightning stroke current, one must 

‘Consulting Trans. Engr., Westinghouse Bleo. & Mfg. Co., 
East Pittsburgh. Pa. 

flrans. and Substation Engr., Public Service Elec. & Gas Co., 
Newark, N.J. 

Presented at the North Eastern District Meeting of the A. I. E. E., 
Rochester, N. Y., April ZS-May Z, 19S1. 


consider the nature of the thundercloud itself and the 
manner in which electric energy is stored in it. The 
thundercloud consists of small particles of water-vapor 
each carrying a minute charge of electricity. If a free 
negative charge is present it attaches itself to a particle 
of vapor and thereby loses mobility. A thundercloud 
retains its charge by reason of the fact that the particles 
of water-vapor repel each otho: and, since the size of 
the particles is maintained constant, remain suspended 
in the air by the action of upward components of the 
aircurrents. 

Since there are very few free ions in the cloud atmos¬ 
phere and since the mobility of the charged moisture 
particles is very small, the only way such a volume can 
be discharged is by ionization. This process in a cloud 
atmosphere may be extremely slow. During the forma¬ 
tion of the Ughtning streamer very little current is 
drawn from the cloud, and therefore the volume of cloud 
atmosphere required to be ionized is small. As the 
head of the streamer progresses by ionizing the air 
space in front of it, a space charge of requisite value 
must be built up and maintained. This ionization of 
air requires energy and time. Since the energy must 
be obtained from the cloud itself, the rate at which the 
point of the streamer will travel will be governed by the 
rate at which cloud ionization can release energy. 

Even if it were assumed that ionization streamers 
inside the cloud atmosphere could form with the velocity 
of light, it would require 10 microseconds to discharge 
completely a cloud volume one mile in diameter. 
However, the speed of formation of streamers is much 
slower than the velocity of light, probably being not 
more than one-twentieth of that value as determined 
from time lag measurements of sphere-gap breakdown. 
To discharge completely a spherical volume one mile in 
diameter would therefore take at least 105 microseconds. 
If a reflection from the ground ovqr the lightning 
chainmel is considered, 5 mi(^seconds should be added 
to the above values. 

Some streamers have been noted which never reach 
ground as the charge in the cloud is not sufficient to 
maintain and propagate the streamer. It may there¬ 
fore be inferred that lightning strokes to earth or to a 
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structure will vary their severity over a wide range 
depending upoh the amount of energy the cloud is 
capable of discharging through the lightning channel. 

The energy in the streamer itself, imtil it reaches 
ground, a transmission line or any structure, is mainly 
potential energy because the motion of the charges in 
the channel is relatively slow as compared to the 
velocity of light and because the currents required to 
produce ionization are relatively small. When the 
earth or a structure is reached by the slreamer its 
■potential energy is instantly changed to kinetic energy 
and a current wave moving at the velocity of light 
flows into the earth or the structure. Negative reflec¬ 
tions pass up the lightning channel, increasing the 
discharge current in the channel as they proceed, until 
they reach the cloud where they increase the gradient 
in the cloud atmosphere, causing the ionization streamer 
to penetrate further into the cloud volume and thxis 
tapping more of the cloud energy to, supply current to 
the channel. As the volume of ionization ^tends with¬ 
in the body of the cloud, the rate of discharge gradually 
decreases until the point is reached where the available 
energy is insufficient to stabilize the channel from cloud 
to earth and the current ceases to flow. 


of such a value that, when it terminates on a conductor 
of the sarnie surge impedance as the lightning channel, 
it will deliver a surge of 16,000 kv. crest and will rise at 
a rate of 15,000 kv. per microsecond. If the surge 
impedance of a lightning channel is 200 ohms the calcu¬ 
lations for potential on the line are as follows: 

V, Y. + ZY. + Y, 

Potential at point of stroke - = Vo 

Dynamic lightning potential = V, 

Surge admittance of lightning channel = Y» 

Surge admittance of conductors involved = Y„ 

Surge admittance of pole and ground = Ye 
Yo = 0.005 mhos' 

Ya = 0.002 mhos for single conductor 
= 0.004 mhos for three conductors 
Ye — 0.02 mhos 

Voltage reduction factor for stroke to three conductors: 

Va 0.01 

Vo ~ 0.005 + 0.008 “ 

Voltage reduction factor for stroke to three conductors 
and ground: 


Formation of Line Surges Dub to Lightning 
Strokes 

Formation of line surges due to lightning strokes 
should be analyzed in accordance with the t 3 ^e of 
transmission construction used of which there are two 
general classes. In the first general class are included 
the wood pole lines and steel tower lines not equipped 
with ground wires. The second consists of steel tower 
lines equipped with ground wires. Three cases occur 
in this class; first, where inadequate ground wire pro¬ 
tection is provided ahd the lightning stroke is allowed 
to strike the conductors; second, where the design of 
ground wires is adequate to prevent the contact of the 
stroke with any conductor but the conductor insulation 
is inadequate to prevent flashover either at the tower 
or mid-span; and third, where all strokes are terminated 
on the ground wires and the insulation of the conductors 
is adequate to prevent flashover. 

Considering first surges occurring on transmission 
lines unprotected by ground wires, when lightning 
strikes a wood pole line unprovided with a spill-over 
gap at that point, the potential attained by the surge 
before the wood structure breaks down may be very 
high. Such a lightning stroke usually involves all 
conductors before the failure of the wood pole unless the 
clearances between wires are extremely large. When 
the structure flashes over, the potential is reduced 
quickly to a value which depends upon the surge 
impedance pf the lines and of the wood pole and ground, 
considering the wood pole as a conductor to earth. 
The surge impedance of the wood pole and earth may 
range between 10 and 200 ohms. Assume a value of 50 
ohms and a lightning stroke that will have a potential 



0.01 . 

0.005 -I- 0-008 -1- 0.02 


0.303 


Steepness of surge on the line (0.77 X 15,000 kv.) is 
11,550 kv. per microsecond. 

If the line under consideration has physical charac¬ 
teristics similar to the Arkansas line,® flashover may be 
assumed to take place when the potential rises to 10,000 
kv. or in 0.87 micros^onds. 

Potential of the conductor immediately after the pole 
flashes over will be 


10,000 X 0.303 
0.77 


3,940 kv. 


This potential at the end of one microsecond will be 
15,000 X 0.303 = 4,650kv. 

Fig. 1 shows the approximate shape and value of the 
surge that will be impressed on the line due to the light¬ 
ning stroke and the flashover of the wood pole. When 
the surge reaches the next structure, flashover may take 
place there also but at a greater time lag, reducing the 
tail of the surge to a much lower value. Surges on the 
line resulting from lightning strokes of lower values are 
also shown in Fig. 2. It should be noticed that the 
lower the potential the longer will be the unchopped 
portion of the surge. This always will be true if the 
lightning stroke has plenty of energy and therefore, the 
values represented by the longer surges shown in the 
curves are the most severe types of waves due to light¬ 
ning which may be encountered in a line of this type. 

In the case of steel towers without ground wires the 
surge potential of the conductor after flashovCT of the 

6. For references seeiBibliogniphy. 
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insulator will be that of the tower. One insulator string 
only may be fladied over if the surge impedance of the 
towOT is low, since the surge traveling along tbe line 
tiiat is struck induces a potential of the same sign on 
the other conductors thweby reducing the difference of 
potential betweai them and the tower. In horizontal 



Fia. 1—Foemation or Stjegb Due to LraHTNiMa Stbokb on 
Wood Pole Line 

construction, if an outside wire is struck, the other out¬ 
side wire has the next higher probability of flashing over 
and if it should flash over the middle wire will generally 
be well protected from flashover. The likelihood of 
another flashover taking place at adjacent towers is 



Wood Pole Line 

dependent upon the intensity of the stroke and the un- 
p^ance of the tower where flashover first occurred. 

Considering the case of a steel tower line protected by 
groimd wires, the primary function of the groimd wire 
is to intercept the stroke of lightning and conduct the 
current to a tower through which it dissipates itself 
into the earth. To accomplish this the correct relatidn- 
ships of ground and line wires for both horizontal and 


vertical constiniction are riiown in Figs. 3 and 4. For the 
horizontal configuration, the groimd wire should be so 
placed that a line drawn through it-and the outride con¬ 
ductor will form an angle with the vertical which is no 
greater than 20 deg. With angles greater than this, 
ride flashes to the outride conductors are very likely. 
For the vertical configuration, the ground wires on the 
double drcuit towers should be placed vertically above 



Ground Wire Arrangement 

the outermost conductors. With both tsipes of con¬ 
struction the spacing between the ground wire and con¬ 
ductor should be such that a stroke to the ground wire 
at mid-span will not cause a flashover between the 
ground wire and the conductor. Theory and limited 
practical experience indicate that this spacing for 
1,000-ft. spans should be approximately 40 ft. 



^'iG. 4 —^Doublb-Cibcuit Towbe Showing Gbotjnd Wibe 
" Abbangement 

To evaluate the surge that is impressed on a line in¬ 
adequately protected with ground wires and suflBciently 
insulated against tower potentials only, first conridOT the 
potential set up on the conductor when struck in mid¬ 
span before flashover takes place. The value of this 
potential Va, may be obtained in the same manner as 
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described under the discussion of lines not equipped 
with ground wire. The insulator will flash over on the 
front of the wave at some value which is less than Va, 
and the potential will be reduced to a value computed 
by formula (I) with the added admittance of the ground 
wires included. After flashover of the insulator, part 
of the surge is propagated over the ground wires and is 
reflected from the adjacent towers reducing the poten¬ 
tial of the tower and conductor involved in the flash- 



TIME IN MICROSECONDS 

Pig. 6—Potential at Tower Dub to Lightning Stroke on 
Line Conductor at Mid-Span 

over. Meanwhile the rest of the surge is carried away 
by the conductor and tower. An analysis of the form 
indicated above was made but with the stroke tOTtninat- 
ing on the conductor in the middle of the span. The 
results follow, being presented in simplenumerical values 
and illustrative curves. 

Assume a 15,000-kv. wave to be impressed upon the 
conductor in the middle of the span (Fig. 5). The 
ground wire will at the same time assume a similar 
potential wave with a magnitude determined by the 
coupling which in this case is 0.295. The surge will 
travel along the line until it staikes the tower. The 
front part of the wave which is below flashover will 
travel along the line, but with a slight reduction. The 
current drawn by the grotmd wire through the tower 
reduces the potential of the ground wire and allows a 
charge to form between the ground wire and the con¬ 
ductor. This reduces the potential of the surge travel¬ 
ing beyond the tower to 89 per cent of its ori^nal value 


which is not reduced at succeeding towers except by 
attenuation. 

Ass^ing that flashover takes place when the voltage 
rises to 1,000 kv. so that the potential of the tower, 
ground wires and conductor now becomes the same, 
the rest of the wave will divide as follows: 

• A part will travel beyond the tower on the conductor, 
a part will travel in both directions on the ground wire, 
a part will travel over the tower into ground, and the 
remainder will be reflected over its original path. Thus 
the magnitude of the surge traveling over the ground 
wire is the same as that on the coinductor following the 
flashover. At the succeeding tower, however, the po¬ 
tential of the ground ‘wires is reduced to a negligible 
value. This change, through coupling with the con¬ 
ductor reduces the- conductor potential for the section 
of the wave following flashover, to 63 per cent of its 
original value. Thtis if the potential of the tower where, 
flashover occurred rises to 159 per cent of the flashover 
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TIME IN MICROSECONDS 

Pig. 6—Line Wire Potential at Mid-Span Due to Stroke 
ON Line Wire at Mid-Span 

value of the insulator string, the insulators will flash 
over at only one of the succeeding towers. 

Flashover at the first towers will set up reflection’s 
over the conductor and cause waves to travel back and 
forth over the ground wires. The potentials developed 
at various points are given in the foUowmg curves. 
Fig. 6 shows the potential (jEIl) of the conductor at 
mid-span. This wave is a resultant of the lightning 
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potential impressed by the lightning stroke and the 
subsequent reflections from the towers. The reflec¬ 
tions shown with dotted lines are of opposite polarity, 
thus subtracting from the impressed wave. The ground 



Fig. 7—Ground Wirk Potential at Mid-Span Due to 
Stroke on Line Wire at Mid-Span 



Fio. 8 —^Voltage Between Line Wire and Ground Wire 
Dub to Stroke on Line Wire at Mid-Span 

wire potential at mid-span due to the surge on the 
conductor is as illustrated in Fig. 7. The first part of 
the voltage wave on the ground wire is generated by 
virtue of its coupling with the conductor. Traveling 


waves modify the latter part of the wave as shown by 
dotted lines. Fig. 8 shows the voltage between the 
ground wire and conductor at mid-span and is derived 
by subtracting Eo from El. It is quite obvious that 
high voltages exist at mid-span requiring a large 
separation between ground wire and line conductor 
to prevent flashover at that point. 

The potential to which the tower will rise when 
flashover takes place is shown in Fig. 9. Incidentally 
this is the potential of the ground wire, tower and con¬ 
ductor at that point. The tower footing impedance 
was assumed to be 10 ohms. Fig. 10 shows the tower 
potentials but in this case the tower footing resistance 
was assumed to be 200 ohms. A comparison of Figs. 9 



Fio. 9—Potkstiai. at Towku of 10 Ohms Pootino Ukhistani'k 
Dok to Stwokh on Line Wikk at Miu-Si'an 

t 

and 10 illustrates the value of low tower footing re¬ 
sistance. 

The case of a line properly protected with ground 
wires but with insufficient insulation is to be considered 
next. Inadequate insulation may be considered to 
exist at either of two points, at the tower or at mid¬ 
span. When the lightning terminates on the ground 
wires at mid-span the ground wires will be raised to a 
potential which may be computed by formula (I). 
This surge will travel to the adjacent towers where part 
of it will be absorbed by the tower, a part will continue 
on the ground wire, and a reflection will take place. 
With inadequate insulation at the tower, flashovers 
may take place at the adjacent towers on one or more 
conductors so that towers, ground wires, and affected 
conductors will assume the same potential. After 










Soptolubor 1931 


FORTESCUE AND CONWELL: LIGHTNING DISCHARGES 


1095 


flashover occurs, reflections on the ground wires similar attenuation, will continue along the conductor until 
to those occurring in the case where lightning strikes it finally enters a substation. 

conductors inadequately protected by ground wires, Shoidd the spacing between the ground wire and con- 
will take place from these towers. When the flashover ductor be insufficient, a flashover will take place at 
takes place at mid-span from the ground wire to one mid-span impressing upon the conductor the same 
of the conductors, the surge will travel over the ground potential as the ground wire. A voltage wave of the 
wire and conductor to adjacent towers. A part of the nature shown in Fig. 11 will be transmitted by the 
surge on the ground wire will be absorbed by the tower, conductor. This potential will exceed the potential 
a part will continue on the ground wire and a reflection of the tower by an amount dependent on the magnitude 
will take place at the tower as before. As in the case of the reflection of the surge on the ground wire, will 
in which the conductor inadequately protected by 
ground wires is struck, the potential on the conductor 
will be of sufficient magnitude to cause flashover at 
adjacent towers. Because of the shorter arc path at 
the tower the 60-cycle arc is more apt to be maintained 
at the tower tha,n in mid-span, flashover at the tower 
therefore being more easily identified than at mid-span. 

When the stroke terminates on the ground wire in the 
middle of the span, the voltage on the ground wir6 is 
given in Fig. 11, while the conductor potential is shown 
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Fia. 11 —Gbound Wikb Potential at Mid-Span Dub to 
Stroke on Ground Wire at Mip-Span 


flash over the insulator string, and will then be reduced 
to the potential of the tower. The resultant wave 
propagated beyond the region of disturbance will be 

Pig. 10—Potential at Tower of 200 Ohms Footing Rbbis^ very similar to that shown in Fig. 6. 

TANCE Dub to Stroke on Line Wire at Mid-Span The final consideration is that of a well-protected and 

well-insulated line. In this case the potential of the 
in Fig. 12. The difference in potential between ground stroke to a tower, or to the ground wire in mid-span 
wire and conductor is shown in Fig. 13. The tower is quickly rMuced by reflection from the adjacent 
potential will be of the nature shown in Fig. 14. The towers and becomes of very small magnitude three 
induced portion of the voltage on the conductor will spans distant from the point hit. The potential as- 
vanish beyond the tower structures where the ground sumed by the tower when stmck is shown in Fig. 16, 
wire potentials become negligible. A flashover at the while the potential of the adjacent towers is shown in 
first tower impresses upon the conductor a traveling Fig. 16. In these figures the-voltage across the insu- 
wave of the nature shown in Fig. 14. This wave will lator string is shown also. Fig. 14 indicates that the 
be reduced to only 63 per cent of the tower voltage potential of the towers with 10 ohms ground resistance 
beyond the afflicted section, and as such, subject to is 4 per cent of the voltage at mid-span, the point struck. 
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Fig. 12—^Linb Wiee Potential at Mid-Span Due to Stroke 
ON Ground Wire at Mid-Span 


Fig. 14—Potential at Tower Due to Stroke on Ground 
Wire at Mid-Span 



.Fig. 13—^Voltage Between Line Wire and Ground Wire 
Dub to Stroke on Ground Wire at Mid-Span 
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Pia. 16 —Potentials at Tower 2 Dob to Stroke on Tower 1 


Summary of 1930 Lightning Investigations 
The results herein reported were obtained on the 
Public Service Electric & Gas Company’s 220-kv. lines 
during the lightning season of 1930.^ During these 
investigations a portable cathode-ray oscillograph was 
located at the Roseland Switching Station, Roseland, 
New Jersey. The 220-kv. lines in use consisted of a 
six-mile section of the Roseland-Plymouth Meeting 
line and a six-mile section of the Siegfried-Roseland 
line. Surge tests with a portable million-volt lightning 
generator supplemented the lightning work. Phases 1 
and 3 of the Siegfried-Roseland line were jumpo^d 
together at Tower 34. The method by which these 
lina sections were connected is shown schematically in 
Fig. 17. 

The 220-kv. lines were constructed with 16-unit 
standard suspension insulators, with arcing rings, and 
18-unit strings in tenaon at the dead-end towers. Both 
sections of the line were dead during the investigation, 
construction work being not yet completed. Two 
ground wires were in place. 

Lightning Current Measurements 
The installation of klydonographs for recording 
currents in towers was completed on June 26. These 
instruments were installed directly in parallel with 
the tower footings vrithout voltage dividers, by locating 
the instixunents on the tower a few feet from the ground 
and running light copper wire to an auxiliary ground 
50 to 75 ft. from the tower base. A few weeks later the 
klydonographs wae reconnected in order to utilize a 


OSCILLOGRAPH STATION 


TWR.33 


ROSELAND - PLYMOUTH 
MEETING LINE_ 


4)1 


SIEGFRIED - ROSELAND 
LINE 


TWR.34 


SUBSTATION 

“a” frame 
< 1>2 


<{>3 


-35JJIS 


-35JJLS- 


PiQ. 17 —Schematic Diagram Showing Mbtkob Used for Surge Investigations on 
THE Public Service Electric and Gas Company’s 220-Kv. Line 


If the lightning voltage at mid-span is assumed to be 
15,000 kv. the tower potential will be 600 kv. If the 
effect of the inductance of the tower is taken into 
conaderation, this voltage may rise during the first 
microsecond to 1,200 kv. while the voltage across the 
ingnlator string would be 840 kv., a value insufficient to 
cause fiashover on a 16-unit insulator string such as is 
used on 220-kv. transmisaon lines. 

It has been pointed out in previous paragraphs that 
if no fiashover takes place at mid-span or at the towers, 
the potentials induced by coupling on the conductors 
will become nil beyond the region of the disturbance. 
Thus no surge will be propagated over the line to 
terminal apparatus and the line will continue to operate 
unaffected by the lightning stroke. 


resistance voltage divider. The voltage divider con¬ 
sisted of a high-redstance wire running from the tower 
to the auxiliary ground, the terminals of the Idydono- 
graph being connected across a small section of this 
resistance wire. This is shown schematically in Fig. 18. 
By considering the tower ground resistances, ratios were 
chosen to record 75,000 amperes ground current in the 
towers for podtive surges. For negative figures this 
value was condderably greater. 

Fig. 19 is an oscillogram taken duiing tiie course of a 
general storm over both sections of the line. The surge 
is podtive and reaches a crest value of 30 kv. A second 
wave occurs at an interval of 55 microseconds. The 
second wave, which is a refiection of the first, shows 
that the surge probably originated on the Roseland- 
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Plymouth Meeting section about 7,000 ft. from the 
station. No klydonographs had been placed on this 
section of the line because the 220-kv. towers were 
overtopped throughout the entire distance by a paralld 
line of 132-kv. towers. 

Pig. 20 is an oscillogram of a surge obtained during 
a storm on July 1 and shows a positive surge of 35-kv. 
crest value. A heavy stroke to groimd was observed 
just east of Tower 1 on the Siegfried-Roseland section 


after the storms and they recorded ground current in 
the towers from Tower 20 to Tower 27 inclusive. The 
data obtained from these Mydonogtaphs are given in 
Table I. 

The oscillogram shown in Fig. 22 records a positive 
surge of 85-kv. crest. A stroke to ground was observed 
at the time the oscillograph tripped and was located by 
a direction finder between Towers 11 and 20 on the 
Siegfried-Roseland section. The time interval between 



Fig. 18 —Schematic Diagbam or a Klydonogbaph 
Installation 


of the line at the time the instrument tripped. Thunder 
and lig h tning seemed almost simultaneous, the interval 
being not greater than one second. Observers placed 
tihe stroke within 1,000 ft. from the station and not 
more than 300 ft. from the line. A second wave is 
noted on the oscillogram after an interval of 65 micro¬ 
seconds, approximately the time required for the wave 
to reflect from the open end of the line and return to the 


c 6 / / 7-/7 
6 -^ 6-30 
9-/7 


/nn 



Fig. 19 —Oscilloobam or Lightning Stogb on thb Public 
S^BV ioB Electric & Gas Company’s 220-Kv. Line 

station. Further confirmation of this theory is ob¬ 
tained by comparing the time of the second wave in this 
oscillogram with that of the oscillogram shown in Fig. 
21 taken on the same time scale. Data from observa¬ 
tions indicate that this surge was induced and originated 
riose to the station. 

Fig. 21 is an oscillogram taken during the same storm 
and shoiws a positive surge of 66-kv. crest, Analysis 
of the oscillogram indicates that the disturbance 
occurred on the Siegfried-Roseland section near Tower 
;23. The klydonograph films were collected shortly 


7 - 7^30 
7:^ /p/r. 


3^ S7> 

\ 


Fig. 20 —Oscillogram of Lightning Surge on the Public 
S iuRvicH Electric & Gas Company’s 220-Kv. Line 


7 -/- 3 (:> 

7:^5 


60 /i? 


Fig. 21 —Oscillogram of Lightning Surge on the Public 
Sbrvicb Electric & Gas Company’s 220-Kv. Line 



Fig. 22 —Oscillogram of Lightning Surge on the Public 
Service Elbctiho & Gas Company’s 220-Kv. Line 

the lightning and thunder was about 15 seconds. In 
the oscillogram a second waye follows the first after an 
intaval of 38 microseconds. By the aid of information 
given by the second and third reflections the disturbance 
was determined to have taken place about 14 micro¬ 
seconds from Roseland. Klydonograph films indicated 
that currents were present in Towers 15 and 16. Data 
from these films are given in Table 11. 

Another group of current records was obtained on 
Towers 4 to 9 inclusive. The surge resulting on the 
conductors wm evidently so low in this instance that 
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TABLE I 


Tower No. 

Polarity 

Badius of 
fig. (mm) 

Instrument 

kv. 

Instrument 

ratio 

Meggered tower 
ground resistance 

Tower amperes 
approxiinate 

20. 

.. . Pos. 

10 0 

.7.2. 

.1/1. 

. 1.2. 

.6,000 

21. 

... Instrument broken.... 



.1/1. 

. 1.8. 


22. 

.. . Pos. 

Q n 

... .6.8. 

.1/1*. 

. 2.1.. 

.3,200 

23. 

.. - Pos. 


. 3.4. 

.1/1. 

. 2.4. 

.1,400 

24. 

*2;” 

... Pos. 

IMo Og 

.11.5. 


.1/1. 

.2.1. 

.2-7. 

.6,500 

20. 

,.. .No. flir.:_ 




. 5.0. 



27.Pos..13.0.9.7..1/1...20.0. 500 


TABLE II 





Badius of 

Instrument 

Instrument 

Meggered tower 

Tower amperes 


Tower No.. 

Polarity 

fig. (mm.) 

kv. 

ratio - 

ground resistance 

approximate 


14.No record.3 (max.).1/7..'..6.1.. 4.000 (max.) 

16.Pos;.8.0.5.8.1/7....4.2. 9,700 

16 .’..Pos.9.8.7.1.1/5-.2.4.14,800 

17 .No record....3 (max.).. .1/6.8.8.•. 5,100 (max.).' V. 


TABLE in 




Tower No. 

Polarity 

Badius of 
fig. (mm.) 

Instrument 

kv. 

Instrument 

ratio 

Meggered tower 
ground resistance 

Tower amperes 
approximate 



3 5 

. 3,3___ 

.1/1. 

..2.2.'... 

.1,500 

li 


12 0 

. ...., 8.8. 

.1/1. 

.2.6. 

.3,600 

o. 

n 

PnjB 

IQ 7 . 

. 9.5. 

.I'/l. 

. 6.8.. 

.1,400 

o. 



20 n(?) 

.. ..1/1,.._ 

_;... 7.5. 

.2,700(?> 

7. 


.... JruSSiDio iiasuuvtJi. .. 

ia 0 

. 9.7. 

.1/1. 

..13.1......... 

. 750 

8.... 

0. 

.Pos ..... 

.. 6.0. 

. 4.0. 

.1/1. 

.. .'.... 3.2. 

.1,200 


it did not cause operation of the cathode-ray oscill<> 
graph. The tabulation of these current records is 
given in Table III. 

On the basis of the induced surge theory, the currents 
indicated by the klydonograph measureintents are not 
in agreement with the voltages correlated with these 
values and measured on the transmission line. Poten¬ 
tials of two or three million volts would have to appear 
on both the conductor and the ground wire if these 
currents were set up by induced voltages. The 
recorded voltages on the conductor were extremely low, 
showing quite conclusively that lightning struck the 
ground wire. The current, disturbances on the tower 
and ground wire system were limited to a distance of 
approximately six spans due to low tower footing re^- 
tances. The potentials induced on the conductor arising 
from surges on the ground wires become nil beyond 
the region of the disturbance. Thus no surge on the 
conductor can be propagated beyond this region unless 
flashover takes place. 

The voltages recorded on the oscillo^ph for these 
cases are probably due to the electrostatic disturbances 
resulting from the ionization of air during the formation 
of the iigbt.TiiTig stroke. This ionization of the air draws 
energy from the transmission line, creating a positive 
impulse of short duration and fairly low magnitude. 

To summarize, these data show that the voltages on 
the conductors with a stroke very close to the line or 
terminating on the tower or ground wire will be ex¬ 
tremely low unless flashover takes place. 


Effect op Line CoNSTEUcnoN on Potentials 

iMHtESSED ON SUBSTATIONS 

The potentials appearing in a substation will be disr 
cussed with relation to the various forms of line con¬ 
struction: first, wood pole lines highly insulated against 
impulses but ^ving no ground wires; second, lines 
with low impulse flashover such as steel towers having 
no ground wires; third, steel structures with inadequate 
ground wire protection; and fourth, a toWer line having 
good ground wire protection and adequate insulation. 

With wood pole structures using high insulation, and 
without ground wires,, a stroke terminating on the 
conductor will impress upon it a surge of exceedin^y 
high magnitude. This surge may travel for many miles 
and still be of a dangerously high potential. Such a 
surge entering a substation ■will be impressed across the 
substation insulation. Because of the lower insulation 
against impulses generally ■used in substations, flashover 
will occur within the substation causing a trip-out. 
To prevent such trip-outs or flashovers, exc^tionally 
good lightning protection is required. 

In the case of lines having low impulse insulation the 
conductor struck will flash over at the adjacent ■towers 
and..tbe singe that is propagated over the conductor 
■will be of a chopped nature. The tail of this wave, as 
previously described, ■will have a magnitude depending 
upon the tower footing resistancse at the point where 
flashover took place. However, the wave, whi(di will 
be triangular in form, will be of short duration and will 
attenuate very rapidly. With surges of this nature 
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enterinjg into the substation, the stresses on the. sub¬ 
station insulator will be fairly moderate and less 
lightning protection will be required to safeguard the 
substation equipment. 

This analysis can be applied to the case of tower lines 
where inadequate ground wire protection is used, as the 
nature of the surge propagated over the conductor is 
very similar to the preceding case with the exception 
that in this case the tml of the wave will be of much 
shorter duration. 

The final case to be considered is that in which ade¬ 
quate insulation and good groimd wire protection are 
used on the steel tower line. It has been shown that 
under these conditions only surges of very low magni¬ 
tude will be propagated over the transmission line and 
thus substations will not be subjected to dangerous 
surges. In the event of a stroke very close to the sub-x 
station, thus involving the substation in the disturbed 
region, the voltages on the conductor may be moderr 
ately high. However, the station lightning arresters 
will limit the voltages appearing on the conductors to 
a value well below the substation insulation, tinder 
this condition, the current carried by the lightning 
arrester is fairly low being only that required to charge 
up the conductor to about the potential of the substation 
ground. 

Summary 

1. The charge in a thundercloud, being held by 
particles of moisture in suspension which are insulated 
from each other by the intervening air, can form a light¬ 
ning stroke only if the air between these particles be¬ 
comes conducting. 

2. Energy is transferred from one section of a cloud 
to another through streamers. Laboratory experi¬ 
ments show their rate of development to be oh the order 
of one-twentieth the velocity of light. 

3. With the finite rates at which energy can be col¬ 
lected, a cloud volume one mile in diameter will require 
approximately 100 microseconds to discharge. 

4. Mashover at mid-span will be followed by a flash- 
over at the adjacent tower. Because of the shorter 
are path at the tower, the GOrcycle arc is more apt to be 
maintained at the tower than in mid-span. 

5. With the high rates of rise of potential measured 
on wires struck by lightning, large spacing between 
ground wires and conductors is required at mid-span 
to prevent flashover at that point. 

6. The voltage to which a tower will rise when either 
it or the ground wire is struck is a function of the tower 
footing resistance. 


7. When the tower or ground wire is struck, the 
voltage difference before flashover between the tower 
or ground wire and the conductor is equal to the po¬ 
tential of the tower or ground wire less the potential 
assumed by the conductor through mutual coupling 
with the ground wire. 

8. When the ground wire or tower is struck and 
flashover takes place, a surge having the same potential 
as the tower is propagated over the conductor. 

9. If a tower or ground wire is struck and no flash- 
over results, severe electrical disturbance is limited to a 
few structures, and any surge propagated over the con¬ 
ductor will be of extremely low magnitude. 

10. During one year’s investigation on lines equipped 
with ground wires, no flashovers have occurred where 
tower footing resistances are below five ohms. 

11. The ground wire protection adjacent to the 
station should be strengthened as much as possible to 
eliminate flashover and direct strokes to the conductor, 
thus preventing strokes dose to the station from impress¬ 
ing dangerous surges upon the station equipment. 

12. On well-protected lines, reduced insulation for 
structures adjacent to substations is not advisable as 
for strokes terminating at these points, the hazard of 
flashover is increased with the consequent greater pos¬ 
sibility of transmitting a surge into the substation. 
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Lightning Investigation 

on the 220-Kv. System of the Pennsylvania Power 
& Light Company (1930) 

BY EDGAR BELL* and A. L. PRICEf 

Associate, A. I. B. B. Associate, A. I. B. E. 


Synopsis.—This paper describes the 1930 results (fifth consecu¬ 
tive year) of a lightning investigation conducted on 330-kv. lines 
located in eastern Pennsylvania and where lightning storms are 
prevalent. During 1930 the investigation was expanded; two new 
deviceSf the surge (insulator assembly flashover) indicator and the 
lightning (storm) severity meter being successfully applied. 

Unique and comprehensive data were secured on the magnitudes 


and wave shapes of natural lightning surges both at and remote from 
the point of origin on the transmission line; numbers of phases 
faulted during irip-outs; numbers, magnitudes and effects of direct 
lightning strokes; some data on the relative importance of induced 
strokes; results of measurements of atmospheric voltage gradients; 
and the indicated effect of overhead ground wires and tower footing 
resistances. 


General 

HE extensive investigation of lightning on the 
Pennsylvania Power and Light Company’s 220-kv. 
system during 1930 is a continuation of research 
begun in 1926. Data obtained prior to 1930 have been 
presented in paparsi’* before the A. 1. E. E. in 1928 and 
1930. 

The field study included measurements of magnitude 
and wave shape of lightning surge voltages on 220-kv. 
transmission lines, location and current magnitudes of 
direct lightning strokes, atmospheric electric field in¬ 
tensities, induced voltage gradients, lightning stonn 
severity, insulator fiashovers (including flashovers which 
left no visible bums or marks on insulator assemblies), 
and careful and systematic collection of weather and 
operating data. 

The results of the 1930 investigation have furnished a 
key to the mechanism of lightning influence on high- 
voltage (220-kv.) transmission lines, and the problems 
of evaluating the effects of. overhead ground wires, 
tower footing resistance, and direct and induced strokes 
are in process of solution. 

Line Data 

The 220-kv. system of the Pennsylvania Power & 
Light Company consists of the Wallenpaupack Tap, the 
Siegfried-Delaware River section of the Siegfried-Rose- 
land line, and the greater portion of the PlymouA-Si^- 
fried line. The sections of line between Wallenpaupack 
and Siegfried (formerly known as the Wallenpaupack- 
Siegfried line) are now called ilie Wallenpaupack 
Tap-Siegfried Roseland line. Practically all measure¬ 
ments were made oh this line, and unless otherwise 
specified, references in this paper will be to this line. 

General characteristics of the above mentioned lines 
including a; description of the so-called counterpoise 

♦Assistaat Engineer, Pennsylvania Power and Light Co., 

Hazleton, Pa. ' 

tPenn. Power & Light Co., Hazleton, Pa., formerly of General 

Elec. Co., Schenectady, N. Y. 

1. ■ For references see Bibliography. 

Presented at the North Eastern District Meeting oJtheA.I. E. E., 
Rochester, N, Y:, April 99-May 9,19S1. 


installed along a 23 /^mile section of line on which flashed 
insulators had been very numerous have been described* 
in a previous paper. These lines, together with present 
and future interconnections, are shown in Fig; 1. 

During 1930 two radical changes were made to sec¬ 
tions of the Wallenpaupack Tap. The tower footing 
resistances of all towers equipped with overhead ground 
wires (exclusive of the “counterpoise” section) were 
reduced by connection of tower footing grounding cables 
to the tower footings. Each cable conasted of a 60-ft. 
length of 00 stiiunded copper cable trenched in the 
ground to a depth of about a foot, and connected to one 
comer of the tower. Four cables extending radially 



Fig. 1 —^Pennsylvania-New Jersey 220-Kv. Interconnection 


outw^d were used at each of the 80 towers. The 
immediate effect of these tower footing grounding cables 
was to reduce tower footing resistances to about'one- 
haJf tiieir former values. 

A 3 J^-mile section of this line butade the ground wire 
section, and which was particularly subject to insulator 
flashovers, was eqxiipped with lightning stroke diverting 
cables,® or overhead ground wires of unusu^ desiipi. 

Facilties .and Measuring DbWcbs 
The investigation was conducted and facilities were 
mj^e available cooperatively by the Pennsylvania 
Power and Light Company and the General Elwtric 
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Company, theElectric Bond and Share Company acting 
as consultant for the former. The Public Service Elec¬ 
tric and Gas Company of New Jersey and the Philadel¬ 
phia Electric Company also cooperated by supplying 
lightmng storm and weather data from their respective 
operating territories, the latter company also furnishing 
operating data from its 220-kv. lines which are intercon¬ 
nected with those of the Pennsylvania Power and Light 
Company. All five companifs participated in analysis 
of data. 

Measuring devices and facilities used are listed in 
Table I which also indicates trends in scope of the 


Wallenpaupack Tap-Siegfried Roseland line for the 
purpose of checking the performance of the surge indi¬ 
cators and to secure the best possible insulator assembly 
flashover data. Fig. 3 shows surge indicator installa¬ 
tions on a typical stee! tower. 

The lightning (storm) severity meter'' is a small device 
of simple construction, consisting of a roll film box 
camera containing a special glow tube. This tube is 
connected between a short vertical antenna (30 ft. long) 
and ground. Collapse of electric charges collecting on 
the antenna during lightning storms causes the tube to 
glow, and record a spot on the film. The intensity or 


TABLE I—MBASUKING DEVICES AND FACILITIES 


Number of instruments or facilities 


A—Instruments used on 220-ko. lines 

1926 

1927 

1928* 

1929 

1930 

Surge-voltage recorders. 

9.. 

.,26.. 

. .46.. 

.. 28 . 

. 21 

Lightning-stroke recorders. 

0.. 

.. 0.. 

.. 0.. 

..284 . 

. 314 . 

Surge (flashover) indicators.. . 

0.. 

.. 0.. 

.. 0.. 

.. 0 . 

.1,041 

Oathode-ray oscillographs. 

Magnetic oscillograph elements or 

0.. 

.. 0., 

.. 1.. 

.. 1 . 

, 2 

high-speed graphic ammeters. 

B—Other instruments (not coupled to 
220-kD. lines)* 

2.. 

.. 2.. 

..2.. 

.. 5 . 

. 12 
to 22 

Surge-voltage recorders. 

0.. 

,. 0.. 

.. 6.. 

.. 12 . 

. 13 

. Oathode-ray oscillographs. 

0.. 

.. 0.. 

.. o:. 

.. 1 . 

0 

Field-intensity recorder^. 

0.. 

.. 0.. 

.. 0.. 

.. 1 . 

3 

Bate of change of fleld recorder. 

0.. 

,. 0.. 

.. 0.. 

.. 1 . 

0 

Storm-severity meters. 

C —Special installations 

0.. 

.. 0.. 

.. 0.. 

.. 0 . 

4 

Antennas. 

0.. 

.. 0.’ 

.,5.. 

.. 10 . 

, 10 

Towers with counterpoise. 

Towers with tower footing groimding 

0.. 

.. 0. . 

.. 0.. 

., 14 . 

. 14 

cables.. 

Towers with lightning stroke diverting 

0.. 

.. 0.. 

.. 0.. 

,. 0 . 

. 80 

cables... 

0.. 

.. 0.. 

.. 0.. 

.. 0 . 

. 18 

Lightning arrester installations. 

D — Weather data 

Weather observations (operating sta¬ 

0.. 

.. 0.. 

.. 0.. 

.. 0 . 

. 2 

tions) .. 

E — Operating data 

7.. 

.,26.. 

..27.. 

..142 . 

. 138 

Overhead (tower climbing) patrols.... 
Operating records, fiom 220-kv. 

1.. 

.. 1,. 

..7.. 

.. 23 . 

. 5 

operating stations. 

2.. 

.. 2.. 

..2.. 

.. 3 . 

3 


investigation by years. Locations of devices and facili¬ 
ties with respect to transmission lines are shown in 
Pig. 2. 

The surge-voltage recorder,* the lightning stroke 
recorder,® the cathode-ray oscillograph* and the field 
intensity recorder® have been described in other papers 
before the Institute. 



RECOfiDCR STATION, INSULATOR STRING POTENTIOMETER 

12-6 DEN0TC5 6“ TOWER IN 12TM MILE __ 

— — OVERHEAD CTOUNO WIRW *ANTEHNAS NJEA^ TTIMC 

RECORDER STATION, ACROSS 3 OUT OT 223 IXNG ARRTR CELLS 
O high speed craphic ammeters 


Fig. 2—Diagram of Wallenpaupack Tap-Siegfried 
Boseland and Flymouth-Siegfried Lines 

Sho'vHng locations of recording devices and facilities 


The surge (insulator assembly flashover) indicator' is 
a small device applied to each insulator assembly of a 
tower, and designed to cause a target, visible to a ground 
patrolman, to shpw upon occurrence of flashover. of that 
assanbly. This instrument was developed during the 
winter of 1929-30* by the General Engineering Labora¬ 
tory of the (Seneral Electric Company. As used during 
1930 tow^ having one (or more) targets showing were 
climbed, all insulator assemblies carefully inspected for 
marks of flashover and a, new indicator link installed. 
Broken pieces of the old link w^e saved, and inspected 
by eaperienced engineers. At the end of the season a • 
tower climbing inspection was made of the entire 


degree of darkness of this spot is an integrated function 
of the number of charges on the antienna and their 
magnitudes. As used during 1930, films were advanced 
by hand once a week to a new position, and all records 
secured were on a weekly basis. Installations were 
made in open fields as free as possible from trees, build¬ 
ings, and electric power lines. 

The lightning severity meter was developed by the 
General Engineering Laboratory of the General Electric 
Company. 

During 1930 the Wallenpaupack lightning Labora¬ 
tory was abandoned,' and a new one established near 
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tower 23-4 of the Siegfried Roseland line. Fig. 4 is an 
illustration of the new laboratory and its site. At this 
location, known as Cherry Valley, the line is not 
equipped with overhead ground wires, and flashed 
insulators had been particularly numerous. During the 



Kifi. Suuok-Tnouiatuu Inhtallation on Typical 220-Kv. 

Htkkl Towbk 

1930 season a direct stroke of lightning contacted the 
line conductor at not more than 500 ft. from where the 
cathode-ray oscillographs were coupled. The oscillo¬ 
gram of this voltage surge is described later. 

Two cathode-ray oscillographs were employed, both 
being coupled to the same line conductor. One instru¬ 
ment, called the “fast sweep” had a time axis of 60 
microseconds duration; the other or “slow sweep” oscil¬ 
lograph had a time axis of 2,000 microseconds duration. 


The latter instrument was particularly useful in deter¬ 
mining the approximate locations of the line faults 
associated with oscillograph records. This result was 
possible because of. voltage or current reflections from 
faults, line terminals, and line junctions. 

A transmission line voltage indicator located at the 
laboratory and controlled by the electrostatic field from 
the line conductors was utilized for exact and positive 
time correlation of oscillograms with line trip-outs. 

Auxiliary oscillograph circuits* were substantially as 
used in 1929. Sensitivity of the trip circuit of the fast 



Pig. 4—Chbbky Valley Lightning Laboeatobt 
Tower SR 23-4 immediately beldnd laboratory 


sweep oscillograph was increased by changes in circuit 
constants and by exposure of trip gaps to ultra-violet 
light. The slow-sweep oscillograph circuit was initiated 
by the cathode voltage of the fast-sweep oscillograph. 

For over 90 per cent of line faults associated with 


TAWOB n—TKIP-OUT DATA—1030—WAULffiNPAOPAOK TAP-8I1SOPBIBD BOSBLAND LINE 




Insulator assembly llashovors 

Measured 

direct 

lightning 

strokes 

Overhead 
ground. 
wires 
installed 



Trlp-out 

nuinbor 

Phu.se.s 

faulted 

No. of 
towdrs 
Involved 

No. of 
assomblies 
Involved 

Location of fault (tower and phases 
where flashover occurred) 

Oathode-ray 

oscillogram 

obtained 


X W 


. .4. 

. Instruments. 

.No. 

.8Rie-2X; W: 16-3X. W. 






,not 

. ? . 

7 . 



Y X! W 

9. 

.4. 

.installed 

.No. 

. SR19-4X: 20-lY. X, W.*... 



w 




. 7 . 

? 



w 



(( 

. 7 . 

7 . 


5 

w 



« 

. 7 . 

7 . 


i\ . 




(( 

. 7 . 

? . 

.. Yes 

7 ...... 

...If 

o 


« 

.No. 

. .SR11-4X; ir-6X. 

.. Yes 

8. 



.... 

? 

. 7 . 

? . 


ii . 

... 1 

"V 



? 

. 7 . 

7 . 

Yes 

10. 

... 1 . • 
V tx/ 


2 

i Yes 

.No. 

. .WT 22-4X, W. 

Yes 

11. 

. . . A, W . . 

V 

o 

2. 

. Yes 

.No. 

,. SR34-1X; 34-2X. 

Yes 

12 ...... 

/ trti 

... A * . 

. W 

/.I. 



.Yes..... 

.. Plymouth-Slegfried Line. 

No 

V . 


t 

1 .... 

. No 


. .WT16-6Y. 


14 ...... 

... 1 
'll/ 



? 

. 7 . 

7 . 

Yes 

15. 

. . . W 

i> 

2. 

. Yes 

.No. 

. .SKU-IW; 11-2W. 

Yes 

15 ...... 

1 *7 

... vv . . 

Y 

9 . 

. 2 . 

Yea 

.No. 

. .SR3I-2Y: 31-3Y.:.,. 

Yes 

It . 




7 

. 7 . 

7 ... 

18. 

,. .W* 

V 

n 

2 

Yes 


,.SB8-4Y;9-1Y.‘. 

.. Yes 

lU ..... 
(20). 

. . 

. .. W 

w 

. . 

4 

.4. 

Yes 

.Yes. 

.No. 

.. Plymouth-Siegfrled Line. 

..SB16-3W; 16-4W; 16-6W; 17-lW... 

Yes 

221. 

23. 

...X 

...Y 



No 
. Yes 

.No. 

.No. 

. .SR23-3X; 23-4X. 

,.SB24-5Y; 26-1Y. 

OlO *1 A * *1 tC_1 75^ 

.. Yes 

... Yes 

Yes 

21. 

25 . 

26 . 

...X 

...Y 

,..W 


.3. 

. No 

. Yes 

, Yes 

.No. 

.No. 

..8B9-6Y: 10-1Y. 

.. SR13-5W; 13-6W; 14-lW. 

Yes 

Yes 


♦No. of pha.'ies faulted not known with certainty. Possibly one other phase Involved. 
fTrlp-out duo to stroke near Ilghlnlng laboratory. See oscillogram 902379. 

Total number of Ugbtning trlp-outs 24 (excluding numbers 13 and 20). 
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trip-outs the number of phases involved was successfully 
determined by means of high-speed graphic recording 
ammeters at Wallenpaupack and magnetic oscillographs 
at Siegfried. 

Results 

Line Trip-outs. Of the 24 lightning trip-outs during 
1930, the location of the fault, the number of phases and 
insulator assemblies involved, and whether or not a 
direct stroke exceeding approximately 50,000 amperes 
occurred, were successfully determined in fifteen cases. 
In the remaining nine cases, complete data are either 
lacking or correlation is uncertain. Table II presents 
summarized data for each trip-out. 

The Pl 3 nnouth-Siegfried line tripped twice, each case 
being due to a single-phase fault. 

Insulator Assembly Flashovers. Table III summar- 


TABLB ni—SUMMARIZED INSULATOR FLASHOVBR DATA 

1930 


Xiine Name 

Under No ground 

ground wires wires 

Total* 
for line 

No. No./mi. No. No./mi. 

No. 

Noi/mi. 

Wallenpaupack Tap... 

,...6*_0.26_ 8_0.94.. 

. .13t. 

..0.46 

Siegfried-Boseland.... 

...3 _0.67_49_1.61.. 

..62.. 

...1.41 

Plymouth-Siegfded.... 

...2 ....0.04. 

.. 2.. 

,..0.04 


*Two of these flashovers occurred before installation of tower footing 


grounding cables. 

tExcludes four flashovers at Wallenpaupack protective gaps. 

izes 1930 insulator assembly flashover data with respect 
to overhead groimd wires. Of the 66 line insulator 
assemblies fiashed on this line during 1930, 71 per cent 
showed glaze bums characteristic of dynamic arcs. 
Of 38 surge (flashover) indicator operations 29 (76 per 
cent) were associated-with marked insulator assemblies. 
Possibly 24 per cent of the flashovers during 1930, there¬ 
fore, left no discernible marks on the insulators. As in 
previous years, most flashover^ occurred on ph^se con¬ 
ductors occupying the outer positions in the towers. 
The numbers are 36, 6, and 23 respectively for the west, 
middle, and east conductors. - i*.- 
Table IV shows that the great majority of insulator 

TABLE nr—GBOUPINO OP PLASHED INSULATOR ASSEMBLIES 


Number of phases Number of assemblies 

involved in group composing group Total 


(1) (2) (3) (4) 

1 .17....12.2.1.32 

2 . 1 . 0 _ .2 . 3 

3.0.1. 1 


Total.17_13.... :2.4...36 


assembly flashovers involve only one phase (82 groups 
out of 36) but that in 16 of these 32 eases more than one 
assembly was involved (single-phasd flashover on two or 
more adjacent tpwers). 

Fig. 6 shows the flashed insulator assemblies by line 
miles for 1930 and for the five-year period 1926 to 1930 
inclusive. 


Lightning Strokes. All towers of the Wallenpaupack 
Tap-Siegfried Roseland line were equipped with light¬ 
ning stroke recorders. These devices were serviced 
after each trip-out or group of trip-outs. Table V lists 
detailed data. 

Table VI summarizes important results, and indicates 
the beneficial effect of overhead ground wires. 

Antennas. Data from these installations are meager. 
The following results appear to be well established, 
however. 

a. Simultaneous records from antennas of varying 
heights are approximately proportional to height above 
the earth’s surface. 

b. The fifteen records obtained during 1929 and 
1930 although varying in magnitude from about 300 to 
2,700 kv. have in no case been accompanied by more 
than a low voltage on the adjacent transmission line 
conductors. 

c. Voltages of flashover value occurring on the 
transmission line adjacent to antennas have not been 
accompanied by records on the latter. 



miENP/UIPACK BU3HKILL , SIESrPlEO 

MILE NUMBERS 


Pig. 5—Insulator Assembly Flashovers 
W allenpaupack Tap-Siegfded Boseland Line 

d. A 60-ft. high-grounded antenna erected over a 
50-ft. high antenna'indicates a protective ratio of about 
0.5 to 0.6. 

:CaOiode-Ray OsciUograms 

During 1930 oscillograms of 22 lightning surges which 
exceeded 100 kv. at the point of measurement were 
obtained. These have been classified into three groups, 
as follows: 

Group I. Surges accompanied by line trip-out caused 
by a fault involving the conductor phase to which the 
oscillographs were coupled (phase X). 

Group II. Surges accompanied by line trip-out 
caused by a fault not involving the conductor phase to 
which the oscillographs were coupled. 

Group III. Surges unaccompanied by line trip-out 
and line fault (nature and location of origin unknown). 

Table VII presents pertinent data of these 22 oscillo¬ 
grams. 

Fig. 6 shows a typical pair of oscillograms of Group I. 
Both oscillograms are records of the same surge. The 
latter record (902388) began at about — 400 kv. and is 
about one microsecond later in starting than the corre- 
spondingiast-sweep osdllogrampr 902387.' 

These'records were obtained coincident with trip-out 
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TABLE y—LIGHTNING STROKES RECORDED ON WALLENPaUPAOK TAP-SIEGPRIED ROSBLAND LINE 



Structure 

Magnitude 



Structure 






. at which 

of structme 

Polarity of 

Overhead 

footing 



No. of 



record was 

current 

structure 

groimd 

resistance 

Insulator 

Conductor 

phases 

Correlating 

Stroke No. 

obtained 

amperesi 

current 

wires 

ohms 

flashovers 

position 

affected 

trip-outs 

(A) Lightning strokes which caused trip^oiits (This list includes one doubtful case. No. 2) 

1. 

... WT22-4... 

- 80,000_ 

.Osc. 

.No. 

.91. 

.WT22-4W.. 

.E... 

.2. 

.11 




Neg. 



.WT22-4X... 

.M 



2. 

...SR17-4.... 

_110.000_ 

.... Neg. 

.No. 

.23. 

Nona 

.. . ? .. .. 

-? 



' 





discovered 



none 

3. 

...SR34-1.... 

_ 90,000..,. 

.Neg. 

.No. 

.33. 

. SR34-1X.., 

.B.. 

.1. 

.12 


SR34-2.... 

-110,000... 

.Neg..:.. 

.No. 

.37. 

.SR34-2X... 

.B 



4. 

... SR36-2..,. 

_110,000... 

.Neg. 

.No. 


.SR36-2Y... 

.W. 


.10 






13. 

. SB36-1Y... 

.W 



5. 

...SR8-1. 

_100,000... 

..,. .Neg.. 



.SB8-1W_ 

.W. 

.1. 

_15 or 18 



90,000 


* 







SR8-2. 

_100,000... 

-Neg. 


.23. 

.SR8-2W_ 

.W 





60,000.... 


,....No. 

. 28. 

. SR8-3W- 

. W 



6. 

...SRll-l.... 

.... 90,000... 

.... Neg. 

.No. 


.SRll-lW... 

. W . 

.1. 

.16 


SRll-2.... 

....100,000. .. 

-Neg. 

.No. 


.SR11-2W... 

.M 



7. .'.. 

... SR16-5.... 

_ 80,000... 

,... .Neg. 

.No. 


.SR16-5W... 

.B. 

.1. 

..21 


SR17-1.... 

Less than 

.Neg. 

.No. 

.43. 

,SR17-1W..., 

.E 





60,000... 

,,,.. . 

.No. 

.30. 

.SR16-3W... 

.B 







No. 


.SR16-4W... 

.E 



8. 

... SR31-3_ 

....110,000... 

... .Neg. 

.No. 

. 34. 

.SR31-3Y... 

.W. 


..17 





No. 

. 12. 

.SR31-2Y... 

.W 




.. .SR23-3. 

.. .None >'.. 


_No. 

. 51. 

SR23-3X..., 

..W. 

.1. 

22 


SR23-4_ 

.. .recorded.. 


.No. 


.SR23-4X... 




9. 

... SR24-5.... 

... 100,000... 

-Neg. 

.No. 

.32. 

,SR24-5Y... 

.W. 

.1. 


t . 

...SR25-1.... 

... 100,000... 

... .Neg. 

.No. 

. 16. 

.SR26-1Y... 

.W 



10. 

...SR9-6 .... 

...160,000... 

-Neg. 

.No. 

.34. 

.SR9-6Y ... 

......E. 

.1. 

.26 


SRlO-1.... 

...120,000... 

.., .Neg. 

.No. 


.SRIO-IY... 

.B 



11. 

. ..SR13-6. 

...110,000... 

-Neg. 

.No. 

.100. 

.SR13-6W... 

.B. 


.26 


SR14-1_ 

...100,000... 

_Neg. 

.No. 

__21. 

. SR14-1W... 

.E 







No. 

.42. 

. SR13-6W... 

.B 




Structure Structure 



at which 


Polarity of 

Overhead 

footing 


record was 

Magnitude of structure 

structure 

grotmd 

resistance 

Stroke No. 

obtained 

current amperes^ 

current 

wires 

ohms 

(B) Lightning strokes which did not cause trip-outs orjlashooers 

12. 

..•.SR4-4_ 

. 90,000. 

_Neg. 


.20 

13. 

.. .WT3-2_ 

. 60,000. 

_Neg. 

.Yes. 

.27 

14. 

...WT6-4.... 

.130,000. 

120,000 ' 

_Neg. 

.Yes. 

.23 


WT6-6.... 


....Neg. 


..47 

15. 

...WT16-3... 

.260,000. 

220,000 

... .Neg. 



16. 

...WT17-4... 

. 70,000. 

... .Neg. 


..62 


WT17-6... 


_Neg. 


.18 

17. 

...WT22-1,.. 

. Less than 60,000 by L. S. R. . 

... .Neg. 

,.. Diverting 

.32 

. X 

(Guy) 

Approx. 120,000 by S. Y. R, in 


Cables 




shunt 





WT22-2... 

. Less than 40,000 by L. S. R. 

.Neg. 

.. .Diverting 

_Approx. 


(Guy) 



Cables 


18. 

...WT23-1... 


... .Neg. 

... Diverting 

.... Approx. 


(Tower) 



Cables 

.30 


WT23-1... 


_Osc. 

... Diverting 



(Guy) 


.Neg. 

Cables 



WT22-4... 

. Less than 40,000 

.Osc. 

... Diverting 

_Approx. 


(Guy) 



Cables 

.*.30 


^Surge-voltage recorders coupled to all three-phase conductors at tower SR23-4 indicated that the maximum possible voltages on phases Y and W 
(22^ and 46 ft. from phase X which flashed over) were -1.620 kv. and - 710 kv. respectively.. On phase X conductor a voltage In excess of - 2,400 kv. 
was recorded. Also see oscillogram 002379. 

tA surge-voltage recorder coupled to phase X conductor at tower SR25-1 (46 ft. from phase Y which flashed over) indicated that the maximum 
possible voltages on phase X were -1,190 kv. and -h 1,280 kv. 

JA surge-voltage recorder coupled to Y phase conductor at tower WT22-1 indicated -f- 2,400 kv. coincident with this stroke. No insulator flashover 
or trip-out occurred. 

t According to present calibrations, subject to revision. 
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TABLE VI—SUMMARIZED LIGHTNING STROKE RECORDER 
DATA WALLENPAUPACK TAP-SIEGPRIED ROSBLAND LINE 


No. of towers in line... 314 

No. of towers equipped with recorders. 314 

No, of current records obtained.•. 35 

Probable No. of strokes causing these records. 18 

Maximum current recorded, amperes. 260,000 

Minimum current recorded, amperes.‘. 40,000 

No. of negative strokes... 16 

No. of oscUlatoi*y strokes (negative predominating).. 2 

No. of recorded strokes which definitely caused trip-outs (no 

ground wires in any case).’. 10 

No. of recorded strokes which did not cause trip-outs (ground 

wires in every case). 7 

No. of recorded strokes which may have caxised trip-outs..1 


24. A single-phase fault developed on phase X at towers 
SR 14-6 and 15-1, about 8.7 miles south of the lightning 
laboratory. Flashed insulators were found on phase X 
at these towers, and the reflections recorded on oscillo¬ 
gram 902388 show that the location of the fault was 
approximately 9 miles south of the laboratory. 

Similarly Fig. 7 shows a t 3 rpical pair of oscillograms of 
Group 11., 902365 arid 902366 are the short and long 
duration oscillograms, respectively. These records were 
obtained coincident with trip-out 16. A single-phase 
fault developed on phase W at towers SR 11-1 and 11-2, 
about 12.5 miles south of the lightning laboratory. 
Flashed insulators were found on phase W at these 
towers, and the reflections recorded on oscillogram 
902366 show that the location of the fault was about 
13 miles south of the lightning laboratory. In this case. 



B 


FlO. (5—OsCiniiOGUAMS OF LiallTNINO StTBOJi—TYPICAL 

Qiioup I SmiaB 

aa.thode-ray osolUoKrama 00Z387 and obtatnod July 34, HWO 

at 1:60.5 p. m. colncidont with trip-out No. 24. Aiuinotoi'H at Wallon- 
paupack and magnotlc oscillographs at Siegfried iiuHcatcwl a fault on phase 
X. Surge Indicator targets showed on rdiaso X at towers 14-5 and 15-1 
(Siogfried-Rosoland lino) and tlio insulators were found ilaalMul, Reflec¬ 
tions on the slow-swoop oscUlogram indicate origin of the surgts us about ii 
miles south of the laboratory or at about this location 


TABLE VII—OATHODE-RAY OSOILLOGRAMB OBTAINED AT OHI5RRY VALLEY, PA. LIGHTNING LABORATORY 


OscUlogram numbers 

Oorre- 

spon^ng 

trip-out 

number 

Phases 

faulted 

Maximum 
recorded kv. 


Polarity 

characteristics 

Appi 
dlsta 
from 
cHlog 
in m 


Time in microHOConds to roach 


nco 

os- 

raph 

Uost 

75% 
of max. 
(front) 

Max. 

voltage 

50% 
of max. 
(tail) 

Zero of flt 

Fast 

sweep 

St loop 

Fast Slow 

sweep sweep 

50 ju sec. 2,000 ju sec. 

Fast 

sweep 

Slow 

swoop 

Nature 
of wave 

First 

loop 

Second 

loop 

Hl(»w 

sweep 

Group I—^Fault on phase X (to which oscUlographs were coupled) 

002315.. 

.902316... 

_8. 

.X. 

. - 500 . 

. -480 

. .Uni... 

.Nog.. 


. 12 

S . 

..O.H.. 

.... 2.0 . 

. 0.5 

.42. + . 

140 

002329.. 

.902330.. 

....11. 

.X, W... 

. H- 100 . 

. -626 

. .Osc... 

.Pos.. 

. .Nog... 

. 20 

N . 

..O.X.. 

... 0.1 .. 

. 2.0 . 

. 2.5 . 


902338.. 

.902339.. 

_12. 

.X. 

. - 380 . 

. -375 

. .Uni... 

.Nog.. 


. 10 

N 

..1.5,. 

,...15. . 

.50. +. 

.50. + . 

250 

902379.. 

..NoS. S.. 

....22. 

.X. 

. -2760 


. .Uni... 

.Nog.. 

. 

. .0.1 or less 

V 

7 

? 

.. 5.9 . 


902387.. 

..902388.. 

_24. 

.X. 

. - 750 

. -725 

..Uni... 

. .Nog.. 


. 9 

B 

..8.0.. 

....11.0 .. 

.31. 

.53. + . 

460 + 

Group II—Fault on phase Y or W or both, but not on phase X 

902306A. 

..902308A. 

.... 7. 

.Y, W*.. 

. -h 380 

. -320. 

. ,Osc... 

.Pos.. 

.. Neg,. 

. 1.8 

N . 

. .1.5.. 

.... 2.5 . 

.11.0 

.13.5 


902325.. 

..902326.. 

....10. 

.Y. 

. + 140 

. -1-162 

. ,Osc... 

.Pos.. 

..Neg . 

. 11 

N . 

. ,0.1.. 

.... 0.1 . 

. 3.0 

. 0.0 


902344.. 

..No S. S.. 

See Notef 

.W. 

. + 150 


..Uni... 

. .Pos.. 


.100 

S... 

..1.0.. 

.... 5.0 . 

.30, 

.47. + 


902363.. 

..902864... 

_16. 

.W. 

. + 200 

. +155 

..Uni... 

.Pos.. 


. 14 

S.. 

..4.5.. 

.... 0.0 . 

. 9.0 

.13.0 


902365.. 

..902366... 

....16. 


. -H 100 

. -175 

. .Osc... 

.Pos.. 

. .Neg.. 

. 13 

a.. 

..5.0.. 

.... 6.0 : 

. 6.5 

, H.O 


NoP. S. 

..902367... 

....18. 

.w*. 


. -175 

. .Osc... 

. .Pos.. 

. . Nog.. 

. 15 

s.. 

. 




35 

NoP. S. 

..902368... 

....19. 

.Y. 


. -160 

. ,Osc... 

. .Pos.. 

. .Neg.. 

. 15 

3.. 


.,., 



25 

NoF. S. 

.902370.. 

-20t.... 

.W. 


. +286 

. .Osc... 

.Pos.. 

.. Neg . 

. 00 

8... 

. . 

... 



40 

902383.. 

..902384.. 

-23..... 

.Y. 

. - 250 

. -300 

..Uni... 

.Nog.. 


. 1 

N. . 

..0.3., 

.... 0.3 . 

. 1.0 

. 2.0 


902409.. 

..902410.. 

_25. 

.Y. 

. + 160 

. -200 

. .Osc... 

.Pos.. 

.. Neg . 

. 13 

S... 

..2.0,. 

.... 2.5. 

. 4.2 

.10.0 


902411.. 

..902412.. 

....26. 

.W. 

. + 310 

. +300 

. .Osc... 

..Pos.. 

. .Neg.. 

. 10 

a... 

..1.0,. 

.... 2.0 . 

. 7.0 

. 0.0 



Group III—No corresponding trip-out (location of fault, if any, unknown) 


902307B. 

.902308B 

None 

Unlcnown 

? . 

-230 . 

.Osc... 

. .Nog.. 

. .Pos.. 

. 3.6 N?.. 

. ? .... 

.. 7 . 

. 7 

.. 5.0 

9023070. 

.9023080 

u 

14 

. + 120 . 

. -430 . 

.Osc.. 

, .Pos.. 

. .Neg. 

.. 42.6 N?. 

.2.5... 

... 3.6 . 

. 3.8 

.. 4.0 ; 

902313... 

.902314.. 

u 

u 

. + 180 . 

. -460 . 

. .Osc.. 

, .Pos.. 

.. Neg.. 

.. ? S... 

.,0.1... 

... 0.1 .. 

. 9.0 

..12., 

902386... 

.902336.. 

u 

it 

. + 230 . 

.‘+240 . 

..Uni... 

,, .Pos.. 


Near lab.? . 

. .1.5... 

... 2,0., 

.. 6.0 

..60. +. .400 

902337... 

.No S. S.. 

4€ 

it 

. + 360. 

, 

..Uni,., 

.. ;Pos.. 



..2.0... 

... 3.6 . 

. ,26. 

..60. + 

NoF. S.. 

.902369.. 

it 

If 


, -160 . 

. .Osc.., 

. .Neg.. 

..Pos.. 



40. .. 


170 


*No, of phases faulted not known with certainty. Possibly one other phase involved. 
tTrip-out of interconnected 220-kv. line. No fault on Wlpk. Tap.-Siog. Bose. Line, 
iludging from reflections on slow-sweep oscillograms. N (North) and S (South). 
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lightning-stroke recorder records were obtained at both 
towers, indicating that a direct negative stroke occurred 
to phase W conductor between towers 11-1 and 11-2, 
and that the magnitude of current was sufficient to 
produce records at both towers. 

Fig. 8 showing oscillogram 902379 is a Group I 
record, unusual in that the direct stroke causing the 
line fault and trip-out occurred not more than 500 ft. 
away from the lightning laboratory. No lightning- 
stroke recorder records were obtained, (minimum sensi¬ 
tivity being about 60,000 amperes). The fault was 
confined to phase X on towers SR 23-3 and 23-4, and 
caused trip-out 22. The record shows that the rise of 
voltage was rather gradual for the first 3.5 microseconds, 
but quite rapid during the next 2 microseconds or until 
insulator flashover occurred on the crest of the wave at 
over — 2,760 kv. After flashover the voltage collapsed 


. n 

i .. 


Mic»-04ecc>n<i-» 



B 

7—OsciUifXJKAMH OF LidHTisriNo vSuufiiij-—T ypical 

(.rUOlTJ* 11 SllHOK 

Oathodo-ray oHcillogmiiis and 002306 obtainod July 0 at 

f>;27.3 p. m. cobicidcmt with triii-cmt No. 10. .Short-circuit 00-cyclo cur- 
ront.s iridlcaiofl a fault on phaKo Hurgo-indicator targets showed on 
idiaso \V at towers 11-1 and 11-2 (SleKfried-Uo.solaiid lino). Insulators 
were found Hashed and lightning stroJte recorders indicated at those atruc- 
turoH, currents of 1)0,000 and 100,000 ainr>ores, rospoctivoly, Itollections 
on the slow-sweop oscillogram IndlcJato origin of the surge Jia about 13 milos 
MOuth of the laboratoi*y or at about this location 


very quickly in about 0.2 microsecond to zero, later 
increasing to about - 150 kv. and gradually diminish¬ 
ing to zero again at 23 microseconds. 

The wave front of this surge resembles that of the 
voltage across a capacitor when being charged through 
an inductance from a constant voltage source. 

Based on wave-shape characteristics before reflec¬ 
tions occur, the records of Group I appear, in general, 
to be unidirectional and negative. Those of Group II 
appear to be oscillatory, first loop positive, second loop 
(longer time duration) negative. Composite wave 
shapes based on these records are shown in Big. 9. 

Most of the records in these two groups have been 
associated with specific groups of insulator flashoyers, 
and a number was also accompanied by measured direct 
strokes. 

As shown in Table VII the times to reach crest 


voltage ranged from less than 0.1 to 15 microseconds: 
Composite wave shapes representative of Groups I 
and II are summarized in Table VIII. 



A 



Fig. 8—Oscillogram: of Lightning Surge Voltage Measured 
AT Point of Origin 

Oathode-ray oscillogram 902379 obtainod at the Ohorry Yalloy lightning 
laboratory—^July 24,1930 at 1:41 p. m. and coincident with trip-out No. 22. 
l^lashovor occurred across phase X insulator assembly at tower 23-4, a 
point about 126 ft. south of where tho oscillographs were coupled. The 
flashover was checked by (1) visual observation, (2) sui’ge indicator opera¬ 
tion, and (3) flash mai'ks on insulators. Flashover on phase X at tower 
23-3 (adjacent tower) was also indicated. This record begins at — 100 
kv., incroases to — 720 kv, in 3.6 microseconds and Isolf scale (— 2,760 
kv.) in 4.8 microseconds. Becord reaches zero due to tho accompanying 
insulator flashover in 5.9 microseconds 



Fig. 9—Composite Lightning Surge Wave Shapes 
Swrge-VoUage Recorders 

As in previous yehrs surge-voltage record®^ located 
at rather widely separated intervals along the line 
yielded records of all magnitudes up to about 2,700 kv. 
(breakdown value of line insulation) and of bothpositive 
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and negative polarities. Polarity characteristics and 
magnitudes of surge voltages measured during 1930 are 
indicated in Table IX. 

Data for five consecutive years classified with respect 
to trip-outs and overhead ground wires are presented 
in Table X. It appears that surge-voltage recorder 
records are largely dependent upon the distance between 
the originating disturbance and the point of measure- 

TABI.B VIII—SUMMARIZED OATHODE-RAY OSOILLOORAM 
CONSTANTS 


Time in microseconds to reacb 


First loop 

Second loop 

76 per cent crest.•. 

... 

Group I 

.... 6.0 
_11.0 


50 per cent crest on wave tail... 
Zero... 


.... 80. 

_420. 






76 per cent crest. 

Group II 

2.1... 
_ 2.6... 

. 17 

.25 

, , .... 

60 per cent crest on wave tail... 
Zero. 


_ 6!o... 

.... 8.0... 

. 92 

.336 


TABIiB IX—POLARITY OHARAOTBBISTI03 OP LIGHTNING 
SURGES RECORDED ON THE WALLENPAUPAOK TAP- 
8IEGPRIED ROSBLAND AND PLYMOUTH-SIEGPRIBD 
LINES DURING 1030 


WT-SRline PSMne 

Max. Mas. 

Number voltage Number voltage 

tJnldirectioiial - - - - 

Positive. 1. 460 . 0. 

Negative...0.8.660 

Oscsillatory 

Highest crest value posi¬ 
tive . 6..2400 . 0. 

Highest crest value 

negative.21.... 2640-3080 .... 0. 

Positive and negative crest 

values equal. . 1. tr .2.tr 

Total.29.10_ 


TABLE X—NUMBER* LOCATION AND POLARITY OP VOLTAGE 
SURGES EXCEEDING VARIOUS TIMES NORMAL, AS 
MEASURED BY SURGE-VOLTAGE RECORDERS OVER 
THE FIVE-YEAR PERIOD 1926 TO 1930. INCLUSIVE 


Location and polarity 

. 

No. exceeding times normal 
(180-kv.) shown 

(1) (6) (10) 

Surges coincident with trip-outs 




On open line. 

.. .positive— 

.... 8. 

.8. 

..6 

On open line. 

.. .negative... 

_29. 

.21. 

. .8 

Under ground wire.... 

... positive.... 

.... 4. 

.2. 

..1 

Under ground wire.... 

... negative... 

_26. 

.11. 

..2 

Surges not coincident with trip-outs 




On open line. 

... positive.... 

.... 6. 

. 1. 

. .0 

On open line. 

.. .negative... 

_6. 

.2. 

. .0 

Under ground wire..,. 

... positive,... 

....16. 

.8. 

. .7 

Under ground wire.... 

.. .negative... 

-6. 

.0. 

. .0 


ment, whether or not overhead ground wires are present, 
and whether or not the measurements are made on the 
same phase as that involved in the original disturbance. 
In the limited number of cases in which correlation can 
be made with a reasonable degree of confidence, high 
negative voltages have been j^ociated with flashed 
insulators on the phase to which the surge-voltage 


recorder is coupled, either at the same tower or a very 
few spans away. The high positive voltages do not 
always correlate with the insulator flashovers. When 
they do, the flashover occurred at the surge-voltage 
recorder tower but not on the conductor phase coupled 
to the records. Table X shows that all voltages of 
high magnitude which are not coincident with line 
trip-outs, are positive in polarity and are measured on 
sections of line protected by ground wires. 



DISTANCE FROM ORIfilN (MILCS) 


Fig. 10—^Attenuation of Lightning Surge Voltages 

Mg. 10 shows the magnitude of surge voltages at 
various distances from their source. All of these volt¬ 
ages were measured on sections of line unprotected by 
ground wire and. on a phase which flashed over at the 
point of surge origin. 

Eleetrie Field Intensity and Lightning Severity 
Electric-field intensity recorders installed at threeloca- 
tions from two to three miles away from the Cherry 
Valley lightning laboratory recorded voltage gradients 




Fig. 11—Lightning (Storm) Severity Meter Data 

up to — 37 kv. per ft. and + 35 kv. per ft. During any 
storm period, voltages at a given location are usually 
prepondwantly of one polarity, which may be either 
positive or negative. 

lightning severity meters were installed at each of 
the three sites mentioned above, and also near the 
lightning laboratory. Mg. 11 shows graphically the 
records obtained from these four locations. The 
lightning severity index number is proportional to the 
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logarithm to the base 2 of the charge on the severity 
meter antenna summed up for a week and is an arbi¬ 
trary rather than an exact index of lightning storm 
severity. 

Records from both t 3 ^es of instruments indicate that 
lightning at one location does not create sufficient field 
intensity to cause records on similar recorders at points 
3 to 4 miles away. 

Overhead Ground Wires and Tower-Footing Resistance 

The most reliable data available for evaluating the 
effect of overhead ground wires are those of fiashed 
insulators. Data from 1929 and 1930 are shown in 
Fig. 12. It will be remembered that only about 37 per 
cent of the.line.is equipped with overhead groimd wires. 

Although many flashed insulator data were secured 
prior to 1929, these are not wholly reliable, with respect 
to time of occurrence and total numbers per season. 

Fig. 12 shows the effect of overhead ground wires and 
tower footing resistance. The effect of the former 
(bearing in mind that these data are applicable only to 
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,Fia, 12 —Indicated Effect of Tower Footing Resistances 
ON Insulator Assembly Flashovers (With and Without 
Overhead Ground Wires) 

the construction used on this line) is to reduce the 
number of flashovers to about 16 per cent of those 
which would otherwise occur. The effect of tower foot¬ 
ing resistance, at least above 17 ohms, seems to be 
negligible. 

Summary and Conclusions 

1. At least a large proportion of the lightning trip¬ 
outs of the Pennsylvania Power & Light Company's 
220-kv. transmission lines are caused by direct strokes 
to line structures or wires. 

2. Voltages induced in the power conductors by the 
collapse of cloud fields, coincident with lightning dis¬ 
charges to other objects, usually do not appear to be of 
sufficient magnitude to endanger service over circuits 
as highly insulated as these lines. For antenna voltages 
ranging up to 2,500 kv., the highest recorded corre¬ 
sponding transmission line voltage was 350 kv. Usually, 
no measurable induced voltages existed on the transmis¬ 
sion line at times when appredable voltages were 
impressed on the antennas. 

3. With the insulation and clearances employed on 
these lines most lightning strokes contact only one 
object (ground wire, power conductor, or tower top) 
without forking to other objects (power conductors) in 
the same vicinity, and usually do not give rise to suffi¬ 
cient potential difference between the contacted object 
and surrounding non-contacted objects to cause local 
side-flashing. 


4. Lightning strokes apparently vary through a 
considerable range of current intensity. Structure 
currents interpreted as ranging frona approximately 
40,000 amperes to approximately 260,000 amperes have 
been recorded. 

5. Most lightning strokes are of negative polarity 
(earth positive and cloud negative) as indicated by 
measured structiire currents. A smaller proportion of 
structoe currents appear to be oscillatory with negative 
polarity predominating. 

6. Positive-surge voltages between conductor and 
tower are iisually indicated at locations where a ground 
wire, or a conductor not coupled to the surge-voltage 
recorder, is contacted by a direct stroke of negative 
polarity. They are not, therefore, indications of in¬ 
duced surges due to cloud fields. 

7. The wave form of lightning smge voltages as 
recorded at the Cherry Valley Laboratory at the time of 
transmission line trip-outs, appears to be dependent, 
among other things, upon whether the surge originated 
and created fault on the phase to which the oscillographs 
were coupled, or on either or both of the other two 
phases. Coincident with the reported direct lightning 
stroke in the immediate vicinity of the laboratory which 
caused flashover at a tower 125 ft. from the laboratory 
and on the phase to which the oscillographs were 
coupled, an oscillogram was obtained which indicated 
that the line voltage rose to something in excess of 
— 2,760 kv. before flashover occurred. An average 
voltage change of 1,540 kv. per microsecond between 
the range of — 750 kv. and — 2,760 kv. was recorded. 

8. The location of surge origin can be determined 
, approximately from reflections shown on the oscillogram 

from the slow-sweep (2,000 microsecond time scale) 
oscillograph. The nature and time of these reflections 
supported by the records of the recording ammeters at 
Wallenpaupack and magnetic o^illographs at Siegfried, 
and the indications of the surge (flashover) indicators 
enable identification of fault locations in many cases, 
even when several trip-outs occur in a single day. 

9. Most trip-outs of these 220-kv. lines are oc¬ 
casioned by single-phase faults. 

10. The number of insulator assemblies involved in a 
given disturbance causing line trip-out seems, from the 
1930 data for the Wallenpaupack Tap-Siegfried Rose- 
land line, to range from one to four, with two (both on 
the same phase and at adjacent towers) as a rather 
uspal condition. 

11. A protective ratio of the order of 0.5 to 0.6 is 
indicated for the ^ound wire installed over the 50-ft. 
anteima near Wsdlenpaupack Tap Tow«r 1-3. The 
voltages recorded on the voltage measuring antexmas 
appear to be approximately proportional to antenna 
height above ground. These voltages as recorded dis¬ 
play no pronounced trend toward any given polarity 
characteristic. 

12. The absence, during the past two summers, of 
insulator flashovers in the High Knob section of the 
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"VVallenpaupack Tap leads to the conclusion that the 
buried “counterpoise,” installed there in the spring of 
1929, increases the elfectiveness of the overhead ground 
wires. During the years 1926 to 1928 insulator as¬ 
sembly flashovers in this section of line were numerous. 

13. Conventional overhead ground wires, as now 
applied, and especially when grounded through towers 
of comparatively low-footing resistance, seem to provide 
protection against a majority of the direct strokes 
encountered. Of the twenty-four lightning trip-outs of 
the Wallenpaupack Tap-Siegfried Roseland line (37 
per cent of which is equipped with conventional over¬ 
head ground wires), one (or possibly four) resulted from 
faults which developed in the ground wire sections. 
The Plsnnouth-Siegfried line (which is equipped with 
conventional overhead ground wires throughout) 
tripped twice. 
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1930 Lightning Investigations 

On the Transmission System of the American Gas 

and Electric Company 

BY PHILIP SPORN* and W. L. LLOYD, JR.f 

Follow, A. 1. E. E. Member, A. I. B. E. 


Introduction 

HIS paper covers two field investigations carried 
on in 1930 on the lightning problem. One of 
these was made on the 132-kv. transmission sys¬ 
tem of The Ohio Power Company and was really a 
continuation of the investigation carried on in 1929 
and previously described. ‘ The Phil'o-Canton Trans¬ 
mission line and the system of which it is a part have 
both been recently and fully described.*® The second 
investigation was made on the 132-kv. transmission 
line of the Atlantic City Electric Company between 
Deepwater, New Jersey, and Atlantic City, New 



Fig. 1—Rootb op Dbepwatbu-Ati-antic City Line op 
AtijAntio City Electric Company 


Jersey. A map showing the location of the two termini 
and the route of this line is shown in Fig. 1. The entire 
double circuit line is 63.5 miles long, 57 miles being steel 
tower 132-kv. construction with a 397,500 A. C. S. R. 
conductor, and the balance, between Pleasantville and 
Atlantic City, being wood-pole 66-kv. construction. 

The steel tower portion, except for a short distance from 
Deepwater is insulated with ten and twelve 4%-in. disks, 
using two ground wires in a vertical plane through the 
center of the tower, and plain, approximately 16 in. 
by 30 in. rings, both top and bottom. The entire line 
was operated throughout the investigation period at 
66 kv. 

♦American Gas and Eleetrio Company, New York. 

tOenoral Electric Company, Pittsfield, Mass. 

1. For references see Bibliography. 

Prenented at the North Eastern District Meeting of the A. I. E. E., 
Rochester, N. Y., April S9-May S, 1931. 
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This paper is, of necessity, limited to as brief a sum¬ 
mary of the salient data as possible; if at times the 
resulting impression is somewhat hazy, it should not in 
fairness be ascribed to a similar condition in the data. 

Instruments Employed and Their Location 
The instruments used in these investigations were the 
surge-voltage recorder, the cathode-ray oscillograph, 
the direct-stroke recorder and the flashover indicator. 
The first three instruments have been described dse- 
where.®’^’^ Surge-voltage recorders were installed at 
every tower indicated in Fig. 1, on the Deepwater- 
Atlantic City line; on the Philo-Canton line instru¬ 
ments were placed at towers 200,190,181,172,164,159, 
156, 152, 148, 143, 134, 129,123,118,113, thus giving 
a greater continuous stretch of line over which to 
obtain data than was available in 1929. Surge-voltage 
recorders were also installed on 132-kv. lightning ar¬ 
resters at Zanesville* and Newcomerstown.f The 
cathode-ray oscillograph station at Newcomerstown 
was operated throughout the entire lightning year; no 
oscillograph was in service on the Deepwater line. 

Direct, or lightning, stroke recorders of the same type 
and connected in the same mannw as previously de¬ 
scribed' were installed on both the PhUo-Canton and 
Deepwater-Atlantic City lines. On the first line in¬ 
struments were installed on towers 72 to 200 inclusive; 
on the second line 200 instruments were installed, one 
on each towffl*, from towers 20 to 219 inclxisive. 

The flashover indicator, or surge indicator, is an 
instrument used for the first time this year. When 
propCTly connected the instrument gives a visual indi¬ 
cation that an insulator string has flashed over as a 
result of the passing or flowing across it to ground of a 
lig htning surge current following the breakdown of its 
insulation by a lightning or surge voltage. A more 
detailed description of this instrument has been ^ven 
elsewhere. A view shovwng such an instrument in¬ 
stalled is shown in Fig. 2. A total of 200 of these. was 
in service on the Philo-Canton line. On the Deepwater- 
Atlantic City line 300 of these instruments were in¬ 
stalled on towers 4i to 140 inclusive. 

These instruments were connected across a portion of 
the steel tower arm. Laboratory tests were made on 
the instrument before it was installed in the field. 
These consisted of surge voltages of known magnitude 
and wave shape applied to the line end of the insulator 

♦Thyrito. 
fOxide Film. 



81-79 
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assembly by means of an artificial lightning generator. 
The tests were made at a voltage of 450 kv., and the 
insulator flashover current was limited by resistance 
to a value of approximately, 2,500 amperes; this was 
less than the minimum value of lightning current that 
would be carried by the tower arms when the line string 
flashed over. Using this value of flashover current, 
considwable time and effort were spent in finding the 



Pio. 2 —Flashovbb- on Surgb-Indicatob Installation on 
Philo-Canton Line 


proper lead length, location and instrument position to 
give the best flashover indicator performance without 
at the same time offering hazard to normal line opera¬ 
tion. With the setup finally adopted 100 per cent 
operation was obtained in the laboratory. 

The 1930 drcuit arrangement of the cathode-ray 
oscillograph is shown in Pig. 3. This circuit is a modi- 



PiG. 3—1930 Circuit ABRANaBMBNT of Cathode-Rat Oscil- 

LOGBAPH AT NeWCOMBBSTOWN 


fieation of the 1929 circuit. Its principal changes con¬ 
sist of the following: 

1. A change in the method of sweeping the cathode 
beam across the time axis. This method consisted of 
the use of a rather small capacity Ca for first giving a 
rapid sweep of beam across the time axis, thus making 
it possible to obtain the front of a wave on a fairly long 
time scale. After the voltage across condenser Ca has 
reached a value sufl&dently high the gap in series with 


condenser C 4 (whose value of capacity is approximately 
from 20 to 40 times that of Ga) breaks down, the voltage 
during the process of breakdown being for an instant 
reduced to zero and a new sweep rate established on a 
much slower basis owing to the larger capacity of O4. 
It was thus possible to obtain the tail of a long wave on 
the more compressed scale. An oscillogram of a long 
tail wave showing the double scale obtained by the 
double sweep gap is shown in Fig. 4. It will be noted 
that this represents a wave having reached a crest of 
170 kv. in 9 microseconds and attenuating to 50 per 
cent crest in 30 microseconds; the total length of the 
wave is 160 microseconds. 

2 . Changes were made in the initiating of the trip 
gap to eliminate previously found erratic behavior. 
It had been found, for example, that under certain con¬ 
ditions the gap would be initiated apparently by air 
currents without any increase in voltage. To eliminate 
this difficulty the gap was entirely enclosed. Further, it 
was subjected continuously to the action of a mercury- 
vapor quartz-glass lamp so as to keep the space between 



Pig. 4—Osoilloqrau op Long Tail Wave Showing Double 
Scale Obtained by Double Sweep 


the gap in a highly ionized state and t];ms reduce any 
initial time lag owing to the necessity for ionization. 

This is believed to be the first installation of a ainglft 
cathode-ray oscillograph in the field to do the work of 
two. Heretofore, two oscillographs have been required 
to get oscillograms of a single lightning wave at two 
different sweeps. The method described above permits 
these two oscillograms to be taken with the same oscil¬ 
lograph at a saving in equipment and maintenance. 
Positive correlation is obtained. 

Scope op ImTisnGATiON 

In undertaking the investigation it was hoped to 
obtain data on the following: 

Magnitude 0 / Lightning Voltage. The installation 
of surge-voltage recorders on both the Philo-Canton 
and the Deepwater-Atlantic City lines was expected 
to yield further information on this point. On the 
Philo-Canton line approximately 22 miles were quite 
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thoroughly covered by 15 instruments as previously 
outlined. These instruments were of further value for 
furnishing correlating data in connection with the 
information .3delded by the direct lightning stroke 
recorders* On the Deepwater-Atlantic City line ap¬ 
proximately 23 miles of line were covered by 11. surge- 
voltage recorders located as indicated in Fig. 1; at 
each one of these points, too, direct-stroke recorders 
were installed so that the surge-voltage recorders were 
available for furnishing correlating data in connection 
with any records obtained from such direct-stroke 
recorders. It was also expected that the data obtained 
by means of the surge-voltage recorders would furnish 
an approximate measure as to the intensity and severity 
of lightning during this year’s investigation as compared 
with other years. 

Characteristics oJIAgktning Voltages. It was expected 
to obtain further oscillograms of natural waves through 
the cathode-ray oscillograph installed at Newcomers- 
town. The reason for the location of an oscillograph 
at this point as well as physical details in connection 
with the installation have previously^ been desmbed. 

Measurement of Current in Lightning Strokes. Last 
year an instrument was placed upon the circuit, de¬ 
signed to differentiate between induced voltages and 
direct strokes. This was accomplished by adjusting the 
instrument so that it would not record until the current 
was well above the maximum possible current due to 
induction. Since the instrument appeared to record 
approximate current its use was extended to that pur¬ 
pose. While it is realized that the current readings are 
approximate and subject to correction as calibrations 
are changed, it appears worth while to include them 
in this report. 

Relation between Direct and Induced Strokes and 
between Direct Strokes and Flashover. It was expected 
that the large number of lightning-stroke recorders 
installed on both the Philo-Canton and Deepwater- 
Atlantic City lines, combined with the surge-voltage 
recorders, would sdeld data on the relationship between 
direct and induced strokes. The installation of flash- 
over indicators, it was hoped, would also result in 
disclosing information as to the relationship between 
flashovers at towers and direct strokes of lightning 
terminating at the same towers. 

Lightning Arrester Performance. In discussing the 
present status of rationalization of transmission system 
insulation* it was pointed out how important a knowl¬ 
edge of lightning arrester performance is in any at¬ 
tempted solution of the problem and further, how small 
an amotmt of actual data w«e available on that phase 
of the problem. It was hoped, that the surge-voltage 
recorders installed at Zanesville and Newcomerstown, 
would 3 rield some very definite data on that point. The 
surge recorder, for current measurement, in ea^ case 
was coimected across a resistance which was in series 
with a ligh tnin g arrester at the groxmded end. By 


placing the resistor inside the surge-recorder houang, 
disturbance from stray fields was reduced to a minimum 
and the connecting leads were shortened from a few 
feet to a few inches. 

Analysis of Data Obtained 
Surge-VoUage Data. No records were obtained from 
the surge-voltage recorders on the Deepwater-Atlantic 
City line. However, it should be pointed out, the 
surge-voltage recorders were not installed until all 
lightning trip-outs on the line had taken place. 

On the Philo-Canton line 107 surges were obtained, 
divided as follows: 


Lightning. 35 

Lightning and switching. 3 

Switching. 64 

Unknown. 1 

Testing. 4 

Total. 107 


In Table I there is shown a classification of these 107 
surges according to five groupings, namdy, positive, 
negative, predominantly positive, predominantly nega- 


TABLB 1—PREDOMINATING NATURE OP SURGES 
(Number Recorded) 



Positive 

Negative 

Oscilla¬ 

tory 


Cause of surge 

Pure 

Predom. 

Pure 

Predom. 

Total 

TilgTibnlng... . , . 

., 23... 

....7. 

.. 3... 

_0_ 

... 2_ 

.. 35 

Lightning and 

0... 

_0. 

.. 0... 

_1_ 

... 2.... 

.. 3 

Switching— 

. 0 .. 

_0. 

.. 0... 

_0_ 

... 1.... 

.. 1 

Switching— 
deenergfzt'i'g.., 

. 0 .. 

.0_r 

.. 1... 

_.0_ 

... 0.... 

.. 1 

Switching—^mixed 
energizing and 
deenergizing. 

..14... 


..14... 

.3.... 

...26.... 

.. 62 


.. 0... 

_1. 

., 0... 

_0_ 

.. . 0.... 

. . 1 

'TawIiItio' 

.. 4.., 

.0. 

. . 0... 

_0_ 

... 0.... 

.. 4 
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tive, and oscillatory. It will be seen that of the light¬ 
ning surges 74.3 per cent were unidirectional, 20 per 
cent were predominantly unidirectional and 5.7 per 
c«it were oscillatory; further, 65 per cent were purely 
positive, 20 per cent predominantly positive, 9 per cent 
purely negative, 0 per cent predominantly negative and 
6 per cent oscillatory. 

In the light of the observed data that the polarity of 
direct strokes as recorded by the lightning-stroke 
recorder was in every case negative, it is of particular 
interest that only 9 per cent were dther negative or 
predominantly negative. It suggests very definitely 
that 91 per cent of these surges were of an induced 
origin. ‘ 

In Table II is shown the voltage amplitude in times of 
normal of the highest recorder surge in each polarity 
classification. It will be noted that the highest surge 
voltage recorder record was 6H times, normal. Only 
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TABLE II—PEEDOMINATING NATURE OP SURGES WITH 
MAXIMUM RECORDED VOLTAGES 
(Times Normal to Ground) 



Positive 

Negative 

Oscillatory 

Cause of surge 

Pos. 

Neg. 

Pos. 

Neg. 

Pos. Neg, 

T.ightniTig. 

.6.6.. 

...0... 

.0 

...3.1. 

.6.4...6.4 

Lightning and switching. 

Switching—energizing circuit 

. 


.2.6 

...4.0. 

.6.6. ..Trace 

No. 1...... 

. 

. 

, 


.3.6...3.5 

Switching—deenergizing circuit 

No. 1. 

Switching—mixed energizing and 

deenergizing circuit No. 1. 

Unknown. 

.2.7.. 

..0... 

.0 

..2.3. 

.2.6...2.3 


two line trip-outs occurred during the investigation 
indicating that the lightning storm severity was unu¬ 
sually light and accounted to a large extent for the 
absence of high-voltage surge measurements. 

CaOiode-Ray Oscillograph Dala. Sixty-two lightniTig 



Fig. 5—Thrxs Wave Shapes Repbesentino Entelopeb 
OP Minimum, Avebage, and Maximum Time Elehents to 
Chest, 50 Pbb Cent Value on Tail and Zbbo Voltage op 29 
OsOILLOGBAMS 60 Kv. CbeST OB AbOVE 

surges were recorded by the cathode-ray oscillograph. 
Of these 61 or 98.5 per cent were of positive polarity. 
The time to crest value of these smges varied from 2 to 
13 microseconds; to half crest value on the tail from 
5 to 86 microseconds and the time to zero voltage 
from 9 to 160 microseconds. The lowest crest value 
recorded was 20 kv. and the highest 180 kv. 

In Fig. 6 there has been shown graphically three wave 
shapes which represent minimum, average, and maxi¬ 
mum time elements to crest, 50 per cent .value on the 
tad, and zero voltage. These curves are based on a 
selected group of 29 osdllo^ams recording 50 kv. on 
crest or above. It is particularly striking that the 
highest crest value recorded was only 1.67 times normal 
(180 kv.); this wave was a 9 by 16 microsecond wave. 

Dir^t-Stroke Data. In Table III there are shown the 
lightning stroke currents obtained by direct addition of 
m^sured tower currents for 13 strokes recorded on the 
Philo-Canton line and for 12 strokes recorded on the 
Deepwato-Atlantic City line. A t 3 T)ical distribution 
of current on each side of a tower struck by lightning is 
shown in Pig. 6: This represents case No. 16, in Table 


III, in which tower 72 on the Atlantic City line was 
struck. It will be noticed that the lightning current 
traveled a distance of approximately 3,000 ft. in one 
direction, covering three spans, and approximately 
2,000 ft. in the other direction, covaing approximately 
two spans. The distribution of current on each side of 


TABLE in— SUMMATION OP INDIOATED TOWER CURRENTS 


Reference 

Date—1930 

Tower No. 

Lightning stroke 
recorder 
readings* 

1. 

-6-12 to 6-19.. . 

.128. 

. 40,000 

2. 

...6-11 to 6-17.. 

.176. 

.640,000 

3. 

-6-13 to 6-20. 


. 40,000 

4. 

. , .6-19 to 6-27. 

.126. 

.470,000 

6. 

...6-24 to 7-1 .. 

.196. 

.475,000 

6. 

...7-8 to 7-15.. 

.181. 

. 00,000 

7. 

. ..7-11 to 7-18., 


.156,000 

8. 

...8-26 to 9-9 .. 



9.. 

. ..fi;-27to9-10.. 

.156.. 


10. 

...9-11 to 9-25.. 

.122. 


11. 

. .. 9-11 to 9-26.. 

.131. 

.130,000 

12. 

... 9-9 to 9-23 .. 

.173. 

.515,000 

13. 

...9-25 to 10-2.. 

.113. 

.615,000 

14. 

...6-12 to 7-8 .. 

. 50. 

.410.000 

16. 

...6-16 to 7-8 .. 

. 61. 

. 70.000 

16. 

...6-16 to 7-7 .. 

. 72. 

.670,000 

17. 

, ..6-16 to 7-7 .. 

..... 89. 

. 90,000 

18. 

...7-8 to 7-25.-. 

. 49. 

. 60,000 

19. 

. .. 7-4 to 7-16.. 

..143... 

200 000 

20. 

...7-4 to 7-16.. 

.180. 


21. 

...7-4 to 7-14.. 

.192. 

.000,000 

22..,.... 

... 7-2 to 7-13.. 

.202 . ... 

00 ooo 

23....... 

... 7-4 to 7-15.. 

.Ifl4. . . 

130 OOO 

, 24. 

. .. 7-4 to 7-16.. 

.168. 

.... 230,000 

25. 

...7-1 to 7-15.. 

.176. 

.170,000 

From 1 to 13 Philo-Canton. 


From 14 to 26 Deepwater^Atlantic Oity. 
♦Approximate amperes—subject to correction. 



0 )StanC(.i>ect |«—aa»—*|*—eoo —ebo —»|«— ooo—•»030 »j« .izb—- t|*— io«o— 

Pig. 6—Typical Current Distribution on Each Side of a 
Tower Struck by Lightning 

the towers struck for all 26 cases recorded is shown in 
Table IV. 

An examination of Tables III and IV shows first, 
Mveral cases where the approximate currents measured 
in individ^l towers may be expressed in terms of 
hundred thousands of amperes; second, if currents in 
adjacent towers due, apparently, to the same stroke 
are directly added, much larger currents are indicated. 
It is realized, of course, that the time-phase relation of 
the currents existing in the various parts of the circuit 
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TABLE IV-~DIRECT-STKOKB RECORDS APPROXIMATE 
KILO AMPERE a—SUBJECT TO CORRECTION 


Rof. Adjacoiit towers 

Tower 

struck 

Adjacent towers 

S. V. R. readings 
kv. at feet 

1. 



.. 40... 




0... 

900 

2.TiO. 

.20 ., 

90. 

. .300,. 

. 80 



+600.,. 

6,110 

3. 



.. 40.. 




0... 

31,680 

4. 


85. 

. .310. . 

. 75, 



+300... 

3,710 

5. 


85. 

.290.. 

.100. 



+360... 

7,270 

0. 



. 00... 




+280... 

0 

7. 



- .100. , 

. 55. 



+.360... 103,000 

8. 


55. 

. 55. , 




+690... 

6,610 

«. 


85. 

..270... 




0... 

0 

10. 


70. 

. . 85... 




+280... 

716 

11. 


05. 

.. 05.. 




-520... 

8,870 

12. 

..50 . . 

70. 

. .200. . 

. 70 

.05. . 


+260... 

0 

13. 


90. 

. .300... 

. 75 

..50.. 


+200... 

0 

M. 


no. 

. .200*.. 

. 00 

.40 .. 

50 



15. 



. . 70... 






10. 

, .00 , . 

100. 

..300... 

. 100 

.70 .. 

40*. 

No surge-voltage 

17. 



.. 00*.. 




recorders 

as yet 

18. 



. . 00... 




installed 

when 

10. 



. .200t.. 




those 

direct 

20. 



. .120... 




strokes 

took 

21.00. . .00. 


70. 

. .280... 

.100. 



place. 


22. 



.. 90t.. 






2:i. 


00. 

.. 70t.. 






24. 



..100... 

. 70. 





25. 


70. 

..100... 







* Flusliovor of liiMulator string (total 3 casos). 
t =» Flashovor of Instiluior string and trip-out (total cases). 
1 to 13 Philo-Oanton. 


14 to 2r» tta Deepwater-Atlantic City. 


are not definitely known and that an accurate analysis 
of traveling wave phenomena involved might give 
values of current less than the totals indicated in Table 
III. On the other hand, preliminary analysis has in¬ 
dicated that a rigidly correct addition of currents would 
increase the value obtained in the tower directly struck 
to at least 50 per cent of the total obtained by adding 
directly all the currents in the other towers. The re? 
suits indicate that lightning strokes of several hundred 
thousand amperes do occur. 

It is significant that in the case of the Philo-Canton 
line there was only one automatic line trip-out where 
there existed a possible correlation with a direct-stroke 
record. On September- 23, 1930 line No. 1 tripped 
automatically at Newcomerstown and Philo and line 
No. 2 at Canton due to lightning. During this period 
(September 9 to 25) three lightning strokes were indi¬ 
cated by lightning-stroke recorders (cases 10, 11, and 
12 in Tables III and IV) showing a possible correlation 
with the single trip-out. The remainder of the light¬ 
ning-stroke records could not be correlated with any 
known trip-outs, although flashovers may possibly have 
occurred. On the Deepwater-Atlantic City line there is 
a correlation between line trip-out and line insulator 
assembly flashover in three of the twelve cases. These 
are reference Nos. 19,22, and 23 in Table III. In all the 
other nine cases no correlation with any known tripr 
outs could be obtained, although inspection of the line 
completed on December 2nd indicated that insulator 
flashover without line trip-out had apparently occurred 
in three other cases. Twenty-five per cent of the direct 
strokes to the Deepwater-Atlantic City line therefore 
produced a trip-out with the possibility that another 
25 per cent produced flashover not followed by trip-out. 


Flashover (Stirge) Indicator Records and Other Data 
Bearing on Question of Direct vs. Induced Strokes. The 
flashover or surge indicators on the Deepwater line 
were not placed in service until late in the lightning 
season and after all line trip-outs due to lightning had 
taken place. 

No insulator assembly flashovers Were indicated by 
the flashover indicators on the Philo-Canton line during 
the period of the investigation. The three prindpal 
reasons for this are: first, the fact that the instruments 
were installed rather late in the lightning season, second, 
they were not placed on every insulator assembly, and 
third, lightning conditions were not as severe as in the 
past years. Records of damage to the line insulators 
were rather few and in every case were at towers where 
there were no flashover indicators installed. 



Pio. 7 —Location op Trees Struck by Lightning in Vicinity 
OP Tower No. 176 on Philo-Canton Line 

It will be seen from the above that little was con¬ 
tributed to the knowledge of the relationship between 
direct and induced strokes by the flashover or surge 
indicators. Other data, however, were obtained which 
shed some light on this question. During the lightning 
season two trees were struck by lightning in the vicinity 
of tower 176. The location of these trees with respect 
to the line is shown in Fig. 7. Both trees Nos. 2 and S 
were struck apparently at the time of a storm which 
occurred on September 23. The nearest surge-voltage 
recorder (located at tower No. 172 more than a mile 
away) indicated a highly damped voltage surge of — 4.8 
and -h 2.4 times normal at 4.13 A. M. on September 23. 
It has not been foxmd possible, however, to correlate 
these lightning strokes to trees Nos. 2 and 3 with any 
trip-out. They are apparently cases of direct strokes 
500 ft. and 1,300 ft. from the line which, although pos¬ 
sibly producing a flashover, produced no line trip-out or 
high-voltage record on any instrument connected to the 
line (the nearer instrument, of corirse, being more than 
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a mile away). Both trees had the bark split and tom 
off around the periphery of the tree, the lightning ap¬ 
parently striking the top of the tree and extending down 
to the ground in four or five parallel paths. In each 
path the bark tom off was 2 to 3 in. wide. The trees 



Fig. 8—Tree No. 3 (Fig. 7) After Being Struck 
BT Lightning 

were oak, approximately 18 in. in diameter at the base, 
tree No. 2 being about 75 ft. high and No. 3 about 60 ft. 
high. Fig. 8 is from a photograph of tree No. 3 after it 
had been stmck. 

In the same general location a tree marked No. 1 in 
Fig. 7 was struck in 1928, and that time a surge 


recorder was located at tower No. 176 only 360 ft. 
.away. This instrument recorded at that time maxi¬ 
mum voltage 2,100 kv. positive; trip-out occurred. 
It seems evident from the 1928 record that a direct 
stroke of light ning striking tree No. 1 had caused an 
induced voltage on the line of 2,100 kv., flashover, and 
trip-out. The 1930 record indicates that one or more 
direct strokes of lightning striking trees Nos. 2 and 3 
resulted in relatively low, if any, induced voltages on 
the line, no outages, and therefore just the opposite of 
the 1928 experience. 

lAghtning Arrester Data. Surges obtained on light¬ 
ning arresters showing both current discharges and 
voltages are given in Table V. 

The arresters at Newcomerstown are three legged 
oxide film type, 400 cells per leg. The series gaps on 
these arresters were set at 3.5 in. throughout the entire 
lightning season. Thyrite arresters are installed at 
Zanesville. Referring to Table V it will be seen that 
the values of voltages obtained across lightning arresters 
are at or below 300 kv. in all cases except on surge No. 
14 B where a voltage of 500 kv. was recorded. A surge- 
voltage registration equivalent to 300 kv. is obtained 
under conditions where the reliability and accuracy of 
the registration is comparatively poor; the same thing 
holds tme for currents of 100 amperes or less. Under 
these conditions no great reliability can be placed in the 
precision of measurements obtained. The best that 
can be gathered from the data is to state that it seems 
fairly certain that neither of the arresters at Newcomers¬ 
town or Zanesville was called upon to discharge surges 
of high voltage or current of any appreciable magnitude. 

From the summary of the data obtained it will be 
seen that while everything was set for the gathering of a 


TABLE V—LIGHTNING ARBESTEK SURGE DATA 


Surge 

No. 


Location 


Amperes 

+ 


+ 

Kilovolts 

Cause of surge 

Station 

Circuit 

Phase 

5. 

... Zans. sub.... 

.2 . 

.2. 

_ N . 

tr 

N 

. N .. 


6. 

.. .Zans. sub.... 

___ 2 . 

.2. 

_ N . 

115. 

. N 

. N ,. 

.,,., .HwUehlug 

7. 

. .. Zans. sub_ 

... 1 . 


- N . 

tr . 

. (2) 

. (2) .. 

...... Switching 

7. 

,,. Zans. sub,... 

. I . 

.3. 

_ N . 

130. 

. N 

.. 300 .. 


8. 

... News. sub... 


.2. 

_100 . 

N . 

. (2) 

. (2) .. 


14. 

... Zans. sub_ 


.3. 

.... (1) . 

110. 

. (2) 

. (2) .. 

.Hwitchliig 

14 B.... 

... Zans. sub.... 

.2 . 

.2. 

_ 340 . 

N . 

. N 


.Lightning 

14 B.,.. 

... Zans. sub_ 

. 1 . 


_ 270 . 

N . 

.610 

. .. 

.Lightning 

15. 

... News. sub... 


.2. 

- 110 . 

N . 

. 280 

. N .. 


16. 

.. .News. sub... 

.bus,. 

.2. 

_ (1) . 

tr . 

. (2) 

. (2) .. 

...... Lightning 

17. 

... News. sub.,. 


.2. 

.... a) . 

tr . 

. (2) 

. (2) .. 


38. 

... Zans. sub_ 



.... N . 

100. 

. N 



38. 

... Zans. sub— 

.2 . 

.2. 

_ N . 

tr . 


. N .. 


41. 

... Zans. sub_ 

. 1 . 

.3. 

_110 . 

(1) . 

.300 



48. 

... Zans. sub_ 


.2. 

- N . 

tr . 

. N 



49. 

.., Zans. sub..,. 

.2 . 

.2. 

_ N . 

tr . . . : . 

. N 

. at . 

Switching 

61. 

... Zans. sub.... 



.... tr . 

. N . 

. (2) 

. (2) 


62. 

... Zans. sub_ 

. 1 . 


_ 105 . 

(1) . 

.230 

. 230 .. 


64. 

... News. sub... 


.1. 

_ 90 . 

(1) . 

. 230 

. 300 .. 


76. 

... Zans. sub_ 



_110 . 

(1) . 

.280 



82. 

... News. sub... 


..2. 

.... (1) . 

120. 

. (2) 

. (2) .. 


93. 

... Zans. sub_ 

.2 . 

.2. 

_210 . 

N . 

.260 



96. 

... Zans. sub_ 

. 1 . 


.... N . 

'tr . 

. (2) 

. (2) ., 


96. 

... Zans. sub— 

. 1 . 

.2. 

_ N . 

105. 

. tr 



96. 

... Zans. sub_ 

. 1 . 


. N . 

160. 

. (2) 

. (2) .. 



tr « trace. 

(1) 70 amperes or less, 

(2) 225 kv. or less. 

(iN) NTo record above normal line voltage. 
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rather extensive set of data, the amount of actual infor¬ 
mation obtained was not as ^eat as had been expected. 
Nevertheless some very important new data were 
obtained and confirmation obtained of other previously 
gathered obsovations. The results obtained, it is 
believed, fully justify the conclusions below. 

Conclusions 

1. The highest lightning voltage obtained by surge- 
voltage recorder was 6.5 times normal, positive; the 
highest switching surge recorded was 3.5 times normal, 
oscillatory and highly damped; the highest cathode-ray 
oscillograph voltage recorded was 1.67 times normal, 
positive. The low severity of lightning storms during 
the year accounts to a great extent for the absence of 
high-voltage surge measurements. 

2. Practically all lightning voltage surges on the 
transmission line of appreciable magnitude are unidirec¬ 
tional. The inv^tigation disclosed: 

74.3 per cent wholly unidirectional 

20.0 per cent predominantly unidirectional 
5.7 per cent oscillatory but highly damped. 

The oscillatory figures may be due to superposed surges, 
which the timing of the surge recorder is unable to 
separate. 

3. Positive lightning surges on the conductors 
predominate. The surge records show: 

23 pure positive 

23 predominantly positive 
3 pure negative 
0 predominantly negative 
2 oscillatory 

Out of 62 cathode-ray osdllograms, only one negative 
surge was recorded; the balance being positive. 

4. From 29 oscillograms of natural lightning voltages 
above 50 kv. obtained on the line, wave fronts ranging 
from 2 to 9 microseconds were recorded. Tail time 
values to 50 per cent crest ranged from 6 to 40 micro¬ 
seconds; and total length to zero from 10 to 160 micro¬ 
seconds. 

It should be noted in this connection that these waves 
were not measured at the point of origin where steeper 
fronts and posably shorter tails inay have existed. 

6. The lightning-stroke recorders indicate that 
direct strokes are negative in polarity. 

6. Direct lightning strokes to the overhead ground 
system of the transmission line take place frequently, 13 
having been recorded on the Philo-Canton line and 12 
on the Deepwater-Atlantic City line. Considering the 
fact that out of these 25 cases only 4 trip-outs resulted, 
it appears that the induced surge voltages on the con¬ 
ductors imder these conditions are in the great majority 
(84 per cent) of cases insuffident in amplitude to cause 
line trip-out. 

7. Direct strokes to the tower or ground wire also 
occurred without apparent flashover of the insulator 
assembly. Out of 13 direct-stiroke records on the Philo- 
Canton line 8 were obtained under conditions where 


fiashover indicator operation might have taken place 
with top or bottom insulator assembly fiashover. Not 
a single case of such operation was recorded. 

8. The study of direct-stroke records shows frequent 
cases where currents of the order of several hundred 
thousand amperes or more are indicated in a sin^e 
lightning stroke. 

9. Direct lightning strokes to the overhead ground 
system produced discharge currents through as many 
as 6 adjacent towers of a transmission line. 

10. Repeated discharges (possibly up to 4 or 5) in 
the lig h tnin g stroke are indicated by the presence of 

■ superimposed Lichtenberg figures on several of the light¬ 
ning-stroke recorder films. Another possibility, how¬ 
ever, is that these are individual strokes some short 
time apart. 

11. The presence of a large number of surges of 
poative polarity indicates that many induced surge 
voltages are present on the line conductors. In at least 
one known case a tree was struck approximately 860 
ft. away from the line, inducing a positive voltage of 
2,100 kv. on a conductor at a tower that distance away 
from the tree; this caused a flashover of the insulator 
string and a trip-out of the line. 

12. The lightning arresters at Newcomerstown and 
Zanesville were not called upon during the period of 
active data taking to discharge surges of high voltage or 
current of any appreciable magnitude. 
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the Atlantic City Electric Company and the American 
Gas and Electric Company, who made this investiga¬ 
tion possible; to the various members of the above 
companies for their cooperation and help in the design, 
installation, and operation of the apparatus and equip¬ 
ment, and for their help in supervising, correlating, and 
working up the data; in particular to Messrs. H. L. 
Rorden, J. C. Dowell, S. D. Day, G. D. lippert, E. W. 
Whitmer and S. S. Smith, who actually carried out the 
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Lightning Investigation 

On the Appalachian Electric Power Company’s 
Transmission System 

BY I. W. GROSS* and J. H. COXf 

Associate, A. I. E. E. Associate, A. I. E. E. 


Introduction 

Plm of Investigation. Upon the organization of the 
lightning Subcommittee of the Power Transmission 
and Distribution Committee of the A. 1. E. E., in the^ 
fall of 1926, it was decided that a comprehensive in¬ 
vestigation should be started, in an effort to obtain 
some definite information regarding lightning and its 
effects, which were causing havoc with electric power 
service and which, at that time, were relatively un¬ 
known. For this pxirpose, the American Gas and 
Electric Company placed its .lS2-kv. system at the 
disposal of the Committee, and in the following spring 
an investigation was started using the klydonograph, 
at that time the only instrument available for the 
purpose. This investigation was conducted coopera¬ 
tively by the American Gas and Electric Company and 
the two principal electrical manufacturers, ^nd most 
of the equipment was pooled for the purpose. 

The following year, 1928, the activity was consider¬ 
ably expanded, and the efforts of the different partici¬ 
pating groups were concentrated on two different parts 
of the system. The tests in which the Westinghouse 
Electric & Manufacturing Company cooperated with 
the American Gas and Electric Company, the results ^ 
of which are being reported here, were performed on 
the Southern System, or that of the Appalachian 
Electric Power Company. Since its initiation the 
work has been continued up to the present, and use was 
made of all additional equipment, such as the cathode- 
ray oscillograph, and the application of the klydono¬ 
graph to the recording of occurrence and current in 
direct strokes, as these applications became available. 

During the four years in which this investigation has 
been conducted, it has been paralleled by similar work 
in other localities. A number of papers and articles 
has appeared, and these, of course, have been infiuenced 
by all the information currently existing. Also, all the 
results of this investigation have been continuously at 
the disposal of the Lightning and Insulator Subcom¬ 
mittee. However, a wealth of data has been accumu¬ 
lated and it is felt that a complete analysis and 
summarization of these data would constitute a worthy 
contribution on the subject. Not only does it, because 
of its volume, lend weight of confirmation by smoothing 

♦American Gas and Electric Co., New York, N. Y. 

tWestinghouse Elec. & Mfg. Co., East Pittsburgh, Pa. 

Presented at the North Bastem bistrici Meeting of the A, I. E, £?., 
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out the curves of previous papers, but several records 
of special interest have been obtained which throw light 
on various phenomena not completely understood. 
Furthermore, because of different settings of apparatus, 
previous"curves have been extended. 

Objective 

The information needed in connection with lightning 
was listed at the beginning of the investigation and 
these items have, in general, remained the objectives 
throughout the work. On many points the informa¬ 
tion is now fairly definite while on others it is still un¬ 
certain. The factors to be determined may be grouped 
under three headings, as follows: 

1. NcUure of Lightning, that is: 

a. Its magnitude, voltage, and current. 

b. Its polarity, unidirectional or oscillatory. 

c. Its wave shape, front, duration, and tail. 

d. Its effect on transmission lines, direct or induced. 
Behavior of Surges on Systems, that is: 

a. Attenuation. 

b. Reflections at junctions and ends. 

c. Ability to flashover line structures. 

Influence of System Characteristics, such as: . 

a. Configuration of conductors, including height. 

b. Right-of-way terrain. 

c. Groimd wires. 

d. Protective apparatus, lightning arresters, gaps, 
etc. 

e. Condition of system neutral ground. 

f. Tower and footing impedance. 

Scope op Investigation 

System hwesHgated. The parts of the transmission 
system,’ on which the investigation was concentrated 
comprised three sections of line and s6ven substations. 
The sections of line involved the first 9 miles out of 
Turner on the Tumer-Logan line, the first 26 miles out 
of Glen Lyn on the Glen Lyn-Roanoke line, and the 
entire 24 miles of the Turner-Cabin Creek line. The 
substations where the investigation was carried on were 
Turner, South Point, Cabin Creek, Saltville, Kingsport, 
Switchback and Glen Lsm. 

The transmission lines are of two-circuit steel tower 
construction, with conductors in vertical configuration 
and in reverse phase order on each side of the tower. 

One grotmd we is employed, being located at the 

1. For references see Bibliography. 
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center peak of the tower except on the Tumer-Logan 
line. On this line no ground wire was in service in 1927 
and 1928, the first two years of the investigation, but 
the conventional one ground wire was added late in 
1928, so that on this line field data have been collected 
on the line both with and without ground wires. 

Grading shields were in service on all lines where tests 
were made, these shields consisting of a 15 in. by 30 in. 
oblong ring at the line side and either a 30-in. horn or 
oblong strap ring at the ground end of the string. 



Fig. 1—Field Installation op Klydonographs, Tower 5* 

Turner-Logan line showing potentiometers and ground wire connection 

The line insulation is nominally ten 5J^-in. disks in 
suspension strings, and two strinp of twelve 6}4-in. 
insulators each at dead ends. 

The line wires are 336,400 cir. mils. A. C. S. R. on the 
Turner-Logan and Turner-Cabin Creek lines, and 
397,500 dr. mils A. C. S. R. on the Glen Lsm-Roanoke 
line. The groimd wire is A. C. S. R., being 177,000 
dr. mils, 169,000 cir. mils, and 397,500 cir. mils, re¬ 
spectively, on the three lines. 

The nature of the terrain over which the tra ns mission 
lines run is very rough and mountainous, ranging in 
elevation from 600 to 3,000 feet. The soil is mostly 
shale or a mixture of shale and day, and even solid rock 
is encountered at some locations, where blasting is 
necessary in placing the tower footings. As might be 
expected, the tower footing resistances of these lines 
are relatively high, in a number of instances exceeding 
260 ohms. The elevation, footing resistance, and loca¬ 
tions where flashovers were found are shown in Figs. 18, 
A, B, and c. 

Instruments Used in the Investigation. In stud 3 dng 
lightning phenomena in the field three instruihents ^ve 


been used, namely, the klydonograph, the cathode-ray 
oscillograph, and the direct-stroke recorder. 

The klydonogruph® used was of the three or four elec¬ 
trode type and was coupled to the line by pipe type 
potentiometers having a ratio of about 65 to 1. A 
typical field installation of the klydonograph at a tower, 
as used in this investigation, is shown in Fig. 1. A 
close-up view of the potentiometer, together with the 
circuit arrangement as used in investigating lightning 
arrester operation, is shown in Figs. 9a and B. 

Wherever klydonograph installations were made at 
towers in the field the instrument ground was con¬ 
nected to a separate ground system consisting of the 
six potentiometer metal anchors and one or more 8 ft. 
ground rods, all located at least 10 ft. from the base of 
the tower. This was done in an attempt to measure 
the maximum voltage from line to ground and not the 
line' to tower potential. Actually, this may not have 
been completely achieved in some cases as the separate 



Pig. 2—Schematic Wieing Diagram op Cathode-Rat 
OsCILDOGEAPH AND POTBNTIOMETBES AT TOT^EE 20, TVENBE- 

Logan Line 


grounds were only of the order of 25 ft. distant from the 
tower legs. At installations in the substations, the 
instrument ground was made to the station ground bus 
which had a resistance of only a fraction of an ohm. 

The cathode-ray osdllograph used was of the cold 
cathode tsTpe, using the Norindar relay, which allows 
of continuously exciting the cathode, thus insuring that 
the dectronie beam is ready for recording the tranaent 
at the instant the transient arrives. The schematic 
diagram of the oscillograph wiring and the coupling 
to the 132-kv. line is shown in Fig. 2. When the surge 
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to be measiffed arrives at the oscillograph, the excess 
potential on the trip potentiometer causes the gap G1 to 
break down imposing a voltage from the condenser 
C 2 on the oscillograph relay plates. This allows the 
beam to focus on the film. The charging of condenser 
C 5 sweeps the beam across the film, providing the 
timing circuit; and the main surge from the deflection 
potentiometer excites the surge plates causing the beam 
to reproduce the voltage magnitude of the surge. 

The field installation of the lightning laboratory 



Pia. 3—^PlBLD iKSTALIiATION OP LABORATORY AND POTENTIOM¬ 
ETERS AT Tower 20, Tvener-Logan Line 


housing the oscillograph, together with the trip and 
deflection potentiometers at Tower 20 of the Tumer- 
Logan line where the oscillograph was in operation the 
past two lightning seasons, is shown in Fig. 3. An 
interior view of the laboratory with the oscillograph 
as employed in 1929, is shown in Fig. 4. 

The direct-stroke recorder used, and designed by Mr. , 



Fig. 4—Interior op Lightning Laboratory, Tower 20, 
Torner-Logan Line, Shoi^nq Oscillograph Auxiliary 
Equipment 


The disassembled instrument is shown in Fig. 5 and the 
field installation in Fig. 6. The potentiometer method 
of using this direct-stroke recorder at a tower, where the 
resistance wire is in parallel with the tower footing 
resistance, is shown in Fig. 7. The point at which the 
direct-stroke recorder was tapped to the resistance wire 



Fig. 5—Disassembly View op Direct-Stroke Recorder 



Fig. 6—Field Installation op Diuect-Si’koke Recorder 
AT THE Base op Tower 



Fig. 7—Schematic , Wiring Diagram op Direct-Stroke 
Recorder 


J. J. Tordk of the Westinghouse Company, is essentially was so chosen that the instrument would not flash over 
a small klydonograph with timing accessories omitted, with 100,000 amperes in the tower, and yet would be 
The instrument consists of a regular telephone receiver able to record currents as low as 10,000 amperes, 
shell having metal electrodes extending from both ends. Location of Instruments. The locations of klydono- 
The telephone diaphram is replaced with a photographic graphs, cathode-ray oscillograph and direct-stroke 
film on a micarta disk which rests on a metal plate, recorders'are shown for all line installations in Fig. 8. 
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In addition, Wydonographs were also installed at the 
South Point, Switchback, Saltville, and Kingsport 
132-kv. substations. The directnstroke recorders were 
placed at each tower on the Tumer-Logan line for the 
first 36 towers out from the Tuma’ substation. 
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Fig. 8—Location op Lightning Measuring Instbuiabnts on 
THE Line During Pour Years’ Investigation 


the ground connection common to the three arrester 
legs. The resistances used were approximately thirty 
and ten ohms, respectively. Zircon has the property 
of having a constant resistance under impulse condi¬ 
tions, and, as proved by laboratory tests after one 
year’s operation, appears to be free from aging after 
repeated use. 

The schematic wiring diagram of the klydonograph 



Fig. 9a—Potentiometer Installation at Kingsport for 
Measuring Voltage at Lightning Arrester 



During lightning seasons the cathode-ray oscillograph 
was in service in 1929 and 1930, the direct-stroke re¬ 
corders in 1930, and the klydonographs in 1927 to 1930, 
inclusive. The locations of klydonographs during these 
four years are shown in Table I, 


TABLE I— KLYDONOOEAPaS IN SEEVIOE 


Location 

1927 

1928 

1929 

1930 

Glenlyn-Boanoke Line.. 


... 6.... 

... 5 . 


Tumer-Oabin Greek Line... 


... 4_ 

... 4. 


Tumer-Logan Line. 

...2_ 

... 3.... 

... 8. 

... 8 

Turner-Rutland Line. 

...1 _ 

... 1_ 



Cabin Greek substation. 

. 

. .. 2(1) .. 

.... 2(1) 

. 2 ( 1 ) 

Glenlyn substation. 

...3(2) ... 

... 3(2).. 

.... 2(2) .. 

2 ( 3 ) 

Kingsport substation. 

... ..... 

... 2(^) .. 

.,. . 2(^) .. 

.... 2«) 

Saltville substation. 


... 3(®) .. 

... . 3(5) .. 

.... 3 ( 5 ) 

South Point substation. 



... 1. 

... 1 

Switchback substation. 


. .. 2(®) 

_ 2 ( 2 ) .. 

.... 2(2) 

Turner substation. 

...1_ 

... 1 ..... 

... 1. 

... 1 

Total... 

_7 .... 

-26. 

...30..... 

...21 


(1) One Instrument on 44-kv. bus. 


(2) One instrument on 13.2~ky. transformer tertiary. 

One instrument on S8«kv. auto-transformer. 

(3) One instrument on 88-kv, auto-transformer. 

(4) One instrument on 132>kv. lightning arrester. 

(6) One instrument on 88-kv. auto-transformer. 

One instrument on 132-kv. lightning arrester. 

In studying lightning arrester performance, the kly¬ 
donograph was used to measure both the voltage on the 
line and the discharge currents in the arrester. Zircon 
resistors were placed in the legs of the arrester and in 


Fig. 9b—Klydonograph Installation for Measuring 
Lightning Arrester Discharge Currents 



Fig. 9c—Schematic Wiring Diagram op Klydonograph 
Installation on Lightning Arrester 

as coupled to the circuit for the lightning arrester tests is 
shown in Fig. 9c, where one instrument measures two 
arrester leg currents, the total current and one phase 
potential. This instrument was backed up by a 
separate klydonograph on the bus measuring all phase 
voltages. This separate klydonograph was located 
about 160 circuit ft. away from the arrester connections, 
due to space limitations at the station. 

During the winters of 1927 and 1928, klydonographs 
were kept in operation at substations, whwe they could 
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be conveniently serviced, to observe if any troublesome 
voltages existed on the system under normal operation, 
at times when lightning was not prevalent. 

Analysis of Data 

During the- four years’ investigation there were 
recorded some 900 voltage surges 3 delding over 3,000 
Lichtenberg figures, 21 cathode-ray oscillograms of 



PER CENT OF SURGES 
AT AND ABOVE ORDINATE 

Fro. 10— ^Voltage Subges, 1927, 1928, 1929, 19.30. Teans- 
MISSION Records 

00 e 143 surges—^lightning plus llghtaiiiig and switching 
XX * 98 surges—^switching 


lightning voltages on the line, and two direct-hit records. 

Klydonograpk Records on Line and Siibstations. The 
voltages recorded on the system by the klydonograph 
have, for piupos^ of analysis, been classified as to 
cause into three groups: first, those due to lightning, 
or lightning and switching (the condition obtaining 
when a lightning flashover of the line causes line trip¬ 
out); second, those due to switching operations on the 
line, itself; and third, those of unknown origin, or 
caused by disturbances on parts of the lower voltage 
system not under investigation. The first two groups 
have been further separated, as to physical location; 
one, those occurring on the line; and two, those occur¬ 
ring at substations. This segregation was made to 
observe the relative magnitude and frequency, of 
transient voltages on the line itself, and on the sub¬ 
station apparatus separately. 

The record of transient voltages on the transmission 
line is given in Fig. 10, where it is shown that switching 
surges reach a maximum of four times normal (normal 
being taken as the crest voltage of the 60-cycle voltage 
from line wire to ^ound—108 kv. for the 132-kv. lines). 
The lightning voltages reach a maximum value of 26 
times normal; and 10 per cent of the surges were above 
seven times normal. 

To determine the relative frequency of these high 
lightning voltages on lines in the territory investigated. 


the total lightning year miles for the four years of 
the investigation were computed (using total lengths of . 
Turner-Cabin Creek and Glen Lyn-Roanoke and one 
and one-half miles beyond the last klydonograph on the 
Tumer-Logan Line) and by using Fig. 10 the following 
Table II was obtained: 


TABLE II—LIGHTNING SURGES PER 100 MILES OP LINE PER 

YEAR 


Times normal voltage 

Crest kv. 

iSlo. of surges 


7. 

. 757. 

.10.9 


10 . 

.1,060. 

. 8,3 


15. 


.4.6 


20 . 

.2,160. 



2.5. 

.. . 2,700. 

. l.O 



By comparison with previously published data, it is 
apparent that the lines investigated are in a very severe 
lightning territory. For example, they are subject to 
4.6 lightning voltages of 15 times normal per 100 miles 
of line per year. 

Lightning voltages appearing at the substations are 
not as high as those which occur on the line. The sub¬ 
station records are shown in Fig. 11 where the highest 
lightning voltage is 12 times normal. Only 4.5 per 
cent of the surges are above 7 times normal, or 9.2 in 
number against 14.3 on the line (Fig. 10). This would 
be expected as in every case the substations were pro¬ 
tected by lightning arresters and furthermore, there' 
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Pig. 11— ^Voltage Surges, 1927,1928,1929,19.30. Substation 

Records 


o “ 205 lightning plus lightning and switching 
® = 170 switching 


are in general divided paths at substations into which 
an incoming surge can be dissipated. Totaling the 
substation lightning years (22 for the four-year period) 
it appears that a station is subjected in a ten-year period, 
on an average basis, to five surges above seven times 
normal (767 kv.) to two surges above ten times normal 
(1,060 kv.), and to one-half surge of twelve times normal 
(1,300 kv.). 

In addition to the surges indicated On the curve for 
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switching surges, five records were obtained which in¬ 
dicated from 6.2 to 9.0 times normal voltage. These 
were all recorded at Turner on the middle phase po¬ 
tentiometer where close physical spacing had raised the 
ratio. Therefore, these values were discounted in the 
curve, as it is believed that they were actually not 
greater than the maximum, in the order of six times 
normal, as measured on other parts of the system and in 
other investigations. 

The magnitude of switching surges at the substation 
is of the same general order as observed on the line, 
being slightly higher, however, as would be expected. 

The voltage surges of unknown origin, or due to dis¬ 
turbances foreign to the lines investigated, were rela¬ 
tively unimportant reaching a maximum of 3.8 times 
normal, except in two cases where 4.5 and 4.0 times 
normal were recorded at the end of the South Point 
132-kv. line. 

During the two winters (1927-1928) when klydono- 
graphs were in operation at substations, the voltage 
surges recorded were very few reaching a maximum of 
3.5 times normal, and occurring at the time of switching 
operations. 

Effect of the Groutid Wire—Klydonograph Records. 
The beneficial effects of the use of a ground wire are 
clearly indicated by the records obtained on the Tumer- 
Logan line, as shown in Table III. 

TAHUK JIT-—UOHTNINO VOLTACU5S 
AWOVK 700 KV. KBOOROED ON 
TltttNJ«K-U)OAN J32-KV. LINE 
WIRES 


15)27-1 »2.S 

1025)~1030 

No ground wiro 

One ground wire 

- 700. 

.-2,240 

-1,700. 


-1,«00 


+1,000 


2,100 


-2,000 



While the numerical order of the highest voltages 
observed are the same, as might be expected due to the 
line insulation limiting this voltage, there are three 
times as many surges of a magnitude which might be 
expected to give trouble on the line or station apparatus 
when no ground wire exists. It should also be pointed 
out that in the two years of operation with a ground 


wire about twice the extent of line was investigated with 
the klydonograph as was the case during the previous 
two years of operation without a ground wire which 
further accentuates the indicated advantage of the 
ground wire. 

lAgktning Arrester Records — Klydonograph. Light¬ 
ning voltages at the two substations where investiga¬ 
tion was made on lightning arresters are given in Table 
IV. In only two cases was a discharge current recorded 
in the arrester, one of these where the maximum voltage 
on any phase was -970 kv., and the other where the 
voltage was — 1,300 kv. The corresponding discharge 
currents were — 300 and — 500 amperes. In another 
instance, at SaItville, a voltage of -f 1,100 kv. was 
recorded without a current discharge measiu^d on the 
arrester. The minimum current in the arrester which 
could be measured was about 80 amperes, which, with 
the 30-ohm Zircon resistor used, produces 2,400 volts 
on the klydonograph, which is near the low limit of 
recording. 

The arresters used are of such a rating that they 
are expected to begin discharge at a voltage of about 
700 kv. Some of the records listed in Table IV indicate 
voltages considerably above 700 kv., both with and 
without discharges. 

It should however be pointed out that three factors 
were present which might account for voltage records 
higher than those which actually existed: 

1. The voltages were recorded some 150 circuit ft. 
from the terminals of the arrester. 

2. Tests have shown that stray fields which exist in 
the vicinity of substation structures have, under certain 
conditions, a marked influence on the klydonograph 
records. 

3. No flashover or apparatus failure dccurred in the 
substation at the time. 

Ground Resistance and Line Flashover. An attempt.to 
relate line flashover to tower footing resistance proved 
futile. Reference to Figs. 18 a, b, and c indicates some 
tendency for flashovers to concentrate near the points 
of high elevation on the line, a fact which correlates 
with the reasonable expectatipn that lightning will 
strike to the most exposed points in the storm path; 
and these points are those of highest elevation. 

Wave Fronts of Lightning Surges—Klydonograph 
Records. The klydonograph records of 21 lightning 


TABLE IV—1.32-KV. LIOHTNING ABRESTBU PEREOBMANCB 

1029-1030 


Line voltage-kv. 


Arrestor current-amperos 


Location Phase .1 Phase 2 Phase 3 X^hase 1 Phase 2 Phase 3 Total 


Klng.sport S. S. 

.- MOO. 

_-b 240... 

Kingsport S, H. 

.;. + 288. 

- + 524. . 

Kingsport B. S. 


_+ 465... 

Kingsport S. .S. 

.-1000. 

_-1,300... 

Kingspf^f*h Hr . 

... + 325. 

_- 5r2... 

BaltvlUe S. H.;. 

. + 040. 

.... +1,100... 


-970. 

4s 

. sfc270... 


.. -340. 

.+ 626 

+322. 

,|c 



+280 

. .None. 


+322. 

s|s 



, .None. 


-000. .’.. . 

sj* 

.-.500... 


.. -660___ 

.-1180 

+270 

+247. 


.None.., 


.. .None. 

4» 

+825. 

.None. 


....... 

. .None. 

* 


'’■Not measured. 
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surges of 600 kv. and above obtained during the four 
years were analyzed to determine the wave fronts. 
The analysis is given in Table IX. It is not contended 
that this method of determining wave fronts is very 
accurate, but it is believed the record may show the 
predominating characteristics of the wave fronts. 
Fast fronts of one microsecond or less were observed in 
nine of the 21 surges, and wave fronts of the order of 
five microseconds were observed for 11 surges. Only 



Fig. 12—^Attenuation op Negative Lightning Surges on 
Line, with and Without Ground Wire 


X —No. 233—^Une trip-out 
o —No. 424—^llne trlp-out 



Fig. 13—^Attenuation op Positive Lightning Surges on 
Line, with and without Ground Wire 

X —No. 169—^no Une trip-out 
0 —No. 424—^line trip-out 

one slow front surge was observed, this being a positive 
surge of 686 kv. No positive surge with a fast front 
(one microsecond or less) was foimd. 

Since the records analyzed were of surges above 600 
kv., and the 60-cycle crest flashover of the line is of the 
same order, it is believed these surges were recorded 
near the point where the surge originated. The con¬ 
clusion is therefore drawn that at the point of inception 


some lightning voltage surges have fast fronts, in the 
order of one microsecond or less, the corresponding 
rates of voltage rise being as high as 2,500 kv. per 
microsecond. 

VoUages on Top, Middle, and Bottom Conductors. 
At the start of the investigation it was expected to find 
some relation between the voltages observed on the top, 
middle, and bottom conductors on a transmission line. 
That no fixed relation exists on the line under sendee 
lightfiiwg conditions is apparent from Tables VIII, 
VI-A and VI-B. An average of all voltages in Table 
VI-A and VI-B (the highest being taken where the surge 
was oscillatory) shows 1,165 kv. on the top, 1,060 kv. 
on the middle, and 965 kv. on the bottom conductor. 
These are 100 per cent, 91 per cent, and 82.6 per cent in 
terms of relative voltage. There are individual cases, 
however, where the voltages on the bottom and middle 
conductors are equal and considerably higher than on 
the top conductor. 


A B 

Figs. 14a, 14b—Direct-Stroke Recorder Records at 
Towers 9 and 10 

The conclusion drawn from these data is that over a 
I)eriod of time the top conductor will be subjected to an 
average voltage of 10 per cent higher than the middle or 
bottom conductor, and the middle conductor will be 
subjected to a voltage 10 per cent higher than the bot¬ 
tom conductor. Individual surges may give values 
just the reverse of this. 

In the event of induced strokes the magnitudes of the 
voltages on the various conductors in vertical configura¬ 
tion would be expected to be almost equal with a ground 
wire since the amount of protection afforded by a ground 
wire against induced strokes practically equalizes the 
difference in the heights above ground. Referring to 
Table VIII, the first 13 surges were recorded before the 
ground wire was installed and the last four after the 
ground wire was installed. These records' show that no 
particular change in the distribution of voltages oc¬ 
curred as a result of the 0x»und wire. Actually the 
differences to be expected would not be easily detected 
with the. klydonograph. In general the differences 
between the voltages on the three conductors for the 
lower valued surges were not great, which might be 
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taken either as an indication of induced strokes or a 
direct stroke to the ground wire which did not flash over. 
In the event of direct strokes to tower or ground wire, 
which cause flashover, a random distribution of voltages 
would be expected depending upon the number of con¬ 
ductors which flashed over. If a flashover occurred on 
only one conductor it would be just as likely to do so 
on the bottom conductor since the coupling between 
the various conductors and ground wire would be least 



FlO. 15—KLYDONOfiRAPH RkCORD AT TOWBR 9 AT THE TiMB 
Records in Pigs. 14a and 14b were Recorded 


on the bottom conductor, due to its greater distance of 
separation, and therefore the potential difference be¬ 
tween this conductor and the tower would be greatest. 
In case of a stroke to a conductor it might be expected 
to take place on the top conductor most often, as it is 
most exposed, and with no groimd wires the top con¬ 
ductor should be subjected .to the highest surges. The 

TABLE V—SURGE OHARAOTERISTIOS OR NATURAL 
LIGHTNING 
1929-1930 

Wave characteristics 


No, 

Polarity 

Orest - 
kv. 

Front 

Tail 

Length 

Lightning 




(1) 

(2) 

( 3 ) ♦. 


l(s) 

.... +. 

185... 

. 2.0. 

.. 6.5 .. 

.10.5 . 

.Moderate 

2^'*) 

.... +. 

180,.. 

. 5.0. 

.,16.0 .. 

.35.0 . 

.Slight 

3 ( 5 ) 

.... —. 

160... 

. 2.6. 

.. 8.0 .. 

.16.0 . 

.. Moderate 

4.. 

.... -. 

. 70... 

. 2.0. 

.. 5.0 .. 

. 7.0 . 

.Severe 

5.. 

.... —. 

. 76... 


Indefinite 


.Moderate 

6... 

.... —. 

. 76... 

. 1.0, 

.. 6.0 ., 

.10.0 . 

.Moderate 

7... 

.... +. 

. 76... 


Indefinite 


.Severe 

8... 

.... -. 

. 100... 


Indefinite 


. Slight 

9... 

.... +. 

. 100... 

.15.0. 

..56.0 + ., 

.70.0 + . 

..Slight 

10... 

.... +. 

. 110... 

. 2.0. 

..80.0 + .. 

.80.0 + . 

.. Moderate 

11... 

_—. 

. 120... 

. 

Indefinite 

. , 

. .Slight 

12... 

.... +. 

. 125.. . 

. 2.0. 

..16.0 ., 

.25.0 . 

.. Severe 

13... 

.... +. 

. 126... 

. 2.0. 

..20.0 .. 

.50.0 . 

.. Severe 

14... 

.... +. 

. 140... 

. 2.0.. 

.,26.0 .. 

.60.0 . 

..Severe 

16... 

.... +. 

. 160... 

. 2.0. 

..30,0 .. 

,55.0 , 

. .SUght 

16... 

.... +. 

. 175... 

.12.0. 

..36.0 .. 

.40.0 . 

.. Severe 

17... 

.... +. 

. 230... 

. 2.0. 

..52.0 .. 

.60.0 . 

,. Severe 

18... 

.... +. 

. 240... 

. 2.0. 

..46.0 .. 

.50.0 . 

.. Severe 

19... 

..,, —. 

. 260... 

.35.0. 

..80.0 + ., 

.80.0 + . 

. .Slight 

20.. . 

.... +. 

. 350(*) . 

. 2.0., 

..8,0 .. 

.80.0 . 

., Severe 

21.... 

. ... rib. 

i,ooo(^) . 

. 2.0.. 

.. 3.0 .. 

. 4.0 . 

.. Severe 


(1) Microseconds to crest. 

(2) Microsccond.s to 50 per cent crest on tall. 

(3) Microseconds to first zero, 

(4) Line trip-out. 

(6) 1929 reccrds. 


records show that in a large percentage of the higher 
valued surges tha*e was a wide variation between the 
voltages on the different conductors. 

Cathode-Ray Oscillograms. During the two years the 
oscillograph was in operation, 21 oscillograms were ob¬ 
tained of natural lightning. The characteristics of 
these surges are shown in Table V. Excluding waves 
below 125 kv. in magnitude, also No. 20 and No. 21, 
due to line flashovers occurring at the time, this table 
may be summarized as follows: 

NATURAL LIGHTNING VOLTAGE OHARAOTERISTIOS 
MIOROSBOONDS 


Front to 60% tall Length 


Minimum. 2.0. 6.6 .10.6 

Maximum...35.0.80.0 -f-.80.0 + 

Average. 6.2.30.1 ..43.1 


The oscillograms of lightning voltage obtained at 
Tower 20 on the top phase of the Tumer-Logan circuit 
under test when line trip-outs occurred are shown in 
Figs. 16 and 17. Fig. 16 shows the largest surge 
recorded, which was of the order of 1,000 kv. It is 
oscillatory in nature, having a period of the order of ten 
microseconds, with higher frequency osdllations super¬ 
imposed. This surge was accompanied by a flashover. 
Although it was not possible to fit these oscillations to 
readily apparent circuit constants, it is possible for 
reflection phenomena to be quite complicated, and the 
oscillations are bfelieved to be due to reflections resulting 
from the line flashover rather than to oscillations in the 
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Pig. 16—Oscillogram op Lightning Sxtrge at Tower 
20 at the Time Pigs. 14a and 14b and Pig. 15 were Recorded 

lightning stroke itself. The superimposed high fre¬ 
quency oscillations are probably due to reflections of the 
wave "^tween tower top and ground. 

The Mydonograph record at Tower 20 correlating 
with this surge indicated voltages of -|- 685 and — 626kv. 
on the top phase, -f 685 and — 625 kv. on the middle 
phase, and -t- 610 kv. on the bottom phase. Taking 
into consideration the 60-eycle potentials which in¬ 
fluence klydonograph records, but.were eliminated in 
the oscillograph circuit, the voltages from the cathode- 
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ray oscillograph record (+ 600 and — 1,000 kv.) check 
reasonably well the klydonograph data. 

The correlating klydonograph record at Tower 0, 
Fig. 15, which is 3.07 miles from Tower 20, is interesting 
in indicating negative impulse voltages with a very fast 
front on the ground wire and top conductor, with a 
slower front negative on the middle wire, and no ap¬ 
preciable negative on the bottom conductor, and also 
high positive voltages on all line conductors. 

The polarity analysis of the surges recorded by the 
oscillograph shows 13 positives, 7 negatives, and one 
oscillatory. 

Records of Special Irderest 

a. Arcing Grounds. All of the voltages recorded by 
the klydonograph were either unidirectional or highly 
damped oscillations with the exception of one record 
which showed a sustained oscillation similar to those 
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Fiq. 17—Lightninq Surob Bbcordbd at Tower 20 

recorded on isolated neutral systems. Upon investiga¬ 
tion it was found that at the time this record was ob¬ 
tained, the system connections were such that the line 
to which the klydonograph was connected was operating 
momentarily ungrounded. The voltages recorded at 
the time were 315 kv. (3 times normal) on two phases, 
and 215 ky. (2 times normal) on the other phase on 
which the arc was later located. 

6. Bushing FlaAhmer-Klydonograph Record. Kly- 
donographs registered a potential of 860 ,kv. across the 
high- and low-tension bushings of a transformer during 
a lightning storm at Glen Lyn in 1927, which checked 
with the air line distance at which breakdown would be 
expected to take place. The occurrence was attributed 
to a direct stroke of lightning to the 88-kv. system near a 
point where the 88-kv. and 132-kv. systems crossed. 
It is believed a negative direct stroke to the 88-kv. line 
transmitted a voltage to the transformer which was 
registered as — 650 kv. on the 88 kv. bushing; and the 
induced voltage on the 132-kv. line entered the station 
at the same time where it was recorded at -j- 210 kv., 
■giving a total voltage of 860 kv. ’ 

e. Lightning Voltages and Trip-Outs. Surges re¬ 
corded above 600 kv., which caused line trip-outs are 


listed in Table VI-A; those above 600 kv., which did 
not cause line trip-outs are listed in Table VI-B. As 
would be expected, many of the surges in Table VI-A 
are considerably above the 60-cycle crest flashover of the 
line insulation (about 600 kv. crest), indicating that 
some flashovers occurred on the front of the wave. 
The voltages listed which are near the 60-cycle crest 
•flashover of the line are in some cases, at least, attenu¬ 
ated values of surges originating at some distance from 
the point of measurement. 

TABLE Vr-A—IJGHTNING SURGES ABOVE 000 KV. ON 132-KV. 

LINES RECORDED ON LINE WIRE AND CAUSING LINE 
TRIP-OUT 


Kv. 


Ref. 

Top 

Mid. 

•Bot. 

8. 

_+ 636 ..., 

_+ 576 

.+ 600 

13. 

,... - 1800 _ 

.- 1,500 1 

1.+ 6.50 \ 



-j- 980 J 

^.-,62o) 

14. 

.... - 1030 .... 

.... - 1020 

.- 580 \ 




+ 375 / 

15. 

.... — 736 _ 

_— 625 

.- 300 \ 




+ 190 / 

16. 

_- 2900 _ 

.... - 2000 

.-1,000 \ 




+ 680 ] 

23. 

.... - 890 _ 

....«*! 240 

.- «70 

28. 

_+ 236 _ 

_- 1010 

.-1,010 

29. 

_-2,500 _ 

. ... 300 

.’_=fc ;100 

36. 

.... +1,860 \ .... 

.... +1,610 1 

i.+1.780 


-2,240 /_ 

_-1,710 J 

r 

.37. 

. . . . + 320 \ ..., 

. ... + 470 1 

i .+ 760 \ 


— 526 / .... 

.... — 308 J 

f.-1,470 / 

44. 

....+ 705 \.... 

_+ 266 

.+ 770 1 


- 820 /_ 


....- 525 / 

46. 

.... + 610\ .... 

. ... + 660 1 



- 360 J_ 

.... - 616 J 


47. 

. ... + 685 \ .... 

.... + 685 1 



- 626 ] .... 

.... - 625 J 

r 


TABLE vi-B—LIGHTNING VOLTAGES ABOVE 600 KV. NOT 
CAUSING LINE TRIP-OUT ON 132-KV. SYSTEM 


Ref. 

Top <l> 

Mid. (t> 

Bot. <f> 

Grd. wire 

Where 

recorded 

2 ^ 1 ).. 

.. - 710.\. 

.. - 212.. 

... - 238.. 


... Substa. 

10.... 

.. - 700... 

.. * 300.. 

... + 300.. 


... Bubsta. 

12.... 

.. +1400... 

.. +1900.. 

... +1100.. 


... Line 

20.... 

.. *1800... 

.. *1290.. 

... (2) . . 

... -25_ 

.. .Line 

22.... 

.. +1710... 

.. +1710.. 

... +1710.. 

... +30.,.. 

.. .Line 

24.... 

.. -1800... 

.. -2400.. 

... -2400. . 

... -30.... 

.. .Line 

40.... 

.. + 640... 

.. -1100.. 

... + 825.. 


... Substa. 

4l(i> .. 

.. * 346... 


... * 640,. 


... Bubtsa. 

42. 

.. - 805.. . 

- 745.. 

... - 926.. 


... Bubsta. 

19(»> . 

.. -1190. . . 

. . -1696. . 

... -1696.. 

.... -35.... 

.. .Line 

Notes: 

(1) On 88-kv. system. 





(2) Not recorded. 

(3) Line not energized. 


A factor which might account, in some cases, for 
recorded surge voltages considerably above line flash- 
over voltages without a corresponding trip-out is that 
when a direct hit to the tower occurs, the potential of the 
tower is altered with respect to ground due to the surge 
impedance of the tower and tower footing resistance. 
The voltage across the insulator strings, being the- diff¬ 
erence between the potential of the line conductor and 
tower top, will not, therefore, be the same as the poten¬ 
tial of the conductor to ground. 
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Applying this consideration to Table VI-B fails, 
however, to explain an absence of line trip-out for all 
cases listed, as flashover in all probability occurred for 
the higher valued records such as surges, references 12, 
20 and 24. 
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Pig. 18 a—Line Plashoveu Record op Turnbr-Logan Line 


of natural lightning waves on the line gave a limited 
amount of data. These data were obtained on the 
Tumer-Logan line under two conditions, first, before 
the ground wire was installed; and second, after it was 
installed. Figs. 12 and 13 show the attenuation of the 
crest values of the lightning voltages over about five 
miles of line. 


1400 

1 ^ 

11000 „250 

w 800 i 200 

o ? 

g 600 y 150 

3 400 i 100 

Ui {o 

200 g 50 


10 20 30 40. 50 60 70 80 90 100 
TOWER NUMBERS 
FLASHOVERS_ 


1929 

CIRCUIT 
No.Z Nal 

TOP 

MID. 

eoT. 







1 

) 

Ml 


TOP 

Mia 

BOT. 






7^ 

n 

K 

X 

. 


1930 

CIRCUIT 
No.2 Nal 

TOP 

Mia 

SOT. 











TOP 

Mta 

BOT. 



_ 










Fig. 18 c—Line Flashover Record of Turner-Cabin Creek 

Line 
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Pig. 18 b—Line Flashover Record op Glenltn-Roanokb Line 


An important fact brought out by these data is that 
voltage surges well above the flashover value of the 
line occur without causing line outages and the corol¬ 
lary follows that lightning impulse flashover on insula¬ 
tors is not necessarily accompanied by power follow-up. 

d. Attenuation of lAghtning Surges—Klydmogra/ph 
Records. The attenuation study with the klydonograph 


Two characteristics of attenuation are brought out by 
these data, so far as the accuracy of the klydonograph 
in this type of analysis permits. One is that the atten¬ 
uation is greater, for positive lightning voltage surges 
than for negative surges; and the other is that the 
attenuation is greater when th^e is no ground wire. 
It shows definitely that the attenuation for high-voltage 
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surges is very rapid, the maximum crest values in the 
order of 2,000 kv,, being reduced to one-half value with¬ 
in about a mile. Considering the influence which the 
wave steepness and length has on attenuation and the 
indefiniteness of these values of the waves here recorded, 
these curves agree quite closely with those obtained in 


placed at frequency intervals along the line (one mile or 
so apart) if any quantity of information is to be ob¬ 
tained. It is also clear from the curves in Mgs. 12 and 
13 that the Hydonograph data can only record the 
general order of attenuation and are accurate enough 
to indicate the trend, but not to study the effects pro- 


TABLE VII—SURGES ON GROUND WIRE 


Surge kv. 


Tower Ground Lino 

K-cf* Date Time location wire Top Mid. Bot. Cause T. O. 


1. 


... 6:27 P. M 

2. 

...8/ 1/27... 

. .10:20 


3. 

...8/ 1/27... 

. .10:20 


4. 

...8/ 1/27... 

. .10:31 


6. 

...8/ 6/27... 

.. 3:30 

<1 

6. 

...8/ 8/27... 

6:30 


7. 

.,,9/18/27... 

. .10:62 

a 

. 8. 

...6/ 9/28... 

.. 2:65 

“ 

9. 

...6/16/28... 

.. 6:30 

u 

10. 

...6/19/28... 

.. 9:30 

« 

11. 

...6/20/28... 

.. 3:60 


12. 

...8/21/28... 

.. 6:10 


tl3. 

...8/24/28... 

.. 1:00 


14...... 

...6/18/29... 

.. 1:10 


15. 

...6/18/29... 

.. 1:10 

« 

16. 

...6/22/29... 

,. 4:35 

II 

17. 

...6/22/29... 

.. 4:35 

II 

18. 

...7/ 1/29... 

.. 4:30 

II 

19. 

...7/ 1/29... 

.. 4:30 

“ 

20. 

...7/ 1/29... 

.. 4:30 


21. 

...7/ 1/29... 

.. 4:60 


22. 

...7/ 9/29... 

.. 4:16 

** 

23. 

...7/ 9/29... 

.. 4:15 

« 

24. 

,..8/27/29... 

.. 7:30 


26. 

...8/27/29... 

.. 7:30 

" 

26. 

...8/27/29... 

.. 7:40 P. 

M 

27. 

...8/27/29... 

.. 7:40 


28. 

,..8/27/29... 

.. 7:40 

M 

29. 

...8/27/29... 

.. 7:40 

« 

30. 

.. .8/27/29... 

.. 7:40 

« 

31. 

,. .8/ 7/30... 

. .11:00 

« 

32. 

. . .8/ 7/30... 

..11:00 

M 

33. 

...8/ 7/30... 

. .11:00 

« 

34. 

...8/ 7/30... 

..11:00 

M 

35. 

...8/ 7/30... 

. .11:00 

« 

36. 

...6/30/29... 

.. 4:00 

W 

37. 

...5/31/29... 

.. 3:30 


38. 

...0/18/29... 

,.10:30 

u 

39. 

.,.7/10/29... 

.. 6:00 

u 

40. 

...8/22/29... 

.. 6:20 

u 

41. 

...8/22/29... 

.. 6:20 

ft 

42. 

...8/21/28... 

.. 4:40 

ft 

43. 

...8/29/28... 

.. 6:00 

ft 

44. 

...6/22/29... 

.. 4:35 

u 

45. 

...6/22/29... 

:.. 8:30 

u 

46. 

...8/23/29... 

.4:66 A. M. 

47. 

...8/23/29... 

... 4:65 

u 

48. 

...9/ 7/29... 

... 12:30 

ff 

49. 

...9/24/30... 

... 6:20 P.M. 


. . -4 TR. 

... -H 2.3... 


.. 4 TR. 

...4- 9.6... 

620 

., 4TR. 

+ 9.0... 

. + 286 

.. 4TR. 

... + 6.0... 

. + 190 

.. 4TR. 

.. . - 4.7... 

. + 180 

.. 4TR. 

... +14.8... 

. + 340 

.. 4TR. 

... +20.0... 

. =fe 586 

. .14 TL. 

... + 4.0*.. 

. + 436 

..14 TL. 

... - 0,2*.. 

. -1080 

. .14 TL. 

... + 3.3*.. 

. * 180 

..14 TL. 

. . . + 3.8*.. 

. + 270 

.. 5TR. 

... + 6.8... 

. + 230 

. .14 TL. 

.,.-35 *.. 

. -1190 

. . 6 TL. 

.. . +20 ... 


. . 9 TL. 

... +10 ... 

. + 245 

. . 6 TL. 

... + 7.5... 

, 

. . 9 TL. 

... + 6.7... 

. + 260 

. .20 TL. 

.. . -20 ... 

. + 250 

. .30 TL. 

.. . + 3,0... 

. + 230 

. .86 TL. 

... + 2.7... 


. .36 TL. 

... + 3.0:.. 


. .30 TL. 

.. . ~30 _ 

. -1800 



- 300 \ 

. .36 TL. 

... + 3.0.,.. 

. + 250 / 

.,24 TL. 

... + 4.6.... 

. + 276 

. .30 TL. 

. .. + 4. 

. + 265 

. .14 TL. 

... + 4. 

. + 240 

. .16 TL. 

. . . sfc 4 .... 

, + 110 

. .24 TL. 

... + 4.0.... 

. + 260 

. .30 TL. 

.. . + 3,6.... 

. + 230 

. ,36 TL. 

., . + 4.6.... 

. + 265 

, . 6TL. 

., . + 6.2_ 

. =fel030 

.. 9TL. 

.. . -36 _ 

. *2175 

. .14 TL. 

.. . «blO _ 

. * 985 

. .20 TL. 

.. . * 4 _ 

. + 600 

. .30 TL. 

... + 6.2- 

. + 250 

. .21 GL-R... 

. . . 25 _ 

. 1420 

. .82 GL-R... 

... 5.4.... 

. + 490 

. .21 GLR.... 

.. . +30 .... 

. +1710 

. .82 GLR.... 

.. . -36 .... 

. + 266 

. .42 GLR. . . 

. .. +14.8.... 

. + 220 

,162 GLR.... 

... -30 _ 

. * 236 

. . 8TCO. 

... + 9 .... 

. + 265 

,{68 TOO. 

., . -25 _ 

. *1290 

.. 8 TOO_ 

... + 7.3..., 

. + 260 

, .89 TOO_ 

... + 3..7.,.. 


. .{68 TOC... 

... - 3.3.... 

. * 625 

. .89 TOO_ 

.. . +15 .... 

—2620 

. .30 TOO. 

. .. + 8.2_ 

. + 276 

. . 9 TL. 

... -12.1..,. 

. + 460 


fLine not alive at this time, being out of service to install groimd wire. 
’'^Measured at peak of tower—^no ground wire. 


{Horizontal tower. 


* 285 

... * 240 .Ltii. 

.. .No 

* 285 . 

... * 230 .. *. 

.. .Yes 

+ 220 

... + 270 . “. 

...Yes 

+ 230 . 

«f 

...No 

+ 255 . 

.. . + 210 . ". 

.. - No 

+ 516 . 

. .. + 240 . “. 

...No 

* 285 . 

... + 285 . ". 

... Yes 


... + 340 . 

.. .Yes 


- 490 \ 


- 920 

. . . + 270 /. 

... Yes 

+ 340 . 

. .. + 230 ^ . 

.. .No 

+ 300 

... 4- 180 . “. 

.. .No 

+ 160 

.. . + 160 . ". 

., .No 

-1695 . 

.. . -1695 . ". 

.. .No 

+ 245 . 

. .. + 190 . ". 

.. .Yes 

+ 250 , 

... + 200 . ". 


+ 260 • 

... + 300 . “. 

.. .No 

+ 276 

... + 216 . ". 

.. .No 

+ 340 . 

... + 260 . ". 

.. No 

+ 260 

... + 230 . “. 

... No 


ft 

.. .No 

+ 295 . 

• 11 


-2400 . 

... -2400 . ". 

...No 

- 360 \ . 

... - 220 \ 


+ 270 / . 

... + 180 /. " .. 

.. No 

+ 190' . 

... + 225 . “. 

,., Yes 

+ 260 . 

... + 186 . “. 

.. .Yes 

+ 300 . 

... + 260 .Ltn. 

...Yes 

+ 110 . 

... + 110 . ”. 

... Yes 

+ 190 . 

... + 226 . ". 

... Yes 

+ 225 . 

... + 210 . ". 

... Yes 

+ 356 . 

... + 240 . “ . 

,... Yes 

* 486 . 

... + 362 . “. 

.. .Yes 

*1665 . 

... +1920 . “. 

.., Yes 

+ 266 . 

... * 770 . “. 

.. .Yes 

* 775 . 

... + 620 . “. 

.. .Yes 

+ 376 . 

... + 270 . " . 

.. .Yes 

1420 . 

... 1420 ...’_ “. 

... Yes 

+ 245 . 

,.. + 220 . “. 

.. .Yes 

+1710 , 

... +1710 . “. 

.. .No 

+ 325 . 


.. .No 

+ 216 . 

... + 215 . «. 

... Yes 

*1010 . 

... *1010 . “. 

...Yes 

+ 316 . 

... + 216 . “. 

... No 

*1800 . 

M 

.. .No 

+ 360 . 

... + 295 . ". 

.. .No 


(1 

,. .No 

* 525 . 

... * 486 _:. . ". 

... Yes 

* 300 . 

... * 300 . " _ 

... Yes 

+ 300 . 

. .. + 230 . «. 

.. .No 

+ 465 . 

ft 

. . .No 


TR—Tumer-Rutland Line. 

TL—Tumor-Logan Line. 

GLR—Glenlyn-Roanoko Line. 
TOC—Turner-Cabin Creek Line 


artificial surge investigations. Where the line was not 
equipped with a ground wire, and the suige was nega¬ 
tive (surge 233), the attenuation appears less i^pid at 
the start. The data from one surge only, however, are 
too meager to justify great eonfidence,in the particular 
shape of the curve. 

The data obtained on attenuation of natural light¬ 
ning voltage surges show that Mydonographs must be 


duced by the presence of ground wires, positive and 
negative surges, etc., where the relative voltages to be 
measured may vary some 20 per cent or less. 

e. Surges on the Ground Wire. Voltages recorded 
on the ground wire by the fourth electrode of the kly- 
donograph with the corresponding voltages recorded 
on the line conductors are listed in Table VII. It is not 
believed these records are accurate as to voltage magni- 
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tude, as the klydonograph which was located near the 
ground was connected to the ground wire by a vertical 
wire about 100 ft. long extending up the side of the 
tower. However, they are interesting in three re¬ 
spects. First, they are recorded only at times of light¬ 
ning storms. Second, of the 47 surges, 33 are positive, 
10 negative, and 4 oscillatory. Third, although there 
is a tendency for the surge on the ground wire to have 
the same polarity as the surges on the conductors, there 
is a number of exceptions where the conductor surges 
are oscillatory with a unidirectional surge on the ground 
wire, and again whM*e the ground wire and conductor 
surges are of opposite polarity. This condition obtains 
both when a line did or did not trip out. 

/. Pure Lightning Surges. When the Tumer-Logan 
line was out of service in August and September 1928, 
for installation of the ground wire, the klydonographs 


dueed voltages are approximately equal in magnitude on 
all three phases when in vertical configuration, whether 
the ground wire is installed or not. 

g. Direct-Stroke Recorder Records. Two records 
were obtained on direct-stroke recorders, both being 
associated with one storm, and believed to be due to one 
lightning stroke on the Turner-Logan line. Simultane¬ 
ous records were obtained on the klydonographs 
between Turner substation and Tower 36. The kly- 
donogram recorded at Tower 9 is shown in Fig. 16. 
Also, a simultaneous record was obtained on the 
cathode-ray oscillograph at Tower 20, three miles dis¬ 
tant. This record is reproduced in Fig. 16 a. 

The maximum voltages recorded on the line conduc¬ 
tors of this circuit at Tower 9 were — 2,200 and -f-1,850 
kv., — 1,700 and + 1,610 kv., and -I- 1,780 kv. on the 
top, middle, and bottom conductors, respectively. 


TABLE vm— POKE LIGHTNING SURGES ON TURNBB-LOGAN LINK 
8-1-28 to 9-24-28 
(Ground wire being Installed) 


Surge kv. 


Ref. 

Date 

Time 

Location 


Top 

Mid. 

Bot. 

Cause 


1. 

.8- 1-28. 

_7:20 P. M. 

. 9. 

. + 

240.... 

... + 220.... 

. .. + 200_ 

... .Lightning 


2. 

.8- 1-28. 

.... 7:20 

“ .... 

.14. 

. + 

200 ,.. 

... -h 220- 

. .. + 200_ 

.... ” 



1-28 . 

... 7:20 

a 

.20. 

. H- 

160.... 

.., + 200_ 


.... ** 


4. 

.8- 1-28. 

.... 7:40 

« _ 

. 9. 

. H- 

300.... 

... + 300- 

... + 270.... 

_ 

P? j2 

6. 

.8- 1-28. 

.... 7:40 

H 

.14._ 

. + 

220.... 

... + 270_ 

... -f 240.... 

.... “ 


6. 

.8- 1-28. 

.... 8:00 

II 

. 9. 

. + 

270., .. 

... + 240_ 

... + 220- 

.... 

^ 1 J 

7. 


.... 8:00 

“ .... 

.14. 

. + 

180. ... 

... H- 200_ 

... + 200_ 


•*sf 

8. 

.8- 4-28. 

,.. .12:0» 

“ .... 

. 9. 

.+ 

240.... 

.. . + 240_ 

... + 216..,. 

a 


9. 

.8- 4-28. 

....12:20 

II 

.14. 

.... + 

265. . . . 

... -h 266.... 

... -f 240_ 

.... 


10. 

. 8- 4-28 . 

....12:16 

II 

. 20 . 

.... + 

200. ... 

... + 220 - 

... + 200.... 

41 

ID 

11 . 

. 8- 4-28 . 

.... 5:46 

II 

• « • • 

. 9.... 

.... + 

180. ... 

. .. + 180 .. 

... + 180 . 

.... 


19. 

8— 4—98 


w 

.14 . 

.-f- 

166. ... 

. .. + 205 _ 

... + 156..... 

« 

O 

I'-l 

8— 4—28 

.... 6:45 

U 

■..20. 

.H- 

110.... 

. .. -f- 110_ 

... + 110. 

II 


14. 

.8-21-28. 

.... 5:10 

« 

. 9. 

.+ 

385.... 

... + 300.... 

. . . + 255-- 

II 


16. 

.8-21-28. 

.... 4:45 

“ .... 

.14. 

.+ 

226.... 

. . . + 265- 

... + 245. 

<1 

‘i' 

16. 

.8-21-28. 

.... 4:45 

“ ...! 

.20. 

.+ 

216.... 

. . . + 215- 

... + 200. 

(4 

p 

17 

ft_94—98 

.... 1:00 

u 

.14. 


,190. 

... -1 695. 

... -1,695_ 

ll 

•-< 

^ X .. 









A trctnnii 

rA 






277.... 

314_ 

302 


Per cent. 






100. 

_ 113_ 

109 



recorded 17 pure lightning surges as recorded in Table 
Vlll. Only one of these, recording — 1,190 kv., 
- 1,695 kv., and - 1,696 kv. on top, middle, and bot¬ 
tom conductors, respectively, and — 35 kv. at the peak 
of the tower, was relatively high in value. This surge 
was negative; and all others were positive, the highest 
positive being 385. kv. 

Except for the high negative voltage surge recorded, 
it is remarkable to note that the voltages on top, middle, 
and bottom conductors are nearly equal on all three con¬ 
ductors, there being no tendency for higher voltages to be 
recorded on the top phase. The average for all 17 
surges shows 17 per cent higher voltage on the middle 
conductor than on the top, and 9 per cent higher on the 
bottom conductor. 

Assuming, since they were of relatively low magni¬ 
tude, that the positive surges might have been caused 
by induced lightning, strokes, it appears that the in- 


The voltage recorded on the ground wire was — 34 kv. 
This low voltage was discussed previously imder 
“Surges on the Ground Wire.” 

The direct-stroke records. Figs. 14 a and B, indicate 
currents of — 46,000 amperes in Tower 9 and — 97,000 
in Tower 10. No current was recorded in Tower 8, 
and the recorders were not in operation at Towers 7 and 
11. The circuit tripped out three times within twenty 
minutes during this storm, the relay targets of the line 
imder test indicating on the middle and bottom con¬ 
ductor in the first case; on the top conductor in the 
second case; and on the top and bottom conductors 
in the third case. The only flashover which could be lo¬ 
cated on this section of the line, by an inspection after 
the storm, was on the top phase at.Tower 8 of the circuit 
under test. It should be pointed out that the above 
currents were those measured in tlie tower fo^oting. 
Since the current in a lightning stroke on hitting a towei’ 
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Transactions A. I. E. E. 


TABLE IX—WAVE-PRONT DETERMINATION OP LIGHTNING 
SURGES PROM KLYDONOGRAPH RECORDS. 21 SELECTED 
SURGES OP 600 KV. UP 


Polarity and microsecond fronts 


Ref. Location 

Top 

Mid. 

Bot. 

Gr. wire 

2. .Glenlyn 88 kv. 

4. .Glenlyn 88 kv. 

8..Tower4-T-R;. 

. —Past* 

. -Past* 

. H-Slow . 

... +Slow . 

... -hSlow 


10.. Turner bjis. 

. -5 . 

... +SIow . 

... +Slow 


12.. Tower 9-T-L. 

. +5 . 

... -h5 . 

... +5 


13, .Tower 20-T-L. 

. —Fast . 

—6 

... H-Slow . 

.,, -f-Slow. 


14.. Tower 14-T-L. 

. -5 . 

... —5 

.. d=5 .. 

.. -5 

15.. Tower 9-T-L. 

. -5 . 

.. -5 . 

. . ^5 

16, .Tower20-T-L. 

. -Past*. 

.. —Past . 

. . *5 


19.. Tower 14-T-L. 

. -Past*. 

.. —Fast . 

,. —Past .. 

.. -Past 

20.. Tower 68-T-OC. .. 

. —Past*. 

.. -5 . 


,. —Past 

23.. Kingsport 132 kv.. 

. -5 . 


-6 


24. . Tower 30-T-L. 

. —Past*. 

.. —Past . 

.. —Past .. 

.. —Past 

26.. Kingsport 132 kv.. 

. —Fast*. 

.. —Past . 

.. —Past 


28.. Tower 162-GLR.,. 

. -5 . 

.. —Fast . 

.. —Past .. 

.. —Past 

36. .Tower 9-T-L. 

. sfcFast*. 

.. ^5 

.. +5 . . 

.. —Past 

37.. Tower 6-T-L. 

. *5 . 

. . *5 . 

... ±6 . . 

.. =b5 

38., Switchback 132 kv. 

. +5 . 

.. +5 . 

.. +5 

39.. Glenlyn 88 kv. 

. +6 . 

.. +5 . 

.. +5 


40.. Saltville 132 kv.... 

. +‘s+. 

.. +5+. 

.. +5 + 


42.. Switchback. 

. -5 . 

.. -5 . 

.. -5 


Of 21 surges. 

. 9 Past*. 

.. 5 Past*. 

.. 4 Past*, , 

. .5 Past* 


11-5 M sec. 

. 11-5 ju sec. 

.11-5 /isoc., 

.. 2-5 ju sec. 


1 Slow 

3 Slow 

3 Slow 


♦Less than one microsecond. 


divides into multiple paths consisting of the tower, the 
ground wire in both directions, and such line conductors 
as become involved, and since the stroke current is 
further modified by the reflected wave from the ground 
when it reaches the tower top, the maximum current in 
the stroke probably is not the same as the ground cur¬ 
rent. Calculations for typical cases indicate that the 
latter is of the order of 120 per cent of the ma-ximiiTri 
stroke current. 

C0N(XUS10NS 

1. In general the conclusions to be drawn from these 
tests are similar to those in previously published publi¬ 
cations but contain quite a number of additional points 
of considerable interest. 

2. The lightning voltages recorded on the line 
reached magnitudes of 2,500 kv. Ten per cent of the 
total recorded were above 750 kv. Reduced to a basis 
of surges per 100 miles of line per year there were ninp. 
surges above 1,060 kv. 

3. At substations lightning, voltages reached a 
magnitude of 1,200 kv. Reduced to a yearly basis 
there were 0.2 surges per substation per year above 
1,060 kv. Comparing this with the above paragraph 
it seems that a substation is equivalent to 2.2 miles of 
line in being subjected to lightning surges of this 
magnitude. 

4. Lightning surges of the order of 2,500 kv. have 
been found on a lin6 without trip-out, which, vdth the 
insulation values used, indicates clearly impulse flash- 
over of the line without power follow-up. 

5. S\titching surges as high as six times normal volt¬ 
age from line to neutral at substations and four times 


normal on the line were recorded, which confirms past 
data. 

6. Except at times of lightning occurrence impulse 
voltages on these transmission lines throughout the 
year are of minor importance, not exceeding 3.5 times 
normal. 

7. Attenuation of lightning surges is rapid for high 
voltages, attenuating from 2,000 kv. to 1,000 kv. in one 
mile. Keeping in mind the limited accuracy of the 
klydonograph the records indicate that the attenuation 
of lightning surges is more rapid with positive than with 
negative voltages and also it is more rapid where the 
line is not equipped with a ground wii’e. 

8. Lightning arresters must be placed close to the 
equipment they are intended to protect. Voltages some 
60 to 80 per cent higher than the value to which the 
arrester should hold the voltage were recorded some 
150 ft. distant from the arrester, 

9. The beneficial effect of the ground wire in re¬ 
ducing the lightning voltages is indicated by the fact 
that six surges above 700 kv. were recorded during a 
period with no ground wire and only two above 700 kv. 
during a similar period when one ground wire is used. 

10. The maximum current recorded in a tower 
struck by lightning was in the order of 100,000 amperes 
which calculations indicate to be of the order of 120 per 
cent of that in the lightning stroke. The records indi¬ 
cate a current of 50,000 amperes in one adjacent tower 
and calculations indicate that the voltage may have 
been sufficient to flash over the line conductors on a 
total of five towers. Calculations also indicate that the 
voltage of the tower top struck was of the order of 
4,000 kv. The voltage measured at the oscillograph 
station three and one-half miles distant was one 
million kv. 

11. The characteristics of natural lightning on 
transmission line investigated with the cathode-ray 
oscillograph show minimum and average fronts of 2.0 
and 6.2 microsecond fronts; 6.5 and, 30.1 microseconds 
to 50 per cent on the tail; and 10.5 and 43.1 micro¬ 
seconds total lengths. A maximum front of 35.0 aud 
total length of 80.0 microseconds were observed. ' None 
of these surges so far as is known was recorded near the 
point of origin. The majority of the waves were posi¬ 
tive but the highest recorded was negative. 

12. An arcing ground producing oscillatory voltages 
of three times normal tO ground was observed in one 
case at a time when the system was operating un¬ 
grounded. This shows a type of voltage that is dan¬ 
gerous; but it was not as high as theoretical analysis 
shows as the maximum. 

13. Wave fronts of natural li ghtning recorded by 
the klydonograph apparently near the point of origin 
have indicated that negative surges have wave fronts 
of one microsecond or less. Positive lightning surge 
records indicated that the fastest fronts were in the 
order of five microseconds. This indicates that nega- 
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tive lightning voltage surges initially appear on trans¬ 
mission lines with steeper fronts than positive waves. 

14. The relative lightning voltages on top, middle, 
and bottom conductors of a vertical configuration cir¬ 
cuit for voltages over 600 kv. (approximately 60-cycle 
crest fiashover) appear as a matter of chance. Cases 
were observed (Tables VI-A and B) where the highest 
voltage appears on top, middle, or bottom conductor 
and also on combinations of any two conductors. In 
general there was less variation between the voltages 
on different conductors in the case of lower voltage 
surges. It seems reasonable to assume that where a 
surge produced approximately equal voltages on the 
three conductors, and where no line trip-out occurred, 
that the surge was caused by an induced stroke and 
that where the relative voltages on the three conductors 
vary widely the surge was due to a direct stroke. 

15. The records of high voltages on the line at times 
of line trip-out (Table VI-A) indicate 60 per cent of 
these are predominantly negative and 40 per cent posi¬ 
tive. From a study of fiashover locations and tower 
footing resistance no relation could be found between 
tower footing resistance and line fiashover on this line. 

16. Surge voltages were observed on the ground wire 
only at times of lightning storms. Of these records 70 
per cent were positive, 21.6 per cent negative and 8.5 
per cent oscillatory. The oscillatory records are believed 
to be due to reflations on the line rather than oscilla¬ 
tions in the lightning stroke. 

17. Lightning voltage on a deenergized line (Table 
VIII) indicates positive voltages of approximately equal 


magnitude on all three phases regardless of whether the 
ground wire is installed or not. The approximate equal 
and low magnitude of the voltages on the three conduc¬ 
tors seems to indicate that these were caused by induced 
strokes. It should also be pointed out that aU of these 
voltages were positive. No high or negative surges 'were 
recorded during the period when the ground wire was not 
installed. 
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Experimental Studies in the Propagation of 

Lightning Surges on Transmission Lines 

BY O. BRUNE* and J. R. EATONf 

Associate, A. 1. E. E. Associate, A. I. E. E. 

Synopsis*—A discussion is given of cathode-ray oscillograms parallel wires and the effect on tower footing impedance of earth mres 
showing the attenuation and distortion of artificial lightning surges or counterpoises, 

on a power transmission line, the voltages induced by such surges in ♦ * ♦ ♦ * 


Introduction 


T he study of the laws of propagation of electro¬ 
magnetic waves along parallel conductors has 
become of increasing interest to the power engi¬ 
neer, since it was realized that these waves play an 
important part in lightning disturbances on power 
transmission systems. 

Electromagnetic wave propagation has received 
considerable theoretic^ treatment at the hands of the 
telephone engineer^ and exact formulas for attenuation 
and distortion have been derived under certain simpli¬ 
fying conditions. The conditions existing in lightning 
surges however, differ in several important respects 
from those encountered in electrical communication in 
that the circuit parameters (inductance, resistance, 
capacitance, and leakance) cannot be treated as con¬ 
stants, but must be considered as variable. As mathe¬ 
matical analysis consequently becomes very compli¬ 
cated, the experimental approach to the problem seems 
particularly desirable. 

The present paper presents some of the results of 
experimental work which has been carried out during 
the last two summers on the S.19 line of the Consumers 
Power Company between Croton Dam and Grand 
Rapids, Michigan. The work was done by the Re¬ 
search Section of the Lightning Arrester Engineering 
Department, General Electric Company, Pittsfield, 
Mass., and the Production and Transmission Depart¬ 
ments of the Consumers Power Company of Michigan. 

Previous papers have reported on different aspects 
of this work and described the equipment used.’’®’^ 
High-voltage surges were applied to the transmission 
line by means of an impulse generator generating one 
and one-half million volts on open circuit. The surges 
were measimed at any desired point on the line by 
means of a portable cathode-ray oscillograph which 
was connected to the line through a resistance potenti¬ 
ometer. 


I. Attenuation and Distortion 
Choice of Wave Shapes. It had been shown by sphere- 

*Grad. Student M. I. T., formerly of General Eleo. Co. Ktts- 
field, Mass. 

tConsumers Power Co., West Jackson, Mich. 

1. For references see Bibliography. 

Presented at the North Eastern District Meeting of the A. I. E. E., 
Rochester, N. Y., April S9-May 8,19St. 


gap tests^ that the rate of attenuation of a surge was 
affected by its voltage, polarity, wave-shape, and its 
distribution over one or more conductors. Accordingly, 
certain test waves were chosen to bring out these 
features in particular. 

A selection of the oscillograms obtained is shown in 
Pig. 1. For more ready comparison, these have been 
replotted to a uniform time and voltage scale in Mg. 2. 

Corona. The first thing which strikes one in examin- 
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PiQ. 1 —Sqlbcteo Attenuation OsciLLOonAMS 


ing these oscillograms is the clearly defined point on 
the front of the wave at which the effect of corona 
becomes evident on the high-voltage surges; it is also 
evident that the wave is attenuated much more rapidly 
above corona voltage than below it. (The calculated 
value of critical corona voltage is 85 kv. for a surge on 
one conductor, 125 kv. for a surge on three conductors 
in parallel.) 

Resistance. It can also be seen however, that there 


1132' 


31-86 







September 1931 EXPERIMENTAL STUDIES OP LIGHTNING SURGES ON TRANSMISSION LINES 


1133 


are other influences besides corona affecting the surge. 
This is most clearly brought out by the oscillograms of 
low-voltage surges in which the voltage is too low for 
dorona to play any appreciable part (there will always 
be a little corona on sharp points of insulator fittings, 
etc.). 

On theto surges we see the type of change to be 
expected from series resistance in the line. A physical 
picture of this type of attenuation and distortion can be 
obtained in the following way: 

Consider a rectangular wave of finite length. . This is 
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Fig. 2—Replot op Oscillograms to Show Change op Wave 

Shape 


It will also be noticed that the front of the low-voltage 
waves becomes less and less steep as the surge proceeds 
along the line. A constant series resistance in the line 
leaves the perpendicular wave front unchanged; but a 
constant resistance is not physically possible with a 
perpendicular front on account of skin-effect which 
would make the resistance infinite for such a front. 
This effect makes the resistance higher, the steeper 
the slope of the wave, and so has the effect of decreasing 
the slope of a very steep wave. The effect on wave 
shape as calcxilated theoretically* is shown in Fig. 3b. 
These effects are all observable in the oscillograms of 
waves L and JV (Fig. 1). 

A striking fact is that for a surge on three conductors 
the slope of front decreases more rapidly than for a 
surge on one conductor. A possible explanation of this 
is that the higher concentration of current in the earth 
in the case of thi;ee conductors increases the effective 
ground resistance. Another cause may be found in 
the mutual effect between conductors. This effect 
will be discussed more fully in Section II of this paper. 

Distortion. Returning to the case of the high-voltage 
surges, it will be seen that in these also the maximum 
voltage is decreased while the whole wave is increased 
in length. Frequent attempts have been made to 
calculate the effect of corona by assuming an equivalent 
leakance, suggested by the fact that the power loss for 
steady alternating voltages is approximately propor¬ 
tional to the square of the voltage. It is posable 
however, to get a physical picture of the effect of 
leakance in the same way as was done for series resis¬ 
tance, and it will be found that attenuation in this case 
is accompanied by a distortion which decreases the 
length of the wave. (In the so-called distortionless 
line of telephone theory, resistance and leakance balance 


associated with a fixed amount of electric cha^e on the 
line. Assumingnoleakanceintheline, the amount of this 
charge remains constant although its distribution on the 
line may change. Then imagine that the resistance in¬ 
stead of being distributed is lumped at regular intervals. 
At every point at which the surge strikes such a lumped 
resistance, one part of the wave will be transmitted as a 
rectangular wave, while the remaining part will be 
reflected. The front of the wave will therefore undergo 
a continuous attenuation. • The reflected portion will 
however, again be reflected on its way back so that 
ultimately it contributes an increase of voltage in the 
tail of the forward-going wave. If the resistance is 
distributed instead of lumped, there will not be separate 
waves but the distortion of a single wave shown in Fig. 
3a. The very front of the wave will suffer the greatest 
attenuation; succeeding parts will be attenuated less 
and less and the whole wave will be lengthened in such 
a way that although the voltage of the wave is de¬ 
creased, the total charge still remains constant. Such a 
change may be noticed on the oscillograms of the low- 
voltage waves. 


ORIGINAL ORIGINAL 

WAVE WAVE 



(a) CONSTANT RESISTANCE (b) RESISTANCE CONSIDERING 

SKIN EFFECT 


Fig. 3—Attenuation and Distortion Produced by 
Resistance (Theoretical) 

each other in such a way that the distortion produced by 
one is exactly equal and opposite to the distortion 
produced by the other.) This is not the effect of corona 
observed experimentally. Closer consideration wifi 
show that the conception of corona loss as a leakance is 
erroneous, since the corona does not, except at vCTy 
high voltages near sparkover, establish a conducting 
path by means of which charges may leak off the line. 
Usualiy the area surrounding a conductor becomes 
conducting only within an envelope of limited radius. 
As the voltage rises above corona voltage, charges enter 
this envelope thereby decreaang the voltage on the 
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front of the wave. The charge which entera this enve¬ 
lope will remain there as long as the voltage of the con¬ 
ductor is high; when it falls the charge will return to the 
conductor, thus holding up the voltage on the taU of the 
wave. In this exchange of charge between the con¬ 
ductor and the corona envelope energy is lost, but no 
ckarge.^^ 

The process hjw some similarity with the discharge 
of one condenser into another through a resistance, the 
difference being that on the transmission line the 
quantities are distributed instead of lumped and the 
magnitude of these quantities depends upon the voltage. 

Attenuation, . In BMg. 4 are shown curves of maximum 
voltage plotted against distance of travel of selected 
surges. Th^e curves may be called attenuation 
curves, but in fact they involve both attenuation and 
distortion unless we define attenuation iri a very 



special way. The difiiculty arises from the fact that 
the wave shape of the surge is continually changing, 
and as we have ^n, the rate of decrease of maximum 
voltage depends on the wave shape. 

It is however, possible to get a great deal of informa¬ 
tion from the curves in Fig. 4. They bring out very 
clearly the fact that positive surges are attenuated (and 
distorted) more rapidly than negative surges by corona. 
They show also that short waves are attenuated more 
rapidly than long waves (compare e. g., waves I and J 
with waves A and B). 

Surge on Three Conductors. A comparison of the 
rate of attenuation pf a surge on three conductors with 
that of a surge on one conduetor is not immediately 
possible because the wave shape of surge C, for example, 
is not the same as that of surge A. It is much shorter 
and would therefore be expected to attenuate more 


rapidly than A, other things being equal. A better 
comparison is obtained by considering surges C and I 
which are of approximately the same length at a voltage 
of about 600 kv. Considering the “attenuation” 
curves of Fig. 4 for these waves, it is seen that surge C 
attenuates more slowly than surge I; the same is true 
of surges D and J. Thus we are led to the conclusion 
that if the voltage and wave shapes are the same, a 
surge on three conductors will attenuate more slowly 
than the corresponding surge on one conductor. This 
is in accord with the fact that, if the same voltage is 
produced by a charge on a single conductor as by charge 
distributed'on three conductors, the voltage gradient 
will be greater around the single conductor than around 
each of the three conductors; therefore corona would 
appear more readily in the former case than in the 
latter. 

Ground Wires. The dotted curves in Fig. 4 (waves 
A and B) show the attenuation of these waves when one 
of the remaining conductors was grounded at frequent 
intervals along the line. The differences between this 
ease and that without ground wire are slight, but the 
indications are that the groimd.wire increases the rate 
of attenuation at very high voltages but decreases it at 
the lower voltages. At very high voltages corona would 
appear on both the line and the ground wire, while at 
lower voltages corona will not appear on the ground 
wire, and the only effect of the ground wire would be to 
decrease the effect of ground resistance. 

This is in agreement with the results obtained in 1929 
where, because of the low voltages used, only the latter 
effect was noticed. 

II. Surge Voltages Induced in Parallel 
Conductors 

The theory of induced surges in parallel conductors 
was very early developed by K. W. Wagner* for the 
case of the non-dissipative line. Wagner’s formulation 
has been used by many authors, principally in the more 
recent theory of groimd wires.® Briefiy, this theory 
leads to a set of simultaneous linear equations express¬ 
ing the surge voltage on any conductor in terms of the 
surge currents on all the conductors. (The usual con¬ 
vention is observed of regarding all voltages as being 
composed of two traveling waves proceeding in oppo¬ 
site du’ections.) The coefficients in these equations are 
known as the self and mutual surge impedances of the 
conductors. 

Because of the linear relationships in these equations 
an induced surge will have exactly the same wave shape 
as the inducing surge'. An isolated conductor will have 
a potential due to its position in the field but no current 
along the conduetor. 

During, the summer of 1929 sphere-gap measurements 
of induced voltages on an isolated conductor were made 
and it was found that the ratio of induced to inducing 
voltage increased as the surge proceeded along the line. 
Since there was considerable attenuation, it was natural 
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to expect that the theory of the non-dissipative line 
would not hold accurately. 

Further light is thrown on this phenomenon by the 
oscillograms now available. A selection from these is 
shown in Fig. 5. In these oscillograms it will be seen 
that the wave shape of the induced surge is appreciably 
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different from that of the inducing surge. For both 
the positive and the negative wave the voltage of the 
induced surge is lower at the beginning and higher later 
on than that due to the field of the inducing surge; in 
the case of the negative surge the induced voltage is 
actually of opposite polarity at the beginning. It seems 
probable that the difference between positive and nega¬ 
tive induced surges is due to the fact that the electric 
field is more affected by the corona envelope for the 
positive than for the negative surge. 

That this peculiarity in the induced wave is not pro¬ 
duced only when corona is present is shown by the fact 
that it also exists on low-voltage surges; Fig. 6 shows 
such a case. It resembles more nearly the negative 
high-voltage case than the positive, which is in accord 
with the fact that for the same voltage the negative 
corona envelope is smaller than the positive. 

In Fig. 7 is shown the induced voltage at a point one 
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mile from the impulse generator end of the line. Only 
the beginnings of a divergence from the wave shape of 
the inducing surge are here seen. The cumulative 
effect of this divergence is brought out very clearly in 
Fig. 8. It appears as though there is a continuous sepa¬ 


ration of charge taking place within the induced surge 
(for in no other way than by a separation can charge of a 
definite polarity appear on an isolated conductor). 
Charge of the opposite polarity to that of the main surge 
collects in the front of the induced smge, thus decreasing 
the resultant voltage there, while charge of the same 
polarity increases the voltage in the latter portion of the 
induced surge. 

It is not easy to see the mechanism by which this 
separation takes place, but it seems that it must be in 
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some way connected with the process of attenuation 
and distortion of the main wave. Not only is the self 
surge impedance no longer a constant for wave propaga¬ 
tion on a dissipative line, but also the mutual surge im¬ 
pedances have become more complicated operators. 

It is now easy to see how an induced voltage of this 
nature will affect the propagation of a surge on three 
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Fia. 8 —Rbplot of Selected OsciltLOguams Showing 
Induction on Free.Conductor 

conductors so as to produce that flattening of the front 
which was noticed in the foregoing section of this paper 
(Fig. 2, waves C, D and N). 

III. Counterpoise 

General. The use of counterpoise has been sug¬ 
gested to improve groimding conditions in high resis¬ 
tance soil, especially in connection with ground wires. 

The tests to be described in this section were con¬ 
ducted to determine the effectiveness of counterpoise 
and the relative merits of different arrangements. 
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An ©ffort was also mado to obtain a cloaror insight into 
the manner of action of the counterpoise. 

Considering for a moment the action of the counter- 
poise from the standpoint of theory it is evident that 
there will be two factors tending to reduce voltage at 
the tower footing; namely, the capacitance of the 
counterpoise to ground (in which true ground potential 
will occur at an appreciable depth below ground level) 
and a conductance effect due to the leakage of charge 
from the conductor into the soil. On surge voltages 
however, time will be necessary for the whole length of 
the counterpoise to come into action;' there will in fact 
he a traveling wave effect on the counterpoise which will 
hehave like a line with very high leakance; this includes 
the possibility of reflections from the remote (open) end 
making themselves felt at the tower footing end. 

Method of Tests. For the purpose of these tests a 
location of very high soil resistivity was chosen. At a 
tower whose footing resistance measured (50 cycles) 
approximately 400 ohms, various arrangements of 
counterpoise were connected and a surge was discharged 
directly from the line into this grounding system. At a 
distance of 40 ft. from the tower leg a probe was driven 
to provide a reference ground and the voltage of the 
point at which the line was grounded was measured 
relative to this reference groimd. In some tests the line 
was grounded through a known resistance; the voltage 
across the resistance was used to measure the current 
flowing into the ground. 

A. Variation of Lengdt of CourOerpoise 

Test Results. In Fig. 9 is shown replotted-to a uni¬ 
form scale, a number of oscillograms of surge voltages 
taken at the point of grounding with various lengths of 
coimterpoise. 

It will be seen that extending the counterpoise in two 
directions produces practically double the effect of 
extending it in one (the voltage of curve 1 is not half that 
of curve 2, but it must be remembered that the voltage 
at this junction involves also the surge impedance of the 
Une). 

Curve 3 coincides with curve 2 for practically six 
microseconds, after which curve 8 lies slightly higher. 
It seems reasonable to attribute this rise to a reflection 
arriving back from the end of the 1,050 ft. of coimter¬ 
poise. A similar rise is evident in curve 4 but begin¬ 
ning much earlier; namely, about three microseconds 
from the start. This is in accord vrith the supposition 
that these rises are caused by reflections, since the times 
are approximately in the ratio of the respective lengths. 
(It is also investing to note that this gives a velocity 
of propagation of approximately 375 ft. per microsecond 
in the counterpoise.) In curve 5 is noticed for the first 
time an increase in maximum voltage, because now the 
reflection has arrived back before crest voltage. There 
is also evidence of two reflections in this case. 

In deciding how much advantage is to be gained by 
increasing the length of the counterpoise, it is clear that 


for this particular case no ^eat advantage is gained by 
extending the counterpoise further than 1,000 ft; but 
this already involves two spans so that if we are dealing 
with a region of high resistance it involves going the 
whole distance from one tower to the next. How much 
shorter than 1,000 ft. the counterpoise ^n be made 
vrithout losing a great deal of its effect vrill depend on 
the length of surge to be expected, particularly on the 
length of wave front; for example, a length of 500 ft. is 
quite satisfactory for the waves used on these tests, 
but would not be so for a wave having a six microsecond 
front. That a great deal can be gained by increasing 
the number of directions in which counterpoise is laid is 
evident, but there are obvious limitations to the distance 
possible in any direction other than parallel to the line 
because of questions of right-of-way. 
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1. Ooiinterpoise 1,627 ft. west and 921 ft. oast 

2. Counterpoise 1,627 ft. west 

3. Counterpoise 1,056 ft. west 

4. Counterpoise 629 ft. west 

5. Counterpoise 226 ft. west 

6. Tower footing alone 

7. Line not grounded 

B. Curreni and Voltage at the End of Counterpoise 
In Fig. 10 are shown plots of current entering the 
ground (counterpoise) at the point of founding, to¬ 
gether vrith the voltage at this point. It is inunediately 
apparent that current and voltage are not proportional; 
in fact, the ratio of current to voltage increases vrith 
time. We have here another case of non-constant surge 
impedance, chiefly on account of the high leakance of 
the counterpoise. 

If a constant voltage be impressed at the end of a line 
vrith leakance, it is dear that the current at this end will 
increase with time although the voltage remains con¬ 
stant. This is due to the effect of the leakance at dis¬ 
tant points being reflected back to the source at suc¬ 
cessive points of time; if the length of the line were 
infinite the current at the end of the line would ulti- 
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mately become infinite (provided the resistance of the 
line is zero). On the other hand, if the voltage at the 
end is not held constant but is supplied through a re¬ 
sistance (as in the case of grounding a rectangular wave 
of surge voltage on a line by a counterpoise, where the 
surge imjiedance of the line enters as a series resistance) 
the voltage will decrease as the current increases to¬ 
wards a constant value. Consequently a counterpoise 
becomes more and more effective as time goes on, 
provided the counterpoise is long enough. This is of 
importance in considering the effectiveness of counter¬ 
poise on different wave fronts. It is dear that for a 
counterpoise of unlimited length, the smallest effect 
on maximum voltage would occur on surges of shortest 
wave front. For a surge of rectangular front, leakance 
would have no effect initially, the entire effect of the 
counterpoise then being equal to that of a resistance 

L 

Limitations of time allowed of no further 

testa being made to check this, but this condusion from 
the voltage-current relationship is plain. 


A 
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Fig. 10— Current and Voltage at Point of Grounding op 
Counterpoise 


2. Attenuation is more rapid above corona voltage 
than below. 

3. Positive surges are attenuated more rapidly by 
corona than negative surges. This fact will influence 
the interpretation of lightning measurements made by 
surge recorders and other instruments inasmuch as 
surges of equal magnitude but opposite polarity at the 
point of origin will not be equal at the point of mea¬ 
surement. 

4. On both positive and negative waves the attenua¬ 
tion is accompanied by a distortion which lengthens 
the wave. 

5. The rate of voltage rise (or fall) decreases as the 
surge proceeds along the line. 

6. Short wav^ attenuate more rapidly than long 
waves. This and (5) means that a lightning surge 
chopped by insulator flashover becomes relatively harm¬ 
less ^ter traveling one or two miles, since it will be of 
low crest voltage and will also have lost all abrupt 
changes in magnitude. 

7. There is an appreciable attenuation of low-volt¬ 
age (below corona) surges, probably mostly due to 
ground resistance. 

8. A surge on three conductors in parallel is atten¬ 
uated less rapidly by corona than a surge of the same 
voltage and wave shape on one conductor. 

9. The front of a surge is slowed down more rapidly 
when the surge is on three conductors in parallel than 
when it is on a single conductor. 

Surge Voltages Induced on Parallel Conductors 

10. A surge on one conductor induces on a parallel 
isolated conductor a voltage which is initially of 
approximately the same wave shape as the inducing 
sur^e and of the order of magnitude to be expected from 
its position in the field of the inducing surge. 

11. The ratio of the maximum voltage of induced 
surge to the maximum voltage of inducing surge increases 
as the surge proceeds along the line. 

12. As the surge progresses there is a cumulative 


This last fact is important in view of the increasing 
weight of evidence that direct strokes are a major factor 
in producing outages. In this case flashover would be 
produced by the tower rising to a sufficiently high 
potential above that of the line and the object of the 
counterpoise would be to keep the tower footing im¬ 
pedance low enough to prevent this from happening. 
It is reasonable to believe that a direct stroke on a 
tower would produce a voltage wave of very steep 
front on the tower approximating the condition of 
rectangular front discussed above. 

Summary 

Aumuation and Distortion 

1. Lightning surges undergo considerable changes 
both in crest voltage and in wave shape in traveling 
along transmission lines. 


divergence between the wave shapes of the induced and 
the inducing surges in which the front of the induced 
surge tends to acquire a charge opposite in polarity to 
that of the inducing surge, while the latter portion gains 
a charge of the same polarity; it is this gain in the latter 
portion of the surge which accounts for the increased 
ratio noted in 11, while the tendency for the front to 
assume opposite polarity produces the flattening of front 
noted in (9) above. 

Counterpoise 

13. The impedance offered to surge voltages by 
tower footings is materially reduced by the addition 
of a counterpoise. 

14. A counterpoise behaves like a line with very 
high leakance. 

15. Depending on the length of the counterpoise, 
reflections from the remote end will be noticeable in the 
voltage at the end connected to the tower. 
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16. The first and all successive refiections will be 
attenuated to a negligible value if the counterpoise 
extends beyond a certain distance. 

17. The ratio of current to voltage at the tower end 
of the counterpoise increases as the effect of the leakanee 
of distant portions of the counterpoise is reflected back 
to this end. 

18. An increase in the number of directions in which 
counterpoise is laid, increases the “surge admittance” 
of the counterpoise practically in proportion (this will 
be true as long as the mutual effect between the different 
conductor lengths is negligible). 

19. The effectiveness of the counterpoise depends, 
among other things, on the length of front, as well as on 
the total length of the wave. The effectiveness de¬ 
ceases with increasing slope of front and for the 
extreme case of a perpendicular front is a minimum 
being equal to the surge impedance of the counter¬ 
poise with no leakanee. 
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effects of liyhluiuy on trunsviission systems arc rcviaived. It is 
cnncluiieii that direct strohes play a prominent part dn causing 
Jloshover, Inducetl strokes arc (dso imporlanU 

('ouventionnl overhead ground wires with low tower footing 


resistance take care of direct strokes, as well as induced strokes, 
and prevent flashover. The mechanism of the lightning stroke is 
not yet understood, hut the indications are that polarity effects are 
highly important and must he given full consideration. 


I N previous papera'--'^ the authors have summarized 
the results obtained for four years (1926,1927,1928 
and 1929) in a surge voltage investigation conducted 
by the General Electric Company in cooperation with 
various power companies. 

In 1929 and 1980 progress in this investigation was 
greatly accelerated. This was partly due to concentra¬ 
tion of the work on a few systems and largely due to the 
liberal use of several new instruments especially de- 
veloiied by the General Electric Company for this 
investigation. 

Instruments Used in the Investigation 
The mrge~voltage recorder of the two electrode t 3 T)e.‘‘ 
Approximately 250 of these instruments were in use. 

The calhode-ray oscillograph.'' Six of these instru¬ 
ments were in use. 

The field intensity recorder and rate of change of field 
intensity recorder." One instrument of each kind was in 
use in 1929, and three field intensity recorders in 1930. 

The senerity meter" introduced in 1930. Eleven in¬ 
struments were in use. 

The lightning stroke recorder." About 800 of these 
instruments were in use in 1930. 

The surge indicator'' introduced in 1930. About 1,600 
of these instruments were in service. 

Systems on Which Investigation was Conducted 
In 1929 and 1930 the work was concentrated mostly 
on the Pennsylvania Power & Light Company's Wallen- 
paupack-Siegfried line, the Ohio Power Company’s 
Philo-Canton line, and the Atlantic City Electric 
Company’s Deepwater-Pleasantville line (the last 
mentioned in 1930 only). In addition, an investigation 
was conducted with artificial lightning on a 45-mile, 
70-kv. line of the Consumers Power Company in 
Michigan. 

See companion papers for details of the investigation 
on these systems.*'*'"’ 

The main change on the Wallenpaupack-Siegfried 
line in the 1930 set-up as compared with the 1929 set-up 
was the removal of the lightning laboratory from tower 
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1-3 near Wallenpaupack to tower 23-4 of the Siegfried- 
Roseland section (at Cherry Valley). 

In this laboratory two cathode-ray oscillographs were 
installed, one operating with a 50-microsecond time 
axis and the other with a 2,000-microsecond time axis. 
Both oscillographs were connected to phase X of the 
transmission line. 

In 1929, a “counterpoise” was installed parallel to the 
line conductors and trenched in the ground, connecting 
the bases of the towers from towa* 11-4 to tower 14-1 
of the Wallenpaupack tap section of the Wallenpaupack- 
Siegfried line. In 1930, four towCT footing grounding 
cables, each 50 ft. long, extending out in four directions 
from the bases of the towers and trenched in the ground, 
were instelled at each tower from tower 1-4 to tower 11-3 
and from toWer 14-2 to tower 20-2 of the Wallenpaupack 
tap section of the Wallenpaupack-Siegfried line. 

Two “lightning diverter wires,”*’ 180,000 dr. mils 
A. C. S. R. extend over the line conductors from tower 
22-1 to tower 25-4 (18 consecutive towe^) of the 
Wallenpaupack tap section of the Wallenpaupack- 
Siegfried line. These were installed in June 1930. 

Each tower of the Wallenpaupack-Siegfried line was 
equipped with a lightning' stroke recorder and each 
insulator string with a surge indicator. 

Results op Investigation 
1. Crest Value of Surges due to Lightning and Switching. 

Lightning surges up to 3,000 kv. in magnitude have 
been measured on the Wallenpaupack-Siegfried line, or 
16.7 timfes normal crest value line-to-neutral voltage. 
This is approximately 58 kv. per ft. of height of conduc¬ 
tor. On the Ohio system lightning surges up to 1,640 
kv. or 16.2 times normal have been measured. It ap¬ 
pears that the limit for these values is set by the line 
insulation, and that this limit increases as the line 
insulation is increased. 

Fig. 1 gives a curve of lightning voltage measured by 
surge-voltage recorders (times normal line-to-neutral 
voltage) against percentage of time occurring. The 
data ^e based on a study of 678 surges due to lightning, 
occurring on 14 systems during the years 1926 to 1930 
inclusive. Fig. 1 also shows a curve of switching surges 
measured by a surge-voltage recorder, based on724surges 
occurring during the years 1927 to 1930 inclusive on 
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practically the same systems from which the lightning 
data were taken. 

g. Flashovers and Trip-outs Caused by Lightning. 

The development and installation of the surge indica¬ 
tor and the use of the high-speed magnetic oscillograph 
at the line terminals, greatly assisted in the study of 
insulator flashover and trip-outs on the Pennsylvania 
system. By means of the data from these instruments 
supplemented by data from the slow-sweep (2,000 
microseconds time axis) cathode-ray oscillograph and 
the lightning-stroke recorders, it was possible in 1930, 
for the first time, to locate the point of breakdown with 
reasonable certainty for about two-thirds of the light¬ 
ening trip-outs. 

On the 220-kv. lines in Pennsylvania for the five-year 
period, 1926 to 1930 inclusive, the Wallenpaupack- 
Siegfried line had 324 flashovers of insulator assemblies. 
In addition, there were 19 relief gap operations at 
Wallenpaupack and Siegfried. For the three-year 
period, 1928 to 1930 inclusive, the Plsnnouth-Siegfried 
line had six flashovers, the Conowingo-Plymouth line 



Fig. 1—Curves op Voltage Against Percjjntagb op Time 
Occurring, fob Lightning and Switching 

Based on data from 14 systems for years 1026 to 1030 inclusive 


No. 1 three, and the Conowingo-Plymouth line No. 3, 
four flashovers. 

Each outside conductor on the Wallenpaupack- 
Siegfried line suffered two to three times as many flash¬ 
overs as the middle conductor. The majority of 
flashovers involved only one phase and one or two 
assemblies, but in one case as many as three phases and 
four assemblies were involved. 

During the five-year period, 1926 to 1930 inclusive, 
the Wallenpaupack-Sie^ried line tripped out 98 times. 
During the three-year period, 1928 to 1930 inclusive, 
the Pl 3 nnouth-Siegfried fine tripped out five times, the 
Conowingo-Plymouth fine No. 1, four times, and the 
Conowingo-Plymouth line No. 3, five times. 

On the Wallenpaupack-Siegfried fine in about 80 per 
cent of the cases oiriy one phase was involved in a 
trip-out. 

S. Direct-Stroke Records. 

In 1930, after June 1,18 records were obtained on the 
Wallenpaupack-Siegfried line with lightning stroke re¬ 


corders. These have been interpreted as indicating 
direct strokes. 

The list is divided into two groups, the first group of 
10 or 11 are associated with trip-outs and the second 
group of 8 or 7 are not associated with trip-outs. The 
strokes associated with trip-outs took place on the 
section of fine not equipped with overhead ground wires, 
while 7 strokes not associated with trip-outs took place 
on the section of line equipped with overhead ground 
wires or diverter wires. 

Of the 24 trip-outs experienced on the Wallenpau¬ 
pack-Siegfried line in 1930, 8 took place before the 
lightning recorders were in operation. Of the remaining 
16 trip-outs, 10 or possibly 11 were interpreted to be 
associated with direct strokes. In four cases, no light¬ 
ning stroke records were obtained and the remaining 
one or two cases were indefinite. 

On the Ohio Power Company’s 132-kv. Philo-Canton 
line, 130 lightning stroke recorders were installed in the 
vicinity of Newcoinerstown. Many interesting records 
vffire obtained, involving in some cases as many as five 
adjacent towers. On the Atlantic City Electric Com¬ 
pany’s system, 200 recorders were installed. Some 
records involved as many as six towers. 

On the Philadelphia Electric Company’s 220-kv. and 
66-kv. systems about 65 recorders were installed and 
some interesting data obtained. 

In a high percentage of the cases the direct strokes 
recorded on the Ohio Power, Atlantic City, and Phila¬ 
delphia Electric Companies’ systems were not accom¬ 
panied by trip-outs. All of these fines were equipped 
with overhead groimd wires. 

4. Cathode-Ray OsciUograms. 

During 1928, one cathode-ray oscillogram was ob¬ 
tained on the Wallenpaupack-Siegfried line; during 
1929, 95 oscillograms and during 1930, 23 oscillograms. 
These are of a wide variety of shapes and durations. 
The origin of sonae of the surges was near and some far 
from the oscillograph. 

In 1930, there seemed to be a tendency for the waves 
to have a certain general shape, if the phase on which the 
oscillograph was installed was involved in the fault, 
while another distinct shape of wave was recorded if 
the phase on which the oscillograph was connected was 
not involved in the fault. 

One oscillogram was obtained of a direct stroke, which 
apparently hit the conductor to which the oscillograph 
was copnected, on the span adjacent to the laboratory. 
About 3,000 kv. negative was recorded on this conduc¬ 
tor, both by cathode-ray oscillograph and surge-voltage 
recorder. On the other two conductors not over 1,620 
kv. negative and 720 kv. negative, respectively, were 
recorded by a surge-voltage recorder, and on the 50-ft. 
antenna adjacent to the transmission fine no voltage 
was recorded. 

5. Storm Severity 

The average storm severity on an arbitrary s<!ale as 
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measured by the storm severity meter at four stations 
in Pennsylvania and one station at Schenectady for 20 
weeks, May to September, varied from one to two* 
At two stations in Colorado the average storm severity 
for eight weeks in July, August, and September, was 9.3 
at one station and over 10 at the other. 

6. Overhead Ground Wires 
On the section of the Wallenpaupeck-Siegfried line 
equipped with overhead ground wires and counterpoise, 
tower WT-11-4 to tower WT-14-1 (14 towers in all), 
the flashed insulator assemblies for the years 1926 to 
1930 were as follows (the counterpoise was in service 
in the last two years only): 

_ Table I 


Flashed 

insulator 

Year assemblies 


1926 (No overhead ground wires).. 6 

1927 (Ground wires installed).... 9 

1928 . 14 

1929 (Counterpoise installed). 0 

1930 . 0 


The Overhead Systems Committee of the Great Lakes 
Division, N. E. L. A., has gathered data for several 
years on the performance of transmission lines in its 
district, and has made a special study of the effect of 
overhead ground wires. 

The miles of line under observation eqmpped with 
overhead ground wires have increased from 1,400 miles 
in 1927 to 2,660 miles in 1929. The miles without 
overhead ground wires have decreased in the same 
period from 759 to 673 miles. The interruptions per 
100 miles of line due to lightning on the lines with 
overhead ground wires have increased from 5.8 in 1927 
to 7.0 in 1929. On the lines not equipped with overhead 
ground wires interruptions per 100 rniles have increased 
from 12.2 in 1927 to 20.9 in 1929. The indications 
from this study are that from two to three times as 
many interruptions occur on the lines without overhead 
ground wires as on the lines with overhead ground 
wires. 

The American Gas & Electric Co. operates a very 
extensive 132-kv. network in Ohio, Indiana, West 
Virginia and Virginia (approximately 1,800 miles).*® 
This network is divided into 24 lines, all but two of 
which are equipped with overhead ground wires. On 
the lines equipped with overhead ground wires, the 
outages (1928) averaged 11.7 per 100 miles. On the 
lines not equipped with overhead groimd wires the 
outages for the same year averaged 38 per 100 miles. 

The Public Service Elec. & Gas Co. of New Jersey 
operates an extensive system of 13.2, 26.4, 66,132 and 
220-kv. lines. The lines 66 kv. and 132 kv. are mainly 
on double-circuit steel towers with conductors verti¬ 
cally arranged and two ground wires over the outennost 
(middle) conductors. The ground wires are about 10 


ft. above top ccfnductor. The lines pass through farm, 
meadow, and swamp lands, and the towers have a 
naturally low-footing resistance. Whereas the total 
interruptions on this system in 1930 were 231, only two 
of these took place on the 66-kv. system and four on 
the 132-kv. system. The remainder took place on the 
13.2- and 26.4-kv. systems. This territory is subjected 
to a normal amount of lightning. 

The Philadelphia Electric Co. has a number of 66-kv. 
double-circtdt steel tower lines, with two overhead 
ground wires placed vertically above the outermost 
(middle) conductors. These lines in general are sub¬ 
jected to a limited number of interruptions, but one 
line in particular, that from PhiladelpMa to Chester, a 
distance of 14 miles, has operated 14 years without an 
interruption due to lightning. The distinguishing 
feature of this line is that throughout the entire length 
the line follows a double-track railroad, with the tower 
structures located a short distance from the nearest 
track rail. In addition the line parallels a river 
throughout practically its entire length, the distance 
between the line and river varying greatly. The tower¬ 
footing resistances on the line are unusually low and 
uniform (of the order of 4 ohms). This line is in teni- 
tory which is subjected to about the same number of 
storms per year as the Pennsylvania Power & Light Co. 
system and the storms are apparently of comparable 
severity as measured by the severity meters. 

7. Direct and Induced Strokes. 

It is quite important to know how relatively frequent 
are direct and induced strokes, the magnitudes of poten¬ 
tials placed on the power conductors by such strokes 
and the effect of overhead ground wires and other 
protective measures against such strokes. Unfor- 
timately, reliable data on this subject are still largely 
missing. Some of the meager data that are available 
are examined. 

In a recent paper*® appear the statements given in the 
following three paragraphs: 

Observations by skilled engineers show conclusively that 
lightning strokes within ^ to 2 miles from the line resulted in 
surges having values not over the line voltage. 

In May, 1930, a photograph was taken of a lightning stroke 
which hit the earth 1,600 ft. (estimated by sound) from a cathode- 
ray oscillograph station at Roseland, New Jersey. This stroke 
had hit the earth within 400 feet of the line to which the measur¬ 
ing instruments were connected. Neither the klydonographs 
comieeted to this line nor the cathode-ray oscillograph indicated 
any substantial voltage, silthough these instruments were so 
calibrated that they would indicate any surge above the line 
voltage, which in this case was 200 kv. 

In another case, a 33-kv. line in Arkansas was struck by 
lightning and the poles split from top to bottom. At right angles 
to this line was another line to which recording apparatus was 
connected. The instruments gave no record of any surge, 
although they were located only 700 ft. from the pole which 
was struck. 

In 1929, at the Wallenpaupack laboratory an attempt 
was made to correlate the potential gradient, as 
measured with field intensity recorder, with distance 
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of the stroke from the laboratory. The distance was 
determined roughly by an observer in the cupola of the 
laboratory, with the assistance of a stop watch and a 
device for sighting on the stroke. Of 253 strokes over 
15 kv. per meter recorded, it was possible to correlate 
in this manner only 81 strokes or 32 per cent of those 
occurring. The other strokes were too uncertain in 
correlation or else no satisfactory distance measure¬ 
ments were obtained. Fig. 19 of the authors’ previous 
paper* shows the results of this attempt at correlation. 
It will be noticed that the correlation is very rough, but 
that there is a tendency for a curve showing greater field 
intensity with shorter distance from the laboratory. 
Field intensities as high as 280 kv. per meter (85 kv. per 
ft.) were recorded in this investigation. 

From the standpoint of gradient alone, therefore, it 
appears reasonable to assume that induced voltages may 
be of such amplitude as to cause insulator flashover. 
It is appreciated, however, that induced voltage on a 
line conductor is a function of rate of change of field 
gradient as well as absolute field gradient. Informa¬ 
tion concerning rate of change of field gradient is not 
sufficiently complete to permit a conclusion regarding 
the amplitude of induced voltage. 

In 1928, on the Philo-Canton line of the Ohio Power 
Co. a tree designated as tree No. 1, located 360 ft. from 
the transmission line at tower 176 was struck by light¬ 
ning. A surge-voltage recorder located on the bottom 
conductor at tower 176 recorded a voltage of 2,100 kv. 
positive. The surge was accompanied by a line trip¬ 
out. The correlation between the transmission line 
record and the direct stroke at the tree is not certain. 

In 1930 two trees in this same vicinity were struck, 
apparently during a storm which occurred on Sept. 
23. Tree No. 2 was 500 ft. from the transmission line 
and tree No. 3, 1,300 ft. from the line. There was no 
surge-voltage recorder at tower 176 this year;the nearest 
recorder being at tower 172 (approximately one mile 
away). There were no trip-outs on the line or surges 
which correlated vpth these strokes recorded on instru¬ 
ments connected to the line. 

On the Louisiana Power & Light Company’s 110-kv. 
system, in 1929, lightning strokes occurred to two trees 
adjacent to the rightrof-way ef one of the lines. Tree 
No. 1 was approximately 550 ft. from the line and oppo¬ 
site one of the highly insulated wood pole H frame 
structures which had no guys, pole grounds, or bonding. 
The next structure south was similar. The second 
structure south was a guyed structure with a bonding 
wire along the cross arm, a grounding wire down each 
pole, except for a 13J4-ft. gap in each grounding wire, 
and 18 ft. wood guy insulators in each guy. This 
structure was approximately 1,000 ft. from the tree 
that was struck. No evidence was left of flashover on 
the unguyed structures, but the guyed structure flashed 
over the 13)4-ft- wood pole gap at the time of the light¬ 
ning stroke. 

At another time, tree No. 2 which was approximately 


480 ft. from the line and 670 ft. from the same guyed 
structure was struck, and two of the 18-ft. wood guy 
insulators were flashed over with no indications of 
flashover on any of the unguyed structures. 

On the Consumers Power Company’s 140-kv. 30-cycle 
system in Michigan, a direct stroke hit the top of tower 
4334. The line was single-circuit on steel towers with 
one overhead ground wire, conductors vertically 
arranged. Power arcs occurred from all three conduc¬ 
tors to the tower. Potentials of 2,800 kv. positive were 
recorded on two phases at tower 4334. On the adjacent 
tower north (tower 4333) a positive potential of 1,375 
kv. was recorded. On other towers (4323 and 4304) 
located one and three miles respectively, north, negative 
potentials of 1,480 and 900 kv. were recorded. On 
towers (4366 and 4385) located one and three miles 
respectively, south, negative potentials ol 1,840 and 
1,300 ky. were recorded. 

The following explanation has been advanced for this 
occurrence: A direct negative stroke to the tower, 
resulted in a flow of current down the tower and out in 
both directions on the overhead ground wire. The flow 
of current down the tower encountered the tower 
footing resistance (55 ohms) and raised the tower to a 
potential above the conductors (conductors positive 
with respect to. the tower). The conductors flashed to 
the tower, and the conductors became negatively 
charged, which accounts for the negative potentials at 
the towers one and three miles north and south of tower 
4334. The positive potential on the adjacent tower 
4333 may have been caused by the flow of current out 
on the ground wire and down the tower, raising the 
tower to a potential above ground and conductor. 

On the right-of-way of the Wallenpaupack-Siegfried 
line of the Pennsylvania Power & Light Co- there were 
erected at five points highly insulated antenna wires 
about 300 ft. long and at different heights above the 
ground, varying from 12).^ ft. to 100 ft. The antenna 
wires were approximately 75 to 100 ft. from the nearest 
line conductor. 

A voltage (presumably induced) of 2,700 to 3,150 
kv. positive was measured on the 100-ft. antenna at 
Wallenpaupeek, with a corresponding voltage of 350 
kv. positive on the transmission line. In another case, 
a voltage of 2,700 kv. negative was measured on the 50- 
ft. antenna at High Knob with no registration on the 
transmission line. In no cases were high volUiges 
measured on the transmi&sion line which coiTelated 
with antenna registrations. 

On June 26, 1930, the diverter wire was apparently 
subjected to a direct stroke at tower WT-22-1. At the 
same time a voltage of 2,400 ky. positive was measured 
on the conductor on Y phase. 

In the past, numerous high-voltage potentials of 
positive polarity have been recorded on transmission 
lines, although high-voltage surges of negative charac¬ 
teristics were apparently in the majority. There is a 
tendency to attribute the high-voltage negative surges 
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to direct strokes. The high-voltage positive surges 
may be due to induced s|trokes, or they may be due to 
direct strokes to towers or ground wires, which cause 
sufficient current to flow down the tower to give an 
appreciable difference of potential between the tower 
and the conductors. In this case the conductor would 
have a positive polarity with respect to the tower. 

Apparently, there is evidence to the effect that direct 
strokes play an important part in transmission flash- 
bvOTS and outage. There is a great deal of evidence 
that induced strokes are also highly important. There 
is insufficient evidence at the present time to evaluate 
more exactly these two t 3 T)es of strokes. It may 
eventually be found that one ts^ie of stroke is more 
important than the other on lines of one voltage class 
and insulation, and thdt in another voltage class the 
other type of stroke becomes more prominent. 

Discussion op Results 

1. Mechanism of lAghtniyig Stroke. There is, of 
course, as yet no adequate understanding of the light¬ 
ning stroke even from a qualitative standpoint. Fur¬ 
thermore it is improbable that from existing data an 
indisputable explanation of the mechanism of the stroke 
can be built. However it appears to the authors that 
there are suggestions in the results already obtained 
which should be given careful consideration. 

Measurements of cloud field potentials®-*^’*® have 
established beyond question that fields of both polarities 
are present. It has been shown that the field polarity 
at a point on the ground may change from positive to 
negative or from negative to positive during the same 
storm. Many storms have been shown to have a pre¬ 
dominant polarity characteristic but in almost all cases 
both positive and negative fields are present to some 
degree. 

Studies of polarity effects in gas disdaarges suggest 
that no satisfactory understanding of the mechanism of 
the light ni ng stroke will be reached imtil due considera¬ 
tion is given polarity effects.*®-” Laboratory experi¬ 
mental work on the breakdown of gases between dissim¬ 
ilar electrodes*" reveals that the shape of the positive 
electrode is of greatest importance in determining 
voltage breakdown. lichtenberg figure studies*® have 
supplemented this mformation and in addition have 
contributed valuable experimental proof that in most 
cases the propagation of the steamer tip away from the 
positive electrode is the essential aspect of the break¬ 
down mechanism. 

Laboratory studies®®-®* of the “protective zone” effect 
of the vertical lightning rod have shown that polarity 
is the determining factor. With the lightning rod 
polarity positive and the cloud negative a very high 
degree of protection is afforded. With the lightning rod 
negative relative to the doud some protection is still 
obtained but the effectiveness of the rod is greatly 
reduced. 

As previously stated all lightning-stroke recorder 
records of direct strokes to towers indicate that the top 


of the tower is negative with respect to the bottom and 
from this it appears reasonable to infer that these are 
eases of negative clouds and positive ground charges. 
With the tower structure positive with respect to the 
cloud, breakdown proceeds from the structure to the 
negative cloud. Numerous strokes terminate on the 
grounded structure under this polarity condition. 
Under conditions of tower structure negative -with re¬ 
spect to the cloud the stroke would proceed from the 
doud and the probability of the tower structure being 
struck would not be great. While this conception 
appears to reverse our picture of the cloud-to-ground 
stroke nevertheless it is consistent in that it is in accord 
with laboratory and field experience. 

The direction of current in the lightning stroke has 
also been given considerable study.®® As the breakdown 
streamer propagates rapidly away from the poative 
electrode electrons flow toward the positive electrode. 
The lightning stroke currents therefore dassified in 
accordance with our practical definition always flow 
from the positive to the negative polarity. 

2. Ground Wires. The theory regarding the partic¬ 
ular mechanism of operation of the ground wire in case 
of induced charges is generally agreed upon. Ground 
wires are presumed to protect in this case because they 
reduce the induced charge on tiie line conductor and 
increase the capadtance of the conductor to ground. 

However, in the case of direct strokes it appears that a 
somewhat different viewpoint is necessary. The fact 
of the elevation of the line structure above the ground 
plane causes many strokes to terminate on the line 
structure. 

When the cloud polarity is negative and the ground 
positive all strokes within a distance of the order of ten 
times the height of the line on either side will strike the 
line. This, of course, is the condition obtained whMi 
there are no other objects projecting above the ground 
plane of the line within the distence mentioned. 

When the doud polarity is positive and the ground 
negative the projecting transmisdon line still ftmctions 
to attract many strokes. However, in this case the 
number terminating on the structure will be smaller, 
the line attracting all discharges within a distoce of 2 
to 3 times the hdght of the line on eitha: tide instead of 
10 times. This explains the great number of negative 
strokes indicated during the lightning investigations. 

The overhead grotmded structure (towers and ground 
wires) serves as the ground terminal for the doud-to- 
ground stroke, forming a shield for the line conductors. 
The customary ground wire attached to the tower 
structure serves to extend the shielding effect pro-dded 
by the towers to the space between towers. In addition 
the ^ound wire also lowers the impedance between 
tower top and ground. Current resulting from a direct 
stroke at the tower top may pass out over the ground 
wires as wdl as down the tower structure. The con¬ 
ventional ground wire therefore functions in two ways 
to afford protection to line conductors; first to provide 
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over the line conductors a grounded structure which can . 
serve as a terminal for direct strokes, and second to 
reduce impedance to ground in case of direct stroke to 
the grounded structures. 

The so-called diverting wires, one form of which is 
being experimented with in an actual installation, are 
groimd wires which may or may not be insulated from 
the tower structure and in general are located at a 
greater distance above the line conductors than the 
conventional ground wire. 

Diverting wires supported on the tower structures by 
metallic tower extensions can have no advantage ova* 
the conventional ground wire other than a possible 
increased effectiveness in providing a terminal for 
direct strokes due to greater height and more advanta¬ 
geous position over the line conductors.- 

Diverting wires located above the line conductors but 
insulated from the tower structure and provided with 
independent grounds of low resistance have the ad¬ 
vantage that lightning currents are not conducted 
through the tower structure to groimd. As will be 
briefly discussed later this advantage is a significant 
one. 

Data obtained in the field inirestigations and exten¬ 
sive operational experience testify to the effectiveness of 
the conventional ground wires. The number of direct 
strokes recorded compared to the number of trip-outs 
on a line with overhead ground wires indicates that only 
in rare cases will a line conductor be struck when steel 
towers and conventional ground wires are used. Knowl¬ 
edge of the commanding influence of the polarity effects 
described above permits at least a partial understanding 
of these results. 

S. Insulator Assembly Flashover. Conditions under 
which the line insulation may flash over as a result of 
direct strokes appear to be three in number. First, 
of course, a direct stroke to a line conductor will provide 
sufficient voltage for insulation breakdown. Second, a 
direct stroke to the tower will cause insulator flashover 
by rairing the potential of the tower structure with 
reference to the conductor. The voltage drop across 
tower and footing impedance is responsible for this 
flariiover voltage. Third, a direct stooke to the ground 
wire between towers may result in such potentials on 
the ground wire that flashover to the line conductor ' 
takes place. 

Direct strokes to line conductors would appear to be 
of rare occurrrace where steel towers and overhead 
groimd wires are used. Insulator flashover with this 
construction would therefore appear to result in most 
eases through tower potentials due to high tower footing 
resistance. Under this condition the tower structure 
would almost invariably be raised to a negative poten¬ 
tial with respect to the conductor. 

Information gathered by the surge indicators on 
insulator assembly flashover shows that in the greater 
number of cases a single assembly flashes over. Next to 


this condition in frequency of occurrence is the case 
where two adjacent assemblies on the same phase flash 
over. Data on flashover of insulator units is still too 
meager to permit more than speculation on the influence 
of the ground wire, or a conductor connected to the 
tower by insulator flashover, in extending or limiting 
the total number of assemblies flashed for one stroke. 
However, it appears that whae flashover occurs from 
the tower to a conductor the spread of flashover to other 
insulator assemblies on the same tower may be pre¬ 
vented by the resulting reduced impedance between 
tower and ground. Also insulator assemblies on ad¬ 
jacent towers on the same phase may flash over as the 
surge proceeds along the conductor from the tower 
struck and where' the first flashover occurred. 

In natural lightning measurements and also in artifi¬ 
cial lightning meiasurements in field and laboratory, it 
has been shown that insulator flashover is not neces¬ 
sarily followed by line trip-outs.“ One key to an 
explanation of this is found in the fact that flashover 
must occur at a time when the power voltage to ground 
and the current flowing through the conductor both 
have sufficient amplitude and proper polarity relations 
to establish a permanent arc for the power current to 
follow. Experience has shown that in many cases a 
permanent arc is not established because these condi¬ 
tions are not satisfied. 

Wave Shape. Oscillographic work on transmis¬ 
sion lines under natural lightning conditions has shown 
that wave shapes to be expected at a specific point on 
the line range in time to crest from about one micro¬ 
second to several hundred micros^onds and that the 
times on the wave tail extend over a wider range than 
times to crest. The lower voltage surges are of longer 
time duration.’ 

Wave shapes measured at or near the origin of the 
surge have fronts which bring the conductor potential 
up to insulator flashover in the order of a microsecond. 
These high amplitude waves of steep front usually cause 
fliashover and are therefore reduced very quickly to low 
potential values. It would appear that a voltage wave 
rising to a high value but still somewhat under insulator 
assembly flashover would be of longer time to crest and 
have a wave tail value of some 10 to 100 microseconds. 

Much has been learned concerning attenuation or 
diminution of voltage amplitude of the surge as it travels 
along the conductor. For general purposes a formula 
which has been derived from natural lightning measure- 
tiients* is of sufficient accuracy for practical calculation. 
This formula is as follows: 

e = ——— V an d A = — fc e* 

K s eo + 1 

where 

eo == initial surge voltage at the point where the 
surge originated 

K = a proportionality factor found empirically 
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S = distance in miles from the origin of the surge 

e = voltage at distance s 

A = attenuation in kilovolts per mile at any point 
where the line voltage is e 

The factor k has been shown to. vary between 0.0001 
and 0.0007 depending upon the particular line under 
consideration. This formula agrees with results of 
attenuation studies where artificial lightning was used 
on an actual transmission. 

Detailed studies have proved that attenuation is 
dependent upon polarity and wave shape. Positive 
surges decrease more rapidly in amplitude than negative 
surges and chopped waves of short time element attenu¬ 
ate more rapidly than longer and unchopped waves. 

Change in wave shape above corona voltage has been 
shown to consist of a flattening,of the wave front and a 
lengthening of the wave tail.^** It has been shown that 
in effect this may be thought of as resulting from a 
lower vdocity of propagation for the higher voltage 
portions of the traveling charge. Such a viewpoint is 
undoubtedly helpful but it must not be accepted as an 
explanation of the mechanism of surge propagation 
without a closer examination than has as yet been 
given. The influence of corona and polarity effects 
which have been shown to be great in connection with 
surge propagation are probably determining factors. 
Conditions of relative energy loss on the front, crest, 
and "tail of the wave are little understood. The shift 
of energy relations within the wave may accoxmt for the 
wave changes which have been demonstrated^ 

In connection with attenuation studies of surge 
propagation by means of surge-voltage recorders dis¬ 
tributed along a line conductor it has been noticed that 
very frequently positive surges of high amplitude are 
recorded at one station with very little or no voltage 
measurements at adjacent stations. These voltages 
have been explained in two ways. 

The positive conductor voltage has been attributed to 
bound charge on the line from a negative doud which 
charge is released when the stroke occurs. In other 
words, it is an induced voltage. 

Another explanation which has been offered is that 
these voltage registrations are the result of ground 
surges accompanying the negative stroke to the tower 
or some object near the line. Under this condition the 
instrument would record a positive voltage between 
conductor and ground. In view of the preponderance 
of negative direct strokes obtained by field measure¬ 
ments and the agreement of these data with laboratory 
studies of discharge mechanism this explanation appears 
to justify close consideration. 

Conclusions 

The following conclusions are based on the data 
presented or referred to in this paper. 

1. Many trip-outs of high-voltage lines are caused 
by direct li g h tning strokes to the line structure. This 
conclusion is based on approximately 16 records of 
direct strokes correlating with line trip-outs. 
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2. Many trip-outs on sections of transmission line 
not equipped with overhead groimd wires are due to 
direct strokes terminating on the line conductor. 

3. Direct strokes terminating on the overhead 
ground structure may cause flashover of the line insu¬ 
lation. This appears to be due to the voltage drop 
across the tower footing r^istance. 

4. Direct strokes to the transmission line structure 
may occur without a line trip-out. Records of approxi¬ 
mately 37 lightning strokes which did not result in 
trip-outs bear but this conclusion. 

. 5. Overhead ground wires and steel towmn serve as 
a terminal for lightning strokes, thereby protecting the 
line conductor and in many cases preventing insulator 
flashover. 

6. Insulator flashover may occur without sufficient 
power current flowing through the arc to result in a line 
trip-out. 

7. Conventional overhead ground wires have proved 
effective in intercepting direct strokes and preventing 
line trip-out. 

8. Low tower-footing resistance functions to 
improve protection when a direct stroke terminates on 
the overhead ground structure. 

9. Where overhead ground wires are used, currents 
resulting from direct-lightning strokes flow to earth in 
many cases through several adjacent towers. Records 
have been obtained involving as many as six tower 
structures. 

10. lightning strokes of negative polarity terminat¬ 
ing on the transmission line, far outnumber strokes of 
positive polarity. In fact, no strokes of positive polar¬ 
ity have been recorded. 

11. Strokes terminating on objects projecting from 
the ground near the transmission line, produce high 
voltage on the conductors and in some cases are known 
to have caused flashover of the line insulation. 

12. In a great majority of cases of flashover of line 
insulation, only one or two insulator assemblies are 
involved. When two are involved, they are usually 
on the same phase and adjacent towers. 

13. At the origin of the disturbance the rate of 
voltage rise across the line insulation is of such order as 
to reach flashover value in a very short time, perhaps of 
the order of one microsecond. 
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(Sporn and Lloyd, Jr.) 
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LIGHTNING INVESTIGATION ON TRANSMISSION 
LINES—II 

(Lewis and Foust) 

J- H. Cox: Messrs. Lewis and Foust have discussed the 
question as to the proportion of surges caused by direct and 
induced strokes. This is a very important question since it 
has a direct bearing on the methods used in protection. Eighteen 
records of direct stroke measurements are listed. Those recorded 
on the* unprotected part of the line were accompanied by trip¬ 
outs and those recorded on the ground wire protected part of 
the line were, in at least the majority of oases, not accompanied 
by trip-out. These data are a gratifying indication of the bene¬ 
fits derived from the use of a ground wire. 

The authors further state, “First, of course, a direct stroke 


to a line conductor will provide sufficient voltage for insulation 
breakdown.** I do not believe that present data justify this 
statement and feel it entirely possible for a direct stroke to be 
insufficiently severe to cause a flashover on a high-voltage line. 
* Furthermore, the fact that all direct-stroke records obtained 
on the unprotected part of the line were accompanied by Hash- 
over does not indicate that no direct strokes occuiTed which 
were not recorded. With the methods of measurement used a 
direct stroke to a line conductor without an insulator flashover 
would not yield any direct-stroke record. It may be likely that 
a direct stroke would be to the tower but not at all certain. 

Another factor brought out is that all the direct-stroke records 
indicated negative strokes and in conclusion 10 the statement 
is made that this indicates that negative direct strokes far 
outnumber the positive. It is entirely possible that positive 
strokes, even when direct to towers, do not cause currents 
sufficiently heavy to yield a record with the instrument .settings 
used. So far as the data show, it still seems likely lhat l.ho 
range of severity of direct strokes may be sufficiently great so 
that some do not cause flashover, even on unprotected linos, 
.and also that some cause flashover on lines'with the ])est pro¬ 
tection now available. 

In connection with the records obtained by Messrs. Lewis 
and Foust on antenna, I wish to point out that antenna measure¬ 
ments, unless the antenna is connected to ground through a 
resistance equal to the antenna surge impedance, which would 
be of the order of 500 ohms, indicate the cloud field gradient 
but do not yield a measure of the potential which would be 
induced on the line. This fact is demonstrated by the experience 
of the authors as stated by them: “In no cases wore high voltages 
measured on the transmission line which correlated with antenna 
registrations,’* The antenna was close to the line. Another 
fact which indicates that induced voltages may be low, for at 
least certain kinds of strokes nearby, is the case mentioned of 
a direct stroke to the transmission line with no recordable 
induced voltage on the antenna, and in this case the antenna 
being connected to ground only through a high resistance tho 
conditions were most favorable for a high induced voltage. 

Regarding the strokes to trees adjacent to transmission 
lines as mentioned in the paper, these data may be misleading. 
For instance, a stroke to a nearby tree’without a line surge, 
a direct stroke or a trip-out record indicates definitely that 
the induced voltage was below the required value. However, 
a stroke to a nearby tree with a correlated record of one kind 
or another does not definitely indicate that tho record was 
caused by the particular stroke which hit the trees unless the 
correlation was complete and an actual observation was made 
which tied the two' points of evidence together, since it is possi*- 
ble that tho record on the line and the injury to the tree wesre 
caused by two different strokes of the same storm. Tho greatest 
care should be taken to take into account po^jsibilities of this 
nature which completely modify the interpretation. 

The use of a buried cable, called a counterpoise by the authors, 
was suggested some time ago as a method of reducing tower 
footing resistance. The results of at least one year’s experience 
on one line, as contained in Table I of the paper, which shows a 
perfect record, are very gratifying. 

The authors state that the lightning stroke always starts 
from the electrode of positive polarity. Simpson suggested 
this in 1926 but more recent data indicate this to be incorrect. 
Torok’s work at Trafford on arrested discharges indicate that 
a discharge streamer always started from the electrode of high 
potential, that is the electrode of smallest effective dimensions, 
whether such electrode is positive or negative, 

J am xmable to understand the discussion under “Wave 
Shape** of the short distance of surge propagation. If the 
surge is induced and consists of the release of a bound charge, 
this bound charge is actual and must be dissipated in some 
manner. Therefore, it should perform as a simple traveling 
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wave aiui shouUl not dissipate in two or throe towers. The The results of these calculations are shown in the following 
seceond (‘xplanatioii is soinowliat obscure but it seems rather hgures. Pig. 1 shows the potentials of the tower at both the 

likely that the exioiit of t he ground surge due to the lightning top and bottom. A is the potential at the top and B the poten- 

(Mirrent- is not gr<*at. I IV^el that the corrtjct explanation is tial at the bottom. High over-shooting of the potential at the 

(jontainod in t he Portescuo and Couwoll paper. As pointed t.op of the tower during the first microsecond which is shown by 

out there, in tlm cast' of a stroke tt> a ground wire without a curve A is due chiefly to the impedance of the tower itself. The 

llashovt*r the pt)l.imi4al on the line conduct,or is an induced tower having physical length will have, therefore, during the 

part of the Iravt'ling wave and involves no actual charge. Thus, period of time that the current in the lightning stroke is in- 

wht'ii th(i .surge on the ground wire i.s dis.sipated, whioli it will be creasing, a considerable potential across it. However, as soon 

in a very hnv towers, tlui potential on the line conductor will 



MICROSECONDS 


Pro. 1—Potkntjal at Towku Stiutck Fia. 3 —Towbh Potentials 


. Toroks The calculations made in the Ji. N. (kmwoll 

and G. L, Por1.escuo paper werr^ bascMl upon the accepted theorios 
of traveling waves. In setting up the equations it was assumed 
that the tower hmgtii was such that it could he neglected in 
lliese calculations. Tire authors of th(3 paper iiavo imlized 
that in a gen(u*al treatise it would be desirable to include the 
(^fleets of th(» tower in these reflections, consequently, at their 
rc^qucfst the calculations wi^rc revised so as to include the effects 
of the tower. 
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MICROSECONDS 

Pro. 2 —Ei«n?KCT of Towkii Pootino Resistance on Potential 
AT TowEI t Top 

Tlu^ surge impedance of the tower was determined to range 
from 75 U) 150 ohms, the average being approximately 100 ohms. 
The assumptions in these calculations were that a tower to 
which two ground wires are attached was struck. Under this 
condition a train of traveling waves would be set up on the 
ground Avires and on the tower. The waves on the ground wires 
Avill be reflected betwiKm adjacent towers while the waves on 
the tower will travel up and down the tower. In these calcula¬ 
tions it was assumed that the nature of the wavi^ traveling 
over the lightning channel was as follows: it rose to crest value 
in one microsecond and then dropped to half value in 50 mi¬ 
croseconds. 


as the wave ceases to increase in magnitude, the potential 
acro.ss the tower will drop to nearly the same potential as that 
of tlie tower footing. 

The effect of the change in tower footing resistance is shown 
in Pig. 2. The tower top potentials have been shown with two 
conditions: (1) with the tower having a 5-ohm footing resistance, 
and (2) with a 10-ohm footing resistance. From this we see 
that by raising the resistance from 6 to 10 ohms the tower top 
potential has been increased only 20 per cent.’ These curves 
liave been roplotted on a voltage scale and are shown in Pig. 3. 
Three curves have been plotted: (1) the potential and the tower 



Pia. 4 —Potential at Second Tower 

top, (2) the potential at the footing of the tower, and (3) the 
potential across the insulator string. To obtain the potential 
across the insulator string a 30. per cent coupling was assumed 
between the ground wire and the conductors, thus the potential 
across the insulator string is approximately 70 per cent of the 
potential at the tower top. The maximum current in the 
lightning channel is assumed to be 83,000 amperes, the maximum 
current in the tower footing is 100,000 amperes, and the resist¬ 
ance of the tower footing is 6 ohms. The potential at the 
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adjacent tower has been found to be very much lower, having a 
volt-time characteristic as shown in Fig. 4. The highest voltage 
appearing at this tower is some 19 per cent of the potential at 
the first tower. 

The relative currents in the first three towers are shown in 
Fig. 6. The highest current, of course, appears on the tower 
on which the stroke terminated. 

In order to check these calculations the set up was made 
in the field in which tests were made on a non-energized line. 
A portable surge generator aad cathode-ray oscillograph were 



utilized in this test. A surge was impressed upon one conductor 
and allowed to travel over the line, finally reaching a point at 
which the conductor is grounded through a tower. The wave 
appearing at this tower had a three microsecond front and 
dropped to half value in 10 microseconds. This wave is not 
nearly as severe as that assumed in the calculations and due to 
experimental limitations a more severe wave could not be 
obtained. The wave traveling beyond this point was measured 
by cathode-ray oscillograms of the nature shown in Fig. 6. 
Inasmuch as the wave has a duration of only 10 microseconds 
it is to be expected that it could not maintain the potential of 



the tower top to a value shown in the calculated waves, however, 
the first part of the wave is very similar to that obtained through 
calculations. The comparison of the two waves is shown in 
Fig. 7.. 

The analysis and accompanying curves as presented in this 
paper are of considerable importance, as they give for the first 
time a clear insight into the happenings on a transmission line 
at the time it is struck. From them the types of waves that are 
to be considered under different conditions can be ascertained, 
^or example, a tower having low tower footing impedance (of 


the order of 5 ohms) when struck will stress the insulators with 
a wave having a high potential for one or two microseconds and 
then abruptly falling to a low value where it remains for a 
relatively long period of time. However, should the impedance 
of the tower footing be high (of the order of 50 ohms or more) 
the potential will rise to a high value and remain there for a 
considerable time. In the former case only the short time 
characteristics of insulators need be considered. In the latter, 
however, because of the flat top characteristics, the long as well 
as the short time characteristics must be considered. It is 
information of this type which will greatly facilitate the estab¬ 
lishment of standard methods of adjudging insulation. 

K* B. M cEachran s In discussing the mechanism of lightning 
strokes Messrs. Fortescue and Conwell discuss the part played 
by water vapor in the production of sufficiently high charges 
to cause electrical discharge as in a thunder storm. I believe 
that it is generally understood that clouds consist of condensed 
water vapor in the form of actual drops and that these drops 
of water carry charges which are increased as the result of the 
action of the wind until finally an electrical discharge occurs. 

The authors advance a partial theory of the mechanism of 
lightning strokes, indicating that the speed of formation is 
probably not greater than one-twentieth that of light and thus 
considerable time is involved in the production of the lightning 



Fig. 7—Comparison op Calculated Potential and Cathode- 
Ray Oscillogram 

discharge. They suggest that the energy in the streamer itself 
contains a very small amount of current until after contacting 
with some object on the surface of the earth. After such con¬ 
tact is formed the potential energy is changed to kinetic energy 
and a current wave moving at the velocity of light flows into 
the earth or the structure. 

It seems to me it would, be very helpful if the authors could 
give a more detailed explanation of just what they believe 
happens during the interval just before and after the lightning 
strikes. I do not believe that physicists are in agreement at 
the present time concerning the mechanism of the , lightning 
discharge. Two different theories have been worked out in 
much greater detail than that advanced by the authors, one 
being developed by Simpson and the other by Dorsey. Simpson 
believes that the discharge channel is formed from the positive 
end, while Dorsey believes it is formed from the negative, end. 
Dorsey in his “dart** theory suggests a mass of electrons and 
ions which move with high velocity at the front of the stroke 
following an irregular path which is determined more or less 
from each point of travel of the discharge. 

It is appreciated that the calculations made by the authors 
in the first part of their paper are based on several assump¬ 
tions for which little exact experimental data exist. For in¬ 
stance, it is assumed that the surge impedance of the lightning 
discharge path is 200 ohms and yet it is assumed that the con¬ 
tinuation of this same discharge path on to ground, after con- 
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tacting with the transmission line may be between 10 and 200 
ohms. If the discharge path of the lightning can be considered 
as a surge impedance it undoubtedly is a variable quantity 
becoming smaller as we approswjh the surface of the earth. It 
seems to me that in making this calculation the authors assigned 
values to unknown quantities about which less is known than 
the unknown wliich is calculated, particularly as a cathode-ray 
oscillogram was taken giving some idea at least of the potential 
which might occur at the time of the direct stroke. 

Based upon a considerable experience gained from the study of 
the operation of several transmission lines under lightning con¬ 
ditions the separations given between the line wires and the 
ground wires shown in Pigs. 3 and 4 of the paper seem unnec¬ 
essarily large, as many lines similar to that shown in Pig. 4 with 
much smaller clearances between line and ground wires with low 
tower footing resistance have had an excellent operating record. 
It is interesting to note that if these large spacings are necessary 
on extra high-voltage lines, equally large ground wire spacing 
is necessary on lower voltage lines if the spans are of equal 
length. 

In connection with the study on the Siegfried-Roseland line 
the authors apparently conclude that high voltages cannot be 
obtained on a liighly insulated transmission line except from 
direct strokes. This conclusion is based on the observation that 
direct strokes occurred close to the transmission line and yet 
voltages less than 100 kv. were observed on the transmission line. 
However, this does not mean that other direct strokes nearby 
might not cause high voltages on such a line. As an illustration 
of this situation reference should be made to the paper by 
Messrs. Sporn and Lloyd in which apparently two different 
lightning strokes did not give rise to induced'voltage, while the 
third direct stroke apparently caused a recorded voltage at 2,100 
kv. on the transmission line. These direct strokes occurred 
between 300 and 1,300 ft. from the transmission line. It may be 
that because of the variability of lightning discharges some do 
cause much higher induced voltages than others so that the 
conclusion to bo drawn is that most direct strokes or at least 
many strokes aro not responsible for high induced voltages. 

Messrs. Lewis and Poust in discussing the mechanism of the 
lightning stroke point out the probability of discharges proceed¬ 
ing I'rom the tower to the cloud when the cloud is negative. 
While this agrees with experiments made between a point and a 
plane in the laboratory, assuming the point to be positive, yet 
not all of the observations in the field confirm this point of view. 
If the clouds are usually negative for severe direct strokes one 
would expect it woxild be a common occurrence to witness long 
streamers from towers just before the flashover occurs. It is 
true that such streamers have been observed in a few cases, but 
apparently they are not a frequent occurrence. In the laboratory 
test it has been noted that the streamers extend away from the 
positive electrode and this led Simpson {Proceedings of Royal 
Society A, 1926 Vol. HI, p. 56) to comment on the fact that only 
three out of more than two hundred photographs of direct 
strokes of lightning showed streamers upward, indicating that 
the earth was positive. 

If long streamers do proceed upward from transmission line 
conductors and towers frequently some flashovers of transmis¬ 
sion line insulation might be accounted for in this manner. 
This idea was originally suggested to me by Mr. H. P. Seelye as 
ho had seen certain evidence of flashovers which led him to 
suggest the possibility of intense ionization on towers during 
lightning storms, which might cause flashovers even though no 
lightning discharge took place, which either struck the line or 
gave rise to induced effects. 

Purther study should be given to the determination of the 
manner of propagation of discharges in order that definite evi¬ 
dence may be obtained from which an adequate theory may be 
built up. 


L, V. Bewleys There are seven main factors which charac¬ 
terize the magnitude and shape of induced voltage waves due to a 
lightning discharge. 

They are: 

Law (and time) of cloud discharge. 

Distribution of bound charge. 

Current in the stroke. 

Charge on the cloud (amount and distribution). 

Height of the cloud. 

Pield gradient. 

Average height of the line. 

Heretofore investigators have assigned values to some par¬ 
ticular group of these variables, without respect to the effect of 
such arbitrary specifications on the remaining variables, and 
have arrived at unduly divergent conclusions as to the magnitude 
of induced voltages. However, as Mr. Peek’s paper has SO 
clearly shown, the above variables are not entirely independent of 
each other, but are definitely related, so that values cannot be 
arbitarily assigned to any one of them which violate the known 
confines of any of the ptWs. He has made an outstanding con¬ 
tribution to our knowledge of the magnitude of induced strokes 
by tying all of these factors down with a single set of curves, 
Pig. 6 of his paper. By means of these curves, the influences of 
the time of cloud discharge, of the height of the cloud, and of the 
current in the stroke, can be readily estimated. Since the curves 
are based on a maximum field gradient of 100 kv. per ft. (an es- 
stablisbed value apparently agreed upon by all of the authorities 
on the subject), they are in conformity with that assumption. 

It may be of interest to demonstrate the application of the 
equations in the Appendix of Mr. Peek’s paper, to a specific ease. 

Cloud: A point charge (or uniformly charged sphere) Q at a 
height H. 

Law of Cloud Discharge: Linear, in time T. 

Ground Wires: None, therefore CO — 1.0. 

This particular example has previously been worked out by 
Mr. Porteseue. ^ It is included here merely to illustrate the general 
equations of which it is a special case. The vertical component of 
the field gradient near the surface of the earth due to a point 
charge (Q) at a height (H), and its image (- Q) at a depth (— H) 
below the surface, is 

and therefore' the potential on the line at height h for an instan¬ 
taneous cloud discharge is 


/ (») = h .g (a) 


2QhH 

{m + 


If the cloud discharge is linear, then 

i/T for t < r 

Fit) = 

0 tor t> T 

and the current in the stroke therefore is 

Q/T for < f r 

/ = 0 -. 


bP{i) 


dt 


0 tori > T 


Then by equation (6) in the Appendix of Mr. Peek’s paper 


X + V t 


X — ot 


e = 


V + (a + » 0” V H* + (a - »t)* j 


for t < T 


where v is the velocity of propagation of waves on overhead lines, 
and is approximately 1,000 ft, per microsecond. This potential 
distribution is seen to consist of a pair of waves traveling in 
opposite directions. They superimpose for a maximum, at 
X — 0 and f = T, of . 

1. X^isQuss^on, O. Li. IFortescue, A. I. B. E. Trans. Voh 49, p. 1603, 


October, 1030. 
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V = 


II 


V1 + (H/v Ty 

and this increases with the time of discharge T, as the current 
is assumed to be constant. For the time of cloud discharge in 
microseconds large (say 3 times) compared with the height of 
the cloud in thousands of feet, and converting to practical units, 

V = 60 I volts 
H 

wlioro / is in auipei*es. 

By equation (6) the reduction factor is 

V 60^_1 

gH 


7. 


8 . 

22) is 


The current in the lightning stroke is 

d F (t) IP g dF (t) 


I = 


dt 2 bt 

The cloud potential (assuming a spherical cloud of radius 


E 


A 

B 


iPg 

2R 


a 


, 60 7 
gH 


gh gH V1 + (H/v ty 
The equivalent rectangular bound charge, by equation (7), is 
L = 2 = 2 (cloud height) = (Jront of traveling wave) 

The fact that the front of the free traveling wave is practically 
equal to the length of the equivalent rectangular bound charge 
was established by calculating the wave shapes for a variety of 
different distriliutions of bound charge and noticing that the 
ndationship holds when the time of cloud discharge in micro¬ 
seconds is long compared with the length of the bound charge in 
thousands of feet—a condition that is true in most eases. 

Thero ai’e only a few simple eases which can be calculated di¬ 
rectly by the analytic formulas, due to the difficulty of performing 
the proscribed operations. .However, equation (1) can be ex¬ 
pressed as the limit of a summation, and therefrom solutions ob¬ 
tained by tabular stoiJ-by-step and graphical methods.* . 

Theoretically, from an oscillogram of an induced lightning 
surge which has not suffered attenuation or distortion, the follow¬ 
ing information is obtainable: 

1. (2) (Height of cloud) 

= (length of hound charge) = (front of wave) 

2. (Time of discharge) 

= [ (total length of wave) — (front of wave) ] 

3. Law of cloud discharge from the solution of the integral 

equation * 


c' (0 


It may be challenged that a sphere is not a true representation 
of a charged cloud. That is true, but by fortunate circumstances 
the shape of the cloud (or of the bound charge) does not seem to 
have much effect on the shape of the traveling waves, and con¬ 
sequently the assumption of a spherical cloud is as good as any 
for numerical accuracy, and has the distinct advantage of being 
relatively easy to handle mathematically. 

As a result of their studies Messrs. Brune and Eaton have con¬ 
cluded that the counterpoise is in effect a very leaky short trans¬ 
mission line connected to the tower and open-circuited at its 
other end. This conclusion is evidenced by the highly attenuated 
and badly distorted reflections shown on the oscillograms. It is 
surmised, however, that the major benefit to be derived from the 
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The function / (x) may be taken as that due to a point charge, 
or even as a rectangle, without appreciable error; because the 
shape of (1) is not sensitive to changes in / (re). If an analytic 
solution cannot be obtained, then trial functions F (0 may be 
tried until one is found which approximately satisfies the relation¬ 
ship. Since the form of e' (0 for many representative functions 
F (0 have been worked out and tabulated, a fair idea of F (t) for 
a given e' (t) is not hard to arrive at, within the permissible limits 
of error. 

Since F (i) must be such a function that it reaches a value of 
unity at ^ = T (the completion of cloud discharge) and since 
the crest of e (t) is given, the maamum value off (x) is also deter¬ 
mined by this integral equation. Then 

2 /( 0 ?) 

4. The maximum gradient is g (x) =? -r- 


5. 


The reduction factors are 

Omax 


a = 


a' 


Ofiiax 
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Fig. 8—Effect of Eountbrpoise 


use of a counterpoise, is merely that of the reduction in true 
grounding resistance which it provides; and that the surge im¬ 
pedance and reflections are quite subsidiary effects. In support of 
this notion there’have been plotted in Fig. 8 the field tests of two 
different investigations on the effects of varying the lengths of 
counterpoises, and the corresponding calculated curves based on 
assuming the counterpoise to be a simple distributed series re¬ 
sistance r and conductance to ground g. The constants used in 
the calculated curves were chosen to agree with the experi¬ 
mental results, so that the agreement between the test and cal¬ 
culated curves is of importance only in showing that they pre¬ 
sumably follow the same law—in other words a distributed r and 
g is sufficient to account for the observed data within the limits 
of the experimental error in this type of field study. The equa¬ 
tions are: 


h,g(o) 


h.g(o) 


E 


cosh Irgx 


— = voltage at x 


h,g(o) 2f(o) 

6. The charge on the cloud (assuming a sphencal cloud uni¬ 
formly charged) is 

Trtivding Waves Due to Lightning, L. V. Bewley, A. I. B. E., 
TRANfi. Vol. 48, p. 1060, July 1929. 


cosh Irg I 

sinh Ir^x 




t \ 9 


cosh Ir g I 


= current at x 


coth Ir gx - effective resistance at x 
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I = total length 
X — distance from open end 
r = resistance per unit length 
g = conductance per unit length 

The net resistance at the tower is the tower footing resistance 
Rt in parallel with the effective resistance of the counterpoise 
Ri, or 

^ J^T Rl Rt ^t 

Rr Ri I Rt /Rl I Rt ">10/t tanh ^|rgl 

which is the equation plotted in Pig. 8, In this equation it 
must be remembered that Rt and {l/g) under transient condi¬ 
tions are only about 75 per cent of the measured d-c. resistance; 
and that r is much greater than the measured d-o. resistance due 
to skin effect. Also the conductance g is difficult to measure, 
and probably varies over a wide range with the cpndition of the 
soil (moisture content), so that the practical utility of such an 
equation is very doubtful. Its chief merit lies in showing a 
reasonable correspondence with the observed experimental data, 
and tlierefore establishing to that extent the reason for supposing 
that a counterpoise is principally merely a low resistance to 
ground. But if that is so, then a given length of wire is most 
efficiently employed as a counterpoise by using it as a number 
of short lengths in parallel radiating out from the tower, rather 
than as a single length. And on this basis also, there is no 
particular virtue to the direction of the counterpoise—it might 
just as well be run perpendicular to the transmission line as 
parallel to it. 

F- E. Andrews 8 The experience on the 132-kv. lines of the 
Public Service Company of Northern Illinois is of interest rela¬ 
tive to the question of protection afforded by overhead ground 
wires. These lines are in general of double-circuit steel tower 
construction, using a single ground wire only over the one circuit 
installed on the single-circuit portions of these lines, and using 
two ground wires, one over each circuit, on the double-circuit 
sections. The single-circuit lines with one ground wire are all 
built on double-circuit towers, one side being left vacant for the 
future circuit. 

The following tabulation summarizes this experience: 


TWO GROUND WIRES 


No. inter- No. circuit Trip-outs/lOO miles 

Year ruptions miles due to lightning 


102C.0 47.67.0.00 

1029.1.168.06...0.63 

1930.*3.168.06.‘..1.90 

Interruptions per 100 circuit miles per year over entire period ..1.10 
Interruptions por 100 tower-line miles per year over entire 
period... . 


*Two of these simultaneous flashovers, third flashover from 132-kv. 
line to 33-kv. line on same right-of-way. 


ONE GROUND WIRE 


Year 

No. inter¬ 
ruptions 

No. circuit 
miles 

Trip-outs/100 miles 
due to lightning 

19?6 

0 . 

. 9.10. 

.0,00 


n. 

.9.10. 

.0.00 

19?*^ 

a. 

. 84.93. 

.3,54 

192^ 

.3. 

.112.25. 

.2.67 

laoo 

2 . 

.102,27. 

.1.96 

inon 

Q 

.132.69. 

.6.80 

Interruptioiis pop 100 miles por year over entire period.3.78 


AliL LINES SINGE GROUND WIRES WERE INSTALLED 


Trip-outs per .100 


Year No. inter- No. circuit miles due to 

ruptions miles lightmlng 


1926 . 0 9.10.0.00 

1926 . 0 9.10.0.00 

1927 . 3 84.93.3.54 

1928 . 3.169.82.1 88 

1929 . 3.260.33.:.1-15 

1930 .12.290.66.4.13 

Interruptions per 100 miles per year over entire period.2.68 


It will be noted that with the lines protected by two ground 
wires, interruptions per 100 circuit miles per year average 1.1, 
whereas with the lines protected by one ground wire only the 
average is 3.78 interruptions per 100 miles per year. If it is 
considered on the double-circuit lines that the exposure to light¬ 
ning is proportional to tower line miles Tather than circuit 
miles, the interruptions per 100 tower-line miles per year with 
two ground wires would be 2.2. Either of the two figures for 
the lines equipped with two ground wires indicates a material 
improvement in performance in comparison with the lines 
equipped with one ground wire only. 

Another interesting instance showing the protection of the 
ground wires can be cited on our Chicago Heights—^Joliet line 
whidh had a four-mile section of ground wire removed during 
1930 in the vicinity of the Frankfort lightning oscillograph 
station. During 1927, 1928, and 1929 there had been no trip¬ 
outs due to lightning in this section protected by the ground 
wire although during the two years previous to this, i. e., in 
1925 and 1926 during which there was no ground wire installed, 
there had been a number of lightning interruptions through this 
section. During 1930, with the ground wire removed, there 
were three lightning trip-outs in this section. 

C. L. Fortescue: The first part of Mr. Peek’s paper which 
seems to me to be a plea for the induced stroke theory is written 
in a convincing manner. If it were not for the fact that I have 
what I believe to be good physical grounds for disagreeing with 
him ! might even be convinced myself. The basis on which the 
conclusion was arrived at by the group of eu^neers worki^ on 
the lightning investigation, with which I have been associated, 
was that induced surges were probably not a factor in„producing 
outages due to lightning on high-voltage lines. Last summer I 
made a mathematical analysis of the magnitude of induced 
voltages that would appear on a line due to a stroke to earth 
nearby and the value I obtained for a cloud discharging at the 
rate of 200,000 amperes was of the order of 120 kv. Mr, Peek 
says in his paper that the low value which I obtained was due 
to my assumption that the cloud was 5,000 feet high and he 
states, though I do not clearly follow his reasoning, that if a 
lower height had been chosen the induced voltage obtained 
would be much higher. If I understand his reasoning, it is 
based on the fact that with 20 coulombs the field duo to the 
cloud at the lower height would be very much more intense. 
However, the 20 coulombs and the height chosen vdlL give a 
field of 60 kv. per foot at the earth’s surface which is a fairjy 
intense field and with lower heights the same field gradient will 
require correspondingly lower charges. 

It would seem reasonable that the formation of the .lightnmg 
streamer would be associated with some minimum value of field 
intensity and therefore the clouds at the lower height would 
be apt to discharge at a lower energy content and therefore 
produce lower induced surges than clouds of higher altitude. 
This seems to be in accord with field experience, in that in the 
parts of the country where the ceiling is low the thunderstorms 
are more frequent but apparently not so violent as in those parts 
where the ceiling is high. 






































1152 


LEWIS AND FOUST 


Transactions A. 1. E. E. 


As to the physical conditions which I feel absolutely prevent 
the cloud from discharging* at the rates required to produce a 
high induced voltage* the thundercloud itself is bipolar, that is 
to say it has a positively and a negatively charged portion. 
This has been determined by aetiiial observation and is an 
experimental fact. The very nature of tlie thundercloud re¬ 
quires that its atmosphere shall be a good insulator. In fact, 
•it is probable that the cloud atmosphere is a better insulator 
than atmospheric air at the earth’s surface on account of the 
absence of free electrons. This atmospliere ot the thunder¬ 
cloud consists of discrete particles of water vajHir charged with 
electricity. There are several theories aceoimting for the 
])rGsence of these charged particles and the bipolar nature of 
the thundercloud. That of Dr. Simpson of the British Mete¬ 
orological Department., is perhaps the best Icnown and tho one 
that is generally accepted. According to lids theory tho largo 
drops of water are broken into spray by the wind and in doing 
so the spray is negatively chai*god and carried upward ]>y the 
wind and in descending forms the negative portion of the cloud, 
the first portion of the cloud consisting of largo waiter drops be¬ 
comes positively charged. The two portions of tho cloud 
atmosphere are kept separated by tbo wind due to a. difforonce 
in their mobility. However, if free olociirons were present in 
lai'ge quantities these would not be affected by the wind but 
only by tho electric field in the cloud, as a consequence of which 
they would discharge tho two portions of the cloud as fast as 
they become charged. It is a fact that the part.icl<w of water 
vapor have the faculty of capturing the stray olcoi.rons that 
maice possible the formation of tho thundercloud. 

The particles of water vapor have very little mobility an<l 
consequently when the lightning channel is formed between 
cloud and earth they cannot by their motion discharge tho cloud. 
The only way that tho charge of the cloud can be carried to 
earth is by ionization of the cloud atmosiihere itscjlf and this is 
a slow process requiring a high gradient, and the vuloci(.y of 
discharge instead of being of the order oi' the velocity of light 
will probably be of the order of one-twentieth t.his velocity. 

I eaimot follow Mr. Peek’s reasoning regarding the relation 
between the time from zero to crest of the wave and the height 
of the tlnindercloud. I can see no relal.ion whatever myself. 
For example, in the case which I considered last summer with 
an infinite lino and tbo cloud discharging at a uniform rate, tho 
analysis shows that the induced voltage will continue to in¬ 
crease until the discharge ceases and then it will decrease log¬ 
arithmically. Here, where I took a unifonn rate of discharge 
of the cloud of 200,000 amperes, the total quantity discharged 
being 20 crtulombs, the time from zero to crest would be 100 
microseconds. It also seems to mo that the assumption that, 
the undistorted positive surge, wlicro no outage had laktjii 
place on the line, is induced, is not tenable, for in probably one- 
half the cases whore a direct stroke talces phict^ lo tin? line no 
out^o occurs even though the insulator flashcis over. 

Regarding tho time of discharge of surges duo to direct st-rokes, 
as I have pointed out many times, a cloud discharge may or may 
not reach earth depending upon whether the energy given up 
by tho cloud is sufficient to support the streamer in its path 
towards earth; consequently, the lightning strokes to a lino 
may be weak and of short duration or intense and of long dura¬ 
tion. I think it may be stated quite definitely that those of 
short duration have very little potential while those of long 
duration have a high potential. To support Mr. Peek’s theory 
of induced voltage this condition wouhl have to ho rovo^rsecl, 
that is to say, intense strokes would have to be of short dural ion 
and the weak strokes would have to be of long duration. These, 
in brief, are the physical reasons why I do not believe that it is 
possible to get a very high voltage induced in a transmission 
wire due to a stroke of lightning to tho earth that does not hit 
the wire. 

Referring to the paper by Lewis and Foust, I would like to 


point out that one is not justified in assuming that, a stroke 
which rojiches t.he earth near a t.ransiuission lino will not also 
make contact with the line itself. In find. it. is liighly probable 
that, even though tho main part of the stroke hits the earth a 
slr( 5 amer may strike tho lino or that a second strokes following 
in general the path of the first may make elect.ru^al contact, 
between cloud and line in either of vvliieli castes, of courses tin* 
surge resulting cannot bo eonsideu'ud as an inducotl surges. 
Furthermore on transmission lines well protect lul with ground 
wires wlien tlie groimd wire is struck the condit ions are ideal for 
producing a high-imluced surge wore such a surge possibles since 
there is a bound ebarge on the line wires which is relcasc^d when 
the lightning stroke is discharged to tuirtli through the groiiml 
wires and towers. l[owov(!r, wo have no record of any sindi 
Jiigh-induced surges desjnto the fact lliat our cathode-ray 
oscillographs liavo been connected to lim^s which wro kiKJWn 
to bo struck by ligiitiiing. 

In tho paper by Mr. Lloyd the moans by which Im arriv(*d at 
the 070,000 ami)eres of lightning current, shown in this tabhs 
is not pcunnissiblc. I iinderstaml.that t.lH» ciirrtmt.s in his six 
towtTS wi^re added directly. Sincti t.heso maxima imsmu* at 
ditbireut times and a considerable time after the inaxiimun crest 
of tim lightning stroke they cannot be added <lirecl.ly. As far 
as I can see, if the measurennmts are <anT<ud the curnnit tliat 
can be assigned to the lightning stroke is not over »*10{)*000 
amperes. 

W. Peek, Jr.s Contrary to Mr. ForUwciic’s impnnssions, 
the first part of my paper is not a plea for indmu'd voltagcjs. 1 
have shown how induced voltag(?s anj alTected by such fac.t.or.s 
as height of cloud, time of discharge, current, Imiglit of liiu», 
gradient, etc. Then, by inserting vuumurvd vtduca of currmit, 
time, etc., T have sliown the possibles range of induct'd voltage 
values on linos. U is quite evident tliat nmch higher iiulucetl 
voltages result from ctirtain types of lightning discharges than 
from otlmrs. Home dischargt»s near a lino wouhl bt^ expecttjtl to 
cause high voltages while others would not.. ^Phe relative 
occurrence of tliese typos and l.herefort} th«^ frtjqutmcy of high- 
induced voltages is being dettu’mintid statistically by cathode- 
ray measurements. High-induced' voltuiges mn occur. How 
often are tho conditions such tliat they do occiir? 

A similar analysis has been made in my paper of direct Htrok(?s 
and methods of det.ormining tlmir efjff3ct developed. 

In general it can be said. that, as tho operating voltage, or 
rather the line insulation is increased, the direct stroke hecoim^s 
an increasing cause of outage. For the low-voltage line the 
induced voltage is tho principal cause of trouble. It cannot he 
said that there is any definite dividing voltage at which one or 
the other is the more important. There are too many varying 
factors inv(dved for dilTerent locations. For hiffh-vollngc lines 
the, design must he made mth full consideralion of direct Hlrokes, 
Ji\irtiinately, direct.-Ktroke roniedicw are also gi>o<l induced voIt.age 
remedies. I Imvo given a number of examples in my paper. 

Mr. .Bcnvlcjy in his disc.ussion has brought out some very 
important facts. One of those that T also wish to emphasize 
is that thc3 difieriJiit varialdes such as time, voltage, current., 
are definitely relal.f‘.d and 1.1mt erroruious (soiiclu.sions will be 
reacdied if arliitrary vitluos are assigiied t.o one group without 
reference t.o tho ol.her. IMiis has been largely done in the past 
by some investigators. 

Perhaps the most interesting fact; brought, out in my paper 
is tliat complete information regarding a lightning stroke* in¬ 
cluding heiglit of cloud, voltage, etc., is given by the oscillogram 
of tho traveling wave on a transmission line. Huch a wave is 
in fact an illustrat ed autobiography of the stroke. 

Mr. Fortoscue has asked how a cloud lower than 5,00(J ft., 
which he assumed in his example cited in my paper, could cause 
a higher induced voltage. Mr. I^’ortescue will find that tho 
equation which ho used in calculating his example can be reduced 
to the following form: 
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r ~60 A /volts 

“ H 

Where h ~ height of line in feet 

H = height of cloud in feet 
I = current in amperes 

With the equation in this form it can be readily seen that if 
the cloud height H is reduced with a given constant discharge 
current the voltage is increased. For example, with a cloud 5,000 
ft. high the induced voltage at 200,000 amperes discharge is 
120,000 volts on a 50-ft. line wire; with a cloud 1,000-ft. high the 
induced voltage at 200,000 amperes discharge is 600,000 volts 
on a 50-ft. line wire. Examples of this are given in Table II 
of my paper. 

Mr. Fortiescue speculates on the time that it takes a cloud to 
discharge. I have avoided this speculation and have considered 
values of time measured by the cathode-ray oscillograph. The 
time of cloud discharge should be no longer than the total time 
recorded by the oscillograph. (See Fig. 2 of my paper.) Mr. 
Fortescue states that his 6,000-ft. cloud discharging at a velocity 
of 1/20 of that of light would require 100 microseconds to com¬ 
plete its discharge. A great majority of the cathode-ray oscillo¬ 
grams of natural lightning are much less than 100 microseconds 
and some of the more severe ones are of the order of 10 micro¬ 
seconds. 

In support of his belief that no relationship holds between 
the front of the wave and the height of the cloud Mr. Fortescue 
states that the final crest is not reached xintil after 100 micro¬ 
seconds. It is quite true that the final crest is not reached until 
100 microseconds have elapsed in his example. However, if 
the calculated curve is plotted it will be seen that the voltage 
reaches 90 per cent of its final value at the end of 10 microseconds 
and it takes 90 microseconds to reach the remaining 10 per cent. 
Practically speaking, therefore, the crest of the wave is. reached in 
10 microsec. Thus, 

2 jET = 10 microsec. 
or 

H = 6 microsec. “ 5,000 ft. 

In other words, the height of the cloud is determined from the 
time from zero to approximate crest of the wave. 

If the bound charge had been rectangular the front of the wave 
would have been exactly the length of the bound charge. For 
other distributions it is very nearly so. 

The energy necessary to complete a lightning discharge is less 
for short streamers than for long ones. It follows, therefore, 
that although the energy of a low cloud may be less than for a 
high cloud a discharge may nevertheless take place. 

Mr. Fortescue has questioned Mr. Lloyd’s method of arriving 
at the total current in the lightning stroke by adding the currents 
measured in the adjacent towers. I have analyzed this method 
and illustrate the results in Fig. 9 of my paper. This analysis 
shows that with moderately low tower footing resistances approxi¬ 
mately correct values of total current are obtained by adding 
the values measured in the several separate towers. Correction 
may be made from Fig. 9. 

C. L. Fortescue: I pointed out in my discussion of Mr. 
Peek’s paper that the nature of the thunder cloud does not 
permit of very quick discharge of its energy, and, therefore, the 
induced surges are not of high enough magnitude to affect 
high-voltage transmission lines. It is quite possible, however, 
that for the lower voltage lines, those below 66,000 volts, the 
surges produced by induction may be a factor in causing outages. 

In answer to Mr. McEachron’s questions I think that I have 
made it plain in my discussion why I believe it impossible for 
a thunder cloud to discharge at a high rate. However, I have 
mentioned the speed of propagation of the lightning channel 
between ground and earth as being of the order of one-twentieth 
the velocity of light. My basis for this estimated velocity is the 
speed of propagation of streamers between two spheres. In 
tests with suppressed charges this velocity was estimated to be 


of the order of one-twentieth the velocity of light. This, how¬ 
ever, is merely ah approximate figure. It is probable that the 
speed of propagation is not as high as this. If I remember cor¬ 
rectly, Dr. Toepler estimates it even lower than this. I think 
his figure, based on analysis, gave it as of the order of one- 
thousandth the velocity of light. 

With regard to the nature of the lightning discharge during 
the progress of the streamer, the space charge on the outside of 
the streamer is progressively fed by the actual current- in the 
channel which is comparatively small. However, the air in the 
core of the channel is probably highly conducting through 
thermionic disassociation of the air molecules. On account of 
the fact that current in this core is small most of the energy 
in the channel before it reaches the earth is potential energy 
in the form of space charge. However, when the streamer 
reaches a transmission line, this potential energy is at once 
changed into kinetic energy which results in a surge propagated 
in the transmission line away from the channel and a receding 
surge propagated in the channel changing the potential energy 
into kinetic energy, or, in other words, producing current, flow 
in the channel. When this receding wave reaches the cloud, it 
at once sets up a high gradient in the cloud causing the release 
of more of the cloud’s energy. This gradient is, of course, 
propagated into the cloud producing ionization and even streamer 
formations. 

I do not agree with Dorsey’s dart theory nor do I believe 
with Simpson that the streamer is initiated at the positive end. 
I believe that the streamer is set up by conditions at the sur¬ 
face of the cloud which produces high enough gradient to cause 
ionization and that this condition will persist so long as the 
cloud is able to furnish sufficient energy to keep the streamer 
progressing. This means that at the end of the streamer space 
charge must be formed high enough to cause progressive ionizar 
tion. The streamer, therefore, progresses ais fast as it can with 
the energy available, the speed being controlled by the rate at 
which ionization can take place. 

After the channel has been established between the cloud 
and earth, it then forms a conducting path and the propagation 
of the energy from the cloud to the earth along this channel is 
determined by the law of propagation of surges along conductors. 
However, as Mr. McEachron remarks, surge impedance along the 
channel is not uniform but will depend upon the height above 
earth, but the only value that we alre concerned with in estimating 
the effect on transmission lines is the value at the point of the 
stroke which I have estimated to be 200 ohms. This figure may 
be too high or too low, but it is convenient to use as a basis 
for estimating the surge potentials that may rise on transmission 
lines due to lightning. Of course, just at the instant before the 
streamer strikes the transmission line, its actual potential will 
be double that assigned to the kinetic surge, which conforms to 
the law of surge propagation. I agree mth Mr. McEachron that 
research should be carried out to determine the proper value to 
give to this surge impedance and also the mechanism of the 
streamer formation should be given considerable study, but we 
cannot wait for the results of these investigations in designing 
transmission lines. 

Mr. McEachron also remarks that the values given for 
spacing between ground wires and lines in the middle of the span 
seem to him excessive. Thife may be true and there are lines with 
m a ^i Tn utn spacings of the order of 15 to 17 ft. which are giving 
a good record in certain parts of the country. Some recent 
laboratory work indicates that a lower spacing will be satis¬ 
factory, perhaps a maximum of from 30 to 35 ft. This lower 
spacing results from the fact that the coupling between ground 
wire and line wires is much higher than that obtaihed from the 
physical dimensions of the wires, on account of the large diameter 
due to corona formation on the ground wires at the instant 
of stroke. In short, I am in accord with'most of what Mr. 
McEachron says and agree with him that we have a lot more to 



1154 


LEWIS AND FOUST 


Transactions A. 1. E. E. 


Icam about lightning though we have made very marked progress 
iu the last few years. However, I feel that it is better to err 
on the safe side and use somewhat larger clearances than neces¬ 
sary than to use too small clearances and regret it later on. 

In his discussion of the induced stroke versus direct stroke 
theory, Mr. McEachron assumes that when the earth or a tree 
is struck in the neighborhood of a transmission line that the 
high voltage appearing on a transmission line as a result of the 
stroke *is necessarily induced. I wish to suggest that when a 
high resistant object is struck the potential of the streamer may 
have a value of 40,000,000 volts. Under these conditions it 
is quite possible fbr a side streamer to also hit the transmission 
line. The lightning stroke as we see it is made up of a succes¬ 
sion of discharges, some of which might hit the tree and others 
of which might be diverted to the transmission line. The con¬ 
clusions that outages on high-voltage transmission lines are 
caused by direct strokes and not by induced surges are not only 
based on observations of the past few years but also on analysis. 
In order to produce potentials of the order of several million 
volts, it will be necessary to have discharge current in the 
lightning channel of the order of several million amperes. Such 
measurements as have been taken in the past show no indication 
of discharge currents of such large order of magnitude. 

W. W. Lewis and C. M. Foustt Referring to Mr. Cox’s 
discussion, the antennas adjacent to the Pennsylvania line are 
connected to ground through a few megohms resistance. They 
are intended to give a measure of the cloud field potential at the 
height of the antennas and not to measure the potential which 
would be induced on the line. 

In the next to the last paragraph, Mr. Cox states that Mr. 
Torok’s work indicated that a disehai’ge streamer always started 
from the electrode of high potential (gradient), that is, the elec¬ 
trode of smallest effective dimensions, whether such electrode is 
positive or negative. This is equivalent to stating that polarity 
has no importance in connection with breakdown between 
electrodes of dissimilar shape. 

As pointed out in. our paper, a considerable amount of published 
data, showing the importance of polarity effects on such break¬ 


down is available. Attention is especially called to Reference 18. 
The authors have presented considerable evidence which demon¬ 
strates the vital importance of polarity in the mechanism of 
breakdown in an article, entitled, “Direct Strokes to Trans¬ 
mission Lines,” (?. E, Review, August 1931. 

The final paragraph of Mr. Cox’s discussion refers to a sug¬ 
gested explanation for the high-positive conductor potentials 
recorded at one station with very little or no voltage at adjacent 
stations. We agree with Mr. Cox that the apparent rapid 
attenuation indicates that these are not induced surges of the 
commonly accepted kind. The second explanation the authors 
feel to be more reasonable. There are considerable data showing 
that the tower structure and adjacent ground are elevated to 
high potentials when the direct-stroke currents pass through the 
tower structure. The conductor tends to remain at ground 
potential. The measuring instrument connected between the 
conductor and the bottom portion of the tower measures a 
potential between the highly-charged tower structure and the 
conductor. The instrument, of course, indicates a conductor 
polarity opposite to that of the tower itself. The line conductor 
record of positive polarity on this basis indicates a direct stroke 
to the tower structure of negative polarity. 

Mr. McEachron refers to Simpson’s classification of streamers 
branching away from and toward the cloud. Further considera¬ 
tion of this classification might indicate somewhat different 
conclusions. The large number of unbranched discharges 
would appear to the authors to be logically classified as strokes 
between negatively charged clouds and positively charged earth. 
The upward streamer branching is very likely entirely concealed 
from the observer, as it takes place in the cloud itself. The 
preponderance of branched discharges found among collections 
,of photographs is, undoubtedly, influenced by a desire to retain 
the more spectacular pictures. 

The field distribution between cloud and transmission line 
tower is such that any extension of breakdown streamers from 
the tower toward the cloud would result in an increasing gradient 
at the streamer tip and, thus, a rapidly increasing streamer 
length. Long streamers proceeding from the tower top and 
terminating in space would not bo common on this basis. 



An Electric Analog of Friction 

For Solution of Mechanical Systems Such as the 
Torsional-Vibration Damper 

BY H. H. SKILLINGi 


Associate, 

Synapsis,—When the rmthemaiical solution of a problem is so 
difficult as to be impracticable it sometimes is possible to obtain the 
desired ansxoer from the behavior of an analogous electric circuit. 


S OLUTION of. the equation of motion for the 
torsional-vibration damper represents one of the 
mathematical problems which is extremely dif¬ 
ficult to solve. Almost endless complications are 
involved on account of the peculiar combination of 
vibratory motion and friction which the problon 
contains. An approximate solution can be arrived at 
by introducing several assumptions, but this is not 
entirely satisfactory; in the more intricate cases, 
approximate solutions are of no value at all. In order 
to predict the effectiveness of new designs, mechanical 
models sometimes are built arid tested. Difficulty 
often is experienced, however, in the construction of 
these models, and in addition, the results obtained have 
been found to be somewhat imcertain. 

In this article is proposed a method of solution 
wherein electric analogs are set up for the various 
ts^pes of mechanical motion involved. An electric 
circuit can then be set up with constants analogous 
to the mechanical characteristics of the apparatus 
being studied. The principal advantage in treating the 
problem in this manna* is in dealing with a system 
easily put together and altered, and with quantities 
easily metered. Although the analogous method in 
general is not new, difficulty has been experienced pre¬ 
viously in representiiig mechanical friction electrically. 
In the present investigation this obstacle has been over¬ 
come by the use of gaseous conduction tubes. 

The torsional-vibration damper is in effect a fly¬ 
wheel that fits loosely on a shaft. A common applica¬ 
tion is on the crank-shaft of a Diesel engine, where 
there is danger of torsional stress in the shaft becoming 
extremely large because the natural frequency of 
oscillation of the shaft may be the same as the firing 
frequency of the cylinders. The damper fl 3 nvheel is 
placed on the shaft at the point whae torsional vibra¬ 
tion is greatest; it is not keyed fast but turns with the 
shaft because of the friction between the two. When 
rapid torsional vibration of the shaft exists, the friction 
force is not great enough to accelerate the flsrwheel as 
rapidly as the shaft; hence the shaft slips within the 
flywheel and in so doing dissipates sufficient energy to 
prevent’ resonant oscillation of the shaft. In ■ actual 
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This artide presents cm analog of **coulomb friction,** and demons 
strates the application of this analog to the previously unsolved 
problem of the torsionahvibration damper. 


design, the damper although simple is not so elemen¬ 
tary as this account has indicated. A detailed descrip¬ 
tion may be found in a paper by Den Hartog and 
Ormondroyd (A. S. M. E. Trans., Vol. APM-52-13, 
p. 133) which also treats its action by an approximate 
mathanatical solution. 

With ordinary dry friction—so-called “coulomb 
friction”—^which is involved in the torsional-vibration 
damper, the frictional force depends upon the nature of 
the rubbing surfaces; also upon the force holding them 
together, but not upon velocity. An electric analog for 
this application must therefore produce a constant 
voltage drop, variable at will but independent of the 
amount of current flowing. 


TABLE I—MBOHANIOAL-BLBOTBIOAL ANALOGIES 


Mechanical quantity 

Electrical quantity 

Torque. 

Velocity (angulai*). 

Displacement (angular). 

Moment of inertia. 

Blastance (torsional). 

Mechanical hysteresis. 



A mechanical S 3 istem which is the practical equivalent 
of a Diesel engine may be seen in Fig. 1. The main 
flsrwheel is shown at A ; moment of inertia of the pistons, 
oanks, and other moving parts is represented by 
another flywheel B; the damper flywheel which fits 
loosely on the shaft is shown at C. Input torque from 
the cylinders, which may be considered as a steady 
torque with a superposed alternating torque, enters 
the system at the pistons. Any load on the engine 
will be applied to the left of the main fl 3 rwheel. 

The electrical analogy to this mechanical arrange¬ 
ment is shown also in Fig. 1 where, with the exception of 
friction between the shaft and the damper flywheel, 
the electrical quantities used are as shown in Table I. 
Analogous to the shaft is condenser C; analogous to 
the piston flywheel B is inductance L. These cooperate 
to form the oscillating system, since the main flywh^ 
is so large that for the present it can be considered in¬ 
finite and therefore impassable by any vibrations. The 
damper flywheel C is represented by the inductance L, 
but because of its looseness on the s^t a shunt must be 
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connected around the inductance to make the analogy 
complete. In this shimt is the apparatus which, to be 
analogous to friction of the flywheel on the shaft, must 
prevent current from flowing until a certain voltage is 
r^ched, and then permit current to pass without any 
further increase of voltage. 

The peculiar property of constant voltage drop is 
possessed by a mercury arc; it is also characteristic of 
glow discharge under special conditions. For this 


JSHAFT 



Pig. 1—(Above) Mechanioai. System Sckematioallt 
Representing the Diesbi* Engine; (Below) the Electric 
Analog of this Mechanical System 



inv^tigation raytheon gaseous conduction tubes were 
employed. Two tubes were used, one to pass current 
in each direction; the voltage drop in the tubes as they 
were connected in this ease was 85 volts independent • 
of current. In series with each tube was a source of 
potential which either added to or subtracted from the 
85-volt tube drop depending upon other conditions. 
For the input to the circuit an alternator was used the 
speed and voltage of which could be.varied over an 
extremely wide range; its resistance, together with that 
of the rest of the system, was small. For mechanical 
hysteresis losses in the elastic parts, and for any viscous 
friction that may exist, resistance is sufl5ciently analo¬ 
gous to permit its use. 

The validity of Idle complete analogy may be seen 
from the differential equations of the two systems which 
are adapted from Den Hartog. For the mechanical 
siistem, 

d? OL d? CL 

I -jp -f- r -f- A: a = JIf sin w < 
when the damper flywheel is not slipping, and 


a 

I -l-iartT = ilfsinw( 

when this flywheel is slipping. 

I = moment of in^ia of system being damped 
I' = moment of inatia of damper flywheel 
k = dastance of shaft 
a = fljwheel displacement from neutral 
Af sin CO < = input torque as a function of time 
The analogous electrical equations, when the shunt 
is not working and when it is, are respectively, 

d* q d^q 1 

_ 1 

L -I- q db » = e sm CO f 

AU tmns are well known except v, the voltage drop in 
the leak, which is added or subtracted depending upon 
the direction of the current. The analogy of corre- 
spqnding terms, displacement, and charge, for ex¬ 
ample, may be seen tq agree with Table I. 

The purpose of making a detailed study of damper 
performance, whether by mathematics, model, or 
analogy, is to determine whetho: a particular damper 



Pig. 2—Performance Curves for the Torsional- 
Vibration Damper as Determined by Electrical Analogy. 
(A) With Rigid Damper Shaft; (B) With Elastic Damper 
Shaft , 

is SO proportioned as to prevent dangerous stresses 
in the shafts Momentary stresses in a shaft are ex¬ 
ceedingly difficult to measure, but the analogous volt¬ 
ages across the condenser in the electric circuit may be 
read quite easily on a crest-reading voltmeter; thus for 
any given combination of quantities and dimensions 
an indication of maximum stress is obtained im¬ 
mediately by simply reading that meter. 

The crest voltage of condenser C (Fig. 1) is analogous 
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to the maximum torque in the shaft and will be desig¬ 
nated by S; analogous to the torque required to slip 
the shaft inside the damper fljrwheel, is the voltage 
drop in the leak which will be denoted by T. Results 
of a study by such analogy may be plotted showing S 
as a function of T, where curves similar to those of 
Fig. 2 will be obtained. If the value of S at the lowest 
point of the curve represents a safe stress, the damper 
is large enough to be useful; the value of T correspond¬ 
ing to this minimum value of S gives the optimum 
adjustment for tightness of the damper flywhe^. 

To avoid changing back and forth from mechanical 
to electrical units, it is well to avoid absolute values of 
quantities. Relative values need not be so transformed. 
Let If be the amplitude of the alternating input torque; 
instead of plotting 5 as a fvmction of T, S/M may be 
plotted as a function of T/M, This scheme involves 
neither volts nor foot-pounds but only ratios, the ratio 
of voltage to voltage being of course numerically equal 
to' the analogous ratio of torque to torque. The scale 



Fta. 3 —Elbctiuc Analog op the Torsional-Vibhation 
Damper with Elastic Damper Shaft. Compare with 
Fig. 1 

of the electrical model is equally unrestricted; only 
the proper ratios between parts need be specified. The 
frequency of the input voltage is of course the fre¬ 
quency causing the most severe stress; in the simple 
mechanical system the crucial stress will occur when 
the frequency of firing is the same as the natural fre¬ 
quency of the vibrating system. 

As a typical example, assume a damper with moment 
of inertia of the damper fl 3 rwheel equal to the moment 
of inertia of the system being damped. In the analog 
any convenient capacitance and inductance may be 
used to represent C and L (Fig. 1), but they must be 
resonant at some frequency attainable by the alternator 
used for inpui. The inductance L' equal to L is then 
added, and the vacuum-tube leak is connected across 
L'. The input voltage is adjusted to any convenient 
value, and the voltage drop in the leak circuit made 
comparatively large (for instance, 15 volts input and 
85 volts drop in the leak). Now, as the frequency of 
the input voltage is varied, the crest voltage across 
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condenser C will rise to a maximum and then decline. 
The maximum value of this voltage (in this particular 
case about 208 volts) is analogous to the maximum 
torque in the engine shaft. Dividing this by the maxi¬ 
mum value of the input voltage, (about 21.2 volts) 
and the result S/M is about 9.8; divide the 85-volt 
drop also by 21.2 and the quotient, which is 4, is the 
value oi T/M. By varying the leak and input voltages, 
enough points can be determined to give curve A of 
Kg. 2. This curve gives the whole story of the opera¬ 
tion for this particular damper. .Moreover, it gives 
the entire story of operation for all dampers having 
the same moment of inertia as has the system being 
damped. In present practise, however, a damper has 
from one-fifth to one-tenth the amount of inertia of the 
system being damped, and S/M is proportionately 
larger. 

So far, the damper has been considered as being 
applied to the simplest possible vibrating system. This 
simple system may be solved mathematically, although 
with some difficulty if approximations are avoided. 
Accordingly, this case was used as a general check on 
the method, and the results were compared with Den 
Hartog’s computed values; agreement was so close as 
to be within the limits of experimental error. 

With the more complicated ss^st^s, however, solu¬ 
tion by analogy is of far greater value. When the 
elastance of that part of the shaft labelled S' (Fig. 1) 
is considered, a mathematical solution is out of the 
question; in the analog a condenser of the proper size 
is simply shimted aroimd L', and the solution is as 
simple as before. The study of this circuit disclosed an 
interesting and important relationship that previously 
was not recognized. As it is a t 3 rpical analog, it will be 
used as a further example of the application of the 
mqthod. 

The circuit used with C representing the elastance of 
the damper-shaft is shown in Fig. 3. The elastance of 
condenser C must bear the same proportion to con¬ 
denser C as elastance of the damper-shaft does to the 
main shaft. Now as the input frequency is varied, the 
voltage measured across C no longer has one maximum, 
but three. The reason for this is apparent from the 
diagram, since there are now two resonant parts of the 
circuit, consisting of (1) C and L and (2) C and L'. 
At some definite frequency the reactance through C 
and L in series is zero; at two additional frequendes 
the reactance of the complete circuit is zero. However, 
if the natural frequency of C and L' is the same as 
that for C and L, when the reactance tiuough C and L 
is zero, the reactance through C and L' is infinite; 
thus the circuit current imder these conditions is small 
and one maximum eliminated. The other two maxima, 
one falling at a higher and one at a lower frequency, 
must be prevented from becoming serious by the action 
of the leak. 

Experiments with this second analog showed that 
the damper is much more effective with an elastic 
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damper-shaft than it is with a rigid shaft as in the first 
case. When the damper fi 3 rwheel has one-fifth the 
moment of inOTtia of the system being damped, and 
when the damper-shaft is one-fifth as stiff as the main 
shaft, the analog method gives results as shown in curve 
B, Kg. 2. To make due allowance for the light weight 
of the damper, all ordinates have been multiplied by the 
ratio of moments of inertia (one-fifth); this makes the 
ciBTves comparable to those of Den Hartog and Ormond- 
royd if a factor of I/tt is introduced into the vertical 
scale. 

Since the primary purpose of this article is to point 
out the merits of the electrical means of solution, no 
particular attention is given to the mechanical merits 
of this new design of damper. Certain relationships 
were discovered by study of the analog, however, which 


seem worthy of mention. The “elastic damper-shaft” 
is not in the nature of a spring, for a shaft one-Mh 
to one-tenth as rigid as the main shaft of a Diesel 
engine is needed. The torque on the damper-shaft 
never can exceed T, the slip torque of the damper, and 
the shaft may be designed accordingly. The smaller 
the damper, the more effective will be a proper damper- 
shaft in improving its p^formance. 

In conclusion, the principal advantages to be gained 
by the use of the electric analog are that (1) it shows the 
extent to which an approximate mathematical solution 
may be trusted, and (2) it offa-s a new method of 
approach to designers of dampers and otha frictional 
devices. It is particularly useful in the study of new 
designs and at present thae appears no limit to the pos¬ 
sible applications of the method. 



Vertical Networks in Metropolitan Office 

Buildings 

BY A. H. KEHOE‘ and BASSETT JONES^ 

Fellow, A. I. B. B. Fellow, A. I. E. E. 


Adoption in New York City 
TYPE of a-c. distribution known as vertical net¬ 
work service has been adopted for the supply of 
twenty-two large buildings in the Borough of 
Manhattan, New York City, from the distribution 
system of The United Electric light and Power Com¬ 
pany. This kind of installation was first offered by 
companies comprising the New York Edison System 
in December 1928, and at that time, the arrangement 
was accepted by the owners of the Irving Trust Com¬ 
pany building at 1 Wall Street as suitable for the 
electric supply to that building. Similar arrangements 
were made almost simultaneously with several other 
buildings which at that time either were being planned 
or were under construction. Since then, this type of 
service has been adopted for practically all new build¬ 
ings in New York City of more than forty stories, as 
well as for some lower structures. A few high buildings 
of the tower type have been built having comparatively 
small floor areas in which case there is slight advantage 
in this t 3 rpe of service. 

*On January 1, 1931, there were in Manhattan ten 
completed buildings having this type of service, seven 
were under construction, and five were in the planning 
stage of development. The accompanying Table con¬ 
tains detail information regarding these installations. 
The arrangement in general may be described as ^ 
adaptation of the multiple-feed secondary a-c. network 
to the supply of tall or large buildings. Pig.- 1 
shows typical examples of street and building network 
supply systems. 

High-Tension Supply Above the Street Level 

Alternating-current distribution for densely-loaded 
urban areas in recent years has been made multiple- 
feed network in many localities. The first installation 
of this type in New York City was completed in 1922. 
This arrangement gives an economical and reliable 
system which satisfies the electrical distribution re¬ 
quirements of most urban districts. In many cities 
networks are of the three-phase, four-wire type, supplied 
at 120/208 voltk The distance from the distribution 
transformers over which the energy at such voltages 
can be economically transmitted is definitely limited 
if both a reasonable amoirnt of copper for distribution 
and satisfactory regulation are to obtain. 

1. The United Electric Light and Po-wer Co., No-w York, 
N. Y. 

2. Consulting Engineer, Ne-w York City. 

Presented at the Middle Eastern District Meeting of the 
A. I. E. E; Pittsburgh, Pa., March llrlS, 19S1. 


In a number of cities, there has been a decided ten¬ 
dency in recent years to increase the height of buildings; 
this has resulted in an increase of total floor area many 
times the groomd area, with a conresponding increase 
in the electrical density of distribution. While in these 
large buildings the electrical-load density per sq. ft. of 
the floor area has increased somewhat, the p^centage 
increase, of course, is much less than the increase in 
load density based on ground area. 



TYPICAL HIGH BUILDING TYPICAL CnY^BLOCISS 

VERTICAL NETWORK SERVICE NORMAL SIBEEt SERVICE 

, Pro. I i 


While this load can be conridered as a dense load at 
the street level, yet the area may be so located that it is 
cheaper in over-all costs to supply it from distribution 
tranrformer capacity in the upper floore of the building 
than to distribute the energy at 120/208 volts from; the 
street distribution system on which the building faces. 
Thus it.might be considered that the utility has been 
provided with the equivalent of a large addition to its 
toritory to be supplied. This will be readily under- 
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stood when it is realized that building heights of from 
600 to 1,000 ft. above the street are becoming common- 
place and such buildings require large ba,nks of eleva¬ 
tors, the motors of which are located in the upper 
stories of the building. Some of these elevators have 
motors ranging in size from 100 to 150 hp. for the higher 
buildings, with short period demands several times 
these values. 

With such dense loads at an appreciable distance 
from the street level, it is found to be definitely eco¬ 
nomical in over-all costs to distribute with multiple 
high-voltage supplies feeding a low-voltage network 
throughout the building. This system is identical in 
principle with the street network system. 

Early Considerations, Economic Aspects 

The introduction of this type of service in New York 
City with transformer vaults on the upper floors of 
buildings did not mark the first use of transformers 
above the street levd in this territory. A few installa¬ 
tions had previously been made on the radial supply 
S 3 retem with transformers located as high as the sixth 
fioor. 

The tapped riser type of building wiring was first 
considered in 1920 when an economic study was made 
of a 50 story building for the New York Telephone Co. 
at 140 West Street. This study contemplated the 
installation of supply transformers on the fioors of the 
building where the elevator machine rooms were to be 
located and a low tension tie between transformer 
rooms was to be tapped to supply load on each fioor. 
A considerable saving was estimated for this system 
of wiring over the old scheme wherein all building 
feeders originate at the house switchboard located in 
the basement, but certain restrictions made it impos¬ 
sible to make use of this type of installation at that time. 

In April 1928, comparative estimates of building 
wiring costs for the Irving Trust Company Building, 
1 Wall Street showed a saving of $35,000, for the vertical 
network system as compared with the system in which 
the service transformers are all located in the basanent. 
However, some modifications in plans w^e made at 
the request of the local inspection authority and all 
of the above estimated saving was not realized. 

In the Empire State Building, the network system 
has been applied to the individual floors. Four-wire 
120/208-volt feeders from one or more centers of dis¬ 
tribution, where they are fused, feed into a four-wire 
main circling the floor. Unfused branch circuits are 
tapped off this main to feed one or more bays. 

With the radial system of building wiring, enough 
copper must be run from the house switchboard to 
each load group (say three floors, for lighting, an eleva¬ 
tor bank, or other motor group) to carry the maximum 
load of that group. With the network system using a 
tie bus between transformer banks, the advantage of 
load diversity is realized in reducing the amount of 
copper required. The utilization factor can be worked 


out by the known probability factors for the case (see 
“Power Calculations for Elevators by the Method of 
Probabilities,” G. E. Review, October-November 1930). 
This method applies not only to elevators but is applic¬ 
able also to variable loads of any kind for which an 
“operating factor” can be determined. The fifteen- 
minute demand (r. m. s. value of the load over this 
period) on the usual elevator bank is about 35 
per cent of the connected load. With the old radial 
system of wiring, a separate feeder or duplicate feeders 
must be run to each such bank having at least the load 
capacity of the fifteen-minute demand of each bank. 

Ownership op Service Installations and Supply 
Feeders 

Since a distribution installation in a building cannot 
be considered to have the permanency of a street 
system, it being subject to the whims of the building 
owners, and since it cannot be utilized for any service 
other than for that particular building, • there is natu¬ 
rally a distinct limitation to the amount of investment 
that the utility company can make for such an installa¬ 
tion.' On the other hand, the building owner realizes 
a definitite saving in building wiring if the vertical 
distribution network is used instead of distributing 
throughout the building from street services. It is 
thus reasonable to have a different division of expense 
for vertical distribution than that which would be used 
in the case of general distribution throughout a city. 

The division used in New York is to have the utility 
company supply, own, and maintain the high-voltage 
cables and the distribution transformers with their 
associated network equipment. These are placed in 
position by, and at the expense of, the building owners 
in ducts and vaults supplied as part of the building 
installation. All low-voltage distribution conductors 
and ducts are owned and installed by the building 
owners except the 120/208-volt a-c. network ties from 
the street mains to the first distribution point within 
the building. While the building owners install the 
transformers and high-voltage cables, all connections 
are made by the utility company. This division makes, 
it possible for the utility company to recover all its 
equipment in case the budding is abandoned, and does 
not materially change its costs from thos^ that would 
be incurred in supplying the building direct from the 
street system. 

The cost of the wiring installation in the case of high 
buildings is considerably reduced. Certain expense, of 
course, is incurred in using what might otherwise be 
usable in building space for vaults for distribution, 
transformers but in most cases space yielding little of 
value can be used for this purpose. 

Low-Voltage Tie Connections Between 
Transformer Vaults 

If all conditions of supply for vertical distribution, 
were the same as those founid in the common network 
system, the installation would be unusual oidy from 
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the standpoint of establishing the division of ownership 
and maintenance between the building owner and the 
utility. However, as the types of installations made 
to date will indicate, there are numerous conditions 
which cause these services to differ. The vertical 
networks used so far can be classified according to the 
arrangement of the secondary connections within the 
building; such as isolated networks without connecting 
ties, networks with untapped ties, and networks with 


Pig. 2 

tapped ties. (Figs. 2 and 8.) In the isolated or spot 
network, which also has been called a junior network, 
the energy used at any one point in the building is 
supplied solely from a plurality of step-down trans¬ 
formers at a single location as there are no secondary 
ties to any other network. The network with untapped 
low-voltage ties is similar, except in this case the ties do 
connect to other sources and there does not necessarily 
have to be a multiplicity of step-down transformers at 
the location as the ties form a network with other 
sources. However, in this case, service has to ^be 
supplied from the one location over special utilization 
feeders in the same maimer as 'witii a spot network. 
In the case of the network with tapped ties, the ties 
are used to distribute load to the several floors between 
transformer locations. Each of these t 3 T)es of installa¬ 
tion has been used to meet conditions which existed 
at the time they were planned. None of the tapped 


ties has been installed without fuses and there is little 
incentive for the owner to install the secondary ties in 
conduit buried in concrete when he installs fuses which 
make it unnecessary to surround the conduit with 
concrete. Recent installations are being made ivith 
untapped and unfused ties installed in conduit sur¬ 
rounded by two or more inches of concrete; and in 
such cases, the building service is supplied locally 
from each step-down location. 

Future Considerations 

One of the advantages obtained with vertical net¬ 
work service is the ability to increase the electrical 
capacity in the building in the future without expensive 
reconstruction of the original wiring. The ability to 
double, or triple the supply capacity, if needs be, results 
from the fact that each of the several high-voltage 
cables supplying the building is required for mechanical 



reasons to have conaderably more carrying capacity 
t.iign is needed to serve any of the buildings contem¬ 
plated up to the present time. Of course, the installa¬ 
tion of additional distribution transformers would be 
required either at existing vaults or at new locations 
nearer to the utilization point than the present vaults; 
and, in addition, there would be required the necessary 
utilization wiring to. deliver the new energy to the 
places in the building where it would be used. Such 
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•a procedure is much simpler and less expensive than 
would be required if the increase w^e to be supplied 
from the street network. 

All vertical high-voltage feeder installations planned 
to date have used a dry type of three-conductor shielded 
cable with an outside wrapping of steel wires with which 
the cable is held up at the top of its run. It is possible, 
and obviously desirable, that future developments 
should make it feasible to use standard ts^pes of high- 
voltage cables for this purpose. 


Considering the operating experience in New York 
City covering a period of about two years, the vertical 
network installations being made, are regarded to be 
more than adequate for the service requirements now 
foreseen. Improvements in methods and in equipment 
which will simplify the wiring installation and reduce 
its cost may be expected in the future as inspection 
authorities, architects, and supply company engineers 
become better acquainted with the special requirements 
of this type of installation. 



Efiects of Electric Shock—II 


HY W. B, KOUWENHOVEN=^ 

Momlx^r* A. I» Itl. K. 

Introduction 

N a paper' published in January 1930 the authors 
discussed the results of a series of experiments on 
electric shock in which the electrodes were applied 
to the head and tail of animals. In those tests rats 
were used as the experimental animal and continuous 
and alternating voltage shocks at 110, 220, 500 and 
1,000 volts were given. At each voltage the duration 
of the contact was increased until it was impossible to 
resuscitate the subject by means of artificial respiration. 

The prior set of experiments brought to light certain 
facts which apply to the present series and, therefore, 
these will be recapitulated here, namely: 

1. That a 1,000-volt continuous-current circuit was 
more dangerous to rats than an alternating circuit of 
the same effective voltage. 

2. That a large rat withstood a greater shock than 
a small rat and still survived. 

3. That there was no difference between the sexes 
in their susceptibility to electric shock. 

4. That the a-c. experiments were characterized in 
many cases by paralysis of the hind legs, caused by 
hemorrhages in the spinal cord. 

It is well recognized that a factor of importance in 
cases of electric injury is the points on the body where 
contact is made with the circuit. The location of the 
contacts determines largely the pathway of the current 
How. Once inside the body the c\irrent spreads out 
in a more or less fusiform shape, but it is difficult to 
believe that the current density is high in organs distant 
from the main path. For example, in man, if the 
contact with the circuit is made with one arm and a 
leg, it is scarcely possible that considerable current 
will pass through the brain. 

With the electrodes on the head and tail of an animal, 
the brain lies directly in the current path. In the 
previous study it was found that the brain appeared to 
be injured readily by the passage of an electric current. 
After the death of the rats Dr. Langworthy^ found 
evidences of macroscopic and microscopic hemorrhages 
in the brain and also of considerable damage to nerve 
cells in many of the rats. In legal electrocution one 
electrode is placed upon the skull. 

In industrial accidents, however, the current rarely 
passes through the head. In the 479 cases discussed 
by Maclachlan® the path of the current was commonly 
from the hands to the feet. The present series of 

♦Professor of Bloc. Bngg., Johns Hopkins University, Balti¬ 
more, Md. 

fAssociate in Neurology, Johns Hopkins University, Balti¬ 
more, Md. 

1. For references see Bibliography. 
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experiments was undertaken to study the influence of 
the current path upon the effects produced by an 
electric shock. Are injuries to brain cells produced 
when the cmrent does not pass through the head? 
Rats again were chosen as animals for study, both be¬ 
cause of our knowledge of their behavior and because a 
rat seldom, if ever, dies of damage to heart after an 
electric injury, but rather from respiratory failure. 

In the present series, 102 rats were shocked with a 
1,000-volt circuity half with alternating current and 
half with direct current. In all cases the duration of 
the contact was two seconds. The position of the 
electrodes was Varied in these experiments. A few 
tests were made with the electrodes on the head and 
tail of the animals to check the results of the prior 
series. Other current paths were, right fore-leg to 
tail, left fore-leg to tail, right fore-leg to left hind-leg, 
left fore-leg to left hind-leg, right fore-leg to left fore-leg, 
and right hind-leg to left hind-leg. 

Technique 

Preparatory to the shock the rats were given ether 
until they were quiet. The points of contact were 
moistened thoroughly with saline solution and the 
electrodes, voltmeter clips filed smooth, were attached. 
When connection was made to the head, a special 
electrode was employed which made contact only on 
the upper surface of the skull, and did not interfere 
with breathing. 

After the electrodes were in place, the rat was allowed 
to recover from the effects of the anaesthetic before the 
closure of the switch in the high-tension circuit. The 
circuit was held closed for two seconds and the current 
flowing through the animal was recorded. Time was 
measured with a stop watch. 

Immediately following the shock, the animal was 
removed from the circuit. If there was no evidence of 
breathing, artificial respiration was applied. This 
consisted of the application of digital pressure upon the 
chest, reproducing as far as possible the Schaefer prone- 
pressure method in man. The, tongue was pulled out, 
the vagus nerves in the neck were stimulated by strok¬ 
ing with the fingers, and efforts were made to keep the 
respiratory tract free from mucus. 

Observations 

Following the a-c. injuries, the chest of the animal 
was fully expanded. This seemed to be an important 
aid to the resumption of spontaneous breathing or to 
adequate artificial respiration. On the other hand, 
after contact with the d-c. circuit the chest was collapsed 
and it was difficult to get air into the lungs. The a-c. 
circuit produced a very strong contraction of muscula- 
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ture of the body and this in the cases of males was 
accompanied almost invariably by an emission. Clonic 
movements of the musdes of the leg were observed in 
many of the a-c. injuries. They were probably pro¬ 
duced by irritation of the nerve cells due to asphyxia¬ 
tion. Bleeding of the conjunctiva occurred in many 
cases. 

The results are arranged in groups in accordance 
with the location of the electrodes upon the surface of 
the body. The data for the principal groups are stated 
in tabular form. The tables give the animal number, 
sex, weight in grams, the t 3 ^e of circuit, the current, 
whether or not artificial respiration was required, and 
the condition of the animal following the injury. 

Electrodes on Head and Tail 

Six rats in the present series and.ten in the prior 
series were subjected to a two-second contact with a 
1,000-volt a-c. circuit with the electrodes on the head 
and tail. As may be seen from Table I, artificial 
respiration was applied in 88 per cent of the cases, and 
five, or 31 per cent, recovered. The balance died or 
were paralyzed by the shock. Three of the five that 
recovered were normal. After breathing was estab¬ 
lished it was rapid, shallow, and somewhat irregular for 
several hours following the injury. Later it became 
normal. 

Only one of the six rats in this series was paralyzed 
as against five of the ten in the prior series. In fact in 
this present group paral 3 rsis was less common and 
fewer hemorrhages in the spinal cord were found than 
in the tests of a year ago. No explanation for this 
discrepancy can be given. 

In the tests previously published -no rat survived a 
contact of one second or over with a d-c. cireuit of 
1,000 volts. Therefore, in this series only two animals 
were given a two-second shock at this voltage. Neither 
of them survived, although their hearts beat strongly 
for several minutes following the contact. Autopsy 


showed only few abnormalities. The microscopic ex¬ 
amination of the brains of the rats of the prior series 
revealed, however, that the current had caused nerve¬ 
cell injuries incompatible with life. 

The observations in the present group check those 
of the prior experiments where the electrodes were 
applied to the head and tail of the animal. It is clearly 
evident that contact with a 1,000-volt d-c. circuit is 
much more deadly to a rat than contact with an a-c. 
circuit of the same effective voltage. In this series, 
artificial respiration was applied to all of the animals 
tested with continuous current, and 100 per cent of 
them died. In the a-c. tests, however, artificial 
respiration was needed in only 88 per cent of the cases; 
31 per cent of the animals died; 38 per cent were 
paralyzed; and 31 per cent recovered from the injury. 

Electrodes on Right Fore-Leg and Tail 

Twelve rats were given a two-second shock with 
1,000 volts alternating current the electrodes being on 
the right fore-leg and tail. Five of these rats breathed 
as soon as the circuit was opened, and artificial respira¬ 
tion was required in the other seven cases. Death 
occurred either immediately or within a few minutes in 
42 per cent of the cases, while three rats were paralyzed. 
One of the paralyzed rats died four hours after the 
injury, another nine hours, but the third survived imtil 
killed preparatory to autopsy. 

This group was of particular interest in emphasizing 
the fact that an animal was not necessarily on the road 
to recovery when breathing was first started. This 
phenomena is mentioned often in records of human 
electric shock. Breathing was started in three of the 
rats. Nos. 1, 2, and 8 of Table II, only to cease after a 
few minutes. A second application of artificial respira¬ 
tion saved only one. Several of the rats in this group 
were hjqxer-irritable to all sensory stimuli for some 
minutes following the injury. Bleeding from the eyes 
was a common occurrence. The paralyzed rat that 


TABLE I—TWO-SBOOND SHOOK—1,000 VOLTS BLBOTEODES—HEAD AND TAIL 


Bat 

No. 

Circuit 

Sex 

Wt. 

Oms. 

Current 

Milllamp. 

Artlfidid 

Besplration 

BeQuired 

Besult 

Remarks 

1. 

......A. C.l,...... 

.. ..M. 

.240. 

. 700_ 

.Yes. 

.Kecovered.... 

.... Breathed rapidly 

2. 

.A. 0. 

....P. 

.206. 

. 840_ 

.Yes. 


.... Breathed rapidly 

3. 

.A. O. 

....M. 

.165. 

. 800- 

.Yes. 

.Died. 

... .Never breathed 

4. 

.A. C. 

....M. 

.140. 

. 720- 

.Yes. 

.Died. 

.... Never breathed 

6.. 

.A, O. 

.,..M. 

.130. 

. 750- 

.Yes. 

.Died. 

.... Pew breaths 

6. 

.A, C. 

....M. 

.238. 

. 740_ 

.Yes. 

.Paralyzed 


7. 

.A. 0. 




.No. 


... .Prior series^ 

8. 

.A. O. 

....P.! 

_...230. 


.; .Yes. 


... .Prior series^ 

9. 

.A. C. 



. 660_ 



... .Prior series^ 

10. 

.A. C. 


.190. 

. 800_ 


.Recovered- 

.... Prior series^ 

11. 

.A. 0. 

....P. 


. 830_ 

.No. 


... .Prior series^ 

12. 

.A. 0. 

.,..P. 

.240. 

. 900_ 

.Yes. 


... .Prior series^ 

13. 

.A. 0. 

.,..M. 

.200. 

. 960_ 


.....Died. 

... .Prior series^ 

14. 

.A. C. 

....P. 

.270. 

. 980_ 

.Yes. 


.., .Prior series^ 

16. 

.A. O. 

....P. 

.180. 

.1,000- 

.Yes. 

.Died.. 

.... Prior series^ 

16. 

.A. O. 

., ..F.. 

.210. 

.1,000_ 

.Yes. 

.Recovered.... 

.... .Prior series^ 

17. 

.D. 0. 

.P. 

.162. 

. 750_ 


.Died. 

... .Never breathed 

18. 

.D. C. 

.P. 

.131. 

. 700_ 


.Died. 

.... Never breathed 

19. 

.D. C. 

.M. 



.Yes. 

.Died. 

.... Prior series^ 
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TABLE II-~TWO-SEOOND SHOCK—1,000 VOLTS BLEOTROBBS—RIGHT PORE-LEG AND TAIL 


Rat 

No. 

Circuit 

Sex 

Wt. 

Gms. 

CurreiLt 

Milliaiup. 

Artificial 

Respiration 

Required 

Result 

Remarks 

1. 

..A. O. 

..M. 

..130. 

. 740..... 

.Yes. 

_Died. 

. Pew breaths 

2. 

..A. O. 

. .B. 

,.180. 

. 760. 

.Yes. 

.... Recovered 


3. 

..A. O. 

. .B. 

.,170. 

. 830. 

.Yes. 

_Paralyzed... 

.. Died 9 hr. later 

4. 

..A. O. 

. .B. 

..130. 

. 750. 

.Yes. 

_Died. 

,. No breaths 

6. 

..A. O. 


..132. 

. 760. 

.No. 

_Recovered.. 

... Hyper-irritable 

6. 

..A. C. 

..M. 

. .237. 

. 840. 

.No. 

.... Recovered.. 

.. Breathed at once 

7. 

..A. C. 

..M. 

. .228. 

. 800. 

.No. 

_Paralyzed... 

.. Hyper-sensitive 

8. 

..A. O. 

..M. 

. .137. 

. 680. 

.Yes. 

....Died. 

.. Started breathing, died 

9. 

..A. O. 

..M. 

. ,266. 

. 700. 

.Yes. 

_Died. 

.. Cyanosis 

10. 

..A. C. 

,.M. 

. .139. 

. 600. 

.No. 

_Paralyzed... 

.. Died 4 hr. later 

11. 

..A. G. 

. .B. 

, .208. 

. 720. 


.. ..Died. 

.. Died 5 min. after 

12. 

. .A, 0.. 

. .M. 

.. 134. 

. 720. 

.No. 

.... Recovered.. 

... Breathed at once 

13. 

..D. O. 

..B. 

... 80. 

. 600. 

.No. 

_Recovered.. 

... Breathed at once 

14. 

.,D. O,.... 

..M.. 

. .124. 

. 950. 

.No. 

_Recovered.. 

... Breathed at once 

15. 

,.D. O. 

. .M.•... 

. . 58. 

. 500. 

.No. 

_Recovered.. 

... Breathed at once 

16. 

..D. O. 

..M. 

. . 40. 

. 960..:.. 

.Yes. 

....Died. 

... Started breathing, stopped 

17. 

..D. O. 



.1,000. 

.No. 

... .Paralyzed... 

... Breathed at once 

18. 

..D. O. 

. .F. .. . . . 

. .156. 

. 860. 

.No. 

_Paralyzed... 

... Breathed at once 

19. 

..D. O. 

..B. 

. .110. 

. 700. 

.No. 

... .Paralyzed... 

... Breathed at once 

20. 

..D. O. 

..B. 

. .125. 

. 900. 


.... Paralyzed 


21. 

..D. C. 

..B. 

. . 68...... 

. 600. 

.Yes. 

....Died. 

... Pew gasps 

22. 

..D. O. 

. .P. 

..201. 

. 960. 

.Yes. 

....Died. 

... Never breathed 

23. 

..D. O. 

..M. 

. . 145. 

. 840. 


_Recovered. . 

... Breathed almost at once 

24. 

..D. C. 

. .P. 

. ,135. 


.Yes. 

_Recovered.. 

... Breathed almost at once 


survived had a hemorrhage in the spinal cord and there 
was no chance of its permanent recovery. 

With the alternating current flowing through the 
animals from right fore-leg to tail, four of the rats, 33 
per cent, recovered; 42 per cent died; and 25 per cent 
were paralyzed. The injury was slightly less severe 
than when the brain formed part of the current path 
as in the previous series. 

An equal number of rats was tested on the con¬ 
tinuous-current circuit with the electrodes on the right 
fore-leg and tail. In this test the brain did not lie 
directly in the current path and the results were vastly 
different from those of Table I where one contact was 
made with the top of the skull. Here six of the rats 
breathed spontaneously when the circuit was opened, 
whereas none were saved in the first series even afta: 
long applications of artificial respiration. There was 
only one rat in this group of twelve that did not at¬ 
tempt to breath after the injury. 

Artificial respiration was applied in 60 per cent of 
the d-c. cases; five rats or 42 per cent recovered; 25 per 
cent died; and 33 per cent were paralyzed. These 
figures do not, however, tell the whole story. The 
bums on the d-c. circuit were much more severe than 
those observed with the alternating. Because of these 
bums, it was not possible to keep any of the animals 
that survived alive for a period longer than three days 
following the d-c. shock. On the other hand, any rat 
that survived an a-c. shock without paralysis appeared 
quite normal twenty-four hours later. They ate, 
drank, and were active. It is also interesting to note 
that in this d-c. group there w^e two cases. No. 16 
and 21—Table II, where breathing was started, only 
to stop again. In both of these instances a second 
application of artifidal respiration was unsuccessful. 
Prom these results it is clearly evident that in cases 


where the continuous current path does not include 
the brain there is at least a fifty-fifty chance of resusr 
citating the animal. 

Ei;bctrodbs on Left Fore-Lex3 and Tail 
Twenty-fom* rats were tested with the electrodes on 
the left fore-leg and tail, half with alternating and half 
with continuous current. The results are given in 
Table III. Under alternating current artificial respira¬ 
tion was applied in 76 per cent of the experiments; 
68 per cent recovered, 17 per cent were paralyzed, and 
25 per ctot died. With direct current, artificial 
respiration was used in only 68 per cent of the cases; 
42 per cent recovered, 33 per cent were paralyzed, and 
25 per cent died. 

The results of this sodes also emphasized the fact 
that breathing will not necessarily continue after having 
been established either spontaneously or by artificial 
respiration. The reactions and behavior of the rats 
in this group were closely identical with those where 
the current path was from right fore-leg to tail. It 
was, however, not quite as dangerous to life. The 
d-c. results here also confirm ibe importance of eliminat¬ 
ing the brain from the curreit path if any hope of the 
recovery of the animal is to be entertained. 

Electrodes on Both Fore-Legs 
Eight rats were tested with the electrodes on the 
fore-legs, thus involving the heart and lungs directly 
in the path of the current flow. Four were shocked 
with alternating, and four with continuous current. 
Their average wright was 144 grams, and the average 
current was 1.24 amperes. 

Although artificial respiration was tried in every 
case, no animal survived. This is not strange when one 
considers the current that flowed for two seconds. The 
chest was warm to the touch when the circuit was 
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opened. In only one case, however, was there no 
heart beat following the shock. It is remarkable that 
there was any heart beat at all after this injury, and 
that two of the rats attempted to breathe following the 
a-c. contact and two following the d-c. contact. There 
is no possibility of survival with this current path. 

Electrodes on Both Hind-Legs 

Fourteen rats were tested at 1,000 volts with elec¬ 
trodes attached to the hind legs, seven on an a-c. 
circuit and seven on a d-c. circuit. Their average 
weight was 127 grams and the average current that 
flowed for two seconds was 1.17 amperes. 

Only one rat died as a result of the two-second con¬ 
tact with the a-c. circuit and two from that of the d-c. 
circiiit, when the circuit path involved principally the 
caudal region of the body. The rat that died after 
a-c. contact had started breathing spontaneously as 
soon as the circuit was opened. He was considered as 
recovered and had been placed back in the cage; ten 
minutes later he was foimd dead,’probably from neglect. 

Artificial respiration was not applied to any of the 
seven rats that were injured with alternating current. 
All breathed spontaneously and 86 per cent recovered 
completdy. They were all very active and lively 
within a few minutes following the shock. One, or 
14 per cent, died. The authors believe that his life 
could have been saved had artificial respiration been 
applied at the proper time. The a-c. shocks were 
accompanied by an emission in the case of the males. 

Following the d-c. shock, five of the animals breathed 
at once* artificial respiration was applied in but two 
cases, 29 per cent. These two animals died after a few 
attempts at breathing. The other five, 71 per cent, 
recovered and in a few minutes became very active. 


This series demonstrates clearly the fact that when 
none of the vital organs lie directly in the path of the 
current the electrical injury usually is small. 

Electrodes on Fore-Leg and Hind-Leg 

The effects produced by the flow of current from the 
right fore-leg to the left hind-leg were studied in eight 
rats; from the left fore-leg to the left hind-leg in eight 
other rats; and in a third group of eight the electrodes 
were on the left fore-leg and the right hind-leg. Half 
of these were subjected to the a-c. circuit and the re¬ 
mainder to the continuous-current circuit. The results 
are given in Table IV. 

Not a single rat was permanently saved after contact 
with the d-c. circuit. One, No. 24, was resuscitated 
only to die two and a half hours later. In several 
cases no heart action could be detected and, at most, 
many of the animals gave only a few gasps. There 
was greater success in saving those that had been 
injured with the alternating circuit. In five cases 
breathing was established by a long application of 
artificial respiration, one of these rats, however, was 
parsdyzed. They all, including the paralyzed one, 
became quite active soon after the shock. 

The results may be summarized for the current path 
from fore-leg to hind-leg as follows: 

Artificial respiration was applied in every instance, 
both for the a-c. and continuous-circuits. With the 
alternating current, 33 per cent of the animals re¬ 
covered, eight per cent were paraly’zed and 59 per cent 
died. With continuous current 100 per cent of the 
animals died. 

Normally dne would expect that there would be 
Httle, if any, difference between the effects produced 
by a current flo’wing from either fore-leg to tail or by 
one flowing from either fore-leg to either hind-leg. 


TABLE m—TWO-SEOOND SHOOK—1,000 VOLTS ELECTRODES—LEFT FORE-LEG AND TAIL 


Rat 

No. 

Circuit 


Sex 


Wt. 

Gms. 

Current 

MUliamp. 

.Artificial 

Respiration 

Reqiiired 

Result 

Remarks 

1. 

..A. O... 


..M . 


..149. 

. 760. 

.Yes. 



2. 

..A. O... 


..M . 


..196__ 





3. 

..A. O... 


. .M . 


..155. 

. 700 i_ 

.Yes. 

.. ..Died. 

... No breaths 

4. 

..A. O... 


..M . 


..197. 

. 730. 

.Yes. 

....Died. 

... No breaths 

5 . 

..A. O... 


. .M . 


..114. 

. 680. 

.Yes. 


... Fluid from mouth 

6. 

..A. O... 


..M . 


..121. 

. 720 . . 

Nrt 



7. 

..A. O... 


..M . 


..214. 

. 770. 

.No. 


... Breathed at once 

8. 

..A. O... 


. .M . 


..268 . 

. 860 

Nn 

niprl 


9 .. 

..A. O... 


..M . 


..104 . 

. 800. 

.......Yes. 

.... Recovered 


10. 

..A. O... 


. .M . 


..131. 

. 720. 



... Died 4 hrs. later 

11. 

..A, O... 


. .M . 


..124. 

. 800. 

.Yes. 

.Recovered 


12. 

..A. C... 


..M . 


..116. 


.Yes. 

.Recovered 


13. 

..D, O... 


. .F. . 


..144 . 

. 950\ _ 

.Yes. 

_Died. 

... Few gasps 

14. 

..D. O... 


..F. . 


. .120. 

. 750.... . 

.No. 

.., .Paralyzed... 

... Breathed at once 

16. 

..D. O... 


. .F. . 


..176. 

.1,050. 

.No. 

-Paralyzed... 

... Irregular breathing 

• 16. 

..D. C... 


> .F. . 


..116. 

. 750. 

.No. 

... .Paralyzed!.. . 

.. .Irregular breathing 

17. 

. .D. O... 


. .F. . 


..164. 

.. 800. 

.No. 

... .Paralyzed. . . 

... Irregular breathing 

18. 

.,D. O... 


. .F. . 


..120 . 

. 900. 


.... Recovered 


19. 

..D. O... 

. 

. .F. . 


..110. 

. 700. 

.No. 

_Recovered... 

... Breathed at once 

20. 

..D, O... 


. .M.. 


. .131. 

. 850. 

.Yes. 

... .Recovered... 

... Died 36 hr. later 

21. 

..D. O... 


, .F... 


. . 135. 

.• 760._ 

.Yes. 

_Recovered... 

... Rapid breathing 

S3. 

..D. C... 

--... 

. ,M. 


..160 . 

. 840. 

.Yes. 

... .Recovered... 

... Shallow breathing 

23. 

. .D. O... 


. .F. . 


. . 95. 


.Yes.. 

... .Died. 

... Died 20 min. after 

24.... I. 

.,D. O... 


. .F. . 


. . 85. 

. 840. 

.Yes. 

.. ..Died. 

... Never breathed 
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Rat 

No. 

C'ircult 

Mcx 

Wfc. 

Gins. 

Curront 

Mllliiiinp. 

ArtlflcUil 

Rcspirafcioii 

RoqiiiiHKl 

Rosiilt 

Remarks 




UJGIIT 

• FOHE-LEG—LEFT 

HIND-LEG 



1. 

.A. C?. 

. M . 


.1,140. 


TUnrl 


o 

.A. O. 

.M. 

..i-tn. 

. 1,100 

Vrwi 

ninrl 


. 

.A. C’. 

.M. 

.i-w. 

... 1 000 

Vm« 



•t. 

......A. O.. 

.M. 


.1,140. 



.. .Active soon 

ti. , . 

. ,....1). C. 

..F. 

.122. 



niAfi 


l\ . 

.D, O. 

.F. 

. «o. 

.1,700. . 

Vl‘.«s 

niwi 


7. 

.I>, C. 

.F. 

.254. 

.1,700. 

VrtS 

ninH 


s.. 

.I), a. 

.M. 

.127, 

. . . .1 900 

Vfvu 

nwi 





LEFT 

FORE-LEG—LEFT HIND-LBG 



0. 

.A. O. 

.M. 

. 54. 

. 920.... 

. Ygs 



io...... 

.A, C. 

.M.. 

.155. 

.1,000. . 

Yost 

nipri 


11...... 

..A. O. 

.F. 

.150. 

. 080. 

.Yna . .. .. 


.. .Oloiiic movenionts 

12. 

.A. 0. 

.M. 

.125. 

. 940. 


.Died. 

,. .Fgw gasps 

Kl. 

.D. C3. 

.M. 

.223. 



.Died. 

.. .Few breaths 

M. 

.D. a. 

.F. 

.135. 

.1,700. 

.Yoa. 

. . . Diod . . 

.. .Few breaths 

15. 

.D. O. 

.F. 

. 00. 

.1,300 

_ . . Yos. 

Diod. 

.. .No heart 

HI.. 

.u. o. 

.F. 

.10.5. 

.. . ..1.9.50. 

_YrA!3 

.Died. 

., .Few gasps 




LEFT FGRE-IJSa—RIGHT HIND-LEG 



17. 

.A. a. 


.130. 

.1.000. 

.Yos. 

.Died. 

.. .Never breathed 

IH. __ 

.A. a. 

.M. 

.150. 

.1,110. 

.Yc^s. 

.Died. 

.. .Never breathed 

HI. 

.....A. o. 

.F... 

.102. 

. 820. 

.Yes. 

.Recovered. . 

... Olonic movements 

20 . 

.A. 0. 

.M. __ 

.120. 

.1,000. 

.. YiiS . 

. . . . , Recovered. . 

... Olonic movements 

21. 

.D. O. 

.M. 



.Yos. 

.Diod. 

.. .Never breathed 

22. 

.D. O. 

.F. 




.Died. 

... Few gasps 

22. 

.D. c. 

.M. 

.100. 

.1,500. 

.Yos. 

.Died. 

... Fluid from mouth ‘ 

21. 

. JXO . 

.F. 

.IJO. 

. 030. 

.Yos. 

.Died. 

.. .Died 214 hr. later 


Yet in the first group with the current path from fore¬ 
leg to tail, 44 per cent of the rats recovered; in the 
second group, where one electrode was attached to a 
hind-leg instead of the tail, only 16 per cent were saved. 
Wherein, then, lies the deadliness of this current path 
from fore-leg to hind-leg? The authors believe that 
the high death rate found here is caused by the low 
resistance path that the animal offers to the current 
flow when its tail is eliminated from the circuit. The 
average resistance of the current paths from fore-legs 
to hind-legs for the 24 rats was less than 70 per cent of 
that found for the 48 rats (Tables II and III) where 
the current paths were from either fore-leg to tail. 
The higher resulting current is believed responsible for 
the deaths of the animals. A second argument sup¬ 
porting this conclusion is the almost complete absence 
of serious injury to the rats when the current passed 
from one hind-leg to the other, even though the current 
values were high. 

Conclusion 

These experiments confirm Urquhart's* conclusion 
that when an electric current passes through the brain, 
a temporary physiological block was produced in the 
respiratory center, and that spontaneous breathing 
ceased for a time. He stated that if no serious injmy 
to the heart occurred, adequate artificial respiration 
might give time for the center in the medulla to recover 
and for normal breathing to begin. Maclaehlan’ 
reports in his field notes a case of recovery from shock 
following eight hours of continuous application of the 


Schaefer prone-pressure method, which also confirms 
Urquhart's finding. Urquhart,® in a second series of 
experiments, demonstrated that a temporary block 
could be produced in the spinal cord or in a nerve trunk 
by the passage of an electric current. 

Langworthy® found, by his microscopic examination 
of sections of the brains of the rats injured by high- 
voltage electric currents, that in many cases the damage 
to the cells was such as to be incompatible with life. 
Microscopic study of the central nervous systems of all 
of tlje rats in this present series will be made. 

Results clearly demonstrate the presence of a tem¬ 
porary respiratory block in many of the rats. The 
location of the block, whether in the brain stem or in 
the vagus nerves, depends upon the current path. 
Resuscitation is possible provided the damage done 
does not require a recovery time too long to permit life 
to be supported in the interval. 

The effects produced by the various current paths 
through the animals are summed up in Table V. From 
this table and from the results presented, the following 
conclusions may be drawn: 

1. A 1,000-volt continuous-current circuit is more 
dangerous to rats than an alternating circuit of the 
same effective voltage, irrespective of the current path. 

2. The chances of recovery are best when the brain 
does not lie directly in the pathway of the current. 

3. The injury produced by the current path from 
left fore-leg to tail is less severe than that caused by the 
same current flowing from right fore-leg to tail. . 

4. When the main pathway of the current did not 
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Transaetions A. 1. E. E. 


TABLE V—CONTACT WITH 1,000-VOLT CIRCUIT FOR TWO SECONDS 


Oircuit 

Position of Electrodes 

Number 

Shocked 

Per Cent 
Reauiring 
Artificial 
Respiration 

Per Cent 
Immediate 
Recovery 

Per Cent 
Paralyzed 

Per Cent 
Immediate 
Deatli ■ 

Alternating.... 

. Head Tail 

.16. 

. 88. 

.31. 

.38. 

. 31 

Continuous.. 


. 3. 

.100. 

.0. 

. 0. 

.100 


Alternating.Right fore-leg..._ Tall .12 . 58.33.*-26 . 42 

Continuous. .12. 50.42.33. 25 


Alternating , , , 

,,, Left ffire-lftg ,, 

Tali .,... 

.._,12. 

. 75. 

.58. 

..17. 

. 25 

Continuous. .. 



.12. 

. 58. 

.42. 

.33. 

.25 

Alternating 

. . . TCithar fnrn-lng . . 

... Tail ..... 

.24. 

. 67. 

......46. 

.21. 

.33 

Continuous. .. 



.24. 

. 54. 

.42. 

.33. 

.25 

Alternating. .. 

.,. Right fore-leg ’. ... 

... Left foro-leg . 

. 4. 

.100. 

.0. 

. 0. 

.100 

Continuous. ., 



. 4. 

.100. 

.0. 

. 0. 

.100 

Alternating. .. 

.. .Right hind-leg_ 

_Left hind-leg . 

. 7. 

. 0. 

.86. 

..0. 

. 14 

Continuous. . . 



. 7. 

. 29. 

.71. 

.0. 

. 29 

Alternating... 

,.. Either fore-leg_ 

_Either hind-leg. 

.12. 

.100. 

.33. 

. 8. 

. 59 

Continuous. . . 



.12. 

.100. 

.0. 

. 0. 

.100 


include the brain, spinal cord or nerves required for 
respiration, most of the animals breathed at once and 
were active a few minutes after the injury.. 

5. The presence of a respiratory block has been 
demonstrated, and the fact that when natural breath¬ 
ing is first established the animal is not necessarily on 
the road to complete recovery. 

6. The respiratory block is less severe, if not absent, 
when the current traverses the postmor portion of 
the body. 

7. Burning of the tissues with continuous current 
is much more severe than occurs for the same effective 
alternating current. 
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